Chuyén dé SO PHUC

CHUYEN PE SO PHUC
DANG 1. SO PHUC VA CAC PHEP TOAN
Caul. Cho sd phtic z=3+2i. Tim phan thiec va phan ao ctia s6 phtic z.

A. Phan thuc bang 3, phan ao bang 2. B. Phan thuc bang -3, phan 4o bang 2.
C. Phan thuc bang 3, phan 4o bang 2. D. Phan thuc bang -3, phan 4o bang 2.
Cau2. Cho sd phttc z =3+2i. Tim phan thwc va phan o cta s6 phtic z .
A. Phan thuc bang 3, phan ao bang 2. B. Phan thuc bang -3, phan ao bang 2.
C. Phan thuc bang 3, phan 4o bang —2. D. Phan thuc bang -3, phan ao bang 2.
Cau 3. Tim s phtc lién hop ctua s6 phitc z =i(3i+1).
A.z=3-i. B.z =-3+1. C.z=3+1. D.z=-3-1.
Cau4. SO thyc thoaman 2+(5-y)i=(x—1)+5i la:
A3 B 7° cl¥ 77 D "
y=0 y=3 y=0 y=3
A N1 e A N z+2i
Cau 5. Cho so phttc z=1+i.Tinh moédun cta s phic w = T
Z f—
A.lw|=2. B.[w|=+2. C.|w|=1. D.[w|=+3.

Cau 6. Cho sd phtrc z tly y. Xét cdc s6 phirc w =z +(E)2 va v=2z+i(z—z). Khi d6

A.w 1a so thuc, v 1a s0 thuc; B.w 1a s6 thuc, v 1a so &o;
C.w 1a s0 4o, v 1a s0 thugc; D. w 1a s0 4o, v 1a sO ao.
Cau7. (NB). Thu gon z=(2+3i)(2 —31') ta duwoc
A. . z=14. B. z=-9i. C.z=4-9i. D. z=13.

Cau8. (NB).Cho s6 phtic z=1++/3i. Khi d6

Al 13, gl 18 11N 11 s,
z 2 2 z 2 2 z 4 4 z 4 4
A N A A 2 2 A 7 ES'_ i :Z‘+‘i
Cau 9. Tim phan thuc, phan do ctia s6 phtic sau: z = 1—+—
+1 i
A. Phan thuc: a=2; phan ao: b=-4i. B. Phan thuc: a=2; phan ao: b=-4.
C.Phén thyc: a=2; phan do: b=4i. D. Phéan thyc: a=-2; phan ao: b=4.

Cau10. Cho s6 phtic z=2i+3 khi d6 z bang
z

A.5_121. B.5+6l. C.5+121. D.5_6l.
13 11 13 11

2017
Cau11. Cho sd phtc z = (ﬁj .Tinh 2° +z° +2” +2°.

1-1
A.i. B. 1. C.0. D.—i.

Cau12. Goi z,,z, la hai nghiém phttc cia phuong trinh z? —z+2=0. Phan thuc cta s6 phtic

A. _22016. B. _21008. C. 21008. D. 22016.
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Cau 13. Rat gon s6 phitc z =i+ (2—-4i)—(3-2i) ta duoc

A. z=5+3i B.z=-1-2i C.z=1+2i D.z=-1-.
Cau 14. Két qua cta phép tinh (2 —3i)(4—i) la
A. 6 - 14i. B. -5 — 14i. C.5- 14i. D. 5+ 14i.
3+1i

Cau 15. Phan thuc ctia s6 phtec z =

A B.—= c.2 D.-2
5 5 5 5
Cau16. Phan 4o ctia s6 phite z=(2+ i)5 la:
A.41 B. -38 C. 41 D.38

Cau17. Phan thyc cua s phirc z=(1+ i)zm +(1- i)2012 c6 dang —2° véi a bang;
A.1007 B.1006 C.2012 D.2013
z, +zz| =+/3 . Khi d¢ |z1 —22| bang;

Cau18. Cho hai sd phtic z, va z, théa man |Z1| = |zz| =1,

A1 B.\3 C.1++/3 D. 0
Cau19. Cho s6 phtic z, =1+7i;z, =3—4i. Tinh médun cta s0 phtc z, +z,.
A. |z1 +zz| =\/§. B. |z1 +zz| =2\/§. C. |z1 +zz| =25\/§. D.|z1 +zz| =b5.

Céau 20. Cho hai s6 phtrc z, =1+2iva z, =2—4i. Xac dinh phan 4o ctia s6 phtic 3z, -2z, ?
A.14 B.14i C.-2 D.-2i

Cau21. Cho s6 phtic z = —%-‘rgi . S6 phtc (;)2 bang?
A -1, B.—%+§i. C. 1++3i. D. V3 -i.

A ~ ’ ] N A 2 ~ ’ - A —_— ].
Cau 22. cho s8 phtic z=1-2i. Tim phan 4o s6 phttc w biét w=z+z> ——.

z
A. —1—1. B. —g. QQ D. E
5 5 5 5
Cau 23. cho sd phtic z = a+bi(a,b € R). S8 phtic z* ¢4 phan thuec la:
A. a* +b°. B.a* —-b°. C. a+b. D. a-b.

Cau 24. Tim phan thyc va phan do cta s8 phirez =(1+1) +(1+i)2 +o (14 i)10
A. Phan thuc cua z 1a 31, phan ao ctia z 1a 33. B. Phan thuc cua z 1a 31, phan ao cta z la 33i.
C. Phan thyc cua z la 33, phéan do cua z 1a 31. D. Phan thuc cua z 1a 33, phan ao cua z 1a 31i.
Cau 25. SO phtc V2 =3i c6 mé dun bang:

A. 5. B. V2 +43 C. V2 -+/3. D. ‘\/E—ﬁ‘

Cau 26. Thuec hién phép tinh 12 +21, ta duoc két qua:
+2i
s 4SS, p. 4.3
5 5 5 5 5 5

Cau 27. Trong cac s6 phtic sau s& phtrc nao c6 md dun nho nhat?
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A. 3+2i. B. 1-4i. C. 4. D. 4-i.

Cau28. Cho z= —%+73i , tinh m6dun cua s6 phtic ® =1-z+ z* ta dwoc:

A. 2. B. 1. C. 0. D. 4.
2017
Cau29. Phan ao cua s6 phtc (i—%l} bang;
V3 1 V3
- 92018 ° B. 92018 ° C. 92017 ° D.0

1 1 43

. —\ 2017
Cau30. Cho —=—-—1i, tinh (z) ta duoc:
4 4

z
A. (;)2017 — 92016 _22016'\/51- B. (;)2017 — p2016 +22016.\/§i
C. (2)2017 _ p2018 _22018.\/§i D. (;)2017 _ p2018 +22018'\/§i
Cau 31. Thu gon z=(2+3i)(2 —31') ta duoc
A . z=14. B. z=-9i. C.z=4-9i. D. z=13.

Cau 32. Cho s8 phtic z=1++/3i. Khi d6

INESR R pl 1.V, 1143 1143
z 2 2 z 2 2 z 4 4 z 4

A . “ N 3—i 2+i

Cau 33. Tim phan thuic, phan do cta s6 phttc sau: z = 1—+—
+i

A. Phan thuc: a=2; phan ao: b=-4i. B. Phan thuc: a=2; phan ao: b=-4.

C. Phén thyc: a=2; phan ao: b=4i. D. Phén thyc: a=-2; phan ao: b=4.
Cau 34. Cho sd phtrc z =2i+3 khi d6 z bang

z
A 5—121. B.5+6Z. C.5+121. D.5_61
13 11 13 11

2017
Céau 35. Cho s6 phtic z = (ij .Tinh z° +2° +2” + 2°.

1-1
A.i. B. 1. C.0. D.—i.

Cau36. Goi z,,z, la hai nghiém phttc cia phuong trinh z> —z+2=0. Phan thuc cta s6 phtic

[(i-2)(-=) " a

A. -22016 B. -21008, C. 21008, D. 22016,
Cau 37. Cho sd phtrc z=6+7i. S8 phtrc lién hop cta z1a

A. z=6+7i. B.z=6-7i. C.z=-6+7i. D. z=-6-7i.
Cau 38. Tim s6 phtic z, biétz = (3—i)+(2—6i).

A.z=1+5i. B.z=2+4i. C.z=1-5i. D.z=3-91.
Cau 39. Cho sO phtrc z thdéa man z=-1+2i.Tim s§ phtic w=z- iz.

Aw=-3+31 B.w=3-3i Cw=-1+1 D.w=1-1.

Cau 40. Cho s8 phitc z thoa (1+i)z—2-4i=0. Tim 8 phtic lién hop cua z
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A.z=3+i. B.z=3-i. C.z=3-2i. D.z=3+2i.

Cau41. Trong cac s6 phttc z thoa man |z| = ‘;— 2+4i|, s6 phttc c6 médun nho nhat la

A.z=3+i. B.z=5. C.z=§i. D.z=1+2i.
Caud2. S§phirc 1+(1+i)+(1+i) +..t(1+i)" c6 gid tri bing

A. 2", B.2"+(2°+1)i.  C.2°+(2°+1)i.  D.2°+2%
Cau 43. SO phtc lién hop ctia s6 phiec 2-3i la:

A 2+3i B. -2-3i C.2i-3 D. -2i-3
Cau44. SO phuc z=1+ (a + 2)1’ la s6 thuan thuc khi:

A a>-2 B.a=-1 C.a=-2 D.a<-1
Cau45. Cho z, =3+i;z, =—4+3i . S6 phtic z =2z, -3z, c6 dang

A.18+7i B. 18-7i C. -18+7i D. 18-7i
Cau 46. S8 phtic z=1+ai c6 modun bang V10 khi

A a=3 B.a=13 C.a=-3 D. a=+10
Cau47. Goi z,,z, langhiém ctua phuong trinh z* +z+1=0.Gi4 tri cta biéu thiec P = |Z1| +|zz| la:

A2 B. -1 C.0 D.2

Cau 48. Cho s6 phtc z = (3 - \/Ei)i . Khi d6 nghich dao ctia s6 phtic z 1a:

3. 2 203
A —i+—= B.V11 C.=_2 D. 3i++/2
1 1 11 42
DANG 2. PHUONG TRINH TREN TAP SO PHUC

Cau 49. Cho sd phtrc z thoéa man (1-i)z—1+5i=0. Gid tri ctia biéu thirc A = zz

A. 12 B.13 C.14 D. 15
Cau 50. Cho sd phtrc zthoa (1+ i)2 (2—i)z =8+i —(1+2i)z . Phan thuc cua s6 phtc z la

A.Z B.-1 C.1 D.—E

3 2

Cau51. Tim toa dd diém M biéu dién hinh hoc ctia s& phtic z thoa man 2+3i = (7 + 41')2

aml 21 B.M[ 1,2 cm|Z-L p.m[l. 2
55 55 5 5 5 5

Cau52. Biét z=2a+ai (a<0;acR")va |z| =5. Phan thye, phan ao cua s6 phtic z lan luwot la
A.—Z\/g;—\/g. B.5\/§,‘ \/g C.\/Z_;—\/g. D.—2\/§; \/g

Cau 53. S8 phtic z=x+yi (x,y €R) thdéa x—1+yi=—x+1+xi+i. Méodun ctia z bang
A.243. B.24/5. C.3. D.+5.

Cau 54. Co bao nhiéu s6 phttc z thoa man |z| =7 va z* 1a s0 thuan a0?
A.4 B.3 C.2 D.1

Cau55. Tong moédun cac nghiém cua phwong trinh (iz—1)(z + 31')(; —2+3i)=0 bang
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A1, B.4+4/13. C./13. D.2.
Cau 56. SO nghiém ctia phuong trinh z+ |z| =0
A1l B.3 C. 4 D. Vo sb.

Cau57. Trong C, sd phtic z thoa z+ |z| =2-2i.Biét A>4 ,Gia tri cta biéu thirtc A = 2z

A.3. 3.2. C.Z. D.9.
9 2
Cau 58. Cho s6 phtic z thoa man > +z=2. Phan thyc cta s6 phitc w=z>-z la
—2i
A1 B.3 C.2 D.-5

Cau59. Cho s6 phtic zthoa |z| +2z =3+4i. Modun ctia z bang

A2 B.2. cl. D. 2.
6 6 25 6
Cau 60. Cho sd phtic z c6 phan thuc la s6 nguyén va zthoa |z|—2; =-7+3i+z. Mddun cua so
phtic w=1+2z—-2z bang

A.2. B./457. C./425. D./445.
Cau 61. Goi z,, z, 1a hai 58 phitc thoa man tdng cta chiing bang 4, tich ctia chting bang 29. Trén
tap s6 phtc z,, z, la hai nghiém ctia phuwong trinh nao sau day:

Az —4z-29=0 B.z"-4z+29=0 C. 2" +4z+29=0 D. z°+29z+4=0
Cau 62. Goi z,z, la hai nghiém cua phuong trinh z°-6z+84i*"°=0. Gia tri cua biéu thuc
P=zz, -3z —-3z,la:

A. 102 B. 75 C.66 D.i
Cau 63. Trén mit phang phtic, goi A,B lan luot 1a cac diém biéu dién hai nghiém ctia phuong
trinh z° —4z+13=0. Dién tich tam gidc OAB la:

A.16 B.8 C.6 D.2
Cau 64. Trén tap s6 phitc phuong trinh z* +2(m+1)z+2m* +4 =0( véi m la tham s3 thuc) 6 tap
nghiém la:

A.{—m—1+i\/m2—2m+3;—m—1—i m2—2m+3} B. ¥
C. {—m—1+i\/—m2+2m—3;—m—1—i\/—m2+2m—3}D. {m+1+i\/m2—2m+3;m+1—i\/m2—2m+3}

Cau 65. Goi z,,z, 1a hai nghiém cta phuong trinh z* +2z+m” +2m+4. C6 bao nhiéu gia tri m
nguyeén thoa man |z1 —zz| <3

A.6 B.5 C.7 D. 4
Cau 66. Tim tham s6 thuc m dé trén tap sd phtic phuong trinh z* +(13—m)z+34 =0 c6 mot

nghiémla z=-3+5i:

A.m=3 B. m=5 Cm=7 D. m=9
Cau 67. Tap nghiém ctia phuong trinh (2z-1)>+9=0 la:
W30 3] gl1,3 18] s, 0o
2 22 2 2 2 2 2 2 2
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Cau 68. Cho phuong trinh Az? + Bz+C=0,A#0,A,B,C e R. Khang dinh nao sai ?
A. Phuong trinh v6 nghiém khi biét s6 A <0.

B. Néu z, 1a nghiém ctia phwong trinh thi g cting la nghiém ctia phuwong trinh.

C. Goi z, z, 1a hai nghiém ctia phueong trinh thi z, +z, = —%,zl.z2 = %
s ot i 0 e \
D. Néu z, la nghiém thi ‘= ciling la nghiém ctia phwrong trinh.
ZO

Cau 69. Biét phuwong trinh bac hai v6i hé s thuc: Az> +Bz+C=0,A4,B,C ¢ dang tdi gian, c6 mot
nghiém z =2+i. Tinh tong A+B+C.

A.0 B.1 C.2 D.3
Cau70. Goi z,,z, l1a nghiém cua phwong trinh z° +2z+4=0. Tim s8 phttc w =z""7 +22°".
A _22017 B 22017 C _22016 D 22016
z,+z,+1

Cau71. Goi z,,z, la hai nghiém cua phwong trinh 522 —2z++/5 =0. Tinh
z,+2,+2,.2,

A.2 B.3 C.4 D.1
CAau 72. Tim toa dd hai diém biéu dién hai s8 phtic la nghiém ctia phuong trinh 4z +12z+25=0

A. —2;2 va —é;—Z B. é;2 va —E;—Z C. E;—2 va E;2 D. —2;2 va E;2
2 2 2 2 2 2 2 2
Céau 73. Tap nghiém phttc c6 phan 40 Am ctia phwong trinh (z2 + 9)(22 -z+ 1) =0 la
A.{-3i} . B. —3t3££i. C. —3¢1—1ﬁii . D. —2@1—1£ii.
2 2 2
Cau 74. Tap nghiém ctia phuong trinh z° +1=0.
A1) . B. {-1}. C. —1;1+£i;2—i . D. —1;1i£i :
2 2

Cau 75. Tap nghiém cua phuwong trinh z° +z* +2° +z* +z+1=0.

A 1,i1+£1 | B el 3,1, 38 |
2 2 2 7272

C. 1+l £11+£1 . D. —1;14_r—3i .
2 2 2 2 2

2
Cau 76. Tim cac sO thuc a, b, ¢ d€ phuong trinh 2’ +az> +bz+c=0nhan z=1+i, z = 2 lam
nghiém.

A.a=4,b=6,c=-4. B.a=4,b=6,c=4. C.a=4,b=-6,c=4. D.a=-4,b=6,c=-4.
Cau77. Ki hiéu z;z,; z,;z, la 4 nghiém cta s6 phtc z'-z"-12=0. Tinh tong T =
AALN AR

A T=4. B. T=23. C.T=4+243. D. T=2+23.

Cau78. Biét phuong trinh z* -4z’ +14z* —=36z+45=0 c6 hai nghiém thuan ao. Goi z,, z,, z,, z,

la b6n nghiém cta phuong trinh. Tinh A = |Z1|+ |zz|+ |23|+ |z4| ?
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A. A=6+25 . B. A=6-245. C. A=6+345. D. A=6-35.
Cau79. Tim cdc sd thyc g, b d€ cd phan tich z° +3z° +3z-63 = (z —3)(22 +az +b).
A.a=-8,0b=21. B.a=8,b=-21. C.a=6,b=21. D.a=-6,b=-21.
3
i z+1
Cau 80. De giai phuong trinh (Ej =8 mot ban hoc sinh lam nhw sau:
SRy P PN Eac ) )
z—1 z—1
z+1
2re 2
- (2)
©z+1=2z-2&2=3 (3)
Loi giai trén la dung hay sai? Néu sai thi sai ¢ budc nao?
A.Budc 1 B. Budc 2 C.Budc 3 D.Loi giai dung

Cau8l. Goi z,z,,z, la cic nghiém phuwong trinh 27z°+8=0. Tinh gid tri biéu thtc

(z,+2, +2,+1)

2 2 2
=]+l + =]
4

3 1
A . T=—. T=—. T=12. T=—.
3 B. A C. D. 12
Cau 82. Cho z la sd phtrc khic 1, thoa man z*" =1. Tinh gid tri biéu thitc T=1+z+2* +...+ 2",
AT=1. B.T =0. C.T=2017 D.T=2016

Cau 83. Trén tap s6 phttc, phuong trinh 2" =iz 4 bao nhiéu nghiém?
Al B.2017 C.2019 D.0

A N A 7 5 N 1N . A ’ « A 2
Cau 84. Tim sO phttc #sao cho 2 va 2 la hai s6 phttc lién hgp ctia nhau

A.z=1 B.z=0 C.z=1 D.z=1+i

DANG 3. TIM SO PHUC THOA MAN DPIEU KIEN CHO TRUOC.
Cau 85. Rutgonz :i+(2—4i)—(3—2i) .

A z=1+2i. B.z=5+3i. C.z=-1-1. D. z=-1-2i.
Cau 86. Cho hai s6 phtrc z, =1+2i va z,=2-3i. TinhVw =z, -2z,.
A w=3-1. B. w=-3-4i. C.w=-3+8i. D. w=5+8i.

Cau 87. Tim s0 phtrc nghich dao ctia sd phic z=1 —3i

A.l+£i. B. -1+/3i. C.l+£i. D. 1++/3i.
4 4 2 2
Cau 88. Tim s6 phtic z thoa (3+1)z +(1+2i)z=3—4i
A. z=-1+5i. B.z=2+3i. C.z=-2+3i. D. z=2+5i.
Cau89. S8 phic z théa man didu kién z-> ‘Zﬁ—1:o 1a:
z

A, 1+3iva2—+Bi. B. —1+3iva2—+3i. C. -1+/3iva2+J3i. D. 1+/3iva2+/3i.
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Cau90. Cho phuong trinhz” +2i=4z-4. Goia 1a phan 4o ctia nghiém twong tng vdi phan thuc
16n hon nghiém con lai va A la phéan ao ctia nghiém con lai. Khi d6 gid tri biéu thirc A = ™ + g la:

A. 0. B.1. C.2. D. 3.
Cau 91. Tim s6 phtic thoa man (2+i)z = 4z+4 - 2i
A . z=2 B.Z=2—Ei C.z=—é+ii D.z=-2
37 37 37 37
Cau 92. Tim s6 phtic lién hop ctia sd phtec, bi€t 3z + (2 + 31')(1 —21') =5+4{
A z=1-2 B.z=—1+2i C.z=-1-2 D.z=1+2i
3 3 3 3

Cau 93. Cho sd phtrc z=3-5i.Tim s6 phttc w=z+iz

A w=8-2i B. w=-2-2; C. w=8+8i D. w=-2+8i
Cau 94. Cho sd phtrc z =2+ 4i. Tim s6 phtic lién hop cia w=iz-Z

A w=-6-6i B. w=6-6i C. w=-2+2i D. w=-6+2i
Cau 95. Cho s8 phirc thoa man (2-3i)z +(4+i); = —(1+3i)2 . Modun ctia s6 phtc la:

A. 13 B.\29 C. 13 D. /34

Cau 96. Cho s8 phtic z=a+bi(a,be R) thoa man (2-3i)z=(1+2i)z+3-7i. Tinh P = %

A. 3 B. 1 C.3 D. 2
2 3
Cau 97. Cho sd phtrc z =2-3i. Hay tim s6 phtic z?
A.z=2+3i. B.z=-3+2i C.z=-2-3i D.z=-2+3;
Cau 98. Cho sd phtrc z =(4—1)+(2+3i)—(5+1). Tim phan thuc va phan ao cua s6 phtic z
Alval B.1va2 C2val D.2va3

Cau 99. Cho s8 phtic z thoa: Z(1+2i)—1+3i = 0. TimdiémbiéudiénchosSphtic z
A.B(-1;-1) B.A(-1;1) C.C(1,1) D.D(1;-1)
Cau100. Tim modun cua s§ phitc z=5+2i—(1+i)
A.le=7 B.|z|=3 C.|z|=5 D.[z|=2
Cau101. Cho s phitc z=a+bi,a,beR théa man: (1+3i)z+(2+i)z=—-2+4i . Tinh P=ab

A.P=8 B.P=-4 C.P=-8 D.P=4

X Lo . o (5+x/§i)
Cau 102. Cho s6 phttc z ¢6 phan thyc duong va thoa: z —T—l =0

A.lf=2 B.|7|=3 C.lz|=4 D.|z|=v7
Cau103. Tim s6 phtic z thoa méan z=(1-i)(2+i)

A.3—i B.3+i C.1-i D.1+i
Cau 104. Tim s0 phtc z biét: Z=(1+i)(3—i)

A 4+2i B.4-2i C.2+2i D.2-2i

Cau105. Tims8 phtic z biét: z+2iz =(1+1)(3+1)
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A.2+12i B.2-12; C.%—4i D.§+4i

Cau106. Tim s8 phtic z biét: (1+i)z+2iz=(1-i)(3+1)
A.3-5i B.5+3i C.5-3i D.3+5i
Cau 107. Tim sO phtc z sao cho (1+2i)z la s thuan ao va ‘2.2 —;‘ =413

A.z=2+ihoacz=-2-1i B.z=-2-i
C.z=—i D.z=-2-2i

Cau108. Tim mo dun ctia s8 phikc z biét rang: ‘z —Z‘ =1 vaz+z=0
1 1 1 1
A-|Z|=E B. |Z|=§ C. |Z|:Z D. |z|:g

Cau 109. Cho s6 phtic z thoa man diéu kién z -2z =3 +4i . Phat biéu nao sau day la sai?

A. z ¢6 phan thucla -3 B. S6 phtic E+%icé modun bang @
C. z c6 phéan 4o la % D. z c6 mddun bang @

Cau110. Cho s8 phitc z thoa z(1-2i)=(3+4i)(2—i) . Khi d6, sphtic z 1a:
A.z=25 B.z=5i C.z=25+50i D.z=5+10i
Cau 111. Cho s phtic z thoa man (1 + 21')2 z+7z =4i-20. Mbdun cua z la:

Alz=3 B.|z|=4 C.lz|=5 D.|z|=25
Cau 112. Tim sd phttc z thdéa man 2—+Z,z:_1+?)z
1-1 2+1
N p2.4, o2yt p 24
25 25 25 25 25 25 25 25

2
z
Cau 113. Tim phan thyc cta sd phtc z biét: z +u =10

z
A.10 B.5 C.-5 D.\/10
Cau114. Cho s8 phttc z=a+bi thdoa man z+2iz =3+3i. Tinh gi4 tri bi€u thiic P =a*"* +p*"
34032 _ 32017 34032 _ 32017
A- 0 B- 2 C- T D- - W

DANG 4. TAP HOP CAC PIEM BIEU DIEN SO PHUC.
Cau 115. Trong mat phiang phitc véi hé toa d6 Oxy, tap hop cac diém biéu dién s6 phizcz thoa

man diéu kién |z —i| =1la

A. Mbt duong thang. B. Mot duong tron.
C. Mot doan thang. D. Mot hinh vuong,
Cau116. Tap hop diém biéu dién s8 phiic z, biét: [z—(3-4i)|=21a
A. Buong tron tam 1(3;-4);R =2. B. buong tron tam 1(-3;4);R =2.
C. Duong tron tam I(3;—4);R =4. D. Bbuong tron tam 1(-3;4);R =4.
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Cau 117. Trong mat phang phitc v6i hé toa d6 Oxy, tap hop cac diém biéu dién s6 phircz thoa
man diéu kién|z[ +3z+3z=0 I

A.Duong tron tam I(3;0);R =3. B. buong tron tam 1(-3;0);R =3.

C. Buwong tron tam 1(3;0);R =9. D. Brong tron tam 1(3;0);R =0.
Cau118. Tap hop cac diém trong mat phang biéu dién s§ phic z théa man diéu kién
z+1-3i|<4 la

A.Hinh tron tam I(-1;3);R =4. B. buong tron tam 1(-1;3);R =4.

C. Hinh tron tam I(-1;-3);R =4. D. burong tron tam 1(1;3);R = 4.
Cau119. Tap hop diém biéu dién s§ phitc z trén mat phang phtic thoa man diéu kién
|z+3i-2|=10 1a

A. Puong thang 3x -2y =100. B. Puong thang 2x -3y =100.

C. Puong tron (x-2) +(y+3) =100. D. Buong tron (x-3)" +(y+2) =100.
Cau 120. Tap hop cac diém trong mit phang phtc biéu dién cac s§ phitc z thoa man diéu kién
jiz—(2+i)|=21a

A (x-1) +(y+2) =4 B. x+2y-1=0

C. 3x+4y—2=0 D. (x+1) +(y-2) =9
Cau121. Cho sd phttc 2 thoa man |z —1| =3. Tap hop cac diém biéu dién s6 phirc z+1-2i trén
mt phang phtic 1a

A.Duong tron tdm (1;0) , ban kinh bang 3. B. Duong tron tam (2;-2) , ban kinh bang 3.

C. Duong tron tam (2;0) , ban kinh bang 3. D. Pwong tron tdm (-2;2) , ban kinh bang 3.
Cau122. Trong mit phang phitc Oxy, tdp hop s8 phiic z biéu dién s phtic z théa man
|z|2 +z+z =013 dudong tron (C). Khi d6 dién tich cia dudng tron (C) 1a

A. S=r. B. S=2nx. C. §=3x. D. S=4r.

Cau 123. Cho cac s phic z thdéa man |22—2+2i| =1. Mddun cua s6 phtrc z nho nhat ¢ la bao
nhiéu ?

A.#. B.“iﬁ. CA2+1. D.2-1.

Cau 124. Tap hop cic diém M biéu dién s& phitc z sao cho |z - 2i| = ‘22 +;‘ la

A. Mot Parabol. B. Mot Elip. C. Mot duong tron.  D. Mot duong thang.
Cau 125. Tim tap hop cac diém M biéu dién s& phitc z sao cho w = % la s6 thuan ao?
A. Mot Parabol. B.Mot Elip. C. Mot duong tron.  D. Mot duong thang.

Cau 126. Tap hop cic diém M biéu dién s& phitc z sao cho ZZ__; =2 la?
A. Mot Parabol. B.Mot Elip. C. Mot duong tron.  D. Mot duong thang.
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Cau 127. Tap hop cac diém M biéu dién s6 phitc z sao cho |z + 1—i| = ‘22 +;‘ la mot Parabol c6

dinhla I.Toa d6 caa I1a

A.1(1;1—7J. B.I(1;-1). C.I(1;-4). D.I(—4;lj.
8'16 16

Cau 128. Cho sd phtrc z thoa man: 2|z —i| = ‘z—;+2i‘ . Tap hop cac diém M biéu dién s6 phtic g
la mot Parabol c6 phwong trinh 1a?

Ay=—x". B.y=—x". C.y=x". D.y=4x".

Cau129. Cho s6 phtc z thoa man ‘z —;+2i‘ =2 %z+%;—i . Tim gia tri nho nhatcua P = |z —3| .

A.P_ =+5. B.P_ =3. C.P._ =2. D.P_ =3.
Cau 130. Trén mat phéng phtic, tap hop cac diém biéu dién s6 phtic z thoa man |z + 1| = H 1a

A. Duong thang . B. Duong tron . C. Elip. D. Parabol .
Cau 131. Trén mit phang phtic, tap hop cac diém biéu dién s6 phitc z thoéa man phan thiee ctia
z bang hai an phan ao ctia n la

A.Duong thang x—2y =0. B. Duong thang 2x -y =0.

C. Duong thang x+y =0. D. Duong thang x -y =0.
Cau 132. Trén mit phang phtc, tap hop cac diém biéu dién s§ phtec z thoa man phan thuc ctia
z thudc doan [—2;2] la

A.Duong thang x+2=0. B. Phan mit phang gidi han bdi x = -2va x=2.
C. Duong thang x=2. D.Phan mit phang giéi han boi Ox va duong
thang x=2.

Cau 133. Trén mat phéng phtic, tap hop cac diém biéu dién s8 phtic z thoa man ‘z tz4 3‘ =413
\ < _1 N M 7
A. Duong thang x = > B. Duong thang x = 5
. 3 1. —7 \ g 7
C. buong thang x = 5 hoac x = - D. buong thang x = 5

Cau 134. Trén mit phang phtc, tap hop cac diém bidu dién s6 phitc z thda man ‘z —;+1—i‘ =2
la:

—

1+

2

Cau 135. Trén mat phang phtic, tap hop cac diém biéu dién s6 phitc z thoa man |2 + z| = |i —z| la

1+\/§

A.Duong thang y = 5 B. Duong thang y =

1+4/3
==

&

D. Duong thang x =

C. Duong thang y =

A.Duong thang 4x+2y+3=0. B. Duong thang 4x -2y +3=0.
C. Duong thang 4x+2y-3=0. D. Duong thang 4x+2y =0.
Cau 136. Trong cac s phtrc z thoa man |z -2 —4i| = |z - 2i| . S8 phtrc z ¢6 modun nhé nhat la

Az=2+2i. B.z=2-2i. Cz=2+1. D.z=2-1i.
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Cau 137. Trong cac s6 phtc z thoa man u =(z+3—i)(;+1+3i)lé mot sd thuc . S6 phtc z €6

modun nho nhat la

A z=2+2i. B.z=-2-2i. C.z=2-2i. D.z=-2+2i
Cau 138. Trong cac sd phtrc z thoa man |iz—3| = |z -2 —i| . Tinh gia tri nho nhat cua |z|
A.l. B.i. C.l. D.L.

2 V2 5 V5
Cau 139. Trong cac s6 phtrc z thoa man |z —3i| + ‘i;+ 3‘ =10 . Hai s6 phttc z, va z, ¢6 médun nho
nhat. Hoi tich z,z, la bao nhiéu

A. 25. B. -25. C. 16. D. -16.

DANG 5. BIEU DIEN HINH HOC CUA SO PHUC
Cau 140. S8 phtec z=1-2i , dwoc biéu dién trong mat phang (Oxy) bdi di€ém M cé hoanh d6

bang :
A. 1. B. 1. C. 2. D. 2.
Cau 141. Cho s6 phtic z=6+7i. S0 phtic lién hop cua z c6 diém biéu dién la:
A. (6;7). B. (6;-7). C. (-6;7). D. (-6;-7).
Cau 142. Cho s6 phtic z thoa man (1+1)z =3—i. Hoi diém biéu N ] ”
dién cuaz 1a diém nao trong cac diém M,N,P,Q & hinh bén ? :
A.Diém P. B.Piém Q S S
C.Diém M. D.Diém N. :

Cau 143. Trong mat phangOxy , goi A, B, C Ian luot 1a cac diém biéu dién et
cac s6 phtecc z, =-3i, z,=2-2i, z,=-5-i.Goi G la trong tam cua tam giac ABC. Hoi G la diém
biéu dién s6 phitc nao trong cac s& phtec sau:

A . z=-1-2i, B.z=2-1 C.z=-1-1, D.z=1-2i,
Cau 144. Trong mit phang phtic, ba diém A, B va C lan luot 1a diém biéu dién ctia 3 s8 phtic
z,=1+5i, z, =3-1, z;, =6. Tam giac ABC la

A. Tam gidc vuong nhung khong can. B. Tam gidc vudng can.

C. Tam giac can nhung khong déu. D. Tam giac déu.
Cau145. Ba diém A, B va C lan luwot 1a diém biéu dién caa 3 s8 phtc
z, =1+51,z, = (1+ i)2 , 2z, =a—i.Gia tri cia a d€ tam giac ABC vuodng tai B 1a

A. a=-3. B. a=-2. C.a=3. D. a=4.
Cau 146. Trong mat phéng toa dd Oxy, cho diém A(—2;4) biéu dién cho s8 phtic z. Tim toa d¢
diém B biéu dién cho s6 phitc © = iz.

A. B(—4;2). B. B(2;4). C. B(2;,-4). D. B(4;-2).
Cau 147. Goi z,la nghiém phtic c6 phan 40 4m ctia phwong trinh z° +z+1=0. Toa d0 diém M
biéu dién s8 phtic z, 1a:

e 5 5

1 3 1 1 3
A M(——=;——). B.M(-1;-1). C. M(=;——). D. M(——;——1).
(55 (1) i~ (550
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Cau 148. Trong mit phang Oxy cho diém A la diém biéu dién s6 phitc z=1+2i, B 1a diém thudc
duong thang y=2 sao cho tam giac OAB can tai O. Piém B la diém biéu dién ctia s& phtic

A. -1+2i. B. 2-i. C. 1-2i. D. 3+2i.
Cau 149. Trong mat phang phtic, cho A, B, C, D lan luot la diém biéu dién ctia cac s8 phtic
z,=-2+1i, z, =1+4i, z, =5, z,. Tim s0 phttc z, d€ t& giac ABCD ndi ti€p dwoc duong tron la:

Az, =2-2i. B. z, =4-2i. C.z,=4-1i D. z, =3+3i.
Cau 150. Cho A={z||z—i|=|z+2}, B={z||z—1—i| =1}. Lay z, € A,z, € B. Gia trji nhé nhat cua
|z1 —zz| la:
AL B. 25, 2y 2By
10 10 10
Cau151. Tap hop diém biéu dién s& phtic z thoa man +21, “11a
z-2i
A. Puong thang. B. Burong tron. C. Hinh tron. D. Nita dwong thang.
Cau 152. Tap hop diém biéu dién s6 phtic z thoa man |z -1+ 2i| =1 la dwong c6 phuong trinh
A (x=-1) +(y+2)°* =1. B. (x-1)" +(y+2)* > 1.
C. (x-1)°+(y+2)* <1. D. x—2y=1.
Cau 153. Tap hop diém biéu dién s6 phtic z = x+iy théa man diéu kién |Z| =3 1la
2 2 _ ’ —
A.Puodng tron X tY = 2, B. Puong thang Y = 3
C. Duong thang x =3. D. Hai duong thang x=3 va y=3.

Cau154. Cho s8 phttc z théa man |z—1+2i|=2, biét tap hop céc diém biéu dién s§ phtrc znam
trén duong tron tam I c6 ban kinh R. Tim toa d6 I va ban kinh R.

A.I1(1;-2),R=2. B.I(-1;2),R=4. C.I(-21),R=2.  D.I(1;-2),R=4.
Cau 155. Cho s8 phtic z théa man (2—-z)(z+i) la s6 thuan &o. Tap hop diém biéu dién s3 phitc z
la duong nao sau day?

1, 5 1, 7
A (x=1)+(y-=)==. B. X’ +(y—=) ==
(=D +y=2) =3 -2 =7
1, 1 1
C. x> +(y+=2)* ==. D. (x+=)*+y* =1.
y+2) =7 (x+2)+y
Cau 156. Tap hop diém biéu dién s& phtic z théa man [z—2+i[<1 la
A. Hinh tron tam [(2;-1) va R=1. B. Puong tron tam [(2;-1) va R=1.
C. buong thang x -2y =1. D. Nitta hinh tron tam I(2;-1) va R=1.

Cau 157. Cho cac s6 phtic z thoa man |z +1—i| = |z -1+ 2i| . Tap hop cac diém biéu dién s8 phtic z
la mot dwong thang. Viét phuong trinh duong thang d6:

A. 4x+6y-3=0. B. 4x-6y-3=0. C.4x+6y+3=0. D. 4x-6y+3=0.
C‘éu 158. "I:im sO phtic z bié”E rang diém biéu dién ctia z nam trén duodng tron c6 tam O, ban kinh
bang 5 va nam trén duong thang d : x-2y+5=0.

A.z=3-4i. B. z=3+4i. C.z=4+3. D. z=4-3i.
Cau159. Téap hop diém biéu dién s§ phtrc z'=z+1 biét [z-2-2i|=11a
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A. Buong tron tam 1(2;-1) va R=1. B. Buong tron tam I(1;0) va R=1.

C. Duong tron tam 1(1;0) va R=1. D. Duong tron tam (2;2) va R=1.
Cau160. Tim tap hop diém bidu dién s8 phic w = (1+i\/§ )z+2 biét rang s6 phtic z théa man
lz-1]<2.

A. Hinh tron tam | (3;\/5), ban kinh R =2.B. Hinh tron tam | (3;3), ban kinh R=4.

C. Hinh tron tam 1(1;+/3), bankinh R=4. D. Hinh tron tam 1(1;1), ban kinh R=2.
Cau16l. Goi z,,z, la cdc nghiém ctia phuong trinh z2-4z+9=0. Goi M, N, P lan luot 1a cac
diém biéu dién cua z,,z, va sd phtic k = x +iytrén mat phang phitc. Khi d6 tap hop diém P trén
mat phang phtec dé tam giac MNP vudng tai P la:

A. Duong thang c¢6 phuong trinh y = x - \J5.

B. La duong tron ¢ phuong trinh x* —4x+y* -1=0.

C. La duwong tron ¢6 phuong trinh  x* —4x +y* -8 =0, nhung khong chita M, N.

D. La duong tron c6 phuong trinh x* —4x +y* —-1=0, nhung khong chtta M, N.

+|z+2|=5 la

Cau162. Tap hop diém biéu dién s6 phiic z biét |z-2

2 2 2 2 2 2 2 2
A Y g A Ay c A 4y p Ay A
25 9 25 9 25 9 25 9

Cau 163. Cho sd phtic z thoa mén|z - 3+4i| =2 . Biét rang tap hop cac diém biéu dién ctia s& phtic

=1.

w =2z +1-ila mot duong tron. Toa do tam I va ban kinh r ctia dueong tron d6 la

A.1(3;-4), r=2. B. I(4;-5), r=4. C.1(5,-7), r=4. D.I(7;-9), r=4.
Cau164. Cho s6 phtc z thoa man |z - 1| <1 vaz—z c6 phan 4o khong 4m. Tap hop cac diém biéu
dién ctia s8 phtic z 1a mot mién phang. Dién tich S cia mién phang nay la

A. S=r. B. S=2x. C.S=%ﬂ'. D.S=1.

Bai tap tuong ty
Cau 165. S8 phiic z=-10+21i , dwoc biéu dién trong mat phiang (Oxy) boi dieém M c6 tung do

bang
A.-10 B. 10 C.21 D.-21

Cau 166. S8 phtic z=-3+4i , dugc bidu dién trong mat phang (Oxy) boi diém M cé toa d6 1a :
A. (-3,4) B. (3,-4) C.(3,4) D.(-3,-4)

Cau 167. Cho s8 phitc z = 6 + 7i. Diém M biéu dién cho s8 phitc z trén mit phing Oxy la:
A. M(6; -7) B. M(6; 7) C. M(-6;7) D. M(-6; -7)

Cau168. Goi A la diém biéu dién cua s6 phttc z=2+5i va B la diém biéu dién cta sd phiic
z =-2+5i. Tim ménh dé dung trong cac ménh dé sau:

A. Hai diém A va B d6i xting v6i nhau qua truc tung.

B. Hai diém A va B d6i xtitng vdi nhau qua truc hoanh

C. Hai diém A va B d6i xting v6i nhau qua goc toa d¢ O.

D. Hai diém A va B cting nam trén duong thangx =5.
Cau169. Goi A la diém biéu dién ctia s6 phtic z = 3 + 2i va B 1a diém biéu dién ctia s6 phtic 7’ =2
+ 3. Tim ménh dé diung trong cac ménh dé sau:
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A. Hai diém A va B d6i xting v6i nhau qua truc hoanh.
B. Hai diém A va B d6i xtiing véi nhau qua truc tung.
C. Hai diém A va B d6i xting v6i nhau qua goc toa do O.
D. Hai diém A va B d6i xting véi nhau qua duong thang y = x.
Cau 170. Trong mat phang phic, diém M (3; —3) la diém biéu dién ctia s6 phitc nao sau day:
A. z=3+3i. B. z=3-3i. C.z=-3+3i. D. z=-3-3..
Cau171. Trong mat phang phtic, dudng tron cd phuong trinh (x—l)2 +(y+2)2 =4 la tap hop

cac diém dién cua s6 phttc z thoa man khang dinh nao sau day

A.|z+1-2i|=2. B. |z-1-2i]=2. C. |z-1+2i|]=2. D. |z-1+2i|=4.
A
% . A e A A2 « X 2 M V
Cau 172. Cho hai s6 phttc z = a + bi; a,b € R. D€ diém biéu dién cua z nam trong
dai (-2; 2) (hinh 1) diéu kién ctia a va b la:
22 <=2
i Xiohe s
> =" ) N 2 -~
C. 2<a<2vabeR. D.a, b € (-2; 2).
Cau 173. Diém M biéu dién sd phtic z = % cOtoaddla:
1 (Hinh 1)
A. M(4;-3) B. M(34) C. M(-4;3) D. M(3;-4)
Cau174. Tim toa d6 diém M biéu dién s8 phttc z =x+yi biét 2x—1+(3y+2)i =5-i.
A. M(3;-1). B. M(2;-1). C. M(B;%l). D. M(z;%).
Cau 175. Diém biéu dién ctia s6 phitc nao sau day thudc dwong tron (x —1)2 + (y —2)2 =5?
A.z=i+3 B.z=-2+3i C.z=1+2i D.z=1-2i
Cau 176. Diém biéu dién cua s8 phiic z 1a M(1;2). Tim toa d diém biéu dién ctia s phirC.
A. (3;-2) B. (2;-3) C. (2:1) D. (2;3)
Cau 177. Phan gach soc trong hinh vé bén la v

hinh biéu dién ctia tap cac s6 phiic nao sau day:
A. {z=x+yi|xeR,1£y£2}

B. {z=x+yilxeR 1<y<2|

|l
C. {z=x+yi|xeR,y=l,y=2} X

D. {z=x+yi|xeR,yeR}

Cau 178. Phan gach soc trong hinh vé bén 1a hinh biéu dién
cuia tap cac s phtrc thda man diéu kién nao sau day:
A. 6<|z|<8 B. 2<|z+4+4i|<4

C.2§|z—4—4i|£4 D.4£|z—4—4i|§16

Cau179. Gia st z,, z,1a hai nghiém cua phuong trinh z>-2z+5=0va M, N la cac di€ém biéu

dién cta z,, z,.Toa do trung diém cua doan théng MN la
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A. (0;1). B. (1,0). C. (0;-1). D. (-1,0).

Cau 180. Trong mat phang phtic, goi A, B, C lan lwot 1a cac diém bidu dién ctia cac s& phiec
z, =-143i, z, =1+5i, z,=4+i. Tim diém biéu dién s8 phttc D sao cho t& gidc ABCD la mot hinh
binh hanh.

A. 2+i. B.2-i. C. 5+6i. D. 3+4i.

Cau181. Goi z, va z,la cac nghiém cua phuong trinh z* -4z+9=0. Goi M, N la cac diém biéu
dién cta z, va z, trén mat phéng phtC. Khi d6 d6 dai cua doan théng MN la:

A.MN =2+/5. MN =5, C. MN =-24/5. D. MN =4.
Cau 182. Cho s phic z =2- m+(m —3)1' . Toa @6 diém biéu dién cua sd phitc z cé mo dun nho

nhat trén mt phang (Oxy) la

A. G%} B. (2;-3). C. [—%;—%}

Cau 183. Cho hai s6 phtic z, =-3+6i;z, = _?21..21 c6 cac diém biéu dién mat phang phtic 1a A, B

Khi d6 tam giac ABO la:
A. Tam gidc vudng tai A. B. Tam gidc vudng tai B .
C. Tam giac vudng tai O. D. Tam giac déu.

Cau 184. Trong mat phang phtic, goi A, B, C lan lwot la cac diém biéu dién ctia cac s8 phtrc
z, = -143i; z, = -3-2i, z, = 4+. Tam gi4c ABC l:
A. Mot tam giac can. B. Mot tam gidc déu.
C. Mot tam gidc vuodng . D. Mot tam giac vudng can.
Cau 185. Diém biéu dién ctia cac s§ phiic z =3 + bi véi b e R, ndm trén duong thang c6 phuong
trinh la:
A.x=3. B.y=3. Cy=x. D.y=x+3.
Cau 186. Diém biéu dién ctia cic s6 phitc z = a + ai véi a € R, nam trén duong thang c6 phuong
trinh la:
A.y=x. B.y=2x. C.y=3x. D.y=4x.
Cau 187. Cho s8 phtic z=a - ai véi a € R, diém biéu dién ctia s6 phitc d8i ctia z nam trén duong
thang cé phuong trinh la:
A.y=2x. B.y=-2x. Cy=x D.y=-x.
Cau 188. Cho s8 phtic z = a + a% vdi a € R. Diém biéu dién ctia s6 phtec lién hgp ctia z nam trén
A. Duong thang y = 2x. B. Duong thang y = -x + 1.
C. Parabol y = x2. D. Parabol y = -x2.

Cau189. Ki hiéu z,1a nghiém phitc c6 phan 40 4m ctia phuong trinh z*+z+1=0.Trén mit

phang phtic, diém nao dwdi day la diém biéu dién s6 phitc w = Lo
ZO
A M —ﬁ;l . M —ﬁ;—l . M ﬁ;—l . D. M —l;—ﬁ .
22 22 22 2

Cau 190. Cho s0 phtic z thoa man |22 —1+3i| =4 . Tap cac diém biéu thi cho z la mét duwong tron

6 ban kinh r la:
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A r=4. B.r=1. C.r=+2. D.r=2.
Cau191. Trong mat phéng toa do Oxy, tap hop di€ém biéu dién céic sd phtic z thoa man
|z—i| :‘(1+i)z‘ la:

A.Puong tron tam I (0;-1) va ban kinh R =2+/2..

B. Duong tron tam I (0;-1) va ban kinh R =+/2

C. Duong tron tam I (-1;0) va ban kinh R =2+/2.

D. Duong tron tam I (0;1) va ban kinh R =+/2.
Cau 192. Cho céc s6 phtc z thoa man |z| =4 . Biét rang tap hop cac diém biéu dién cac s phtrc
w = (3 + 4i)z +i la mot duong tron. Tinh ban kinh r ctia dwong tron do.

A . r=4 B. r=5. C. r=20. D. r=22.
Cau 193. Cho s6 phiic w = (1 + i)z +2 biét |1 + iz| = |z —2i| . Khang dinh nao sau day dung?

A. Tap hop diém biéu dién s phiic w trén mat phang phuic 1a mot duong tron.

B. Tap hop diém biéu dién s phitc w trén mat phang phtic la mot duong elip.

C. Tap hop diém biéu dién s6 phiic w trén mat phang phtic 1a 2 diém.

D. Tap hop diém biéu dién s6 phirc w trén mit phang phiic 1a mot duwong thang.
Cau 194. Cho céac s6 phtic z thoa man |z —1| =2. Biét rang tap hop cac diém biéu dién cac s8 phirc
w=(1+ ix/g)z +2 la mot duong tron. Ban kinh r ctia duong tron do la

A.r=4. B.r=8. Cr=2 D.r=16.
Cau195. Xét ba diém A,B,C theo thi tu trong mat phang phttc biéu dién ba s6 phitc phan biét
z,,2,,z, thda man |Z1| = |zz| = |zs|. Biét z, +z, +z, =0, khi d6 tam giac ABC c6 ddy du tinh chat gi?

A. Tu. B. Vuong . C. Can. D. béu.
Cau 196. Tap hop cac diém trong mat phiang Oxy bi€u dién cac s& phirc z théa man |z —1+il =2
la

A. Buong tron tam I(-1; 1), ban kinh 2. B. Buong tron tam I(1; -1), ban kinh 2.

C. buong tron tam I(1; -1), ban kinh 4. D. Buong tron tam I(1; 1), ban kinh 4.
Cau 197. Cho céc s6 phtc z thoa man |z| =2 .Biét rang tap hop cac diém biéu dién cac s§ phiic
w=3-2i+ (2 —1 ) z la mot duong tron.Tinh ban kinh r cia dwong tron do.

A.r=20. B.r =~20. C.r=+6. D.r=6.
Cau198. Tap hop cac diém trong mat phéng phtic biéu dién cac s6 z théa man diéu kién:
|z—i|=|(1+1) 2| 1a duong tron c6 ban kinh 1a

A.R=1. B. R=2. C.R=+2. D. R=4.
Cau199. Cho z,z, la hai s§ phirc thod man phuong trinh [6z-i=[2+3i| va |z, -z, :%. Tinh

mo dun cta |z1 +zz| ?

R B3
3 2

p. 3
6

Q| =
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DANG 6. SO PHUC VA GIA TRI LON NHAT, GIA TRI NHO NHAT.

Cau 200. Tim gi4 tri nho nhat ctia|z|, biét rang s& phtic z thoa man diéu kién |z -1+ i| =1.

A 241 B.1-2 C.V2-1 D.3-242

Cau 201. Tim s0 phtec z c6 |z| nho nhat, biét rang s8 phtec z thoa mén|z +2| = |i - z| .

z

3 3 3 3 3 3 3 3
A z=——-——i B.z=——+—i Coz=—+—i D.z=——i
5 10 5 10 5 10 5 10

3i
z+1

Cau 202. Tim gia tri 16n nhat cﬁa|z , biét réng s0 phtec z thoa man diéu kién

A1 B.2 C. 2 D.3
Cau 203. Cho s6 phtic z thoa man diéu kién v=(z-i)(2+i) la mot s thuan do. Tim gia tri nho

nhat cua |z -2+ 3i|.

85 Jss
A=

B. Y% c. ¢ p. 7
5 5 5

Cau 204. Cho s0 phtic z thoa man diéu kién |z - 4| + |z + 4| =10. Goi M, m lan luot la gia tri 1on nhat
va gia tri nho nhat cta |2|. Tinh v = |(m-4i)+(2+ Mi))|.

A. 26 B. 26 C. 5\2 D. 50
Cau 205. Tim s8 phtic z sao cho biéu thiic P = |z—2|2 +|z +1—z'|2 +|z -2 —5i| dat gia tri nho nhat, biét
rang s6 phtic z thoa man diéu kién 2|z -1-2i|= ‘31‘ +1- 2;‘ :

1 17 1 17 1
A z=—+—i B.z=—-—i Coz=---—i D.z=——+—i
4 4 4 4 4 4 4 4

Cau206. Goi M, m lan lwot la gid tri 1on nhat, gid tri nho nhdt cua biéu thic

17 . 1 17,

P=lz-2+i —‘;+1—4i2,bié't rang s& phtic z thdéa man diéu kién |z(i+1)+1+i|=\/5. Tinh M*+n*

A. M* +n’ =20 B. M+ 1’ =20+ 122

C. M*+n* =122 D. M+ =10+63/2
Cau 207. Cho s6 phtrc z théoa man diéu kién w = (z +3 —i)(;+1+ 31') la mot s thyC. Tim gia tri
nhoé nhat cua |z| la:

A. 242 B. 2 C. 343 D. 3

Cau 208. Cho s6 phtic z thoa man £t i _? =+/2. Tim gi4 tri nho nhat va gi4 trj 16n nhat ctia |z|:
z+1-1i
A. 3+4/10 va -3+4/10 B.3 va -3+410
C. 3++/10 va /10 D. Khong ton tai.

Cau 209. Cho sO phtic z thoa man |z -2+ 2i| =1. Tim gia tri 16n nhat, gia tri nho nhat cta |z|

A 24241 va 22 -1. B.\2+1 va2-1.
C.2val. D. 243 +1 va 2¢/3-1.
Cau210. Cho s0 phtc z thoa man: |z—2i| =|z+2|.Gié tri nho nhdt caa bi€éu thtc

P:|z+2i|+|z—5+9i|
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A. 70 B. 3410 C. 45 D. 74

Cau 211. Cho s6 phtic z thoéa man: 1;l:z+2 =1, dat m=min|z ;M=max|z , tim |m+iM|
—1i
A.lm+iM|=410  B.|m+iM|=3v2  C.|m+iM|=10 D. |m +iM|=8

Cau 212. Cho s6 phtc z thoa man: |z—3—4i|=\/§, tim |z| dé biéu thirc P=|z+2|2 —|z—i|2 dat
GTLN.

A.5\2 B. 10 C. 25 D. 35
Cau 213. Trong cac sO phtc z thoa man qLZ.)z%Z =1, z, la s6 phttc c6 moédun Ioén
—i

nhat.Médun cta z, bang:
A1 B.4 C. V10 D.9

Cau 214. Trong cac s6 phtc z thoa man |z| = ‘;—3 +4i

, 80 phttc c6 mdédun nhoé nhat la:

A. z=3+4i B.z=-3-4i C.z=%—2i D.z=g+2i
Cau 215. Trong cac s6 phtec z thoa man diéu kién |z -2 —4i| = |z —2i| . Tim s0 phtic z ¢c6 m6 dun bé
nhat.
A z=2+i B. z=3+i C.z=2+2i D.z=1+3i
Cau 216. Tim s0 phtic z thoa man (z—1)(z +2i) la s6 thye va modun cua z nho nhat?
A. z=2i B.z-2:+2 C.z=243 D.z=1+4i
5 5 5 5 2

Cau 217. Cho s8 phtc z thoa |z +i-1|= |z—2il. Gié tri nho nhat caa || 1a

A L B.1 C.\2 pD. 1

N 4

n s ian 1 3 . T 1
Cau 218. Trong cac sO phtic z thoa man diéu kién |z -3+ 2z| =—, s0 phttc z c6 moédun nhé nhat la:

2/
A z=242 +78+9mi B. z=2-3i
J13 26
C.z=2- 3 +78_9\/Ei D. z=2+3i

Ji3 26

Cau 219. Trong sO phtic z thoa man diéu kién |z + 3i| = |z +2—1i

, 80 phttc z c6 mo6 dun bé nhat la:

A . z=1-2i B. z=-1+2i C.z=—l+%i D.z=1—gi
5 5 5 5
Cau 220. Tim s6 phtic z sao cho |z -3i+ 1| dat gid tri nho nhat?
A. z=1+3i. B. z=-1+3i C.z=3-1i D. z=-3+1
Cau 221. Tim |z| biét z la s6 phiic thda man 22_11 +2| dat gid tri nho nhat.
i+
A. |z|=\/ﬁ. B. |z|=13. C. |z|=5. D. |z|=\/g.
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Cau222. Tim GTNN cua [¢| biét z thoa man 41+_2ii z —1‘ 1.

A. |z =+2. B. |2|=+/3. C. [{=o0. D. |z|=1.
Cau 223. Tim GTLN ctia |z| biét z thoa méan ;2_‘23;i z+1/=1.

A.lo=1. B. |z|=2. C. [¢|=+2. D. |z|=3.

Cau 224. Cho z thoa man |z + i| = |z + 1| . Tim GTNN cta |w| vOi w=z+2i

A. |w|=2. B. |w|=1/3. C. |wl=1. D. |w|=2.
Cau 225. Cho z thoa man |z—2—4i| =|z—2i| . Tim GTLN cta |w| vOi w=E
z
A. [w|=2V2. B. |w|:@. C. |w|=@. D. |w|=+/10.

Cau 226. Trong cac sd phtc z thoa man |z -3+ 4i| =5, goi z, la sd phttc c6 médun 16n nhat. Tong
phan thuc va phan o ctia z, bang

A. 9. B. -1. C. -2. D. 2.
Cau 227. Trong cac sd phtic z thoa man ‘z —\3- i‘ <2, goi z, va z, lan luot la s6 phttc c6 modun
16n nhat, nho nhat. Gia tri cua |z1 — zz| bf?mg

A. 4. B. 443. C. 24/3. D. 2.

Cau 228. Trong cac s6 phtc z thoa man |z—2| :|z+4i , goi z, 1a s6 phtrc ¢ 3. 75.m6dun nho

nhat. Gia tri nho nhat &6 bang
N 5 S

-2 <|z+1]

D.

N | W

Cau 229. Trong cac s phtc z thoa man { , 80i z, la sO phttc c6 médun nho nhat.

|z +i| |z -3
Gid tri nho nhat d6 bang
Al 1. c D. 22,
2 2

Cau 230. Trong cac sd phtrc z thoa man |z + 2| > |z -2

, 80l z, 1a s6 phtec sao cho |z0 +1 —2i| dat gia

tri nho nhat. Khi d6, moédun cta z, béng

A 1. B. 2. C. % D. 2.

Cau 231. Trong cac sO phtic z thoa man |z—4|+|z +4| =10, goi z, 1a sd phitc c6 mddun nhoé nhat.
Gia tri nho nhat &6 bang

A. 4 B. 3.. C. 2. D. 5.
Cau 232. Cho s0 phtic z thoa man |z +2i —1| = ‘E+ i‘. Tim cac diém M biéu dién cho s6 phirc z d€

MA ngan nhat, véi A(1;4).
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M(Z—B,iJ B. M(E,lj C. M[E,—lj D. M[—E,lj
10 10 55 5 5 55
Cau 233. Trong cac sd phtic z thoa man |z—1+2i| <25 , goi M, m lan luot 1a gia tri 16n nhat va
gia tri nho nhat cua |z| .TinhM+n
A. M+n=2\5 B. M+n=3\5 C. M+n=45 D. M+n=+/5

Cau 234. Cho sO phirc z thoa man hé thixc |22+i| =‘2;—3i+1‘. Tim cdc diém M biéu dién s6&

phtic z d&€ MA nge“in nhat, vdi A(l;%j.

A M —1;_—5 B. M 0;_—9 C. M _—9;0 M i,'—§ .
4 8 4 20" 20
Cau 235. Cho s8 phtic z théa man |z—2-4i|=|z-2i|. Tim z d¢ |z| nho nhat
A.z=3+i B. z=1+3i. C.z=2+2i. D. z=4i.
Hét
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DAP AN DANG 1. SO PHUC VA CAC PHEP TOAN

1. A 2. B 3. C 4. D 5. 6. 7. 8. 9. 10.
11. 12. 13. 14. 15. 16. 17. 18. 19. 20.
21. 22, 23. 24. 25. 26. 27. 28. 29. 30.
31. 32. 33. 34. 35. 36. 37. 38. 39. 40.
41. 42, 43. 44, 45. 46. 47. 48. 49. 50.
51. 52. 53. 54. 55. 56. 57. 58. 59. 60.
61. 62. 63. 64. 65. 66. 67. 68. 69. 70.
71. 72. 73. 74. 75. 76. 77. 78. 79. 80.
81. 82. 83. 84. 85. 86. 87. 88. 89. 90.
91. 92. 93. 94. 95. 96. 97. 98. 99. 100.

DANG 1. SO PHUC VA CAC PHEP TOAN
HUOGNG DAN GIAI
Cau 1.
Hudng dan gidi: Chon A
¢ Ty luan:
e Phan thuc: 3. Phén ao: 2.
¢ Trac nghiém:
Cau 2.
Huéng dan gidi: Chon C
¢ Tu luan:
Tacd: z=3+2i=>2z=3-2i

e Phan thuc: 3. Phan ao: -2.
¢ Trac nghiém: mode 2; shift 2: Conjg(3+2i)=3-2i.
Cau 3.

Hudng dan gidi: Chon D

¢ Ty luan:

Taco: z=i(3i+1)=-3+i<>F =31,

¢ Trac nghiém: mode 2; nhap man hinh i(3i +1) bdm = két qua —3+1;
shift 2: Conjg(-3+i)=-3-i.

Cau 4.

Huéng dan gidi: Chon A

¢ Tw luan:
. |12=x-1 x=3
Ta co: & .
5-y=5 y=0

¢ Trac nghiém: th& dép an vao dang thiec trén ma hai vé gidng nhau ta duoc dap an.
Cau 5.
Huéng dan gidi: Chon B

Trang 22 | https://toanmath.com/




Chuyén dé SO PHUC

¢ Tw luan:
2420 (1-i)+2i
z-1  (1+i)-1

Taco: z=1+i=z=1-i.Suyra w= =1—i.Véy|w|=\/§.

¢ Trac nghiém: mode 2; bAm shift hyp r6i nhap man hinh Iconé f(lj Z)1+ 2Z| .
+i)—

Cau 6.

Hudng dan gidi: Chon A

¢ Ty luan: Dat z=x+yi,(x,y eR).

Ta co: w =z’ +(Z)2 =2(x* +y°) suy ra w 1a sd thuC.

Suy ra v=zz+i(z-z)=x"+y’ +i(2yi) =x"+y* -2y suy ra v la sd thuC.
¢ Trac nghiém: mode 2; do z tlly y nén ta chon z=1+3i (chon tuy y).
* Nhap man hinh: (1+3i)? +(conjg(1+3i))" =16 suy ra w la s§ thuC.

* Nhap man hinh: (1+3i)(conjg(1+31))+i((1+ 3i) - conjg(1+3i)) =4 suy ra v la s8 thuC,
Cau?7.

Huéng din gidi: Chon D

¢ Teluan: z=2"—(3i) =4-9%=4+9=13.

¢ Tric nghiém: B&m phép tinh (2+3i)(2 -3i)& ché do s6 phirC.

Cau8. (NB).

Huéng din gidi: Chon D

1 1-V3i  1-3i _1-3i 1 3,

¢ Ty luan: l: —1.

z 1+\/§i:(1+\/§i)(1—d§i)_1—3i2 S 143 4 4

1 1 3

¢ Trac nghiém: Chu y cong thitc nghich déo s6 phtrc: z™' = Wf = i(l —\/gi) = Z_Ti .
z

Cau9. (TH):

Hudng dan gidi: Chon B

(3-i)(1-i) —i(2+i) 3-4i+s L2t _2-4i 1-2i

¢ Ty luan: z= , -+ > 2—4i.
(1+i)(1-i) - 2 1 2 1
Vay phan thuyee ctia sO phttc la a=2; phéan ao cta s6 phircla b=—4.
# Trac nghiém: mode 2; nhap man hinh ? + ﬂ =2-4i.
+i i

Cau10. (TH).
Huéng dan gidi: Chon C

\2 ‘
oTuluém:%z(f)lz%.z—)é_z_zz(g’;hz _5+12i
z H Z | 3+2 13

Vay phan thuce cua s6 phirc 1a a2 =2; phan ao ctia sO phicla b=—4.

2143 et quata 2T

¢ Trac nghiém: Chtiy 1a Z =3-2i. Nhap man hinh >
—zl
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Caul1l. (VD).
Hudng dan gidi: Chon C

2
o Ty lugn: Xét x =15 Khi dé x = (L) _1+2ivi =%=i(Ch{1yz’2=—1).

1-i (1-i)(1+i)  1-7°

2017 __ »2017

Vay z=x I

Nhanxét:  i=i; ¥ ==1; i =i’i=-li=—i; i' =i’i=(~i).i==" =—(-1) =1.

M A ’ 1 + i \ 7 ’ A \ ~ ’ A~ - .
¢ Trac nghiém: Tinh x = —— vao may tinh trén truong s6 phttc, ra két qua x =i.

1-1

4k+1 ., c4k+2 4 .
k+ =i k+ =—1;l k+3:_l.

Str dung chti y cho treong hop tong quat: i** =1;i
Cau12. (VD).
Huéng dan gidi: Chon C
+z, =1
¢ Tu luan: Theo Viét: 5175
2,2, =2

2017 ( ,)2017

Co (i-z,)(i-z,)=i"—i(z,+2,)+22z, =—1-i+2=1-i.Nén [(i-z,)(i-z,) | =(1-i
(1-i) =1-2i 4 =2i > (1-i) =4i* =4 =-2°

Vay (1-i)" =(1-i)"""" =(-22)" (1-i) =2 (1-i)

Do d6, phan thye ctia s6 phire [(z ~z,)(i-z, )]2017 la 2",

g oA ’ 1 + l A 7 ’ A \ ~ 7 A, 2 .
¢ Trac nghiém: Tinh x = 1 vao may tinh trén treong so phttc, ra két qua x=1.
—i

L sAk+1 ., c4k+2 L 24k+3
=1;i =-1;i =

Str dung chti y cho treong hop tdng quat: i** i —i.

Trac nghiém: Cht y tinh gid tri ctia biéu thiic [(z —zl)(i -z, )J qua dinh ly Viet nhu trén. Sau do
2

diing méy tinh dé tinh (1-i)",| (1-1)" | =—4=-2*.

Cau 13.

Hudng dan gidi: Chon D

Cach1: z=i+(2-4i)-(3-2i)=-1-i

Cach 2: Str dung may tinh véi MODE 2.

Cau 14.

Huoéng dan gidi: Chon C

Cach 1: (2-3i)(4—i)=8-2i—-12i+3i* =5-14i

Cach 2: St dung may tinh véi MODE 2.

Cau 15.
Huéng dan gidi: Chon A
1 i (3+1)(3+1
Cachy 3+ _3+i_(3+i)(3+i) 4 3.

(1—2i)(1+i) 3-i 3+ 5 5

Cach 2: S&t dung may tinh véi MODE 2.
Cau 16.
Huéng din gidi: Chon C
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Céch1: z=(2+i) = [(2+i)2}2 (2+1)=(3+4i) (2+1) = (~7+24i)(2+i) = -38+ 41
Cach 2: Sit dung may tinh

Cau 17.

Huéng dan gidi: Chon C

Cach1: = =(1oi)™ 4 (1= <[ (i) | (10 = (20 (-20) ™ =27

Cach 2: St dung may tinh titng budc nho.
Cau 18.
Hudng dan gidi: Chon A
Giastt z, =a,+b,i, z, =a, +b,i (al,bl,az,b2 € R) , theo bai:
|Zl|=|zz|=1 @ +by =a;+b; =1 a+bl=a;+b; =1
= ) ,
|Zl+22|:\/5 (”1+b1) +(a2+b2) =3 2(a1b1+a2b2)=1
Vay |z1 —zz| =(a1 —bl)2 +(a2 —b2)2 =al +b] +a:+b] —2(alb1 +a2b2) =1.
Cau 19.
Hudng din gidi: Chon D
Cach1:z, +z,=1+7i+3-4i=4+3i.
Suy ra |:/:1 +zz| =|4+3i| =4 +3% =5.
Cach 2: Hoc sinh nhap vao may tinh |1 +7i+3—4i] mdy hién ra két qua bang 5.
Cau 20.
Huédng dan gidi: ChonA
Cach 1:3z, -2z, =3(1+2i)-2(2—4i) =3+6i —4+8i =—1+14i.
Phén ao cta s6 phutc 3z, -2z, la 14.
Cach 2: Hoc sinh nhap vao méy tinh 3(1+2i)—2(2-4i)= may hién —1+14i.
Phén ao la ctia s6 phttc 3z, -2z, la 14.
Cau 21.
Huéng din gidi: Chon B

Cachl:z=—l+£1:>2=—l—£i
2 2 2
2
Khi d6 (E)zz(—l—ﬁi} =l—£i+§i2:—l+£1
2 4 2 4

2
Cach 2: Hoc sinh nhap vao may tinh (Conjg(—%+§in = may hién —%+§i .
(luu y: d€ bdm s6 phtc lién hgp ctia s6 phtrc ta bAm MODE 2 dé khoi dong vao chuwong trinh s
phtic, sau d6 bam SHIFT 2 2).
Cau 22.
Hudng dan gidi: Chon C
Cach 1:
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w=z+z2—1=1—2i+(1—2i)2— 1.
z 1—21
. . . 1+2i
:1_2Z+1_4Z+(21)2_W
1 i1 4i_g4 1t
__ 1 32,
5 5
11 32,
=——+—1.
5

Phén ao ctia w la %
Cach 2: Hoc sinh nhdp vao may tinh conjg(X +X2—%J va bam CALC 1-2i= mady hién

—%+%i. Phén 4o cta s phiec w la %

Cau 23.
Hudng dan gidi: Chon B
Cach 1:2> =(a+bi) =a*+2abi+(bi) =a® ~b* +2abi.
Phan thuc caa z* 1a a*> —b*.
Cach 2: hoc sinh chon bat ki mot s6 phuc vi du z=2+3i (a =2;b= 3) va badm may
(2+3i)" =-5+12i. Khi d6 ta ¢ phan thucla -5
Cau A: 2°+3* =13 = cAu A sai.
Cau B: 2° -3%=-5= cau B dung.
Cau C: 2+3=5= cau Csai.
CauD: 2-3=-1= cau D sai.
Chu y: khi cho hoc sinh chon mot s6 phtic z =a+bi (a,b € R) tuy y thi phai chon gia tri a,b sao cho
khong c6 2 dap an ra cung 1 gid tri. Vi du khong nén chon z=1+ i(a =1;b= 1) Lucnay cau A va C
cung ra gid tri la 2 va cau B va D cuing ra gia trila 0.
Cau 24.
Huéng din gidi: Chon A
S6 phttc can tim la tong cua 10 s6 hang dau tién ctua cdp sO nhan cé s6 hang dau tién la 1+i va
cong boi g=1+1.
Do do:
10

—g"° 1-(1+i 1+i 5
2=, AT (14i), (x) _(+i) 1| (1+1) |

1-g 1-(1+i) -
= (1) (1-(20) | = (1) (1-2°)
= (-1+i)(1-32i) =31+33i.
Cau 25.
Hudng dan gidi: Chon A
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Cach 1: N2 -3 = \/(JE | +(~3) =V5.Do 6 ta o dap n A.

Cach 2: Nhap vao may tinh cam tay va doc dap so.
Cau 26.
Hudng dan gidi: Chon A

2+i  (2+i)(1-2i) 4-3i 4 3

Cach 1: 1+2i (1+2i)(1-2)) 5 5 5

Cach 2: Nhap vao may tinh cam tay va doc dap so.
Cau 27.

Hudng dan gidi: Chon A
Cach 1: Ta c6:[2+ 31| =+/13;[1-4i| =\17;
Cach 2: Nhap vao may tinh cam tay cac phuong an va so sanh dép so.
Cau 28.

Hudng dan gidi: ChonA

Cach 1: Ta cé:|a)| :‘1—z+zz‘ :‘1—x/§i‘ =2.Do d6 ta c6 d4p an A.

4—i|=\/ﬁ.D0 do ta co dap an A.

4i| =4:

Cach 2: Str dung chitc ndng gan va tinh toan trén Mode 2.
Cau 29.
Hudng dan gidi: Chon A

2017 3 672
) (1 3. 1 3. 1 3.) (-7 (1 3.)) 1 3. )
Cach 1: Ta CO: Z__l = —_—— 1 =1 |=] — =1 :W__l DO dO

4 4 4 4 4 8 4 4 2018

ta co dap an A.
Cach 2: ... (Nho quy thay, quy c6 gop y bo sung dum!!!)

Cau 30.

Hudng dan gidi: Chon A

Cach1:

Tacé:z=;=1+x/§i. Do do:
143,
4 4

(2)2017 _ (1—\/51')2017 _ ((1_\/51')3 j672 (1_\/51') _ (_8)672 (1_\/51.) _ Q16 _ 2016 [3;

ta co dap an A.

Cach 2: ... (Nho quy thay, quy c6 gop y bo sung dum!!!)

Cau 31. (NB).

Huéng dén gidi: Chon D

Giai: z=22~(3i) =4-9% =4+9=13.

Tréc nghiém: Bam phép tinh (2+3i)(2 -3i)& ché d¢ s§ phirC.
Cau 32. (NB).

Hudng din gidi: Chon D
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1 1-V3i  1-+Bi 1-Bi 1 3,

Nhan xét: 1 = —1

z 1+\/§i:(1+\/§i)(1—\/§i)_1—3i2 S 143 4 4

Trac nghiém: Chti y cong thirc nghich dao s8 phtic: z™' = #Z = i(l - 31’) = i—gi .
z

Cau 33. (TH):

Huoéng dan gidi: Chon B

(3-i)(1-i) -i(2+i) 3-4i+i® —2i-i* 2-4i 1-2i

Giéi:Céz=(1+i)(1_i)+ = 5 + n 5 + -

2-4i

Vay phan thyce ctia s6 phtrc la a=2; phéan ao cta s6 phircla b=—4.
Cau 34. (TH).
Huéng dén gidi: Chon C
2
- 2 (3+2: j
Gidi: C6 = = (%) =i2.z—>§=z—2=( g Z SEhe L
z |§| z |Z| 3" +2 13

Tric nghiém: Chu y la z =3-2i. Thuc hién phép tinh ? +3

- trén treong s6 phtee trén may tinh.

Cau 35. (VD).
Huéng din gidi: Chon C

1+1i o 1+1i
Giai: z= —l .Xétx=—l.
1-1 1-1

2
14 e 2
Khid xoUFH)_1+2ici :%:i(cmyizz—n

(1-i)(1+i) 1-7

2017 __ i2017

Vay z=x
Nhanxét:  i=i; " =-1;i =i"i=-Lli=—i;i*=i’i=(-i)i=—"=—(-1)=1.
Vay i =iti=i;i* =17 =—i;i* =1.

Nén z° +z°+z" +2° =0.

M A ; 1 +1 N 7 ’ A \ A 2 A 2 .
Trac nghiém: Tinh x = —— vao may tinh trén treong s6 phirc, ra két qua x=1i.

1-i
Str dung chti y cho treong hop tong quat: i** =1;i*" =;i*"? = -1;i*"° =~
Cau36. (VD).
Hudng dan gidi: Chon C
+z,=1
Theo Viét: {1 2
2,2, =2

C6 (i-2,)(i-2,) =i ~i(z +2,)+22,=-1-i+2=1-i.Nén [(i-2,)(i-z,)]  =(1-i)"
(1-i) =1-2i+i* = 2i > (1-i) =4i* =4 =-2°
Vay (1-i)" =(1-1)"""" =(-22) " (1-1) =2 (1-i)

Do d6, phan thuc cua s6 phtc [(z - zl)(i -z, )]2017 la 2%,
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Trac nghiém: Cht y tinh gid tri ctia biéu thiic [(i—zl)(i -z, )J qua dinh ly Viet nhu trén. Sau do

diing méy tinh dé tinh (1-1)" | (1-7) T - 4=,

Phan nhan biét

Cau 37. Cho s6 phttc z=6+7i. 56 phtic lién hop cta zla

A. z=6+71. B. z=6-7i. C.z=-6+7i. D. z=-6-7i.
Huwéng dan giai Chon B.

Ap dung cong thirc z=a+bi —z=a-bi=>z=6-7i

Chu y: ¢ thé st dung mdy tinh cam tay d€ tinh tryec tiép.
Cau 38.

Huéng dan giaiChon C.

Tacd z=(3-i)+(2-6i)=(3+2)+(-1-6)i =5-7i.

Chu y: ¢6 thé str dung mdy tinh cam tay d€ tinh tryec tiép.

Huéng dan giai
Cau 39. Huéng dan giaiChonD.
z=-1+2i=z=-1-2i
w=z—iz=(-1-2i)-i(-1+2i)=-1-2i +i+2=1~i
Chu y: ¢ thé str dung mdy tinh cam tay d€ tinh tryec tiép.
Cau 40.
Hud6ng dan giaiChon C.

2+4i (2+4i)(1-i)
T1+i 2
Chu y: ¢ thé st dung mdy tinh cam tay d€ tinh tryec tiép.

—3+2i=2=3-2i

Tacd (1+i)z—-2-4i=0=z

Cau 41. Hwéng dan giaiChon D.

bat z=x+yi,(x,yeR):>Z=x—yi.Khi do: |z|=‘Z—2+4i‘<:>|x+yi|=|x—yi—2+4i

ox+y’ = (3(—2)2 +(y—4)2 < x+2y—-5=0. Tap hop diém M (x;y) biéu dién s§ phirc z la duong
thang x+2y-5=0.

et yi| =42 + 7 = (5-2y) +7 =57 ~4y+4)+5=/5(y-2) +52 5.

Suy ra: |x+yi| bé nhat bang 5 khi y=2=x=1

Cau42. Huéng din giaiChon B.

(1+i) =2i; (1+i) =—2+2;;  (1+i) =4

1 (14i)+(1+i) +(1+i) =141+ +2i-2+2i =5i

(1) | 1 (1) (18] +(141) |=4(5i)
(1+i)8+(1+i)9+(1+i)1°+(1+i)“=(1+i)8[1+(1+i)+(1+i)2+(1+i)3}=(_4)2(5i)

(1+z’)4 +(1+i)5+(1+i)6 +(1+i)7
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(1+0) " +(14+0)” + (140) +(144)”
(140)° + (1) +(144)" +(1+)"

(11 =[(+0)' | =(-ay

T+ (L4 8) + (L) oot (L4 0)° =51 — 450 +(—4) 5i+(—4) 5i+(—4)' 5i +(—4)  =-1024+1025i

(140) 1 ()4 (1) (1) | =(-4)' (51)
(141) |1 (L) + (1) (1) | =(~4)' (51)

Cau 43. Huwéng dan giaiChon B.

Cau 44. Huwéng dan giaiChon C.

S6 phtic z la s6 thuan thuc < a+2=0<a=-2.

Cau 45. Huéng dan gidiChon D

Ta c: z=2z, -3z, =2(3+i)-3(—4+3i)=6+2i+12-9i =18-7i
Cau 46. Huwéng dan giaiChon B.

Ta cé: |2 =V1+4’ =JI0 o1+ =10 a4’ =9 < a=13
Cau47. Huwéng dan giaiChon D

5 2
Ta co le—%‘Fﬁi'Z =—l—£i . Khi dé: P:|z1|+|zz|:2 (%) +(£j =2

7

2 72 2 2

Cau48. Huwéng dan giaiChon C

11 V2-3i  _N2-3i 2 3.

z 243 (V2+3i)(y2-3i) 11 11 11

Ta c6: z =+/2 +3i Khi dé:

DANG 2. PHUONG TRINH TREN TAP SO PHUC
Huéng dan gidi
1. Phuong trinh bdc nhdt:
Cau49. (NB)Cho s phtic z thoa man (1-i)z—1+5i =0. Gia tri cua biéu thic A = 2.z
A.12 B. 13 C.14 D. 15
Phan tich: Thuec hién chuyén vé'tim z(c6 z ta dé"vétrdi khong z chuyén sang vé'phdi)
Giai
1-5i

(1-i)z-1+5i=0<=(1-i)z=1-5i<z= 1=
—1

(1) z=3-2i.

|z| = |3—2i| = \/B Chon B.

Huoéng dan st dung Casio: Thuc hién phép tinh % & phuong trinh (1) .
—i

Tw duy trac nghiém: Thuec hién bam mdy chon ddp dn.

Cau50. (NB) Cho s3 phirc zthoa (1+ i)2 (2-i)z=8+i—(1+2i)z. Phan thyc ctia s§ phitc z la

A. 2 B.-1 C.1 D. 3
3 2
Phan tich: Lam twong tw ciu 1
Giai
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(1+i) (2-i)z=8+i—(1+2i)z & (1+i) (2-i)z+(1+2i)z=8+i
o|(1+i) (2-1)+(1+21) |z =8+i

P : 8+1 )
[(1+i) (2—i)+(1+2i)}
2

<z=—-1
3

Phan thuc % . Chon A.

Huéng dan st dung Casio: Thuc hién phép tinh % & phuwong trinh (2).
—i
Tu duy trac nghiém: Thuec hién bam may chon ddp dn.

Cau 51. (NB)Tim toa do diém M biéu dién hinh hoc cta s& phtic z thoa man 2+3i = (7 +4i)i

A.M 3,1 B.M l,z CM E;—l D.M l;—E
5°5 55 5 5 5 5
Phan tich: Lam twong tw cdu 1
Giai

2431 - 2 1. 2 1.
Sz=—+—iz=———I
7+4i 5 5 5 5

2+3i=(7+4i)z o z=

Phan thuc %, phén ao —%. Chon C.

Huéng dan stt dung Casio:

Bam: mode —2.

Nhap thire:  2+3i—(7+4i)z. (b4m Shift—> 2 —»2).

Dung tinh nang Calc: Calc tirng dap an (mdi dap an 1a mot s6 phtic z d€ calc).
Tuw duy trac nghiém: Thuec hién bam may chon ddp dn.

Caub52. (NB)Biét z=2a+ai (1<0;acR’)va |z| =5. Phan thuc, phan 4o ctia s6 phtee z lan luot la

A.-2+/5;-/5. B.5v2; /5. C.N20; —+/5. D.-24/5; /5.

Phan tich: Thay z=2a+ai (a<0;aeR’) vao |z| =5 giai tim a chon a< 0.
Giai

z=2a+ai (a<0;ae]R*)vé|z| =5

[20+0i| =5 |J(20) +0* =5 (1) © 50* =25 = a* =5 a=15

Do a< 0 nén a=—\/g :>Z=—2\/§—\/gi. Chon A.
Huéng dan st dung Casio: Giai phuong trinh (1) bang shiftSolve chon a< 0.
Tw duy trac nghiém: Quan sdt dip dn logi cicdip dn khong théaz =2a+ai (a<0;acR’). Chon dip in
sau khi tim A.
Cau53. (TH)SGS phttc z=x+vi (x,y € R) théa x—1+yi = —x+1+xi+i. Modun ctia z bang

A.243. B.24/5. C.+/3. D.+/5.
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Phan tich:
Tirng vé'nhom phin thwc, phin do.
St dung cong thiec hai s0' phirc bang nhau tim x, y.

Giai
x=1+yi=—x+1+xi+i o x-1+yi=—x+1+(x+1)i
x—-1=-x+1 x=1 x=1 .
& = & =z=1+2i
y=x+1 y=x+1 y=2
|| =12 +2% =5
Chon D.

Huéng dan stt dung Casio: Don gian.
Tw duy trac nghiém: Thuec hién gidi todn tim ddp dn.
Cau54. (TH)CO bao nhiéu sd phtic z thoa man |z| =7 va z° la sd thuan 40?
A. 4 B.3 C.2 D.1
Phan tich:
Goi z=x+yi (x,yeR).
Thay vao gia thiét |z| =7 va z° 1a s0' thudn do. Thu dwoc hé theo dn x, v.
Gidi h¢ bang phwrong phdp thé.
Giai
Goi z=x+yi (x,y eR)

|z| =7 va z* 1a s6 thuan ao

N 2 2 = 2+ 2249
@{ oy 7@{3( 4 <:>2x2=49<:>x:iﬂ:>y:i¥

xz_yzzo x2:y2 2

742 72 72 742
__:y:i_;x:_ g
2 2 2 2
Chon A.
Huéng dan st dung Casio: .....
Tw duy tric nghiém: Bugc giai tw ludn

Cau55. (TH)Téng moédun cac nghiém ctia phuong trinh (iz—1)(z+ 31')(; ~2+3i)=0 bang

A1, B.4++/13. C.13. D.2.
Phan tich:
A=0
Day la phwong trinh tich dang A.B.C =0 < | B=0 .Gidi tirng phwong trinh nhw ciu 1.
C=0

Sau do tinh t6ng modun cdc nghiém.
Giai
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1
iz—1=0 Z=7 z=—i

(iz-1)(z+3i)(z=2+3i) =0 | 2+3i=0 |z=-3i <|z=-3i

z-2+3i=0 |z=2-3i |2=2+3i

Tong mddun cac nghiém T=1+3+ 14 = 4+/14 Chon B.
Hudng dan stt dung Casio: Don gian.
Tuw duy trac nghiém: Tim médun chon ddp dn. Trong qua trinh tim médun c6 thé'logi ddp dn.
Cau 56. (VD)S6 nghiém ctia phuong trinh z + |z| =0

Al B.3 C. 4 D. V6 s6.
Phan tich:

Nhan thiy z=0 thoa phwong trinh.

Goi z=x+yi (x,y € R) thay vao phwong trinh thu dwoc hé.

Giai hé tim x, y. Suy ra s0' nghiém z.
Giai

z=0 thoéa man phuong trinh z +|z| =0.

Goi z=x+yi (x,y eR)

z+|z|=0<:>x+yi+dx2+y2 =0<:>{x+ X +y* =0

y=0
; 0x=0 . LA A
x+x? =0 s Phuong trinh c6 v6 s6 nghiém.
X =
Chon D.
Hud6ng dan stt dung Casio: .....
Tu duy trac nghiém:

Cau57. (VD)Trong C, sO phtic z thoa z+ |z| =2-2i.Biét A>4, Gia tri cia biéu thttc A= 2.2
52

A.3. B.—. C.Z. D.9.
9 2

Phan tich:
Goi z=x+yi (x,y € R) thay vao phwong trinh thu dwoc hé.
Giai hé tim x, y. Suy ra s0' nghiém z.

Giai

Goi z=x+yi (x,y eR)
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z+|z|=2-2i e x+yi+X +y =2-2i S x+ X’ +y’ +yi=2-2i
x=0

2 2 _
y=-2 e
3

x=0;y=—2=z=-2i=z=2i=>zz=4

xz—é; y=—2:z=—é—2i3;=—é—2izz.;=g.
3 3 3 9
Chon B.
Huéng dan stt dung Casio:
Bam mode —2
Nhap thirc v6i bién z1a X:z+|z|-2+2i (|zjnhap Shift —Abs)
Calc v6i X =100 + 0.01i. Két qua 198.0000005 + 2.01i
2.01=2+0.01=2+yTimra y=-2
Loai dap an A, C.
Tw duy trac nghiém: Diing mdy tinh loai ddp dn.

1-2:
Al B.3 C.2 D.-5
Phan tich:
Goi z=x+yi (x,y € R) thay vao phwong trinh thu diwrgc hé.

Cau58. (VD) Cho s0 phtic z thoa man +2z=2. Phan thuc ctia s8 phttc w=z>-z la

Giai hé tim x, y. Suy ra s6' nghiém z.
Giai

Goi z=x+yi (x,y eR)

- Zz,+Z=2<:>z+(1—2i)2=2—4i<:>x+yi+(1—2i)(x—yi)=2—4i
—Z1
. . x=2
<:>2x—2y—2xz=2—4z<:>{
y=1
=z=2-imw=2"~z=(2-i) ~(2-i)=1-3i

Chon A.
Huwéng dan st dung Casio: Lam nhw cdu 9.
Tu duy trac nghiém: Lam nhw ciu 9.

Cau59. Cho sd phtrc zthoa ‘z‘ +z=3+4i. Mbddun ctia z bang

A2, B.2. el D. |2,
6 6 25 6
Phan tich:

Goi z=x+yi (x,y € R) thay vao phwong trinh thu diwrgc hé.
Gidi hé tim x, y. Suy ra s6 nghiém z.
Giai

Goi z=x+yi (x,y €R)

Trang 34 | https://toanmath.com/



Chuyén dé SO PHUC

|z|+z=3+4i<:> X*+y? +x+yi=3+4i

[ 2 2
@{x+ XAy =3I x2+16:3<:>x:—%
y=4

2
mr=—lidimg= || -1) sz 2B
6 6 6

Chon B.
Huwéng dan st dung Casio:Lam nhw cdu 9.
Tuw duy tric nghiém: Lam nhw cdu 9.
Cau 60. Cho sd phtic z c6 phan thuc la s6 nguyén va zthoa ‘z‘—ZZ =-7+3i+z. Mddun ctia s6
phttc w =1+z-2z" bang
A.2. B.\/457. C.~/425. D./445.

Phan tich:
Goi z=x+yi (x,y € R) thay vao phwong trinh thu diwrgc hé.
Gidi hé tim x, y. Suy ra s6 nghiém z.
Giai
Goi z=x+yi (x,y €R)
|| ~22=-7+3i+z & \Jx* +y? ~2x+2yi =7 +3i+x+yi

S +y? —2x+2yi =x—7+(y +3)i

2 2 o 2 2 o X =
@{«/x +y" -2x=x 7@{«/3( +y  -2x=x 7:> 210 = 3r_7

2y=y+3 y=3 x=

o

z ¢6 phan thyc nguyén nén z =4+ 3i.
|w] :‘1+4+3i—(4+3i)2‘ =445 . Chon D.

Hud6ng dan st dung Casio: Lam nhw cdu 9.
Tuw duy tric nghiém: Lam nhw cdu 9.

2. Phuong trinh bdc 2.
Cau 61. (NB)Goi z,, z, 12 hai s6 phtic thoa man tdng ctia chting bang 4, tich cta chung bang 29.
Trén tap s6 phtic z,, z, 1a hai nghiém cta phwong trinh nao sau day:
A, z2°-4z-29=0 B.z"—4z+29=0C. 2" +4z+29=0 D. 2> +29z+4=0
Bai giai
Phan tich: Dy la bai todn tim phwong trinh biét tong va tich cdic nghiém nén ta nghi dén dp dung dinh li
Viet ddo.
Cach giai tu luan:
Ap dung dinh li Viet dao suy ra i, %14 hai nghiém phuong trinh 2" —4z+29=0
Giai theo hudng trac nghiém:
Bam mdy tinh tling phuwong trinh tim cac nghiém va kiém tra tdng cac nghiém bang 4, tich
cac nghiém bang 29.
Hud6ng dan st dung may tinh:
Xét phueong dn A: An t6 hop phim MODE 5 3 1= -4 = -29=
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Man hinh hién ra 2 nghiém, dé dang kiém tra hai nghiém khong thoa min dé bai.
Twong tw vdi cdc phwong dn khdC.
Cau 62. (NB)Goi z,,z, la hai nghiém ctia phuong trinh z° —6z+84i*""° =0. Gi4 tri cta biéu thtc
P=zz,-3z -3z, la:
A. 102 B. 75 C.66 D.:
Bai giai:
Phan tich:

Tir yéu cdu dé bai ta thiy trong biéu thikc P c6 chira téng va tich hai nghiém nén ta siv dung dinh Ii
Viet.

Cach giai tu luan:

Tacs P =()" =(-1)"" =1.Khi d6 2* 62 +84*"* =0 = 2% ~62+84=0

Ap dung dl Viet déo ta 6 z, +z, =6;z,.z, =84 .Suy ra P=2,z,-3(z,+z,) =84-3.6 =66
Giai theo hudng trac nghiém:

St dung may tinh giai phuong trinh z° -6z+84=0&z , = 3453 . Thay vao P ta duoc
két qua C.

Huéng dan sir dung mdy tinh:

Xét phuong an A: An t6 hop phim MODE 53 1=- =84 =
Man hinh hién ra 2 nghiém % =3+ 53, z, =3~ 5V3i . Thay vao biéu thirc P suy ra dap an C
Cau 63. (TH) Trén mat phéng phtic, goi A, B lan luot la cac diém biéu dién hai nghiém cua
phwong trinh z> —4z+13=0. Dién tich tam gidc OAB la:

A. 16 B. 8 C.6 D.2
Bai giai
Phan tich:

Dé tinh duwegc dién tich tam gidc OAB ta cin tim toa dg cdc diém A,B. Hon nita hai nghiém la hai s6’
phitc lién hop nén tam gidc OAB cin tai O. Vi vdy ta cin tim toa dg trung diém H ciia doan AB dé tinh
dwoc do dai dwong cao OH.

Cach giai tu luan:

Dé dang tim dwoc hai nghiém cua ptla: z, =2+3i,z, =2-3i . Suy ra A(2; 3),B(2; —3)
Goi H la trung diém AB=H(2;0). Ma tam giac OAB can tai Onén S, = %OH.AB =6

Cau 64. (VD)Trén tap s8 phitc phuong trinh z° +2(m+1)z+2m’ +4=0( véi m la tham s8 thuc)

o tap nghiém la:

A.{—m—1+i\/m2—2m+3;—m—1—i\/m2—2m+3} B. O
C. {—m—1+i\/—m2+2m—3;—m—1—i\/—m2+2m—3}D. {m+1+i\/m2—2m+3;m+1—i\/m2—2m+3}

Bai giai

Phan tich:
Bai todn yéu ciu tim tdp nghiém nén ta tinh bigt thirc A=b"—4ac va dp dung cong thirc nghiém
~bxiy|a|

21 ZT

Cach giai tu luan:
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Tacd A'=-m’+2m-3<0,Vm.Suyra A'= 1'2.(m2 —2m+3)

Khi do phueong trinh co hai nghiém phtc la:
z, =—m-1+iNm’ =2m+3;z, =—m-1-iNNm* —=2m+3
Giai theo hudng trac nghiém:

Cho m mét gia tri cu thé, chéng han m = 0 va bAm may tinh ta tim dwgc hai nghiém phtc
2, =-1% i3

Sau d6 thay m = 0 vao cac phuong an tra 10i, thay A la dap an.
Hud6ng dan st dung may tinh:

Chon m =0 ta duwgc phwong trinh 2 +2z+4=0

D& tim nghiém ta &n t6 hop phim MODE 53 1=2 =4 = ta dwoc hai nghiém 1aZ;, =1+ i3

Thay m = 0 vao cac phuong an ta thdy A c6 nghiém gidng nhu hai nghiém da tim ¢ trén. Vay
chon A
Cau 65. (TH) Goi z,,z, 1a hai nghiém cta phuwong trinh z* +2z+m” +2m+4. C6 bao nhiéu gia
tri m nguyén thoa man ‘21 - 22‘ <3

A.6 B.5 C.7 D. 4

Bai giai
Phan tich:

Bai todn yéu ciu tim so' Qid tri m nguyén nén ta cin biéh doi ‘21 —22‘ < 3vé mot bat phwong trinh chi
c6 dn m.
Cach giai tu luan:

Tacod A'=-m"-2m-3

|z, -z, =‘i\/N‘ =vm®+2m+3

|z1 —zz| <B3em +2m+3<9<=me [—1—\/;;—1+\/;] MameZnén me {—3;—2;—1;0;1}

Cau 66. (VD)Tim tham s& thic m dé€ trén tap s6 phiic phuong trinh z° +(13 —m)z +34=0 c6 mdt
nghiémla z=-3+5i:

A.m=3 B. m=5 Cm=7 D.m=9
Bai giai
Phan tich:

Vi z=-3+5iila nghiém ciia phwrong trinh nén né phdi thoa man phwong trinh. Do dé ta nghi dén
viéc thay nghiém vao phwong trinh dé’ tim m.
Cach giai tu luan:

Thay z = -3+ 5i vao phuong trinh z° + (13 - m) z+34=0 ta duoc:

~16-3i+(13—m)(-3+5i)+34=0 e13-m="0 7
—-3+5i
Giai theo hudng trac nghiém:
Thay titng gia tri m vao phuiong trinh ban dau va tim nghiém bang cach bAm may tinh.
Hud6ng dan st dung may tinh:
Thir phwong dn A: V6i m bang 3 ta gidi phwong trinh z* +10z+34 =0bang cdch st dung té hop
phim MODE 5 3 1= 10 = 34= ta thdy khong c6 nghiém nao la z =-3+5i .
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Twong tw véi cac phwong an khaC. Suy ra dap an C.
Céau 67. Tap nghiém ctia phuong trinh (2z-1)>+9=0 la:

A131 3] g1 151001, b.o
2 22 2 2 2 2 2 2 2

o Phan tich: Ta khai trién hing dang thitc, dwa vé phurong trinh bic hai hodc chuyén 9 sang vé’
phdi ta dwoc (3i)’.
e  Cach nhanh nhat: dung Caiso.

1 ..
e Cichtrludn(2z-17=97«|"" 7 o| 2 chonA.

2z—-1=-3i 1 ..

225—31

e CASIO: Bién doi phuwong trinh ta dwoc: 2z° —2z+10=0. Bdm mode 3 ta tim dwegc nghiém

Cau 68. Cho phuong trinh Az* +Bz+C=0,A#0,A,B,C e R. Khang dinh nao sai ?

A. Phuong trinh v nghiém khi biét s6 < 0.

B. Néu z, la nghiém cta phwong trinh thi g cting la nghiém ctia phuong trinh.

C. Goi z, z, 1a hai nghiém cua phuwong trinh thi z, +z, = —%,zl Z, = %

. &
D. Néu z; la nghiém thi '= . cing 1a nghiém ctia phwong trinh.
0

Giai.
Dap an dung A.
Phan tich:Ddp dn A sai vi trén tdp s6 phiec phwong trinh bdc hai luén cé nghiém.

bap an B dang vinéu z, =a+bi 1a nghiém

A(a*-b*)+B =
suy ra Aa+biy + B(a+bi)+ C =0« | 2@ ~E)+Batc=0
2Aab+Bb=0

z_0 =a-bi , thay vao PT
A(a—bi)* +B(a-bi)+C = A(a* -b*)+ Ba+C —(2Aab + Bb)i = A(a* -b*)+ Ba+C =0
Suy ra diéu phai chitng minh
bap 4an C dung ,goiw la moét cin bac hai caa A ta b
_—B+w -B-w_-B _(-B-w" _B’-(B’-4AC) _C

z,+2, = + 12,2
P24 24 AT an? 4A? A
Izl 1z .z,
Pép an D dang vi: g - g.zo =% suy ra diéu phai chirng minh

Cau 69. Biét phuong trinh bac hai véi hé s8 thuc: Az* +Bz+C=0,A,B,C & dang t6i gian, c6 mot
nghiém z =2+i. Tinh tong A+B+C.
A.0 B.1 C.2 D.3
Giai
Phén tich:

Thay nghiém z =2 +i vao phuong trinh, ste dung diéu kién hai s phirc bang nhau ta tim dwoc A, B
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Khong mat tinh tong qudt gid siw A=1, do z=2+i la nghiém phirong trinh da cho
B=—4

=2+i)’+BR+i)+C=0<2B+C+3+(B+4)i=0< cos

Phuong trinh can im z* —4z+5=0
Vay A+B+C=2.ChonC.

Cau 70. Goi z,,z, 1a nghiém ctia phuong trinh z* +2z+4 =0. Tim s6 phttc w =z"" +23°7.
A. 02017 B. 22V C. _p206 D. 22016
Giai.
z, =—-1+~3i
Tacd z°+2z+4=0<| ! va
z,=-1- J3i
Xét z'. = i, bam may z', mi1 2017 ta duoc —l+—3i nén z? =-2%1 +22016.\/§i
b2 ' 2 2 '
4o 2 ~ ‘ . ~ 1 3. A 2016 2016 \/’
Xét z', =3 , bam may z', ma 2017 ta dwoc —5—71 nén z, =-2"-27"/31
Vay w= —2%7 Chon A.
z,+z,+1

Cau71. Goi z,,z, la hai nghiém ctia phuong trinh \/gzz -2z+ \/g =0. Tinh
z,+2,+2,.2,

A.2 B.3 C. 4 D.1
Giai
. 1420
o +z,+1
Céach 1.Ta c6 V522 -2z +/5 =0 = \/g Dung Casio ta c6 B T T
z _1-2: Z,+2z,+2,.2,
2_T
5
z,+z,+1

Cach2.z, +z, =i,z:l.z2 =1nén =1. Chon D.

J5 z,+2,+2,.2,
Cau72. Tim toa d6 hai diém bidu dién hai s phitc 1d nghiém cua phuong trinh
47> +12z+25=0.

A. —2;2 va —E;—Z B. E;2 va —E;—Z
2 2 2 2

C. E;—2 va E;2 D. —3;2 va E;2
2 2 2 2

Giai.
Phan tich:Ta tim ngay dwoc nghiém cia phirong trinh va sir dung y nghia hinh hoc dé’chon dwgc dip dn.
z= 3 +2i

Ta 642> +122+25=0 < g , chon A.
z=——-2i

3. Phuong trinh bdc cao.
Cau 73. Tap nghiém phttc ¢6 phan a0 &m cua phuong trinh (z2 + 9)(z2 —z+ 1) =0 1a
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A.{-3i} . B. {-31';@1}. C. {—31';1——1'
2 2
Bai giai:

Chon dap an C.
Phan tich:Phuong trinh da cho c6é dang phwong trinh tich.

=43i
2,9-0 |7
Giai tw luan: (22 +9) (22 —z+1) =0 = | ~ - o )
i uan( )( ) l:zz—z+1 =%+—{1

V3

}. D.{

V3

—2i;1-——1
2

Giai trac nghiém: Dwa vé phwong trinh tich va bam mady tinh roi chon nghiém theo yéu ciu.

Huoéng dan dung MTBT:Don gian.
Cau 74. Tap nghiém cua phuong trinh z° +1=0.

REST B. {-1}. C. {—
Bai giai:
Chon dap an D.
Phan tich:Diing hing ding thirc dwa vé phwong trinh tich.
z=-1
Giai ty lugn: 2°+1=0 < (z+1) (2" —z+1) =0 = 1,43
272

Giai trac nghiém:Thé tirng két qua trong mdi ddp dn vao phuwong trinh dé chon ddp dn diing.

Huéng didn ding MTBT: Don gian.

Cau 75. Tap nghiém cua phwong trinh z° +z* +2° +2° +z+1=0.

A. —1;il+—z B. 1,_l
2 2 2
c gl V31 V3,0
2 27272
Bai giai:

D. {
Chon dap dn C.
Phan tich:Phan tich vé'trdi ciia phwong trinh thanh nhan ti.

l\.)|>A

Giai tl_rlu;fm:z5+z4+23+zz+z+1=0<:>(z+1)(z4+zz+1)=0<:>

V31 N80
2 2 2

ﬁ}
2

21:_1
V3
Z, =—+——1I
2
1 3
Z3=————
2 2
1 3.
Z4=———Z
2 2
1 3.
25=——+71

}.
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z=-1
Giai trac nghiém:Dua vé phwong trinh tich (z+1)(z4 +z° +1) =0 f Ding MTBT
75 =——
2 2
bam may cin bdc hai cua s6"phirC. Sau dé chon dip dn. Hodc thé cic nghiém ¢ cic dip dn vao phwong
trinh roi chon ddp dn ding.
Huéng dan dung MTBT:

PV BREVIC I i
Bam cin bdc hai cuia s6 phiec —E+71 ta thiec hién nhw sau:

- Bwoc 1: MODE 2.

V3.

1
arg(—§+—1) - ) 1
i . Suy ra can bdc hai cuia s6 phikc —E+71 la

| _

- BUOC 2: —1 l
2 2

[_+_

Cau 76. Tim cac sO thuc a4, b, ¢ d€ phuong trinh 22 +az> +bz+c=0nhan z=1+i, z=2 lam
nghiém.
A.a=4,b=6,c=-4. B.a=4,b=6,c=4. C.a=4,b=-6,c=4. D.
a=-4,b=6,c=-4.
Bai giai:
Chon dap an D.
Phan tich:Phwong trinh nhin z =1+ i va z = 2 lam nghiém nén thay hai nghiém vao phwong trinh ta
dwoc hé phwong trinh, tir do suy raa, b, C.

+

I\J»—\
N&
N\3|

;/

Giai tu luan:

Phuong trinh da cho nhan 2z =1+1

b+c=2 a=-4
&<2a+b=-2 <b=6 .

4q+4+2b+c=-8 c=-4

(1+1) +a(1+i) +b(1+i)+c=0 _ [-2+2i+2ai+b(1+i)+c =0
2°+2%a+2b+c=0 4a+2b+c=-8

Giai trac nghiém:Thay cdc s6'a, b, ¢ dwoc cho ¢ ddp dn vio phwong trinh. Sau dé, ding MTBT kiém tra
xem vdi cdc s6'a, b, ¢ dwgc cho ¢ dip dn nao phwong trinh cho nghiémz =1+i,z=2.
Huoéng dan dung MTBT: Don gian.
Cau77. Ki hiéu z;z,; z;z, la 4 nghiém cua sO phtc z'-7z"-12=0. Tinh tong T =
5+ zal+ [=a] + el
AT=4. B.T=2V3. C.T=4+23. D. T=2+2V3.
Bai giai:
Chon dap an C.
Phan tich:Dqt gidi phwong trinh dang tring phwong ra nghiém roi tinh T.
Giai ty luan:
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z=2
. 2> =4 z=-2 . .
zt-z"-12=0< ) & z:\/gi .Suy ra A=|2|+|—2|+‘\/§1‘+‘—\/§l‘=4+2\/§.

z-°=-3

Giai tric nghiém:Ding mdy tinh gidi phwong trinh. Sau 46 ding mdy tinh tinh tong
5+ lza|+ [l + ]
Huoéng dan dung MTBT: Gidi phwong trinh roi diing chivc nang tinh mo dun cho ra két qud.
Cau78. Biét phuong trinh z* -4z’ +14z° =36z +45=0 c6 hai nghiém thuan ao. Goi 2y, 2y, 24, 2,
la bén nghiém cta phuong trinh. Tinh A = ‘21"" ‘22‘4' ‘23‘+ ‘24‘ ?

A A=6+245 . B. A=6-245. C. A=6+35. D. A=6-35.

Bai giai:
Chon dap an A.
Phan tich:Phwong trinh c6 hai nghiém thuin do nén Qoi hai nghiém do la ai va bi, a,beR. Thay vao
phwong trinh ta tim dwoc a va B. Sau dé dwa phwong trinh da cho vé phwong trinh tich.
Giai ty luan:

Goi ai va bi la hai nghiém thuén ao cua phuwong trinh. Khi d6, thay z = ai, z = bi vao phuong

trinh ta suy ra dwgc a =3, b = -3. Do d6, hai nghiém thuan ao ctia phuwong trinh la z = 3i, z = -3i.

z=23i
z=-3i
c g0 2t —472° 41422 -362+45=0<=(z-3i)(z+3i)(z* -4z+5)=0 <=
Khi &9, ( )( )( ) z=2+1"
z=2-1
Suy ra A=[3i+|-3i+[2+i+[2-i|=6+2V5.
Giai trac nghiém:
Hu6ng dan dung MTBT:
Cau 79. Tim cdc s6 thuwea, b d€ ¢ phéan tich z° +3z% +3z-63 = (z —3)(z2 +az+ b).
A.a=-8,b=21. B.a=8,b=-21. C.a=6,b=21. D. a=-6,b=-21.

Huwéng dan:

Huong giai tw luan
Tacd z° +3z° +3z-63=2° (z—3)+z(z—3)+522 +62—63
=z’ (z—3)+z(z—3)+(z—3)(52+21)=(z—3)(z2 +6z+21)
—>a=6,b=21

Huéng dan st dung may tinh:

Thay lin lugt z=0,z =1vao ding thitc z° +32° + 3263 = (z—S)(22 +uz+b) ta thu dwoc hé phwong

-3b=-63
a=6,b=21.

2(1+a+b)=-56
trinh { (1+a ) . Tw d6, sit dung mdy tinh cim tay gidi hé phwong trinh ta tim duoc
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3
z+1
Cau 80. Dé€ giai phuong trinh [—] =8 mot ban hoc sinh lam nhw sau:

z—1
3
(Z_Hj -8
z—1

@(z_ﬂ 2 (1)

z+1

o2 (2)
<z+1=2z-2
©z=3 (3)
Loi giai trén la dting hay sai?Néu sai thi sai 6 budc nao?
A. Buoc1 B. Budc 2 C.Budc 3 D.Loi giai dang

Huwong dan:Dé gidi mgt phicong trinh trieée tién ta phdi tim diéu kién xdc dinh ctia nd, do vy 1oi gidi trén
sai ngay tir buwoc 1.

Cau8l. Goi z,z, 2z, la cic nghiém phuong trinh 27z°+8=0. Tinh giad tri bi€u thtc
(z,+2, +2,+1)

EEERS
A.T=%. B. T=%. c. T=12. D.T=—.
Huéng dan

Huong giai tu luan
Ta c6 272°+8 =0 (32+2)(92° +62+4) =0

2 1 3. 1 3.

Suyra 2=-3 2=+l z=-o-—nl
e T=—.
Ttr d6 suy ra 12
Hud6ng dan st dung may tinh:
Budc 1: St dung Mode-5-4 dé€ giai phuong trinh bac 3 tim dwoc cac gia tri z,,z,, z,
Budc 2: St dung Mode-2 d€ dua vé moi treong lam viéc véi sd phic va tinh gia tri biéu thuc

~ (zl+zz+z3+1)2

 RlEHE
Cau 82. Cho z la s6 phitc khac 1, théa man z* =1. Tinh gi4 trj biéu thiec T=1+z+2> +...+2°"°.
A.T=1. B.T =0. C.T =2017 D.T =2016
Huwoéng dan:Vi z la s phirc khic 1 nén
(1-2)T =(1-2)(1+z+2" +..+2") = 1-2"" =0.
Suy ra T=0

Cau 83. Trén tap s6 phtic, phuong trinh 2" =iz o4 bao nhiéu nghiém?
Al B.2017 C.2019 D.0
Huéng dan
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2017

R0 rang, z = 0 1a mot nghiém phuong trinh. Vi z khac 0, ta ¢ |Z| = |Z| hay ‘Z‘ =1 Tw d6 suy ra

2" =i Ta thdy phuong trinh 2" =i ¢ 2018 nghiém. Vay tong s6 nghiém ctia phuwong trinh la
2019.

Cau 84. Tim sd phtrc 2 sao cho 2 va 2 lahai s0 phtic lién hop ctia nhau

A.z=1 B.z=0 C.z=1 D.z=1+i

Huéng dan:

Hudng giai ty luan

RO rang z khac 0, khi d6
zsz(iz}:f:_l @Z3:L2_
z z%z? |z|
o . . , 3 _ 1 3 2 2 3\ _ 1
DatZ:Z"'blkhldO 4 __Zc(a —3ab )+<3(1 b-b )1— 3 2
z| a“+b
1
P Bah=———
Suy ra 4 4 a* +b* hay (a,b)=(1,0)t&c1éz=1.
3a°b-b> =0

Hud6ng dan st dung may tinh:

St dung Mode-2 d¢ dwa vé moi truong s phirc, dung phim CALC kiém tra tirng dap dn, néu thoa man
thi chon.
PAP AN DANG 3. TIM SO PHUC THOA MAN PIEU KIEN CHO TRUOC.

101. 102. 103. 104. 105. 106. 107. 108. 109. 110.
111. 112. 113. 114. 115. 116. 117. 118. 119. 120.
121. 122. 123. 124. 125. 126. 127. 128. 129. 130.
131. 132. 133. 134. 135. 136. 137. 138. 139. 140.
141. 142. 143. 144. 145. 146. 147. 148. 149. 150.
151. 152. 153. 154. 155. 156. 157. 158. 159. 160.
161. 162. 163. 164. 165. 166. 167. 168. 169. 170.
171. 172. 173. 174. 175. 176. 177. 178. 179. 180.
181. 182. 183. 184. 185. 186. 187. 188. 189. 190.
191. 192. 193. 194. 195. 196. 197. 198. 199. 200.
HUONG DAN GIAI

DANG 3. TIM SO PHUC THOA MAN PIEU KIEN CHO TRUOC.
Cau 85. Huéngdangiai: Chon C

Tacd: z=i+(2-4i)-(3-2i)=-1-i

Cau 86. HuwéngdangiaiChonC.

Tacd:w =2z —2z, =(1+2i)-2(2-3i)=-3+8i

Cau 87. Huoéng dan giaiChonA.

ISR

z 1.3 4 4
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Cau 88. HwéngdangiaiChon D.

Datz = x+yi,(x,y IS R).

Ta c6(3+1)Z +(1+2i)z=3-4i
4x-y-3=0 x=2 )

= =>z=2+5i

3x-2y+4=0 y=5

Cau 89. Huwéngdangiai: Chon C.

Goiz=a+bi, (a,b € ]R)

- 5-i3

Ta c6: z— 1=0=27-z=5-iV3oa’+b*—a-bi=5-iV3
Z
a’+b*-a=5 a’—-a-2=0 a=—1h _ [a=2
& & & oac
b=+/3 b=+3 b=+3 b=+3

Cau 90. Hwéngdangiai. Chon C

2’ +2i=4z-4 72" —42+2i+4=0
Tacé: A=b*—dac=(4) —4(2i+4)=-8i
Goiw =a+bi la mdtcanbachaictaA .

Tacod: w? =(a+bi)2 =-8i

>w=2-2i

2 2
—_— = :2
<:>a2+2abi—b2=—81<:>{a b O:{a

2ab=-8 b=-2
4+2-2i . 4-2+2i
—:3—1;2 =

1+1
2 2 2

Phuongtrinhco 2 nghiémphtcla: z, =

Theo débaitacd: a=-1;p=1

A=a" 4+ = (—1)2016 +177 =2

Cau 91. Huwéngdangiai. Chon D

Cach 1:

(2+i)z—4z=4-2i

©(2+i-4)z=4-2i

& (2+i)z=4-2i

_4-2i
—2+1

Cach 2:  TwA thayz=2vaophuongtrinh (2 + i) 2=42+4-2i < 4+2i=12-2isaisuyraloai A.

=z -2

teongtuthirachodénkhidungthichondapan.
Cau 92. Huwéngdangiai. Chon C

Cach 1:

3z+(2+3i)(1-2i)=5+4i

© 3z=5+4i—(2+3i)(1-2i)

& 3z=-3+5i

_ 345i 5

=z =—1+—':>E=1—§i
3 3
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Cach 2:Twe A.z=1 —gi suyraz =-1+ gi thayvaophuongtrinh
3[—1+§ij+(2+3i)(1—2i) =5+4i < 5+4i =5+4i dingnénchon A.

Cau 93. :Hudngdangiai. Chon B

Cach1: w=z+iZ < w=3-5i+i(3+5i)=-2-2i

Cach 2: thayA. w =8 -2ivaz=3-5ivaophuwongtrinh
W =2z+iZ < 8-2i=3-5i+i(3+5i) < 8—2i = —2-2i sai, thdyv&phaila—2 —2i chon B.

Cau 94. Huwéngdangiai. Chon A

Cach1: w=iz-Z=i(2+4i)—(2-4i)=-6+6i= w =66

Cach 2: Tt A. W=—6-6i=w=-6+6i thayvaophuongtrinh ta dwoc
W =iz—Z < —6+6i=i(2+4i)—(2-4i) < —6+6i =6 +6i ditngnénchon A.

Cau 95. Huwéngdangiai. Chon B

Cach 1:

Goiz=x+ yi,(a,b € R) = z=x- yi thayvaophuongtrinh

(2-3i)z+(4+i)z=—(1+3i)

& (2-3i)(x+yi)+(4+i)(x—yi)=8-6i

< 2x+2yi—-3xi+ 3y +4x—4yi+xi+y=8-6i

& (2x+3y +4x+y ) +i(2y - 3x-4y+x) =8 6i

© (6x+4y)+i(-2x—-2y)=8-6i

@{6x+4y=8 @{x:—2

-2x-2y=-6 y=>5
z=-2+5i =7 =/(-2) +5 =29
Cach 2: sedungcongthircdacbiét

(2—3i)z+(4+i)£= —(1+3i)2 & (2-3i)(x+yi)+(4+i)(x—yi)=8-6i (*)

Khid6 x, y langhiémctiahéphuongtrinh {Z’):z?::‘; (**)

khidétimhésGa,;b,;c,;a,;b,;c, nhusau

+¢, =8;c,=—6 (tr8-6i)

+ Gan x=1; y=0 vaovétraiciaphuwongtrinh (*) dwockétqua6-2i=a, +a,i=a, =6;a, =2

+Gan x=0; y=1 vaovétrdichiaphuwongtrinh (*) duwockétqua4-2i=b,+b,i=b,=4;b,=-2
saukhitimdwgccachésotrén ta ti€nhanhgiaihé (* *)

Rt {f;(:f;,y:f—6 & {; z ;2 z=-2+bi= |Z| = \/E chon B

Cau 96. Huwéngdangiai. Chon D

Céch 1: z:a+bi(a,beR):>;=a—bi
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(2-3i)z=(1+2i)z+3-7i.

& (2-3i)(a+bi)=(1+2i)(a—bi)+3-7i

< 2a+2bi—-3ai+3b=a-bi+2ai+2b+3-7i
< (2a+3b-a—-2b)+i(2b-3a+b-2a)=3-7i
© (a+b)+i(-5a+3b)=3-7i

a+b=3 a=2
& &
-5a+3b=7 b=1
. a
VayP=E=2chQn D.

Cach 2: Stdungcongthircdacbiét
(2-3i)z=(1+2i)z+3-7i. < (2-3i)(x+yi)—(1+2i)(x-yi)=3-7i (*)
b.v=
Khidé x, y langhi¢émciahéphuongtrinh {1+ 1 =1 (xx)
a,x+b,y=c,
khidétimhésGa, ;b,;c,;a,;b,;c, nhusau
+¢ =3¢, =7 (te3-71)
+ Gan x=1; y=0 vaovétraiciaphuongtrinh (*) duwockétqual-5i=a, +a,i=a, =1a, =-5
+Gan x=0; y=1 vaovétraichaphuongtrinh  (*) duockétqual+3i=b,+b,i=b,=1b,=3
saukhitimdugccachésdtrén ta tiénhanhgiaihé (* *)
=3 =2
& xTy = X z=2+i:>P=2=2chQnD.
-5x+3y =7 y=1 1
Cau 97. Hudngdangidi: ChonA z =2 + 3i.
Cau 98. Hudngdingidi:Chon A.z=1+i . Vayphanthuccua z 1a 1 vaphanaola 1
Cau99. Hudngdingidi:Chon A
-3 (1-3i){1-2i
Cach1:7(1+2i)-1+3i=0<z = ! 3? = ( ) ) =-1-i
1+2i 5
Cach 2:strdungmaytinh Casio. Nhapveétraictapt( Z thaybangconjg X)
SaudodunglénhCalcthirtitngkétquabéndwdi. DA naora 0 ladung
Cau100. Hudngdangidi: ChonA
Cach 1:z=5+2i—(1+i) =5+2i—(1+3i+3i’ +i') =7 .Vay| =7

“u_r

Cach 2: Srdungmaytinh Casio. AnShift hypnhapsophtic z vaomanhinhvaan
Cau 101. Hudngdangidi: ChonA
Cach 1:Goiz=a+bi,a,be R=Z=a-bi . Thayvaopt ta co:

=2
(1+3i)(a+bi)+(2+i)(a—bi)=-2+4i< (3a—2b)+(4a-b)i=—2+4i = {ab .
Cach 2:Strdung Casio. Chuyénméyvéchédosdpht:C.Nhapvétraictiaptchdnaocé z thithaybanga + bi
c0z th‘lthayb%mg a—bi. SaudénhdnCalc A=100; B=0,Inhantiép “=" Ta dwockq:299,8+399,9i
cothédocnhusau: 299,8 =300-0,2 = 3a—2b;399,9 =400-0,1=4a—b (viA=100; B=0,1 ). Nhuvay ta

duoc: (1+3i)(a+bi)+(2+i)(a—bi)=-2+4i< (3a—2b)+(4a-b)i=-2+4i = {;ii

Trang 47 | https://toanmath.com/



Chuyén dé SO PHUC

Cau 102. Huéngdangidi: ChonD

(5+x/§i)
Z———1:O<:>Z.Z—z—(5+3i):0
Z

Goiz=a+bi,a,be R=Zz=a-bi . Thayvaopt ta co:
a?+b’-5-a=0 [pb=—/3 a=-la=2
= =
~J3-b=0 a>-a-2=0 |b=—/3
Vi z cophanthweduwongnén ta co6z =2 - Bie |z| =7
Cauhodinhanbiét
Cau 103.
Hudngdangidi:Chon A.
cach 1. z=2-i+1=3-ichonphuongan A

a2+b2—5—x/§i—a—bi=0<:>{

Cach 2: Goiz=a+ bi(a,b € R) giathiéttwongduonga+bi=3-i < {

Céach 3: sttdungmaytinhcasio

Cau 104. Hudngdangidi:Chon B.
Cach 1: z=(1+i)(3~i)=4+2ichon B
Cach 2: siedungmaytinhcasio

=4
Cach 3: Goiz=a+ bi(a,b € R) giathiéttwongduonga—-bi=4+2i < {; _ 5
Cauhoithonghiéu
Cau 105. Hudngdangidi:Chon C.
3a=2 a= 2
Cach 1: Goi. giathiéttwongdwonga + bi +2a—2bi =2 +4i < { b4 << 3 chonC
' T b=-4
Cach 2: dungmaytinhthtrtitngtreonghop
Cau 106. Hudéngdangidi:Chon D.
Cach 1: Goiz =a+Dbi(a,b € R) giathiéttrongduong
3a-b=4 =3
(1+i)(a+bi)+2a—2bi=4-2i <> a+bi++ai-b+2a—2bi=4-2i | |
a-b=-2 b=>5

Chon D

Céch 2: Thutimgtruonghopbangmaéytinhcasio
Cauhodivandung

Cau 107. Hudngdangidi:Chon A.

Cach 1: GQiZ = a+bz’(a,b e R)

(1+2i)(a+bi)lasSthudnaonén (1+2i)(a+bi)=a+bi+2ai-2bcéa=2b

‘2.2—2‘ 13 = a?+9b? =13 <> 4b? +9b> =13 <> b =+1nén.z =2 +ihodcz = -2 —i
chon A

cach 2: dungmaytinhthitingtreonghop

Cau 108. Hudngdangidi:Chon A.
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G(_)iz=a+bi(a,beR),

z—;‘=1c>|2bi|=1c>b=i%

z+z=0ca+bita-bi=0=a =0véy|z| =%ch(_)n A.

Cau109. Hudéngdangidi:Chon A.

Ditz=x+yi,(x,yeR), suyraz =x—-yi

Cx=3 x=-3
Sy 4

3y=4 y:E

2
Vayz= —3+§i——>|z| = /(—3)2 +(§j :\/? =@. Do d6 B sai.

Cau 110. Huéngdangidi:Chon D.

Tugiathiét, ta co: x+yi—2(x—yi)=3+4i<:>—x+3yi=3+4i<:>{

(3+4i)(4—4i+i2)
1-2i

z(1-2i)=(3+4i)(2-i) o z=

Cau111. Hudéngdangidi:Chon C.
Goiz=a =bi(a,beR):Z=a—bi

(1+2i) 2+Z=4i-20 & (1+4i+4i*)(a+bi)+(a—bi)=4i-20

&< (-3+4i)(a+bi)+(a—bi)=4i-20 < -3a—3bi+4ai+4bi’ +a—bi=-20+4i

—2a-4b=-20 a=4
= =
4a—-4b=4 b=3

Ta cé|z| =4’ +3* =5
(3> —16i%)(1+2i)

oS z= DY < z=5+10i
Cau 112. Hudéngdangidi:Chon B.
Ta co:

2+i :—1+3ijzz(—1+3i)(1—i)
1-1 2+1 (2+i)2
C(-1+8i)(1-i)(2-1) 22 4,

B 25 ~25 25

Vaydapancantimla B.
Saildmcobdn: Ra dapancua z makhoanhluéndapan A, do khongdockidébailatimz.
Cau 113. Hudngdangidi:Chon B.
Ta co:
2
7

z+——=z+Z=2.Re(z)=10 = Re(z)=5Vaydapénla B.
V4

Cau114. Hudngdangidi:Chon B.
Z=a-bi=iz=ia+b
=z+2iZ=a+bi+2(ia+b)=(a+2b)+(b+2a)i
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+2b=3
D{a :a:b:l:P:12016+12017:2

b+2a=3
Vaydéapandungla B.
DAP AN DANG 4. TAP HOP CAC PIEM BIEU DIEN SO PHUC.
201. 202. 203. 204. 205. 206. 207. 208. 209. 210.
211. 212. 213. 214. 215. 216. 217. 218. 219. 220.
221. 222, 223. 224. 225.
HUONG DAN GIAI

DANG 4. TAP HOP CAC PIEM BIEU DIEN SO PHUC.
Cau 115. Hudng dan gidi: Chon B
Duta vao hé s6 cliaz va vé trdi ctia biéu thikc 1a mot hang s8, khi tinh modul sé 1a phuong trinh
duwong tron.
Cau116. Hudng dan gidi: Chon A
Dat z=x+vyi , x,yeR,i*=-1.
Thay vao biéu thitc ta co: [x+yi—3+4i| =2 < |(x=3)+(y+4)i| =2 = (x=3)’ +(y +4)’ =4
Tap hop cac diém M la duong tron tam I(3;—4),ban kinh R=2.
Cau 117. Hudng dan gidi:Chon B
Dit z=x+yi,x,yeR, i’ =-1.
=>z=x- yi
Theo gia thiét ta co: |x+yi|2 +3(x+yi)+3(x-yi) =02 +y  +6x=0< (x+3)2 +y°=9
Tap hop cac diém M la duong tron tam 1(-3;0), ban kinh R=3.
Cau 118. Hudng dan gidi:Chon A
Dit z=x+vi,x,yeR, i’ =-1.
Theo gia thiét ta c6: |x+yi+1-3i|<4 < |(x+1)+(y-3)i <4 (x+1) +(y-3) <16
Tap hop cac diém M la duong tron tam I(—1;3),ban kinh R =4 bao gom ca phan bén trong duong
tron né phai la hinh tron c6 tam I(-1;3),ban kinh R =4.
Cau119. Hudng dan gidi:Chon C
Dit z=x+yi,x,yeR,i* =-1.
Theo gia thiét ta c6: [x+yi+3i—2|=10 & (x~2)" +(y+3) =100.
Cau 120. Hudng dan gidi:Chon A
Dit z=x+yi,x,yeR, i’ =-1.
Ta co: ‘x+yi—(2+i)‘ =2 (x-1) +(y+2) =4
May tinh: Nhap biéu thiic vao mdy tinh.( Chuyén hét vé vé trai dé vé& phai bang 0). Dung phim
CALC dé tha.
Tha ting dap an, cho x cac gia tri cu thé, rat ytheox & titng dap an va thay vao biéu thic

y=0 => dwoc diém M(l;O), N(1;4) thudc duong tron & A

Cuthé: Cho x=1=
y=4
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Cho x=0,y :% => duoc diém P(O;%) thudc duong thang & B
2 . 2 « . i,
Cho x = 3 y =0=>duoc diém Q(? OJ thudc duong thang 6 C

y=-1
y=>

Biéu thitc nao cho két qua bang 0 thi chon.
Cau 121. Hudng dan gidi:Chon B

Cho x=-1= { => duwoc diém R(—l; —1), G(—l; 5) thudc duong tron & D

Dat z=x+yi,x,yeR,i* =-1.

Diém M (x 24 ) biéu dién Z trén mat phéng toa do, ta co
z—1:(x—1)+yi:>|z—1| =3 (x—l)2 +y°=9
z+1-—

o ZH1-2i=(x+1)+(y-2)i M'(x+1;y-2)

’ . A2 A ‘X 21 A v 3 A
D co diém biéu dién trén mat phang toa do.

2 2 _ 2 2 _ ' N LA . 4 ’ <
pign agi (1) +¥ =9 [(x+1)-2] +[(y-2)+2] =9=M'<(C))tam (2;-2), ban kinh bing 3.
Cau122. Hudng dan gidi:Chon A
Goi z=x+yi,x,yeR,i2 =-1.
biém M (x; y) biéu dién Z trén mat phéng toa do, ta co
|z|2 tz4z=0 X+ +x+yitx—yi=0< X +y> +2x =0
Duong tron c6 tam (-1; 0), ban kinh R =1
=7.R*=n1.
Vay dién tich hinh tron: S=7 d
Cau 123. Cach meo
Goi s6 phtic z=x+Yyi théaman [2z—2+2i|=1< |[2x—-2+2yi+2i|=1

& (2x-2) +(2y+2)" =1

o (x=1) +(y+1) =%

Vay tap hop cac diém biéu dién s& phtic z 1a duong tron (C) c6 tam 1 (1;—1) ban kinh R =%
Véi moi di€ém M (X;y) biéu dién s§ phitc z=x+Yyi s& thuoc duong tron tim O ban kinh
R'=|z|=yX*+y® . Vivay d€ R=|z| nhé nhat thi dudng tron (C') phai tiép xtc ngoai véi duong
()

Khi d6 diém M sé la tiép diém ctia dudng tron (C) va (C') va|z|=0OM =0l -R = 14242

J1-002+(-1-07<8
-1+24ZF
=

= Dép s6 chinh xacla A

Cau 124. Hudng dan gidi: Chon A
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Giask z=a+bi(a,beR).
|2-2i|=pz+7| < a’+(b-2) =(3a) +b* b =-2a"+1.

Vay M thudc Parabol y=-2x>+1.

Cau 125. Hudng dan gidi:Chon A

Giastr z=a+bi(a,beR).

z+i+1 _a+l+(b+1)i (a+l+(b+1)i)(2a+2i) (2a(a+1)-2(b+1))+(..)i

74242 2a+2i 48’ +4 48’ +4
Dé& w la s6 thuan ao thi 2a(a+1)-2(b+1)=0<a’+a-1=b.

Vay M thudc Parabol y=x*+x-1.

Cau126. Hudng dan gidi:Chon A

Gia st z=a+bi(a,beR).

- 2bi
a+(b-2)i

-2
z-2i

=2 & [2bi|=2/a+(b-2)i| b’ =a’+(b-2)’ @b:%azﬂ.

Vay M thudc Parabol y =%X2 +1.

Cau 127. Hudng dan gidi:Chon A
Giast z=a+bi(a,beR).
|z+1—i|:‘2z+2‘ c>(a+1)2 +(b—1)2 =(3a)2 +b’ob=-4a’+a+1.

Vay M thudc Parabol y=-4x*+x+1.Suyra | (é’%) .

Cau 128. Hudng dan gidi:Chon A
Giastr z=a+bhi(a,beR).

2
2|z—i|=‘z—§+2i‘<:>2|a+(b—1)i|=|(2b+2)i|<:> a’+(b-1) =(b+1)’ <:>b=%a2 @%z%(%] :

Vay M thudc Parabol y :%xz )

Cau129. Hudng dan gidi:Chon A
Giastr z=a+bi(a,beR).

‘z—2+2ﬂ=2

3 1_ . 2_ 2 2 _ A2
EZ+§Z_I‘®4(b+1) _4(4a +(b-1) )<:>b—a.

P=]z-3|=4/(a-3) +(a2)2 =y(a-3) +a"'.Dat f(a)=a*+a’-6a+9.
f'(a)=4a'+2a—6. f'(a)=4a'+2a—6=0<a=1.Lap BBT suy ra f(t) dat GTNN béng 5 khi a=1.
Vay P, =5.
Cau 130. Hudng dan gidi:Chon A
Goi z=x+yi (x,y € R). Vi phan thyc bdng hai Ian phan 40 nén x =2y < x -2y =0. Vay
tap hop cac diém bidu dién s6 phtec z 1a duong thang x —2y =0

Cau 131. Hudng dan gidi:Chon B
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Cau 132.

Cau 133.

Cau 134.

Cau 135.

Cau 136.

Cau 137.

Goi z=x+yi (x,y IS R). Vi phan thuc cua z thudc doan [—2;2]11@11 —2<x<2.Vay tap

hop cac diém biéu dién s& phiic z 1a phan mat phang gi¢i han boi x=-2va x=2.

Huéng din gidi:Chon C
Goiz=x+yi (x,ye]R)
1
— X=—
Ta co ‘z+z+3‘:4<:>|x+yi+x—iy+3|:4<:>|2x+3|:4<:> 37
x=—
2

Huéng din gidi:Chon C
Goiz=x+yi (x,ye]R)

2-z41-i| =2 e yi-xayivl-i =2 1+ (2y-1) =2

1443
2

@(Zy—l)z =3 y=

Huéng dan gidi:Chon A
Goiz=x+yi (x,ye]R)

|2+z|=|i—z|<:>|2+x-|—yi|=|i—x—yz’|<:)\/(x+2)2-|—y2 =\/x2+(y—1)2 < 4x+2y+3=0
Huéng dan gidi:Chon A

Goiz=x+yi (x,yeR)

Ta c6 ‘x—2+(y—4)i‘=‘x+(y—2)i‘<:>x+y—4=0. Vay tap hop céc diém biéu dién sd

phtic z 1a duong thang x+y-4=0.

Mat khéc |z|=\/x2 +y° —Va? + 22 —8x+16 =23 —8x +16 =,/2(x—2)2 +822\2

Vay 2| =22 khi x=2,y=2nén z=2+2i.

Huéng dan gidi:Chon C
Goiz=x+yi (x,yeR)
Taco u=(z+3i)(z+1+3i) =x* +y” +4x—dy +6+2(x—y - 4)i
Vi u 1a s8 thuc nén x—y-4=0 nén tap hop cac diém biéu dién sd phiic z 1a duong
thing x-y-4=0 (d). Goi M(x;y) la diém biéu dién s6 phtic z. Modun cua z nho
nhat khi OM nho nhat hay OM Ld . Tim dugc M(-2;2)nén z=-2+2i.

Hu6ng dan gidi:Chon D

Goi s6 phtic z=x+yi théaman |iz-3|=|z-2-|

|-y =3+xi| =[x=2+(y-1)il

<:>(—y—3)2+x2 :(x—2)2+(y—1)2

SV HOY+I+X =X —4x+4+y -2y +1

S X+2y+1=0

& 204x* +(y-3)" =100-12y
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Vay tap hop céc diém biéu dién s8 phiic z 1a dwong thang(d): x+2y+1=0
= Véi mdi diém M (x;y) biéu dién s8 phttc z = x + yi thi |Z| =OM >0H véi H la hinh chiéu vudng
goc cia O 1én duong thing (d) va OH 1a khoang cach tir diém O lén duong thang (d)
_[ro+2.0+1 1

Jire2r 5

Tinh OH =d (O;(d))

A 1

Vay|z|2$

= Dap s6 chinh xacla D

X+ yid 1.|:|x2—y2+1.+2xyi|:|x3—xy2+x+x2yi+y3i—yi+2xy2|
x+y|| | X+ i | | X +y° |

Cau 138. Hudng dan gidi: Chon D
* Goi sd phtrc z=X+Yi thoa man |z —3i|+‘i2+3‘ =10

& [x+(y=3)i|+|y+3+xi|=10

<:>\/x2+(y—3)2 +\/(y+3)2+x2 =10

2

< 4/(y+3) +x° =10- x2+(y—3)2
& (y+3) +x2 =100-20yx* +(y-3) +x* +(y-3)’
& 20\x* +(y-3) =100-12y

& 25%2 +16Y7 =400

2 2
<:>X—+y—:1

16 25

2 2

Vay tap hop cdc diém biéu dién s6 phttc z 1a duong Elip (E): i(_6+% =1c6 2 dinh thudc truc nho

la A(—4;0),A'(4;0)

» V6i moi diém M (X y) bi€u dién s§ phitc z=x+Yi sé thudc duong tron tim O ban kinh
R'=|z|=y/x*+y" . Vielip (E) va dudong tron (C) c6 ciing tim O nén d¢€ OM nhé nhét thi M 1a
dinh thuoc truc nho

>M=A'=z72=+4,M=A=7=4
Tong hop 7.2, =(—4).4=-16
= Dap s6 chinh xacla D
Cau 139. Hudng dan gidi:Chon D
= Néu deé bai hoi tich z,z, véi |z],|z,| c6 gié tri 1on nhat thi hai diém M biéu dién hai s6 phtrc trén

Ia hai dinh thudc truc 16n B(O; —5), B'(O;S)

=>M=B'=z=-51I,M=A=17z =5i
Tong hop 7,2, =5i.(-51) =-25i* =25

PAP AN DANG 5. BIEU DIEN HINH HOC CUA SO PHUC
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226. 227. 228. 229. 230. 231. 232. 233. 234. 235.
236. 237. 238. 239. 240. 241. 242. 243, 244, 245,
246. 247. 248. 249, 250. 251. 252. 253. 254, 255.
HUONG DAN GIAI

DANG 5. BIEU DIEN HINH HOC CUA SO PHUC
Cau 140. Hudng dan gidi: Chon A
Ta c6 M(1 — 2i) © M(1; —2) suy ra hoanh d¢ cua diém M la 1.
Cau 141. Huéng dan gigi: Chon B
S8 phtic z=6+7i = z = 6-7i S8 phtic lién hop ctia z c6 diém biéu dién la: (6;—7)
Cau 142. Hudng dan gidi: Chon B
Madi s8 phttc z =a+bi (a,b € R) xac dinh mot diém M (a;b),

Tacod z = i’; L 19 vy diém biéu dién c6 toa d6 1a (1,—2)nén dé la toa dd diém Q
i
Binh luin: Viéc thuc hién phép chia i’ —

= 1—2ita c6 thé dung MTBT .

+ 1

Cau 143. Hudng dan gidi: Chon A

Ta c6: A(0;-3), B(2-2), C(-5-1). Suy ra G (-1;-2). Vay G la diém biéu dién s8 phtrc
z=-1-2i,

Cau 144. Hudng dan gidi: Chon A

Co6 A(1;5), B(3;-1) va C(6;0) nén tam giac ABC vudng tai B nhung khong can.

Cau 145. Hudng dan gidi: Chon A

Co6 A(1;1), B(0;2) va C(a;-1). Tam giac ABC vudng khi a=-3.

Cau 146. Hudng din gidi: Chon D

DoA(-2;4) néntacod z=-2+4i = 2=2-4i > w=iz=i(-2-4i)=4-2i. Vay dap an D.
Cau 147. Hudng dan gidi: Chon A

= === —
Z4z+1=0s ' 2 2 dogzla nghiém phttc ¢6 phan 40 &m nén toa d¢ diém M
1
z,=——+ —32
2 2
biéu dién s8 phttc z, la M(—%;—%).

Binh luin: Viéc giai phuong trinh z* +z+1=0 ta c6 th€ dung MTBT dé tim nghiém.
Cau 148. Hudng dan gidi: Chon A

Ta c6 A(1;2), B(t,2).

Tam gidc OAB can tai O nén OA=0B suy ra t=1 (loai) hoac t=-1.

Vay B la diém biéu dién cta s& phtrc -1+2i.

Cau149. Hudng dan gidi: Chon B

+ Ta cd A(-2;1), B(1;4), C(5:0)= BA=(-3;3);BC =(4;—4) =BABC =0

= tam gidc ABC vudng tai B= Duong tron ngoai tiép ti gidc ABCD c6 duong kinh AC.
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_, DADC =0 (%)

+ Do d6 ta di kiém tra diéu kién (*).

+ PDap an A & D(2-2). Ta co
DA=(-4;3);DC =(3;2)

DADC =-4.3+3.2#0 = loai A. A
+Ddap an B ¢6 D(4;-2) . Ta co:

DA=(-6;3);DC =(1;2)

DADC =-6.1+3.2=0 = chon B.

+ tuong tw loai C, D.

Cau 150. Hudng dan gidi: Chon D

Loi giai: Dé thdy tap cac diém dién cua B
trong mit phang Oxy la duong tron
(x=1)>+(y-1’=1 c6 tam I(1;1), ban kinh
R=1.

- Tap cac diém biéu dién cta tap A la

duong thang 4x+2y+3=0 (d).
- Khi d6, GTNN ctia |7, —2,| chinh la:
[41+2.1+3 95

V4% 42 10

Cau 151. Hudng dan gidi: Chon A

Cach 1: Goi diém biéu dién s8 phirc z 1a M (x;y)

Diém A(0;-1), B(0;2) lin Lot biéu dién so phikc z, =—i;z, = 2i

Z+Ii

h=d(l,d)-R= 1

-1=1<|z+ilHz-2i| < MA=MB
z-2I

Vay tap hop diém M biéu dién s6 phtic z 1a duong trung truc ctia doan AB.

Cach 2: Goi z=x+Yi,(X,yeR)
Gia thiét: [~
z-2I

Sy=—

—‘zl<:>|z+i|=|z—2i|<:>|x+(y+1)i|:|x+(y—2)i|<:> X+ (y+1) =x*+(y-2)

2

« : 1
Vay tap hop cac diém biéu dién s6 phitc z 1a duwong thang c6 phuong trinh iy = >

Cau 152. Hudng dan gidi: Chon A

Cach 1. Goi diém biéu dién s6 phiic z1a M(x;y) A(l;-2) z2'=1-2i

lz-1+2i|=1 o |z-1+2i|=1e]z7-7'= 1< MA=1

Khi d6 tap hop diém M biéu dién s6 phtec z 1a dwong tron tdm A(1;-2) ban kinh R=1

Cach2.Goi z=x+ yi,(x,y € R)

Gia thiét: |z —1+2i|=1e|(x-1)+(y+2)i| =1 (x-1) +(y+2) =1.
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Cau 153. Hudng dan gidi: Chon A
7=3e X +y’ =3 x +y*=9.
Suy ra tap hop diém biéu dién s8 phtic z 1a dwong tron x* +y> =9.
Cau 154. Huong dan giai: Chon A
Gia str z=a-+bi.Khidé [z-1+2i|=2 < |(a-1)+(b+2)i|=2 < (a-1) +(b+2) =2’
Suyra I(1;-2),R=2.
Cau 155. Hudng dan gidi: Chon A
Goi diém biéu dién s6 phtic z=x+yi 1a M(x;y) |
Q-2)z+i)=Q2-x=y)X=-yi+i)=2X=X> =y +y)—i(X+2y—2)
5

(2-2)(z+1)1a s8 thuan ao khi va chi khi 2x—x* -y +y =0 < (x 1)’ +(y—%)2 =1

Cau 156. Hudng dan gidi: Chon A
Goi diém biéu dién s& phttc z=x+yi 1a M(x;y) .

S8 phtic z thda man |z-2+i[<1 < (x=2)* +(y+1)’ <1
Cau 157. Hudng dan gidi: Chon A
Gia str z=x+yi.Khido [z+1-i|=|z-1+2i] & |(x+1)+(y-1)i| =|(x=1)+(2+Y)i|
& (x+1) +(y-1) =(x=1)"+(y+2)" < 4x-6y—3=0. Suy ra chon B.
Cau 158. Hudng dan gidi: Chon B

) X=2y+5=0 X=3
Gia st z=x+yi (X’ +y’#0).Khi d6 x, y 1a nghiém cta hé pt { . @{ e
X" +y =25 y=4

Suy ra: z=3+4i.
Cau 159. Hudng dan gidi: Chon A

Goi la M diém biéu dién s8 phttc z = X+ yi =M (x; ).

|z—2-2i|=1thi tap hop diém M la duong tron tam 1(2;2) ban kinh R=1
Khi d6 tap hop diém bidu dién z 1a duong tron C’ ddi xting véi C qua Ox, tir d6 suy ra tap diém
biéu dién s8 phitc z'= z+11a dwong tron C'tinh tién theo vecto u(0;1) thanh duong tron C” tam
1(2:=1),R=1
Cau160. Hudng dan gidi: Chon A

Giastt w=X+Vi.

X=2+yi

1+i\/§

Khi do: x+yi:(1+i\/§)z+2c>x—2+yi=(1+i\/§)z<:> l1=2-1

(x—3)+(y—\/§)i
1+i3

=z-1

‘(x—3)+(y—\/§)i‘

Lai co: |Z—1|S2 nén‘ 1+i\/§ ‘

Cau161. Hudng dan gidi: Chon D
T 2°-42+9=0 suy ra M(2;\/§),N(2;—\/§).T1‘r k=x+iy suyra P(xy).

A=

IA

2 <:>(X—3)2+(y—\/§)2 <4.Suy ra chon A.
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Vi tam gidc MNP vudng tai P nén: MP.NP =0 (x-2) +y?=5=0 X’ —4x+y’ ~1=0.
Vi MNP la tam gidc nén P khong trung voi M, N. Suy ra chon D.

Cau 162. Hudng dan gidi: Chon A

Goi diém biéu dién s8 phitc z = x+Yyi 1a M(x;y) .

Piém A(-2;0) va B(2;0) Ian luot 1a cic diém biéu dién 8 phircz, =2+ 0i va z, =2+ 0i

Khi a6 AM:‘CW—O—A‘:‘Z+2‘ va BM:‘O—M—@‘:\Z—z\

‘Z — 2‘ + ‘Z + 2‘ =5< MA+ MB=5 . Vay tap hop diém biéu dién s§ phitc z 1a duong Elip(E) c6
4x*  4y?

hai tiéu diém 1a A, B va d6 dai truc 16n bang 5= (E) c6 phuong trinh la: 5ty L

Cau 163. Hudng dan gidi: Chon D
w—1+1

Tacoz=
GT: [z-3+4i|=2 < |w-7+9%]|=4.

Dit w=x+yi thi [w-7+9=4 & (x~7) +(y+9) =16. Do d6 I(7,-9) va r4.
Cau164. Hudng dan gidi: Chon C

Diit z=a+bi. Taco |z-1| <1 (a-1) +b* <1 va z-2=2bi=b>0

Tap hop céc diém biéu dién ctia s6 phtic z 1a mdt mién phang gidéi han boi cac duong

y =1[1—(x—1)2 =+/2x —x* va truc hoanh.
Do dé dién tichla: S = \/1-(1-x)'dx=".
0 2

DAP AN DANG 6. SO PHUC VA GIA TRI LON NHAT, GIA TRI NHO NHAT.

1. C 2. A 3. B 4. A 5. B 6. D 7. A 8. A 9. A 10. A
11.B 12. A 13. A 14.D 15.D 16. C 17. B 18. A 19. D 20.D
21.B 22. A 23.C 24.B 25.D 26.C 27.C 28. A 29.C 30.C
31.D 32. B 33.A 34.B 35.D 36. C 37. 38. 39. 40.

Huéng din: DANG 6. SO PHUC VA GIA TRI LON NHAT, GIA TRI NHO NHAT.
Cau 200. DbapanC
Cach 1.

Goi z=x+1yi véi x,y € R thi ‘Z‘:\/XZ-FLI/Z vé‘z—1+i‘:1<:>(x—l)2+(y+1)2:1.

x=1+cos
D3t { _¢ , vOi ¢e[0,’27r] . Khi do:
y=-1+sing
2
‘z‘z =x"+ y2 =3+ 2(c05(p— singp) =3+ 2\/§COS(¢+%) > (\/E — 1) . Dang thttc xay ra khi va

chi khi: ¢ =% nén ‘Z‘ nho nhat bang \/5—1 .

Cach 2:
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Xét diém M (x; y) biéu dién cho s8 phtic z =Xx+Yyi thoa man diéu kién ‘Z—1+i‘ =1thuoc

2 2 ;
duong tron (x—1) +(y+1) =1 c6 tam I(1;-1), bén kinh R = 1. |2/ =OM, duong thing OM
cat duong tron tai hai diém A, B tng voi OM 16n nhat, nho nhat.

Cau 201. Cau2.Cach1:Dapan A

Goi z=x+yi véi x,yeR thi |z|=yx’+y° va |z+2|=|i-z|<4x+2y+3=0. Ta o

l2|= /x> + y* nho nhiit <> |2z|" =x*+ y* nho nhat hay |z[ =5x* +6x +% nho nhat khi x = —%
3

va x = —E. Vay s6 phttec can timla z=————1

5 10
Cach 2:

Xét diém M(x;y) biéu dién cho s§ phtc z=x+Yyi théa man diéu kién ‘Z + 2‘ = ‘i - Z‘thucf)c
duong thang A: 4X+2y+3=0. ‘Z‘ =(OM , OM nho nhat khi M 1a hinh chiéu vudéng goc cta O
trén A, tie d6 suy ra M.

Cau 202. Cau3.DapanB
Céch 1: Dai s0

_2_3lz+1

Goi z=x+yi véi x,y € R.Khi d¢6

3 2; :1<:>x2+(y+1)2:1

X =COS

Dit 4 ) , voi (06[0,'272’] . Khi do:
y=-1+sing

‘2‘2=x2+y2:3+2(cosqo—singo):2(1—singo)ﬁ4. Dang thic xay ra khi va chi khi:

3z o
Q= 7 nén ‘Z‘ 16n nhat bang 2.

Cach 2:

—2-3i

z+1|=1 thuodc

Xét diém M (x;y) biéu dién cho s phitc z =X+ i thoa man diéu kién Y
— 2zl

2
dudng tron x* +(y+1)" =1 tam I (0; - 1), bén kinh R = 1. |z = OM, OM 16n nhat khi OM = OI +
R=1+1=2.

Cau 203. Cau4.Dapan A

C1: Dai so

C2: Hinh hoC.

Xét diém M(x;y) biéu dién cho s8 phttc z=x+Yyi, tacd v = (Z - i)(Z + i) 13 mot s8 thuan ao

thi 2x—y+1=0. \z—2+3i\:\/(x—2)2 +(y+3)" = MA(trong d6 A(2; -3) biéu dién cho 5§
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phtic v = 2 — 3i). MA dat GTNN khi M 1a hinh chiéu vudng géc ctia A trén duong thang

6
2x-y+1=0 =Ty
2x -y +1=0, t&r d6 tim duoc toa do M la nghiém: =
x+2y+4=0 _ 7
5
: 8v5
Vay \z—2+3z\=MA=T‘/—
Cau204. Caub.DapanB
C1: Dai s6
C2: Hinh hoC.
Goi z=x+yi,A(4;0),B(-4;0). Khi d6: [z—4[+|z+4/=10< MA+MB=10 nén diém M
2 y2
thudc Elip ¢6 phuwong trinh: — ++—=1.
p ¢6 phurong w1
Ta c6 |z|=x* + ¥, nén |z|dat GTLN bing OA = 0OA’=5~M, |z|dat GTNN béng OB - OB’ =3

=m

Vay 0=|(m—4i)+(2+Mi)|=[5+i]=~/26

Cau 205. Cau6.bapanD

C1: Dai so

C2: Hinh hoC.

Xét diém M(x;y) biéu dién cho s§ phuc z=x+yi, A(2;0);B(-1;1);C(2;5). Kni do,
2z-1-2i :‘3i+1—22‘ & 2x+14y—5=0. Goi G la trong tam AABC thi G(1;2)

P=|z=2[ +|z+1if +]z-2-5i|= MA® + MB* + MC* = 3MG"” + GA® + GB* + GC*
P dat gia tri nho nhét khi M la hinh chiéu vuéng goc ctia G trén 2x +14y —-5=0, suy ra toa do

17
2x+14y-5=0 |*T 7
cta M la nghiém: S
7x—y-30=0 _ 1
4

Cau 206. Cau7.Dbapan A

Goi z=x+i, z(i+1)+1+i‘=x/§<:>(x—1)2+y2=1

, - 2
P=lz=2+i ~[z+1-4i =x+y+2

x =1+ cos
Dit { ) 4 , voi (pe[O;Zﬂ] . Khi do:
y=sing

P:x+y+2=cosgo+sin¢+3=ﬁcos(¢—%}+3:>3—\/53P£3+\/E

Cau207. Cau8:Dit z=x+Yyi ,khido W=(X+3+(y-1)(X+1-(y-3)i)eR < y=x+4
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Khi do: |2 =x* +y? = X2 +(x+4)? =2(x+2)’ +8> 8 > |2 > 24/2

Z_+2_i‘:\/§<:>|x+2+(y—1)i|:‘/5|X+1+(Y+1)i|

Cau 208. Cau 9: Dat z = x+ Vi, khi dé:

Z+1-1
S (XH2) H (Y =D =20x+1) +2(y +1)* & X +(y+3)* =10(1)
Tatim nho nhatcta T = x>+ y* .
Cach 1(Dai s8): Tt (1) X> =10—(y+3)> >0 < —/10 =3 < y <~/10 +3. Do d¢:
T=x+y =1-6y =19-6J10 <T <19+6v10 < (10 -3)’ <[ <(+/10+3)?
Cach 2(Hinh hoc): (1) 1a dwong tron (C) tam 1(0;-3), ban kinh /10 ; con T = x* + y* 1a duong tron
tam O, ban kinh thay d6i (C’). Khi d6 s6 phttc can tim phai la giao cua hai dwong tron da cho, s6
phtic c6 md dun 16n nhat la khi (C’) ti€p xtc ngoai véi (C) nho nhat khi tiép xtac trong véi (C). VE
hinh ta thdy duwoc dap an A.

x =~/10 cost

y=-3+ J10sint
T=x"+y =10cos’t + (\/ﬁ sint—3)’ =19 6+/10sint, d& dang tim dwgc GTNN, GTLN.

Cau 209. Cau 10: Twong tu cau 2

Céch 1: Dai s6 thong thuong.

Céach 2: Ta dung hinh hoc .

|z—2+2i|=1< (x—=2)* +(y+2)* =1, 1a dudng tron (C) tm I(2 ;-2), ban kinh R=1(mau xanh)

Cach 3: Dat { ,te[0;27], khi d6

T =X’ + Yy’ la duong tron (C') thay d&i(mau d6). GTLN 1a tiép xtic ngoai tai diém A, GTNN la tiép
xuc tai B. Trong d6 A, B 1a giao ctia duong thang y=-x véi (C). Ta tim duoc dap 4n A.

©

Céch 3 : Lugng giaC.

Cau210. Cau1l: |Z —2i| = |Z + 2| < X+ Yy =0, titc biéu dién hinh hoc ctia s6 phtic théa man gia
thiét la duong thang y=-x. Xét diém A(0;-2) va B(5;-9) thi P =|z+2i|+|z—5+9i|=MA+MB. Dé
thdy A, B cing phia véi duong thang y=-x, nén MA+MB nhé nhat bang BA’ trong d6 A’ d&i xting
véi A qua duong thang y=-x :
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®

Ta d& tim duoc A’(2 ;0) d6 d6 P min=A’B=3/10

Cau211. Cau12: ? 742

| —leliz+2=1e|z-2i=1e X +(y-2)’ =1

T=x+y =4y-3 véi (y-2)’ <1< 1< y<3 tir d6 tim duoc M=min|z|=1 va M =max|z|=3,
do dé: |m+iM|:\/ﬁ

Cau 212. Cau13: Ap dung tinh chat Z|2 =27 thitacd

|z+2|2—|z—i|2 =(2+2)(z2+2)—(2-i)z+i)=2(z+2)+3—i(z—2) =4X+2y +3
Khi do: |2-3-4i[=5 & (x=3)* +(y-4)’ =5

Dat: T :4x+2y:4(x—3)+2(y—4)+20S\/(l6+4)((x—3)2 +(y—4)*) +20 =210 +20

Dau bang xay ra khi y_4:XT_3 ,khidd (X=3) +(y—-4) =5 x=5vXx=1=y=5vy=3

Tir d6 im duoc |z] =52

Cau 213. Cau 14.

. -\2
Céch 1: Goi z=a+bi, khi d6 Fz +2=@(a+bi)+2=i(a+bi)+2=(2—b)+ai
—i

1L!z+2 :1<:>(2—b)2+a2 :1<=>(2—b)2+a2=1©a2+b2=4b—3

1-1

=>

Ta c6 (2-b) <1=>1<b<3 => a’+b*=4b-3<9 => Ja’+b’ <3=>|z,|<3. Dau bang xay ra khi
a=0; b=3 => z¢=3i.
Dépan D
. -\2

. . N Y (1+i) : . : .

Céch 2: Goi z=a+bi, khi d6 1—_z+2=T(a+b|)+2=|(a+b|)+2:(2—b)+al
—i

I+1i

—Z7+2
1-i

Goi U(a;b),v(0:2) ta co: [u|<v—0[+[V|=Va?+b* <[(2-b)" +a* +2=3
Dau béng xay ra khi a=0; b=3,

Dapan D
Cau 214. Cau 15.

= =1&4/(2-b) +a’ =1
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Cach 1: Goi z=a+bi, khi d6 [z-3+4i| = y/(a~3)" +(b-4)’

=+a’+b’ :\/(a—3)2 +(b—4)2 <=>6a+80-25=0

Ta c6 Va2 +b? =ix/a2+b2\/62+82 zi(6a+8b):§=é = min|z|=é khi azi;b=2=>
10 10 10 2 2 2

Déap an D.

Céch 2: Goi z=a+bi, khi d6 \2—3 +di[=\(a-3) +(b-4)

=>+/a? +b? = \/a 3)" +(b—4)" <=>6a+8b-25=0<= >a_25;8b

ta co: va’+b? = 25 8b

D&u bang xay ra khi b=2, a = 5

DPap an D.

Cau215. Caul6

Céch 1: Goi z=a+bi, khi d6 |z-2-4i|=|z-2i| < (a-2)" +(b-4) =a’ +(b-2)’
<4a+4b=16<=a+b=4

Tacéd: a’+b* > %(a+ b)’ =8. Dau bang xay ra khi a=b=2 => z=2+2i

Dap an C

Céch 2: Goi z=a+bi, khi d6 |z—-2-4i|=|z-2i| = (a-2)" +(b-4) =a’ +(b-2)’
< 4s+4b=16<a+b=4

Goi u(a;b),v(11)

Ta co: |ullv

>[uv|<=>(a’ +b”)2> (a+b)’ =16 =>a’ +b* > §. D&u bing xay ra khi a=b=2 => 7=2+2i

Déap an C.
Cau 216. Caul7.
Cach 1: Goi z=a+bi, khi d6 (z-1)(z+2i)=(a’+b*—a—-2b)+(b+2a-2)i las& thucnén

b+2a-2=0 < b=2-2A.

2
Ta c6 a’+b’=a’+(2-2a) =5a’ —8a+4=5(a—%) +%. Dau bang xay ra
azi;b=z=> I=—+i=
5 5
Dap 4an B

Cach 2: Goi z=a+bi, khi d6 (z-1)(z+2i)=(a’ +b* ~a—-2b)+(b+2a-2)i las& thucnén
b+2a-2=0 < b+2a=2.
Goi ﬁ(a;b),Q(Z;l)

Ta o ‘ﬁ”\?‘2‘ﬁ.\7‘<=>(a2+b2)52(2a+b)z=4=>a2+b2=%. D&u bang xay ra

khi

khi
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Dap an B.
Cau 217. Cau 18.
Céch 1: Goi z=a+bi, khi d6 [z+i-1|=[z-2i| < (a=1)" +(b+1)’ =&’ +(b+2)’
€2a+2b+2=0 < b=-1-A.
2
Ta oo a’+b’=a’+(-1-a) =2a’ +2a+1=2(a+%) +%. D&u bang xay ra khi

1 1 1 .1 1
a=-——b=-c=z=-—-i- = |7]=—F
2 2 2

2 V2
Dap an A
Céch 2: Goi z=a+bi, khi d6 [z+i-1|=[z-2i| < (a=1)" +(b+1)’ =&’ +(b+2)’
&2a+2b+2=0 & a+b=-1.
Goi ﬁ(a;b),V(l;l)

Ta co: ‘ﬁ”\?‘ > ‘GV‘ <=>(a’+b’)22 (a+b)’ =1=>a’+b? =%. Dau biang xdy ra khi
a=—l'b=—l=> 7z :_l_il => |Z|=L

2’ 2 2 2 V2
Dép an A

Cau 218. Cau 19.

Céch 1: Goi z=a+bi, khi d6 |2-3-3i[=v2 < (a-3) +(b-3) =2

<=> a2+b2+16=6a+6b£%(a2 +4+b>+4)

=>a’ +b’ >8. Dau bang xay rakhi a=2;b=2=>2z=2+2i

Dépan D

Céch 2: Cach 1: Goi z=a+bi, khi @6 |z-3-3i|=v2 & (a—-3)" +(b-3)" =2
Goi u(a;h),v(3-a;3-b)

Ta co: ‘ﬂ‘+M2‘ﬁ+V‘ <=>\/(a2 +b2)+\/(3—a)2 +(3-b)” 232 =>+/a’ +b* =242 . Ddu béng xay ra khi
a=b=2=>z=2+2i

Papan D

Cau 219. _Cau 20.

Céch 1: Goi z=a+bi, khi d6 |z+3i|=|z+2~i| < a’ +(b+3)" =(a+2) +(b-1)’

< 4a-8b=4<a=1+2b

2
Ta oo a’+b?=(1+2b) +b? =5b2+4b+1=5(b+§j +%. Dau bang xay ra khi

-2 1 1 2.
b=—=a=—=z2=——=i

5 5 5
Dapan D

Céch 2: Goi z=a+bi, khi d6 |z +3i|=|z+2-i|< a’+(b+3) =(a+2) +(b-1)’
< 4a-8b=4<=>a-2b=1
Goi ﬁ(a;b),Q(l;—Z)
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Ta co: ‘GHV‘ > ‘ﬁ\?‘ <=>(a’+b’)52> (a—2b)’ =1=>a’+b? 2%. Dau bang xay ra khi

-2 1 1 2.
b=—)a===z=—-=i

5 5 5°5
Dap an D.

Cau 220. Cau 21. Huéng dan gidi: Chon B

|z=3i+1|20 nén |z-3i+1min=0<z-3i+1=0< z=-1+3i.
Vay z=—1+3i

Cau 221. Cau 22. Huéng dan gidi: Chon A

| z—i 2‘:|z+2+3i|:|z+2+3i|

12i+1 | 2i+1 | [2i+1]

| z—1 ) a .
Nén +2|min < |z+2+31min < z+2+3i =0

2i+1
z=-2-3i=|z|=13

Vay
Cau 222. Cau 23. Huéng dan gidi: Chon C
4+2i

1-1

Kiém tra nhanh thdy z=0 théa man z— 1‘ =1

Nén |z| min =0
Cau 223. Cau 24. Huéng dan gidi: Chon B

‘_2_3lz+1

: =le|-iz+]=1
3-2i

Goi z=x+yi.Khi d6 [-iz+1|=1e x*+(y+1) =1 (%

Diém biéu dién M(x;y) cta z chay trén duong tron (*). Can im M thudc duong tron nay ¢&€ OM
16n nhét. D& thdy OM 16n nhat khi M(0;-2). Vay |z =2

Cau 224. Cau 25. Huéng dan gidi: Chon D

Goi z=x+yi.Khido |z+i|=|z+1| (¥ +(y+1) =[(x+1) +y> S x=y

Nén |[w|=]z+2i| = x> +(y+2)’ =v2x" +4x+4 >2

Nén |w|min =+/2

Cau 225. Cau 26. Huéng dan gidi: Chon C

lz—2-4i|=|z-2i| & (x-2) +(y—4) =* +(y—-2) ©x+y-4=0

|w|= % =%max < |zlmine \/mmin =8.

Vay |W|max=£ = @
' 22 4

Cau 226. Cau27.Dap anlaC.
Giai:
Téap hop diém biéu dién s§ phitc z 1a dudng tron tam I(3;-4), ban kinh bang 5; duong tron nay

di qua goc toa do O.
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Diém biéu dién A ctia zo 1a diém d6i xting ctia O qua I, nén A(6; —8) :
Suyra z,=6-8i.
Cau 227. Cau28.Dap anla A.
Giai:
Tap hop diém biéu dién s6 phitc z 1a hinh tron (C) tam I (\6 ; 1), ban kinh bing 2;
Céc diém biéu dién ctia z,,z, tong tng 1a giao diém cta duong thang OI véi hinh tron (C).
Khi d6 |z1 - zz| bang duong kinh ctia (C).
Suy ra |z1 —zz| =4.
Cau 228. Cau29.PapanC
Giai:
Tap hop cac diém biéu dién sd phtic z 1a dwong thang d:x+2y+3=0. Diém biéu dién H ctia z,

1a hinh chiéu vudng gbc ctia goc toa dd O trén dwong thang D.

3 6. . 3V5
Tim toa d6 ctia H, suy ra z, = —g—gz . Do d9¢, zo| =T\/_.
Cau 229. Cau30.bap anC
Giai:
Tap hop céc diém biéu dién s§ phtic z 1a ntra mat phang phia trén ctia duong thang d, :y =1 va
1

ntta mat phang phia bén phai duong thang d, : x = >

Tt hinh v§é, ta suy ra giao di€m I cua d,;d, 1a diém bi€u dién cho zo.

V5

Taco I l;1 , suy ra ZO=1+i.Dodé, zo‘z—.
2 2 2

Cau 230. Cau3l.PapanD

Giai:

Tap hop cac diém biéu dién s& phiic z 1a nita mat phang bén phai truc tung (bao gom ca truc
tung). Néu goi I (—1;2) thi di€ém H biéu dién cho s6 phtic z, thoa man |z0 +1—2i| nho nhat khi ITH
nho nhat, ttc la H 1a hinh chi€u cta I trén truc tung. Suy ra toa dd0 Hla H (0;2) . Vay mddun cta
z, bdng OH=2.

Cau 231. Cau32.Dap anB

Giai:

Néu goi F, (—4;0),F2 (4; O) la diém biéu dién cac sd phtic -4 va 4, M la diém biéu dién s6 phtic z,
khi d6 |z —4|+|z+4|=10 < MF, + MF, =10.

Tap hop cac diém bidu dién s§ phiic z 1a elip 6 cac tiéu diém F, (—4,'0),132 (4;0) va cd truc 16n
bang 10.

2 2

. \ , \ X y
El huwong trinh: —+<—=1.
ip nay c6 p ng tri %=t

Diém bidu dién cho zo chinh la giao diém cua Elip véi truc tung; toa d6 1a (£3;0).

Khi d6 médun ctia zo bang 3.
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Cau 232. Cau 33.

Goi z=x+yi

|z+2i—1|=‘;+i‘<:>4x+8y+9=0(d), duong thang di qua A vuong goc véi d cb pt:
8x—-4y-5=0.

x—3y-4=0 :M(zs 1 ]

Toa do diém M la nghiém cua hé: —;—
3x+y-7=0 1010

Cau 233. Cau 34.
Goi z=x+yi

z-1+2i]< 25 < (x=1) +(y+2) <20, Goi A(1;-2), dudng théng OA c6 phuong trinh:
y g thang

y=-2x.
{x=3
2 2 _
Xét hé: (x-1) +(y+2) =20_ | W= 6: M=35
y:_zx x=-1 n=0
y=2

Cau 234. Cau 35.

Goi z=x+yi

|2z+i|=‘2;—3i+1‘<:>4x+8y+9:0(d), duong thang di qua A vudng goéc véi d cb pt:
8x—4y-5=0.

4x+8y+9=0
Toa do diém M la nghiém cua hé: { rrey = M(210 ; ;gj

8x—4y-5=0 20" 20
Cau 235. Cau 36.

Goi z=x+yi

|z—2—4i|:|z—2i|c>x+y—4=0, duong thang di qua A vuong goc véi d cd pt: x—y =0.
x+y-4=0

—y=0 :M(2;2).

Toa d6 diém M la nghiém cua hé: {
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