Churong VI. GO VA CUNG LUGNG GIAC,

CONG THUC LUGNG GIAC.

§1. GOC VA CUNG LUONG GIAC

Q KIEN THUC CAN NHG > ]

Radian: Trén mét duong tron, cung c6 do dai bang béan kinh dwoc goi 14 cung
c6 sb do 1 radian hay cung 1 radian. Goc ¢ tdm chin cung 1 radian dugc goi
la goc 1 radian.

1 radian duogc viét tit 1a 1 rad. Goc (cung) c sb do o rad thuong duogc viét tat
1a goc (cung) a.

Radian va dé. 1rad = [180) ; 1° =(1L) rad.

n

Bdng chuyén doi théng dung
b6 30° | 45° [ 60° | 90° | 120° | 135° | 150° | 180°
yis T T yis 2n 3n St .

1 - — - - — — -— T
Radian |~ 4 | 3| 2 3 4 6

Goc lu'o*ng gidc: Cho tia Om quay quanh goc 0.

+ Néu tia Om quay theo chiéu kim dong hd, ta ni tia Om quay theo chiéu am.
+ Néu tia Om quay nguoc chidu kim déng hd, ta néi tia Om quay theo chiéu
duomg ;

+ Néu tia Om xuét phét tir vi tri tia Ou, dung la1 & vi tri tia Ov, ta ndi Om da
quay mot goc lugng gidc co tia dau Ou va tia cudi Ov, ki hiéu 1a (Ou, Ov). Co
vo sb goc lugng giac co tia déu Ou va tia cudi Ov.

+ Néu c6 mot goc (Ou, Ov) co s6 do o thi cac goc (Ou, Ov) khéc co s6 do
o+ /c27t hoic c6 mot goc (Ou Ov) ¢o s6 do a° thi cac goc (Ou, Ov) khéc co
s& do a° + k360°, voi k 1a ) nguyen nao d6. Néu tia Om quay theo chiéu dm
thi tao ra goc lugng giac cd s6 do am va nguoc lai.

Cung lwong giac: Cho mot ducmg tron dinh hudéng tdm O. Kh1 cac tia Qu, OV
cuia goc lugng gidc (Ou, Ov) cit duong tron dinh hudng tai cac diém tuong

ang U, ¥ thi ta co cung luong giac UV . Diém U duoc goi la diém diu, diém
V duogc goi la diém cudi.
Hé thirc Sa-lo: sd(Ou, Ov) + sd(Qv, Ow) = sd(Ou, Ow) + k2r (k € Z).
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£ mor sé vioy )

vi du @ Goc lugng gidc c6 s6 do 2700° thi ¢6 6 do theo radian 1
A.27; B. 15m; C. -27m; D.-15m,

Hieéng dan giai. Theo cong thire 1° = (_“_) rad thi
180
1700° = (2700.1%) rad = 15rad. D4p 4n 1 B.

Vi du @ Cho géc luong gidc (Ou, OV) c6 s do theo radian 12 -3’5
Cac goc lugng giac sau ddy cung co tia d4u Ou, héi goc ndo ¢ tia cudi Ov?
2
A, B2, B. - 2%, c 2t D, -2%.
3 3 3 3
Huéng dan g:az Hai goc co cung tia diu va tia cudi khi sb do cua ching

chénh 1éch nhau mdt s6 nguyén 1An 2. Kiém nghiém thay g—(—%’i)= 2m,
’ \ . ’ T \ STE I \ . A N g A , , \
tirc 1a hai gébc — va 3 ¢b cung tia dau va tia cudi. Pap an la D.

O BAI TAP)

'Géc lugng gidc co s6 do

—3060° thi c6 sb do theo radian la

A. 17 B. 8 51c, C.-17m; D.-8,5m.
2. Goc lugng giac co s& do a° thi c6 sb do theo radian 12
180 a T
: —r; — D. .
.A.18011:'c1, B. . C. 18075 1304
3. Géc lugng giac co sb do % thi c6 sb do theo d6 1
A.12% B. 15% C.-12% D.-15°.
4. Géc lugng gléc ¢6 56 do 180 rad thi c6 s6 do theo d0 12
A 1802 )" B _ 180° RS D. -°.
n )’ mn

5. Goc lugng giac c6 s6 do arad thi c6 sb do theo do la

0 o 80
A [ QT °' o.180 ) . C. n ) : D. (.1_.-—] .
"\T30) ° B, > Usoa o

120 3

- 4____
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6. Cho goc lugng gide (On, Ov) co s6 do theo radian 1 —g.

Céc gdce luong gidic sau ddy cing c6 tia ddu Ou, hoi goc ndo cé tia cubi Ov?
A.lj—n; B. —lﬁ; C.ﬁt—; D. --lﬁ.
4 4 4 4
7. Cho géc lugng gide (Ou, Ov) c6 s6 do 1756°,
Céc gdc lugng gic sau diy cing 6 tia diu Ou, héi gbc ndo c6 tia cudi Ov?
A. 3452°% B. 4636°; C. 5726°% D. 1344°,
8. Trén mdt duong tron dinh huéng, cdp cung lugng gidc nao sau ddy cé cling

diém dau va diém cudi?

ATy 30T, | B Koy =20,
3 7
T . 152n n . 77n
. — va ; ' D. —va —,
10 5 6 6

9. Mot cung lugng gidc trén dudng tron dinh huéng c6 dd dai bang hai lan ban
‘kinh. 86 do theo radian ciia cung dé 1a

A.1hodc-1; B. 2 hodc - 2; C. 4 hodc - 4; D. % h_oéc -—%.
10. Trén duong tron dinh huéng cé ban kinh bing 4 14y mot cung c6 sb do 13
-;Erad. Do dai ciia cung dé 12
4an 3n 2n

A —: B. —; C. 12mx; D. —.
3 4 3

§2. GIA TRI CUA GOC (CUNG) LUONG GIAC

Q KIEN THUC CAN NHG >

1. Puong tron luong gidc gn véi hé truc toa dé: 1a dudng tron dinh hudng 6
tam la géc toa d0 va ban kinh bﬁng 1. Piém A(1; 0) 1a diém gbe.
Véi mdi diém M ma (04, OM) = « (« rad), ta néi M dinh ra mét goc (cung)
a. Nguoc lai, img véi méi s6 thue o ludn _tén tai diém M trén dudng tron
luong giac ma (OA4, OM) = a. '

2. Gia tri lwong gidgc cua cung (goc) o

T n TN
Trén dudng tron lugng gidc gan voi hé truc toa do cho cung lugng gidc AM

cb sb do a. Toa dd diém M 14 (x; y).
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— . Yook Xz
Khi d6 sina = y; cosa = x; tanot ==, néux# 0, cotow ==, néu y#0,
| " ;
sin(a + k27) = sina, k € Z; cos(a + k2m) = cosa, k € Z;
-1 <sina < 1; -1 <cosa<1.

— e n
tana xac dinh v&i moi o # 5 +kn,keZ;
cota xéc dinh véi moi a # km, k e Z.
. ’ . r - - L ~ hl . x ‘ . v
3. Dau cia céc gia tri luong gidc cia cung a: phu thujc vao diém cudi M cua

cung lugng gidc AM  c6 sd do a trén dudng tron lugng giac.

o — M thuoc goc phén tu I 1 i v
Gia tri lugng giac clia
© cosal + = - +
sinat + i - =
tano + - -
- cot. - - + - + -
4. Gid tri luong gidc cia cdc cung (géc) lwong giac dac biét
o 0 L n r T
6 4 3 2
1
cosa 0 - ﬁ _\/_5 1
2 2 2
|
sina ! ﬁ iz— o 0
2 2 2
1 Khéng xac
tan 0 = | g
= NE) 3 dinh
Khong xéc 1
cota difh 3 1 ﬁ 0
5. Cac hé thiec lirgng gidce co ban
sino + cosa = 1 lano.cotar =1, o # %,k eZ
S n o 2 1
I+tan“a=———,az=+knkeZ l+cot” a = Jo#knkeZ
cos” o 2 in’

sSm-a
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Qmér sé vipu >

Vi dy @ Gi4 trj nao sau diy mang dau duong?
A. sin290°; B. c05290°; C. tan290° D. cot290°,
Hwéng dan gidi. Xét cung lugng gidc AM cé 56 do 290° voi diém Ay

A(1; 0) thi diém cudi M thude cung phin tu IV nén chi c6 cos290° mang d4y
duong. Pap an 1a B

Vidu @ sm[lz J bing

-1—; C. —ﬂ; D. —i
2 2 2

. 1 ,
—g+2n nén sin[%—)=sm (%)=E Dip 4n 14 B.

A ——; B.

1
2

Hudng dan gidi, %T- =

Vidu @ Cho cos,a-= —% va T<ao <3—2ﬂ. Khi dé tana bé’mg

A. 232 B. ~2V2; C.3V2; D. -3v/2.

3
Hzrng dan gidi. <o <_27_r nén tano > 0. Tir hé thiac 1+tan®a =

cos
tinh dwoc tano véi gia tri duong 1a 2+/2 . Dép 4n 1 A.

QBA: TAP >

Gia tri nao sau diy mang d4u dwong?

( ( /
A. sm[ﬁj; B. cos 3_7:} C. tan EEJ, D. cot E]
4 \ 4 \. 4
2. (Gia tri nao sau ddy mang dau 4m?

( (
A. sin[—%); B. cos E], C. tan —37}—); D. cot 37[]

5 \ 3 \ 4

3. Goc (cung) luong gidc nao ma hai gia trj sin va cosin ctia né trai ddu?

A. 100°% B. 80°; C. - 95°% D. - 300°. |
4. Goc (cung) luong gidc ndo ma hai gia tri sin va cosin cua no cung dau?

A. ég_ B. - 190°; C. ~35—“; D. 275°.
5. co0s420° bing

A \/5, B.—[i; C.—I—; D. ——1-.

2 2 2 2

44
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10.

11.

14.

St :
an| — | bin
l‘lﬂ( 1 ) g

2
A -1 B. —~£; &, [2—; D. 1.
2 2
. . £h o b 1
cOtang cua goc (cung) lugng giac nao bang 7_; ?
A. —300°% B. L. C. 45°; D, —.
6 6 .
sin clia goc (cung) luong gidc ndo bing % ?
A -Z; BT 60 D. - 150°.
6 6
Cho sina=% voi %<a<n. Khi @6 cosa bang’
. - N2
A. —ﬁ; B.&; : C.ﬂ; D. —£.
3 37 b T3 3
Cho tana=12 vé1 a € (n;?’?ﬂ:). Khi d6 sina bang
1 1 12 12
A —; B, —; C. —,; D. —.
V145 V145 V145 145
Cho sina = -41; va g < o < . Khi d6 coto bing
A. 13, B. V13, C. 15, D. /15.
. Cho sino. + cosa. =m voi oL € [%;?ﬁj. Khi d6 sino.cosa bing '
2 2 | 2 _ 2
A 1-2m : g ™M 1; c 2m 1; D.I m
2 2 2 2

. Cho tana + cota = m, véi m > 2. Khi do6 |tan 0. —cot a| bing

A Nd—-m?; B. Vm-4; C. Ja—m; D. Vm? -4 .

asino. +bcoso.

Cho tanc. = m. Khi d6 — bing
csino+dcosa
m+b +b
A a+bm; B a—f-bm; C am ; . a |
c+d c+dm em+d (c+d)m
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§3. GIA TRI LUONG GIAC CUA CAC GOC (CUNG)
CO LIEN QUAN PAC BIET

G KIEN THUC CAN NHG >

1. Hai goc d6i nhau o va -a:

sin(-a ) = —sina; cos(—a ) =cosa;

tan(-a ) = —tana; cot(—a) = —cota..
2. Hai goc hon kém nhau 7 )

sin(faa+m)= —sina; cos(o+7m)= —cosa.;

tan(a+m)= tana; cot(a.+m) = cotct.
3. « Hai g6c bu nhau:

sin(m—o) = sina; © cos(m—a)= —cosa;

tan(mt—-o)= —tana ; tan(m—a )= —cota.
4. Hai goc phu nhau: -

sin(zt——a)= cosa ; : cos(E—a)= sina;

2 2
tan(%—a)= cota; cot(g—a)= tanao .

Q MOT S6 Vi ny>

Vi du @ cos18° — cos342° bing
A.l; ' B. 0; : - C. 2cos18% D. —2cos18°.
Hurémg dén gidi. 342° = —18° + 360° nén cos342° = cos(—18%) = cos18°.
Pép 4an 1a B. '

Vi du @ 2sin27° —sin153° + sin(—270°) + sin333° bing
A 1; B. 25in27° + 1; C. 0; D. sin27°.
Huromg dén gidi. 153° = 180° — 27° nén sinl153° = sin27°% —270° = 90° — 360°
nén sin(— 270°) = sin90° = 1; 333° = —27° + 360° nén
sin333° = sin(—27°) = —sin27°. Tir d6 thiy dap an 1a A.

Vi du @ Biéu thirc

tan(7—n—-a) +cot(m-—a) - tan 1—5—154-(1) — cot l-9£+0L b::mg
2 2 2 Y
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A, tana + cotao; B. 2(tana + cota);
C. 2(tana - cota); D. tana - coto.

' s ... I s n T
Hieong dan giai. ?—a = —2-—0t+3n nén tnn[T—aj = tan[z—aj = coto;

ln n 11wt ) T
— - = —=—0-+51 néncot| ——a | =cot| ——a | = tana;
2 2 2 2

—~

197

Tuong ty, tan [1—3—73 + aj = cot(—a) = —cota; cot [T + a) = tan(—a) = —tana.

T d6 thiy dép an 1a B.

Q BAITAP >

1. Chi ra diing thirc sai trong cac ding thiic sau.

A. sin—%E = ﬁ; ' . B. cos—2—7—t- = -—1-;
3 2 ‘ . 2
. 2 ;
C.sin= = smE; , : D. cosz—7r = cos—.
3 3 ‘ 3 3
2. Chi ra dang thirc sai trong cic dang thirc sau.
A. cos150° = —cos30%; B. 5in150° = sin30°;
C. cos150° = *_/2_1; D. sin150° = %
~ 3. Chi ra déng thirc sai trong céc ding thic sau.
A. 5in210° = sin30°; B. c0s210° = —cos30°%;
C.sin210° = —%; ; D. cos210°=—§.
4. Chi ra déng thirc sai trong cic déng thirc sau.
A. sin4—Tt =—sin£; B. éosﬂ =cos£;
3 3 3 =8
C. sin4—n=——\/§; D, cosﬂ———l.
3 2 3 2

5. Chi ra ding thitc sai trong cic dang thirc sau.

A. COS'Iﬂt' =—COSE; . B. cogm=_@;
6 6 6 2
C. sinHT'E =—sin£; D. sinﬁz_l_
6 6 6 2
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10.

“11.

12.

13.

14.

rong cdc dang thie sau.

E
{

Chi ra ding thirc sai t o |
B.sin315 =sin45 i
|

A.cos315° = cos45°;

V2

L2 in315° = - 2=,
C.cos315°= ~=; LS >
tana — tan(-o) bfmg 1
A.0: B. 2tana; C.-2tana,; . D.tan2q,
mn:(rr -a) - tan°a + 1 biing ’ "
A.0; B.-1; C. 1 D. mdt s6 khic,
. T 130
sin— — cos—— bang
A-1; B. 0; C.1; - D. mét sb khac.
. ., T 8 2 -
sina + sin( 3 +a) —cosa + cos( §+ o) bang
A. 4; B.2; - C.0; D. -2.
' 6 14 8 9
cos£+cos-2—n+cos3—n+cos4—n—cos5—n—cos——n—cos——cos-———-cos—’I
5 5 5 S 5 5
bing
A -1; » B. 0; C. l; D. 1
' 2
s 2n 3n 4n 5n o,
€0S— +C0S — + COS— + COS— + cos— bdng
5 5 5 5 -5
2
2 -3 8m .
tang+tan—9—n-+tan?n+...+tan—7—[ bang
A -1 B. 0; C.1; D.2
sm—-}-sm”—+sm4—+sn" i . 27T o
o TSI — +sin"— bang
1
Al B. 2, C. 3: D. 4
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§4. CONG THUC LUQNG GIAC

@uﬁc CAN NHG >

1. Cong thirc cong:

cos(a. — B) = cosa.cosp + sina.sinf; cos(a + p) = cosa.cosp — sina.sinp;
sin(a — B) =sina.cosp — cose.sinp; sin(a + B) = sino..cosp + cosa.sinp;
tan o —tan 3 tan o+ tan 3
tan(a —pP) = ; tan(o. + pB) = .
(@=F) 1+ tano.tan 3 (@*P) ]—tana.tanP
2. Cong thirc nhdn doi:
sin20 = 2sina.cosa,
c0s20. = cos @ —,sinza = 2cos’o—1=1- 25i112a;
2tana
tan2o = ————.
, 1 —tan® o
3. Coéng thirc ha bdc:
2 1l+cos2a 2 l—cos2a 2 1-cosZa -
2 2 1+cos 2o
4. Céng thirc bién déi tich thanh tong: '
1
cosa.cosp = Py [cos(a— B) + cos(a + B)]
_ 1
sino.sinf = 3 [cos(a — B) — cos(o. + B)]
- 1. .
sina.cosf = Py [sin(et — B) + sin(a + B)]
5. Céng thirc bién déi tong thanh tich
' + - . o+B . a—-PB
cosa + cosp = 2cos * cosgl-iE ; cosa — cosP = —2sin p sin < 5 B :
. . o+ - . : —
sino + sinf} = 2sin it B cos P ; sina — sinf} = 2cos Gt sin oD )
2 2 2
»-‘n’._‘ -~ .r( >
4:1) morsé vipy >

Vi du @ sin % bang

N . T, SN SR (R

—_—
—_—

2 2 T 4 7 4
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Huedmyg ddn gidai, — =——= s dyung cOng thire chng

sin(-Tl - E) = §in— .cos— — cos—.&in— (fnh durgre kbt qua nhu phuong 4n C,
Jj 4 3 q 3 4
Viy dap in 1A C,

n
| —con--
6

nhung khong ra trc

-
‘ §’
L}

: , g T
Ciing ¢6 thd ding cong thire ha bic szl—i =
tiép két qua nhur d& bai.

Vidy @ Cho cosa = i;: v sino> 0, Khi dé /sin 20, bing

‘
A. _@’ B. M)_; C,. ;ﬁ; D, .4_\1"()_ ,

5 5 5 5

, . . ) 16 ¥ S
Hiwdéng dan gigi. sin2o= 2sina.cosa. Tinh sino = l-——s— okt Tir d6

kiém nghiém dugc phuong 4n B diing. Viy d4p 4n 12 B,

Vi dy @ tan3a — tan2a — tana biing
A. tano.tan2o.tan3a; B. tano.tan2a.cot3«;
C. tana.cot2a.tan3a; D. coto.tan2a.tan3a.
Huréng dan giai. Nhiam theo cong thirc cong ta cb

tan3a — tana = tan2a.(1 + tana.tan3ca), tir dé thiy ngay trir liép cho tan2o sé
dugc tan2a[(1 + tana.tan3a) — 1], tirc 1a phuong 4n A ding. Vay dap 4n 14 A.

G BAI r_AO

1. cos ZE bz"mg
12

A V2 +6: B-M; CM | \[5_\/8.

2. sin75° bing

0. BT TRAC NGHIEM PAISG 10-A m
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3. tan 105° bing

J3-1 \/—3-+1' C
A. : B. : .
33 +1 3-1
4. tan gor bing
A3 g ¥3-1.
. \/5_1) \/3 ’
5. Cho tana = r. Khi d6 cos2a bing
2
. l:--j—; | B. 1 12 ;
1+1¢ . 1+1¢
6. Cho tana = t. Khi d6 sin2a bang
A 2L, B2, C
‘ 1+¢ 1+¢

7. Cho cosa = % Khi d6 +/cos2¢ bang

A. —\/E; B. E\—/E; C.
5 5
8. Chocosa=02voi0<a<m.
~A. cosE =£; B.
2 s
C. tan E='£; D.
2 2

9. Biéu thirc 4cos (-163 - Ct) sin(-;ﬁ— a] bing

A. 4sin2a -3; B.4+ 3Sin2(1; C.

2sin2a —sin 4o

, D.
J3-1 3+1
1+12 p, 1+
1-1%’ 1-t
2t 2t
7 ot

.o 3
Sin— = ——
2

V10

Ca ba khéng dinh trén déu sai.

' . 2 .
3-4sin"q; D. 31n2a.

10. Biéu thie == _ bing
2sin 20 +sin 4o
2 2 2 2
A. —tan"q; B. tan"a; C. cot’q; D. —cot™a.
o ) sina + sin 2o N
11. Biéu thuc bang
l1+cosa-+cos2a
A. —cota, B. cota; C. —tana; D. tana.

9. BT TRAC NGHIEM DAI SO 10-8
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ON TAP CHUONG VI

T os 2T it cos — -+ €0
Biéu thirc 2cos — cos — ' COS—~
7 7 7

1
2 B- —-;
Al 2

. 6m . 8m .
Bicu thirc sm—7— + sm—; bing

A.-1; B. 0;

Cho cos® = 0. Khi 6 cosa + cos2a + cosda + cos7a bing
2 .

A. -1; ' B. 0;

. ] 3T,
Biéu thirc cos 2l .cos—?ﬂrt + sin o .sin— bang
4 4 4 4

A. -1, B. 0,

Biéu thirc sin—"rE sin—n—sianE b?lng
4 12 12

NG

A. V2 B. X<,

2
Cho o +  +y==. Khi d6
A.sin(a +B) =siny;
C. tan(a + B) = tan v;
Choa+p+vy=mn Khido
A. tan(2a + 2p) = tan2y;
C. sin(2a + 2f) = sin2y;
Choa+p+y=m Khidd

A. cos[a-'_ ﬁj =cosl;
2 .2

C. cos (LBJ = —cosl ;
2 2

Chi ra khéng dinh sai trong c4c khing dinh sau. Cho o + B +vy=mn. Khidd
B. cot(3a + 3B) = ~cot3y;
D. cos(3a + 3B) = —cos3y.

A. tan(3a + 3B) = —tan3y;
C. sin(3a + 3pB) = —sin 3y;

om . .
— bing
5 7 2
|
C.0; D.-=,
8
E: L; D. 2.
C. 1 D. 2.
C. l; D. 1.
2
C_l; D. ﬁ.
8 8

B. cos(a + B) =cos;
D. cot(a + B) =cot y.

B. cot(Za + 2f3) = cot2y;
D. cos(2a + 2) = cos2y.

B. cos(a+‘ B] =sinl;
2 2

D. cos[a+ ﬁ) =—sinl.
2 2

g
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10. Cho tam gidc MNP. Khing dinh néo trong céc khing dinh sau 1a diing?
sinM + sinN + sinP bang

.M . i
A. 4sm-—i— sm; siIn— B. 4005% cosﬁ cos£ ;

M . N _ P
C. 2sin— SsIn— Sin—; D. 2cosM— cosﬂ cos—li )
: 2 2 2 p

11. Cho tam gisc MNP. Khing dinh ndo trong c4c khing dinh sau 14 dung?
sin2M + sin2N + sin2P bing
A. sinMsinNsinP;

B. 4 sinMsinNsinP;
C. cosMcosNcosP;

D. 4 cosMcosNcosP.

PE TU KIEM TRA CUGI CHUONG VI

(Thi gian lam bai: 45 phiit)
2B '

1. sin=— ban
6 g
3
R 5L, c. L, 0.8
2 2 2 g
2 cosz%t béng
A —ﬁ, B.—l, C.-l—; D.ig—.
2 2 2 2
3 sm”—Tt bﬁng
6.
1 —
A —l/_i; B —l; C.—; D. ¥3
2 2 2 2
4 cosg—n— ban
6
1
2 2 2 2
5. tan bz"mg
A. —3; B.—— C —= D. 3
9 JS: ] \/3)
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10.

,11.

1057 | .
t| ——— | bing
( 6 ] ° |

1 ]

A, =—pe B. 0; C. = D. V3.
V3 V3
Cho cosa = % , v&i ae (% ; 27). Chi ra khing dinh sai trong cé4c khing dinh sau:
A. cos2a = -;—; B. sin2a = Eg; C.tan2a=-3+7; - D. cot2n = — \2/—17 .
3

Biét tana = Z ; VOi a € (m; -32—n ). Chira kh?mg dinh sai trong cac khing dinh sau:

24 527
A tan2a= —; B. cos2a = i; C.coso = i; D.cosda = ———.
7 25 5 625
Cho tana + cota = 4. Khi d6 tan*a + cot’a béng
- A.52; B. 60; : C.61; D. 76.
Biéu thirc sin—;E +cos— — sinﬂ- + cosif—E béang
A -1; ~ B.0; C.1; D. mét $8 khac.
Biéu thirc Sing +cost — sin?—;)t - cosE—TE bing
A. -1; B. 0; C.1; _ D. mét sb khic.

12.

13.

14.

Cho cosa = % va sina <0, sinp = % va cosB > 0. Khi @6 sin(a + B) bing

W7 12 47-9

AN 120 Lo T2 12-37
16 25 20 20 20

Cho cosa = 1, Khi d6 bidu thirc sinz(a—%j + sinz(ong bing

A.-1; B. 0; . % ; D.2.
Cho tam giac MNP. Khi d6 cos’2M + cos*2N + cos*2P bang

A. 1+ 2cos2M qosZN cos2P; B: =1 +2c0s2M cos2N cos2P;
C. -1 - 2cos2M cos2N cos2P; D. 1 - 2cos2M cos2N cos2P.
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CHUONG VI
§1

Ciu 1 3 4 9 10
Dipdn | C C B A B A B A B A

[ ]
W
=
~3
=

7]

180Y°
Sir dung cong thac 1 rad = [——]
T

5 1 radz(@) nén a rad=[a'180] .
n T

9. M¢t cung luong gidc trén dudng tron dinh huéng c6 46 dai bing ban kinh thi
c6 56 do 1 rad hoac ~1rad, suy ra B dung.

10. Trén dudmg tron dinh hudng cé ban kinh bing 4, cung c6 sb do 1 rad ¢ do

dai bang 4, suy ra cung cé s do grad thi co do dai T a,

§2
Ciu 1 2 3 4 5 6 7
Pépan | A A | Al c | cC D A
Ciau 8 9 10 11 12 13 14
" | Pép an B A D C B D C
6. 5T T S5n

Vi —=—+7 nén tan—=tan£=l.
4 4 4

1 s
7. —= la gia tri cOtang ctia — hay 60°,
N M
Co —300°=60°-360° nén cot(—300°) = cot 60°.
| (R | , 251 m . 25T
8. 3 14 gia tri sin cua s hay 30°, ma T=€+4n nén sulTn:sm I

. T g .2 A 1
9. Vi E nén cosa <0 va do sin a+coszoc=1, ta co cosa=—,’l——.
9

1 N ~ ’ X
g va hé thuc tano.cota =1 két hop vai xét

10. St dung hé thic 1+ cot’ a =

. & ] 3n
dau cta sino khi o e[n;7 :

1662
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11.

12.

13.

14.

§3

10'

11.

S

'

| 1 : o
2 & .
St dung hé thic 1+cot o= két hop voi xét dau cia sing |y

T
—<a<m
2

m* -1

2

Binh phwong hai vé clia sina + cosa = m, € suy ra sino.cosa =

Luén cé tano.cota = 1. Binh phuong ltan o —cot a| dugc

tan® ot + cot? o — 2 tan a..cot & = (tan o + cot o.)> —4 tan .. cot o = m* — 4,

Chia ca tir va mAu cia o2& Lososa cho cosa s& thiy C ding.
csina+dcosa

Cau 1 2 3 4 5 6 7
Dépan| D C A B B
Cau 8 9 | 10 | 11 | 12 | 13 | 14
Piapan| C | B C| D | A | B C

E=n—£, tir d6 thiy D sai.

3 3 ‘

150°=180°-30°, tir d6 thdy A, B, D dung va C sai.
210°=180°+30° tir d6 thiy A sai va B, C, D déng.

.43_"=n+§, tir d6 théy A, C, D dang va B sai.

111’C T N 111‘5 . T T . lTC T T
h—-__.+2 €n CoOS—— =cos| —— | = —_ A —_— — 1 — Q1 —
6 = p T nen 6 = [ ]—- COoS 6 va Sin =Sin —'] =-—8Sln—.

315°=-45°+360° nén €0s315°=cos(—45%) = cos 45° va sin315° = —sin 45°.
Br_n_m nén COSB—n—sinTE tir d6 thiy B dun
5 30 ST U do thay B dung,

. (T T
sin [E + aj =cos(—a) =cosa; cos [E + oc) =sin(-a) = —sin q,

o7 = A In T 2
—:—§+2n nén cos?;cos(—§j=cos§. Tuong ty, COSS—H=COS£;

5

5

T In 61 4r T
COS— =C0S—: COS§— — AL, A . =
: : cos : cos . Cé cos—S—-_cos(m-O)=—c050- ks
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pEm——— , - ' =

41 s 4n T 3n 27
2. — =T——nén coOS— =—cos—. T = —cos—=—
12 S s 5 5 uong tu, cos 5 Cos—.
13. ot n—-L nén tangn tan= ha tan = +t 8n 0
—=n—— —=-tan— —+tan— = 0.
9 5 9 g o MlgTianTg .
2 n |
Tuong tu. tan—T-t-+tan—n=0; tanﬂﬂangﬁzo tanﬂﬂans—n:o.
9 9 9 9
7 2 7
14. Z_T T nén sm—ﬂ=cosﬁ va do d6 sin? 2 2T +sm2-7-£=1.
18 2 18 18 18 18 18 '
. 3m ‘
Tuong tu, s1n2£+sm2@:1; sinzﬂ+sin2f—g=l.

(= -]

Cau | 1 | 2 | 3 | 4| 5|6 | 7 9 | 10 | 11
DPapan | D A C D B B C A C B D

7 : ) . - .
- 1; - % +§ tinh nham theo cong thire cos(a.+ ) = coso.cos B —sin a.sin .

2. 75°=30°+45° tinh nhim theo céng thirc sin(a +B) = sin o.cos B+ cos asin .

t +ta
3. 105°=60°+45°, tinh nhdm theo céng thic tan(a +pB) = anG ttanp

l—tanotanf

145w T T m T
=tan—; —=———.
12 1212 3 4

4. tan

tan o —tan 3

Tinh nham theo cong thic tan(o.—f) = :
l+tanatan 3

5 . 5 _cos’o—sin’a £ Ly ea N
5. cosZa=cos’a—sina=—s7; — - Mudn xuat hién  (tana) thi chia ca
cos” a.+sin” o

tr va miu cho cos® o.. Tir d6 thiy B ding.

. . 2sino.cos o : A
6. sin2a=2sinacoso =— i 5—- Mubdn xuat hién 7 (tana) thi chia ca tir
sin” o +cos” a

va mau cho cos®a. Tir dé thdy B dung.

7. cos2a =2cos’o —1, chi viéc thay gia tri cosa =% s€ théy ngay D dang.
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8. Kiém nghiém két qua trong méi khing djnh 1an lugt theo cic cong thirc ha
. . . , . . o
bac.Chuy O<a<m, trcla 0 <% <§ dé xét déu cua cos%, sin E, tan —.

9. -;E— o va %+ a phy nhau nén sin(-;—r - (xj =C0S (-761 + a). Theo cOng thirc bién

tich thanh téng cosocosp =%[cos(a—B)+cos(a+(3)] biéu thirc di cho bing

T ¥4 ’ - N ~ , 3 4
2(005 2a+cos-3—]. Mubn c6 sin’ o diing cdng thirc cos 3o =1 - 2sin? o

. . 1 ) ) ‘ . ‘- 1— 2
10. sin4a =2sin2a cos2a nén nhiam duoc bidu thirc 'da cho bang e

1+cos2a’
A 4 . ‘ 3 - 2
nham tiép theo hai céng thirc ha bac cos’ o = lﬂzﬂ; sin® o = %.
11. Tir cua biéu thic di cho bang sina(l+2cos a), vi vay duéi mau phai bién

sin o
ddi cos20=2cos? o 1. Khi d6 gian wéc ca tir va miu con

cosa

ON TAP CHUONG VI

Cau | 12 |3 41516 7] 3809 10]11
DépénCB-B'ADADBCBB

1. Bién dbi tdng cos47—TC + cos% thanh tich 200s—57E .cos; .Do bl va 2n bu

2 \ 32 1A £ i 7Y
nhau nén cos STK = —cosTE. Tir d6 thay két qua bang 0.
T 8T . In T .. 7
2. Bién doi tong smTW + smT thanh tich 231n-7—.0057, ma sin— = 0.
3. Bai ndy khong nén bién di biéu thirc da cho, vi d biét gi4 trj cos% =0 nén
biét o = + k2m, or d6 biét cosa = cosTa = —1 va cos20 = cosdo = 1.

om 3n my In | In )
4. cos .c0S— + sin SIN— =¢0S| —+— | =cost = —1.
4 4 4 4 4 4

S. sinisinEE | (coszt— - cosz—TE ), thay sinE:—z, cosE =0 va
12 12 2 2 3 4. 2

coszTn = *% . T d6 thiy D ding.
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6. (a+P) vdy 1d hai goc (cung) b nhau nén A ding,

(Qa + 2B) = -2y + 2r nén cos(2a + 2PB) = cos(-2y) = cos2y nhung
sin(2a + 2P) = sin(-2y) = —sin2y. Tird6 D dung va A, B, C sai.
. WP Y

va = 1a hai géc (cung) phy nhau nén B ding va A, C, D sai.

9. (Ba+3B)=-3y+3n=-3y+n+2nnén
cos(3a + 3B) = cos(=3y + 1) =—cos(—3y) = —cos3y va
sin(3a + 3p) = sin(-3y + nt) = —sin(-3y) = sin3y.
M+N M-N

10. Dung cong thic bién téng thanh tich : sinM + sinN = 2sin 5 cos 5 ;

: B I ol S S Booomy e P
sinP = 2sm5 cos - Tir d6 thay biéu thirc da cho ¢6 mét nhin tir la 20055 ,

—

P M-N M+N

nhan tir kia 1 (cos <l sin"- ) = (cos + cos ). Tiép tuc

bién tdng thanh tich s& thdy B ding.
11. Bién ddi twong tu nhu cdu 10 nhumg (M + N) va P bu nhau chir khong phal

N va § nén nhén tr sé 1a sinM, sin¥, sinP.

phu nhau nhu

DE TU KIEM TRA CUOI CHUONG VI

Cau | 1 | 2 | 3 | 4|5 ]| 6 |7
Papan | B | D | C | A | D|B !B

Ciu | 8 | 9 |10 | 11 | 12 | 13 | 14
papan | C | A | B | B | D| C | A

) .
1. g?ﬂ ———+41c nén sm-—-:iE = sin I =—sin£.
6 6 6 6 6

23 T
2. COS—— =COS—.
6 6

7
3, 1_7__”_ =B . T+ 2 nén sml—f- . —sm(—— ) = 51“‘71
6 6
171 n
4, cos—— =—cos—.
6 6
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10.

11.

12.

13.

14.

157
n=§+52n nén tan e = tang.

1057 -
2 = T 171 nén cot(——l.osn) = cot| —= |,
2 6 - 2

6
Truéc hét phai chit y ddu cua cc gid 'tri lugng giac: a € ( 32_7;; 2m) nén

sina < 0, vi vay sin2a = 2sinacosa < 0. )
Tuong tu cdu 7: Truéce hét phai cht ¥ ddu cia céc gi tri luong gide. C6 thé
thiy ngay du cua cosa. |

Khai trién héng déng thire tan’o + cot’a, bién ddi theo téng va tich cua tana

va cota.

4 T

5 s

3n_ m. @
10 2 5

Tinh theo céng thirc sin(a + B ) = sina.cosP + cosa.sinf, véi sina am, duge
tinh tir cosa va cosf3 duong, dugc tinh tir sin. )
Vicosa =1 nén a = 2n, tir do

. T ) ] )
R e B

. A : o l+cos2 . s 1 it AR
Dung cong thirc ha bic cos’a = —-—2& , i cong thirc bién tong thanh tich de

bién doi biéu thire. Chi y ring 2M + 2N + 2P = 27t nén cos(2M + 2N ) = cos2P.
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