Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do- thi ham 56 BTN_1_4

A. KIEN THUC CO BAN
1. Dwong tiém cdn ngang
e Cho ham s§ y = f(x) xdc dinh trén mot khodng v6 han (1a khoang dang (a;+o),(—o0;b) hodc
(—o0;+00)). Pudng thang y =y, la duong ti¢m cin ngang (hay tiém cin ngang) clia do thi
ham s§ y = f(x) néu it nhat mot trong céc diéu kién sau dugc thoa man
lim f(x) =y, lim f(x) =y,
e Nhin xét: Nhu vay dé tim tiém cin ngang cta do thi ham sd ta chi can tinh giéi han cia ham
s6 d6 tai vo cuc.
2. Duong tiém cdn dung
e Pudng thing x = x, dugc goi la duong tiém can ding (hay tiém can dung) cia d6 thi ham s6
y = f(x) néu it nhat mot trong cac diéu kién sau duoc thoa man

lim f(x)=+eo, lim f(x)=—o0, lim f(x)=—oo, lim f(x)=r+oo

X%XO X%XO X%XO X%XO

B. KYNANG CO BAN

1. Quy tdic tim gidi han vé cuc
Quy tac tim gi61 han cua tich f(x).g(x)
Néu lim f(x)=L#0 va lim g(x) =+ (hodic—oo) thi lim f(x).g(x) duogc tinh theo quy téc cho

X%XO

trong bang sau:

lim f(x) lim g(x) lim f(x)g(x)
L>0 oo hlkad
L<0 hiled -
—o0 oo
Quy tic tim gi6i han ciia thuong JAC),
g(x)
lim f (x) limg(») | Daucia gv) | fim LD
0 0 XX, g(X)
L too Tuy y 0
+ +o0
L>0
O — —oo
L<0 b -
— +oo

(Dau cta g(x) xét trén mot khoang K nao d6 dang tinh gidi han, véi x # x,))

2. Chii y: Cic quy tic trén van ddng cho cdc truong hgp x — x,*,x — X, , X — +o0 VA x — —oo,

Vidyu 1. Tim lim (x’ —2x).

X——oc0

Gidi.
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Tacé lim(x’—2x)= lim x’ (1—%) =—co.
X

x——o0 x——00

2
Vi lim ' =—c0 va lim (1——2j:1>0.
x—>—o0 x—>—o0 x
3.2
Vidy 2. Tim lim 22X 1
vt xT—x+1

Giii.
5 1
3 g2 2—*4'*2
Tac6 lim 222X M| e x 22 o
X—teo —X+1 X—>+o0 1_l+i
2
X X
2—§+i2
Vi lim x = 400 va nm%=2>o.
X—>+oo X—>+oo 1_7+72
X X
Vi dy 3. Tim lim 2>
-t x—1
Giii.
Tacé lim(x—1)=0,x—1>0 véimoi x>1 va lim(2x—3)=—-1<0.
x—-lt x—-lt
Do d6 lim 22 "2 = o
-1t x—
Vi dy 4. Tim lim 2X—> |
= ox—1

Gidi.

Taco lim(x—1)=0,x—1<0 véimoi x<1 va lim(2x—-3)=-1<0.
x—1 x—1*

Do d6 1im 2573 = 4eo.

-1t x—

C. KY NANG SU DUNG MAY TINH

©Y twéng gia sir can tinh lim f(x) ta ding chirc ning CALC dé tinh gid tri ciia f(x) tai cdc gid

tri cia x rt gin A.
. Gidi han ciia ham s6 tgi mgt diém
“ lim f(x) thinhap f(x) va CALC x=a +107.

X—a

= lim f(x) thinhdp f(x) va CALC x=a—10"".

X—a

@ lim f(x) thinhip f(x) va CALC x=a+10" hoic x=a—-10".

. Gidi han ciia ham so tai vo cuc
@ lim f(x) thinhap f(x) vd CALC x=10".

= lim f(x) thinhap f(x) va CALC x=-10".

2 —_—
Vidy 1. Tim lim >25=3
xol* x—1

Gidi.
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X +2x-3

Nhép biéu thirc
x—1

An r mdy hoi X? an 1+107p9= m4y hién 4.

Vidy 2. Tim lim 2>
-t x—1
Nhap biéu thire = _13 .
o

An r mdy hoi X? an 1+10°p9= m4y hién -999999998.

Nén lim 3
=t x—1

= —o0,

Vi dy 3. Tim lim 2~—>
= ox—1
Nhap bidu thire 232 .
x—1
An r mdy hoi X? 4n 1p10*p9= mdy hién 999999998.
Nén fim 2273 = foo.
=t x—1

Vidu 4. Tim lim M
xobe o xT+]
Gidi.
2x*+2x-3
2+l
An r mdy hoi X? 4n 10~10= m4y hién 2.
Nen lim 25 F28=3

X—>+oo x—1

Nhép biéu thirc

2.

2
Vidu 5. Tim lim XXt 2x*t3+2x

X—rteo x+1

Gidi.

NxP+2x+3+3x

x+1
An r mdy hoi X? 4n 10710 = mdy hién 3.

2 —_—
Nén lim M =

X—>+oo x—1

Nhép biéu thirc

2.

2
Vidu 6. Tim lim X T 2xt3+2x+1

Xy x+1

Gidi.

2 +2x4+3+2x+1

x+1
An r mdy hoi X? an p10710= mdy hién 1.

2
Nén lim Jx +2x+3+2x+1:

Xy x+1

Nhép biéu thirc

I.
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2x—1

Vi du 7. Tim ti€ém can ngang cua dd thi (C)ctaham sd y = 5
X+

Gidi.
Nhap biéu thire 221
x+2
An r mdy hoi X? an p10710= mdy hién 2.
An r mdy hoi X? an 10~10= m4y hién 2.
Nen lim 221 =2, fim 2X—1
xome x 42 xobe x4+

=2.

Do d6 dudng thang y =2 la tiém can ngang cta (C).
x+1

Vi du 7. Tim tiém cn dung cia do thi (C)ctia ham s6 y = >
x p—

Gidi.
Nhap bidu thire 211
x=2
An r mdy hoi X? 4n 2+107p9= may hién 3000000001.
An r mdy hoi X? an 2p10*p9= mdy hién -2999999999.
Nén lim 220 = oo, im 2221 =
=2" x+2 =2 x+2

Do d6 dudng thing x =2 Ia tiém can dung cua (C).

D. BAI TAP TRAC NGHIEM

—0Q |

Caul. Do thihamsé y=

c6 cac duodng tiém can dung va ti€ém can ngang lan luot 1a:

x—1
A. x=1va y=-3. B. x=2va y=1.
C.x=1lvay=2. D. x=—-1vay=2.
Ly . 1- A A s < A X R
Cau2. DO thihamso y= ; c6 cac duong tiém can dung va ti€ém can ngang lan luot 1a:
X+
A. x=-2va y=-3. B. x=-2va y=1.
C.x=-2vay=3. D. x=2 va y=1.
Cau3. DO thi ham sb y=— 3_ 3 c6 cac dudng tiém can dung va tiém can ngang lan luot 1
x =3x+
A. x=1, x=2 va y=0. B. x=1, x=2va y=2.
C. x=1va y=0. D. x=1, x=2 va y=-3.
A A L1t L £ 1—3X2 ;2 \ . A , NN ~ A N
Caud. DO thihamso y=— 6220 c6 cdac duodng tiém can dung va ti€ém can ngang lan luot 1a:
x —6x+

A. x=3va y=-3. B. x=3 va y=0. C.x=3vay=lI. D. y=3 va x=-3.

e . 3xX°+x+2 A e 3 S
Cau 5. DO thi ham so yz% c6 cdc duodng tiém can dung va ti€ém can ngang lan luot 1a:
x p—
A. y=2va x=0. B.x=2vay=0. C.x=2vay=3. D. y=2 va x=3.
4 [N A 5 A [T A 1_ N
Cau 6. SO duodng tiém can cua d6 thi ham s6 y = al la:
3+2x
A. 4. B. 1. C.0. D. 2.
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Cau7. S duong tiém can cia dd thi ham s§ y = Lo
3x+2
A. 1. B. 3. C. 4.
A £ R n n , X N z x+1 .
Cau 8. SO duong tiem cin cua d6 thi ham s6 y =— 1 la:
x —
A. 4. B. 2. C.1.
Cau9.  S6 dudng tiém cin ciia dd thi ham s6 y = ﬁ+ x Ta:
X —I2X—
A. 4. B. 3. C.2.

Cau 10. Cho hamsé y= x+2 khing dinh nao sau day 1a sai:
x —

A. D6 thi ham s6 ¢6 tiém can ding x=3.

D.5.

B. Ham s6 nghich bién trén R\{3} .

C. Db thi ham sd ¢6 tiém can ngangla y=1. D. D) thi ham sd ¢6 thm d6i xung la 1(3;1).

Cau 11. DO thi ham s6 nao sau ddy c6 ba dudng tiém can ?

1-2x 1 x+3
= . B. = . C. = .
I+x Y 4—x* Y Sx-1

A,y

A N J4 X— 9x4
Cau12. Chohamso y=—
(3x*-3)
A. D04 thi ham sb ¢6 tiém can ding, khong cé tiém can ngang.

B. D) thi ham sb ¢6 2 tiém can dimg, ¢6 1 tiém cin ngang y =—3.
C. DO thi ham s6 ¢6 2 tiém can ding, c6 1 tiém can ngang y =—1.

D. D6 thi ham s6 khong c6 ti€ém cén ding, c6 tiém can ngang.

Céau 13. DO thi ham s6 nao sau ddy khong c6 tiém can dimg:

:3x—1 B.yz_—l. C. y:\/x+3

A. . .
Y x*+1 X x+2

Céau 14. DO thi ham s6 ndo sau ddy khong c6 tiém can ngang:

2x-3 Nxt+3x7+7 3
A, y= , B.y="* "2 T ¢ y= .
A Y 2x—1 YT

Cau 15. DO thi nhu hinh v& 1 ciia ham sé ndo sau déy :
Y

T

Xem cac chuyén dé khac tai toanhocbactrungnam.vn
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_ 1
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3
Y= +1
Y x=2
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.y 1
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Cau 16. D6 thi hams6 y =

c6 duong tiém cin ngang la

3x+
A. x=3. B. x=1. C. y=3. D. y=1.
Cau 17. Do thihamsd y= 2x=1 6 bao nhicu dudng tiém can?
x+
A. 1. B. 2. C. 3. D. 0.
A PN in A oAl 11 £ 2x—1 .
Cau 18. SO duong tieém cin cua d6 thihams6 y=———— Ia
x =3x+2
A. 0. B. 1. C.2. D. 3.

Cau19. Cho hamsé y="""2
X+m

A. Khi m=3 thi (C) khong c6 duong ti€ém can ding.

¢6 d6 thi (C). Két luan nao sau diy ding ?

B. Khi m=-3 thi (C) khong c6 dudng ti€ém can dung.
C. Khi m # 23 thi (C)c6 tiém can ding x =—m, tiém cidn ngang y=m.

D. Khi m =0 thi (C) khong c6 tiém can ngang.

Cau 20. Tim tit ca céc dudng tiém can cua dd thi ham sd y= \/x;l—_3
x +1
A. y==I. B. x=1. C. y=1. D. y=-1.
N e e, U mx—1 , .. . . . .2
Céu 21. Véi gid trindo cua m thido thi (C): y= 5 c6 tiém can ding di qua diém M (—1;\/5) ?
xX+m
A.ng. B. m=0. C.m=%. D. m=2.

Cau22. Cho ham sé y="2*"
x—

c6 dd thi (C). Biét tiém cén ngang cia (C) di qua diém A(-1;2)

dong thoi diém 1(2;1) thudc (C). Khi d6 gid tri cia m+n 1a

A. m+n=-1. B. m+n=1. C. m+n=-3. D. m+n=3.
" £ o on A o1 £ X Hl-x
Cau 23. SO tiém can cia hamso y = Ia
X’ -9-4
A. 2. B. 4. C. 3. D. 1.
Cau24. Gid tri ctia m dé dd thihamsé y = x_ml khong 6 tiém can dimg 1
mx —
A.m=0;m==1. B. m=-1. C. m==%1. D. m=1.
2 3/.3 2
Cau 25. S tiém c4n ciia ham sb szx +1+*/x1+3x LN
x—
A. 3. B. 2. C. 1. D. 4.
5 . N +2x+2 -
Cau 26. DO thi ham s6 y = rrer 5 ™ ¢6 hai dudng ti€ém can ngang véi
X+
A. Vme R. B. m=1. C.m=0m=1. D. m=0.
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Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Vxt—x+1+mx

D6 thi ham sé y = . ¢6 dudng tiém can ding khi
x_
A.m=0. B. Vme R. C. m#-1. D. m#1.
£ \ - o , PR £ V4_x2 N
S6 dudng ti€ém cén cta d6 thiham s6 y=——— la:
x —3x—-4
A. 1. B. 0. C.2. D. 3.
[ 2
’ ‘ ’ x +l néu x>1
So tiém cin cta do thi ham so y = X
2x .
—— néux<l
x—1
A. 1. B. 2. C. 3. D. 4.

X —(2m+3)x+2(m—1)

Xéc dinh m dé do thi ham sé y = khong c6 ti€ém can dung.

x=2
A.m=-2. B.m=2. C. m=3. D. m=1.
Xéc dinh m dé do thi ham sé y = > > > c6 ding hai tiém can dang.
4x +2(2m+3)x+m -1
A.m<—2. B. -1<m<]1. C.m>—§. D.m>—£.
12 2 12
x—1

Xéc dinh m dé db thi ham sé y = c6 ding hai tiém can dang.

X +2(m—1)x+m* -2

A.m<%;m¢1;m¢—3. B.m>—%;m¢1.

C.m>—§. D.m<§.
2 2

Tim tét ca céc gié tri thyc cua tham s6 m dé dd thi ham sd y=x+~+mx>+1 c6 tiém can ngang.
A.O0<m<]1. B. m=-1. C. m>1. D. m=1.

Vi —x+3-2x+1

3

5 . Trong céc khang dinh sau, khing dinh nao 1a khing
X =2x"—x+2

Cho ham sb y=

dinh ddng?

A. D6 thi ham s6 khong c6 tiém can ding, khong c6 tiém cin ngang.
B. D6 thi ham sb khong c6 tiém cin dimg va c6 ding 1 tiém can ngang.
C. D6 thi ham s6 ¢6 diing 3 tiém can dimg va 2 tiém can ngang.

D. D6 thi ham s6 ¢6 ding 2 tiém cin dtng va 1 tiém cin ngang.

Tim tat ca cdc gid tri thyc cua tham s60 m sao cho d6 thi cia ham s6 y = ¢6 hai tiém

x+1
Vmx® +1
can ngang.
A. m<Q0.
B. m>0.
C. m=0.
D. Khong c6 gid tri thyc nao ciia m thoa min yéu cau dé bai.
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J=x

=

Cau 36. Tim tat ca cdc gid tri thuc cua tham sO m sao cho d6 thi cua ham s6 y = ¢6 tiém can

x—m
dang.
A. m>1. B. m=1.
C. m<l1. D. Khong c6 m thda min yéu ciu dé bai.
" o Ae e e el , £ X ps o 1s £ x+1 .y
Cau 37. Tim tat ca cédc gid tri thuc ctia tham s6 m sao cho do6 thi cua ham s6 y =— e c6 ding
x =3x"—m
mot tiém can dung.
m>0 m>0 m=0
A. meR. B. ) C. ) D. )
m<—4 m<—4 m<—4
2 2
A N Ao o o g , 4 X 1 N J4 X —mx—2m TN
Cau 38. Tim tat ca cdc gid tri thyc cuia tham s6 m sao cho do thi cia ham s6 y =—  c6 ti€m
x_
can dang.
~ . , . A A A pa: m# =2
A. Khong c6 m thdéa man yéu déu dé bai.. B. )
m#1
m#-—2
C. meR. D.
m#1
A . A, o cr s , Je A1 o N J4 S5x-3 A .
Cau 39. Tim tat ca cdc gia trj thuc cua tham s6 m sao cho d6 thi cua ham s6 y =—————— khdng ¢6
x =2mx+1
tiém can dung.
m>1
A. . B. -1<m<]1. C. m=-1. D. m=1.
m<-1

Caud0. Cho ham sé y=22"1
x—

c6 d6 thi (C). Goi M 1a mot diém bat ki trén (C). Tiép tuyén cua

(C) tai M cét cdc duong tiém can ciia (C) tai A va B. Goi I la giao diém cua cdc dudng

tiém can cta (C). Tinh dién tich cta tam gidc IAB.

A. 2. B.12. C. 4. D. 6.
~ PN n A a AN iy s £ x+3 .
Cau 41. S0 duodng ti€ém can cua do thi ham so0 y = la:
JxP+1
A. 2. B. 0. C. 1. D. 3.
A 4 N ‘A A N A N X 1—X2 R
Cau 42. S0 duong ti€m can cua do thi ham so y = 5 la:
x_
A. 0. B. 1. C. 3. D. 3.

Céu 43. D) thi ham sb y = x—+/x* —4x+2 ¢6 tiém cin ngang la:
A y=2. B. y=-2. C.y=+2. D. x=-2.

A . .2 A aX 1: s A 2x+1 . p \ £ oin A ar 3
Cau 44. Tim diem M thudc do thi ham sd y = T sao cho khoang cach tor M dén ti€ém can dirng bang

X —

khoang céch tir M dén truc hoanh
A. M (0;-1),M(3;2). B. M (2;1),M(43). C.M(0;-1),M (4;3). D. M (2;1),M (3;2).
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Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

2
, \ . , +x—
$4 tiém can cita b thi ham sé y =" "2 13
x+2
A. 0. B. 1. C.2. D. 3.
‘. \ . . T+x-2
S6 tiém can cita dd thi ham s6 y=———= Ia
(x+2)
A. 0. B. 1. C.2. D. 3.
A on ~ , PR £ X =2 N
SO ti€m can cua do thiham s0 y = 1 Ia
x—
A. 1. B. 0. C.3. D. 2.

. +2 : . . 2
Cho ham s0 y =X—3 (C). Co tat ca bao nhiéu di€ém M thudc (C) sao cho khoang cich tor M
X—

dén tiém can ngang bang 5 lan khoang céch tir diém M dén tiém can dung.

A. 4. B. 3. C.2. D. 1.
X s 1os ) x+2 \ ‘n A , N N \ ‘n A N
Do thi ham so y = c6 duong ti€ém can ding la x =a va dudng ti€ém cdn ngang la y =b.
X+
Gid tri ciia s6 nguyén m nhoé nht théa min m>a+b la
A. 0. B. -3. C. 1. D. 2.
2x-3

Cho ham s6 y = > (C). Goi M 1a diém bt ky trén (C), d 1a tong khoang cich tir M dén

hai dudng tiém can cta dd thi (C). Gid tri nhé nhit cua d 1a
A. 5. B. 10. C.6. D. 2.

2x—3

(C) . Goi d 1a khoang céch tir giao diém cua 2 tiém can cta (C) dén mot

Cho ham sb y =

tiép tuyén bat ky ctia d thi (C). Gi4 tri 1on nhit cta d 1a
A.2. B. /3. C. 33. D.\2.

2x—3

Cho ham s6 y = (C). Goi d 1a tiép tuyén bat ki cta (C), d cit hai duong tiém can cua dd
thi (C) 1an luot tai A, B. Khi d6 khoang cach giita A va B ngin nhit biang

A 4. B.3V2. C. 2\2. D. 3\/3.
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E. DAP AN VA HUGNG DAN GIAI BAI TAP TRAC NGHIEM

I1-PAP AN
1234567891011 ]12]13]14]15]16]17]18]19]20
cilalalA|B|D|/D|D|C|B|B|C|A|B|C|D|B|D|C]|A

2112223 24|25|26|27|28|29|30|31|32|33|34|35|36|37|38|39]40
DIA|B|A|lA|A|C/IA|C|A|D/A|D B/ B|C|C|D|B|C

41 |42 |43 |44 |45 |46 |47 (4849|5051 |52
AlA|A|C|A|C|DIC|D|D|A|A

II -HUONG DAN GIAI

Caul. ChonC.

Phwong phap ty luin
L qe 2x-3 < q- -3 A A TR A 4 en A , N
Ta céd lim 1 =—co va lim =+oconén do thi ham s0 c6 ti€ém can dung la x =1
)C—)IJr X — x—=1 xX—
. 2x-=3 A A PN A 4 o en A N
lim =2 nén d6 thi ham s6 c6 ti€ém can ngang 1a y =2
x—teo X—

Phwong phép tric nghiém

Nhap bidu thire 22— .
x —
AnCALC *=1+10"" An = duoc két qua bing -999999998 nén lim 2% _13 = oo,
1" x —
AnCALC *=1-10" An = duoc két qua bing 999999998 nén lim 273 _ oo
=1 x —

= @ thi ham sb c6 tiém can dung 1a ¥ =1

An CALC =10 A = dugc két qua biing 2 nén lim 2X—>=7

el |

= @6 thi ham s6 c6 tiém can ngang 1a Y = 2

Cau2. ChonA.

Phwong phap ty luin
. . —3X N . - N A TN A s o eA A , N
Tacd lim =+co va lim =—oonén d6 thi ham s6 c6 ti€ém can ding la x=-2
=" x+2 =27 x+2
PR —J3X A PR A oo A N
Tacd lim =—3 nén d6 thi ham s6 c6 tiém can ngang la y =-3
xode x +2

Phwong phép tric nghiém

Nhap biéu thirc 1%
x+2
An CALC x=-2+10". An = duoc két qua biang 6999999997 nén lim 1= 3; = oo,
=2 x+
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An CALC x=-2-10". An = dugc két qua bang -7000000003 nén lim 1_3; =
=2 x4+

—0Q ,

= d06 thi ham s6 ¢6 ti¢m can ding 1a x =-2

An CALC x=10". An = duogc két qua bang -2,999999999 nén lim 1= 3;
xX—>teo X+

— d6 thi ham s6 ¢6 tiém can ngang la y=-3
Cau3. ChonA.
Phwong phap ty luin

L, 4 2X - 3 o 1. 2x - 3 A A CENIRN A 2 4A A r N
Tacé lim—————=+o va lim—————=—oonén d6 thi ham s6 c6 ti€ém cén dung la
=t xT=3x+2 =l x°=3x+2

x=1. Tinh tuong ty v61 x=2

PR 2x-3 A PRI X zoa A N
Tacé lim ——— =0 nén do thi ham s6 c6 ti€ém cdn ngang 1a y =0
xoke x° —3x+2

Phwong phap ty luin

Nhap bidu thire =% >
X =3x+2

Xét tai x=1: An CALC x=1+10". An = duoc két qua biang 999999998 nén

. 2x-3
lim —————=+oo.
w1 x" =3x+2

An CALC x=1+10". An = dugc két qud bang -1,000000002 nén lim% =
0 X" =3x+

—0Q |

Tuong tu xét vo1 x =2

= @06 thi ham s6 ¢6 tiém can ding 1a x=1va x=2

An CALC X = 1010 . An = du’o’c két qU.é béng 2'10710 nén llm 22X_ 3 _
xoteo x7 —3x+2

— d6 thi ham s6 ¢6 tiém can ngang la y=0
Cau4. ChonA.
Phwong phap ty luin

) 1-3x7 - 1-3x7 A aX e s I A 4 N
lim —————=—0c0 va lim —————=—conén d6 thi ham s6 ¢6 tiém cén ding la x=3.
=3 x"—6x+9 -3 x"—6x+9

1 —-3x7 ~ PP A 2 ,on A N
Tacé lim ——————=-3 nén d6 thi ham s c6 tiém cén ngang la y =-3
xote X7 —6x+9

Phwong phép tric nghiém

Tuong ty ciu 3,4 nén tu tinh kiém tra
Caus5. Chon B.

Tuong tu ciu 3.

Cau 6. ChonD.
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. PP A A s R 3 A A R 1
Tim tuong ty céc cau trén ta dugc ti€ém cén dung 1a x = _E va tiém can ngang la y = _E

— S6 duong tiém cén 1 2.

Cau7. ChonD.
. P A A, N 2 A A N
Tim tuong ty cic cau trén ta dugce ti€ém cén dung 1a x = —5 va tiém can ngang la y=0

— S6 duong tiém cén 1a 2
Cau8. Chon D!

Tim duoc tiém can ding 1a x =+2 va ti€ém cén ngang la y=0= S duong tiém céan la 3
Cau9. Chon C.

x=3x*=3x

Quy ddng bién d6i ham sb da cho tré thanh y = >
x =3x-4

Tim dugc tiém cdn ding 1&a x=—-1,x=4 va khong c6 tiém can ngang (Vi lim y =t )
x—>too

— S6 duong tiém cén 1a 2
Cau 10. Chon B.
Tim duogc tiém can ding 1a x =3 vatiém can ngang la y =1
Giao diém cua hai duong tiém can 1(3;1)1a tim d6i xing ciia dd thi
= A, C, D ding
Cau 11. Chon B.

D6 thi ham sé y = ¢6 3 duong tiém can.( TCP 1a x=22 vATCN y=0)

2
—X

Cau 12. Chon C.
x—9x*

D6 thi ham sb y =
(3x*-3)

> ¢0 hai duong ti€ém cén ding x=%1 va mot tiém can ngang

y=-1
Cau 13. Chon A.

3x—1

=+t

Phuong trinh x*>+1=0 v nghiém nén khong tim duoc sb X, dé lim 1
o5 X0+

T x—1 R A A 2 i A .
hodc lim =too = d0 thi ham s6 khong c6 ti€ém can dung
oy x7+1

Céc dd thi ham s6 & B,C,D 1an luot ¢6 cac TCD 1a x=0,x=-2,x=1
Cau 14. Chon B.

4 2
o NXTH3xT+T A s A ia
Tacéd lim ————— =1c0 = d0 thi ham so khong ¢6 tiém can ngang.

x—>eo 2x—1

Cic 6 thi ham s6 ¢ B,C,D 1an Iuot ¢6 cac TCN 1 y=2,y=0,y=1
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Cau 15. Chon C.

Tir dd thi ta thdy c6 tiém can ding 1a x=1 va y=1 = loai A,B

Xét tiép thay giao diém cuia d6 thi ham s6 vai truc tung a (0;—2) = Chon C..
Cau 16. Chon D.

Phwong phap ty luin

Tacé lim 2L — jim 2X=L_ ;.

s 3x 42 xo=3x 42
Do d6 d6 thi ham s6 c6 duong tiém can ngang 1a y =1

Phwong phép tric nghiém

~1 40 CALC 10" ta duoc két quala 1.
X+2

Tiép tuc CALC —10" ta dwoc két qua la 1.

Vay d6 thi ham sb c6 dudng tiém can ngang 1a y =1

Cau 17. Chon B.

Nhép vao mdy tinh biéu thirc

Phwong phap ty luin
P 2X - 1 . 2x - 1 A A IR Az \ ‘A A PN
Tacd lim = lim =2 nén do thi ham so c6 duodng tiém can ngang la y=2.
xobe x4 xoe x+ D
.o 2x—1 . 2x-1 IS W A oas A A a,
Laicé lim = —o0; lim =400 nén do thi ham s6 c¢6 duong ti€ém can diing x=-2.
x>-2" x+2 x>-2 x+2

Vay dd thi ham sb da cho c6 hai dudng tiém can.
Phwong phép tric nghiém

> an CALC 10" ta duoc két qua 1a 2.

g, 2
Nhap vao mdy tinh biéu thuc

Tiép tuc CALC —10" ta dwoc két qua 1a 2.

Vay d6 thi ham sb c6 duong tiém can ngang 1a y=2.

Tiép tuc 4n CALC —2+107" ta dugc két qua 1a —5.10'2, 4n CALC —2-10"" ta dugc két qua

12 5.10” nénc6 lim 251 = —oo; lim 251 =
x>-2" x+2 x>-2 x+2

Do d6 ta dugc x =-2 1a tiém can ding cua dd thi ham sd.

Foo,

Vay dd thi ham sb da cho c6 hai dudng tiém can.

Cau 18. Chon D.
Phwong phap ty luin
Ta c6: lim —2 1 —0; lim —2 1 _—

i x? —3x 42 xoteo x2 —3x 42

Do d6 d6 thi ham sé ¢6 duong tiém can ngang y =0.

) ) ) 2x—1 ) 2x—1 . ) 2x—1
Lai co 11m2— = 4o0; lim ——————=- va lim ————=-°°;
ol x"=3x+2 =1t xT=3x+2 =2 x"=3x+2
. 2X—1 ~ A N L, . N ‘A A , N
lim ————— =400 nén d6 thi ham s6 ¢6 hai duong tiém can dung 1a x=1x=2.

2 x? =3x+2
Vay db thi ham sb da cho c6 3 dudng tiém cén.
Phwong phép tric nghiém

-1

an CALC 10" ta duoc két qua 12 0.
X+2

g, 2
Nhap vao mdy tinh bi€u thirc —;
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Cau 19.

Cau 20.

Cau 21.

Tiép tuc CALC —10" ta dwoc két qua 12 0.
Vay d6 thi ham sb ¢6 duong tiém can ngang 1a y =0.
Tiép tuc 4n CALC 14107 ta dwoc két qua 1a —1.10"%, 4n CALC 1-107" ta duoc két qua 1a
1.10" nén c¢6 hm22x——1 = +oo; hm22x——1 =—oo do d6 ta dugc x=1 la tiém cdn ding
sl X" =3x42 ol xT =3x42
ctia dd thi ham sb.
Tiép tuc 4n CALC 2+107" ta duoc két qua 1a 3.10'?, 4n CALC 1-10" ta duoc két qua 1a
—3.10" nén ¢6 hm22x——1:_oo; lim22x——1:+°° do d6 ta dugc x=2 1a tiém can
=2 x"=3x+2 =20 x7 =3x42
dung cua d6 thi ham sb.
Vay dd thi ham sb da cho c6 ba dudng tiém can.
Chon C.
Phwong phap ty luin
Xét phuong trinh: mx+9=0.
Véi x=—m tacé: -m*+9=0< m=13
Kiém tra thiy voi m =3 thi ham s6 khong c6 tiém can dtng va tiém cin ngang.
Khi m # +3 ham sb ludn c6 tiém can dung x =m hodc x=-m vatiém cdn ngang y =m
Phwong phép tric nghiém
+9
X+Y

Nhép vao mdy tinh biéu thirc an CALC X =-3+10"°,Y =-3

ta duoc két qua 3.

Tiép tuc 4n CALC X =-3-107";Y =3 ta dugc két qua -3.

Vay khi m =-3 d6 thi ham sé khéng c6 dudng tiém cin ding.

Tuong ty voi m=3 ta ciing c¢6 két qua twong tu.

Vay céc dép an A va B khong théa man.

Tiép tuc 4n CALC X =-10";Y =0 ta duoc két qua 9x10™"°, 4n CALC X =10";Y =0 ta duoc
két qua 9x107°.

Do d6 ham s ¢6 tiém cin ngang y =0.

Vay dép 4an D sai.

Chon A.
Phwong phap ty luin
Vi TXD ctia ham s6 12 R nén d6 thi ham sb khong c6 ti€ém céan dung.
3 3
I+~ I+—
+
Laic6 lim ——2 = Jim —%_ =1 va lim =2 = lim ——X =1
X—>+o0 IXZ +1 X—>+o0 1 1 X—>—00 IXZ + 1 X—>—c0 1
+— =1+
X X

Vay d6 thi ham sb ¢6 hai dudng tiém cdn ngang 1a y ==+1
Phwong phép tric nghiém

x+3
Jr+1
Tiép tuc 4n CALC —10" ta duoc két qua la —1.
Vay c6 hai tiém can ngang la y =+1.

Nhép vao mdy tinh biéu thirc an CALC 10" ta dugc két qua Ia 1.

Chon D.

Xem cac chuyén dé khac tai toanhocbactrungnam.vn 14 THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do- thi ham 56 BTN_1_4

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Pé dd thi ham s6 c6 dudng tiém cin dung thi m*+2#0 ludn ding v6i moi m .

Khi d6 d6 thi ham sb c6 dudng tiém can dung 1a x = —% .
N R in N , . LR < m
Vay dé tiém can ding di qua diem M(—l;\/z) thi —3 =—lem=2

Chon A.

Pé ham s6 c6 duodng tiém cin ngang thi m+n #0

Khi d6 tiém cin ngang ctia d6 thi ham s6 12 y =mdo d6 tacé m=2
Mit khac d6 thi ham s6 di qua diém 1(2;1) néncé 2m+n=1=>n=-3
Vay m+n=-1

Chon B.
x*=92>0

J7 9+

Diéu kién x4c dinh { & x € (—o0;—3]U[3;400) \ { £ 5}

2

2 —
Khi d6 c6: lim Y F1=% _o fim ML=
X—>+o0 / 9 X—>—o00 X2 _9 _ 4

=2 nén do thi ham s6 c6 hai dudong tiém can

ngang.

2
NP Nxt+1 X - £ © o1y ‘A
Mit khéc c6  lim ———- X Al-x = Foo; limg =2oo nén d6 thi ham s6 c6 hai dudong ti€ém
x——5* . [ 9 x5t . [x 9 4
can dang.
Vay db thi ham sb da cho c6 4 dudng tiém cén.
Chon A.

Xét m=0 thi d6 thi ham sé khong c¢6 duong tiém can dimg.

Xét m=0 khi d6 dd thi ham s6 khong c6 dudng tiém cin ding néu ad —bc =0 < —1+m* =0
S m=1=l1.

Vay gid tri cia m can tim 12 m=0;m =+1

Chon A.
P14/ 43 +1 s . .
Ta cé lin} \/x \/xl 3x =oo. Vay d6 thi ham s6 c6 dudng tiém can dung 1a x=1
X—> x [

Mit khdc lim y=2;lim y =0 nén do thi ham s6 c6 hai tiém c4n ngang.

X—>+o0 X—y—00

Vay db thi ham sb da cho c6 3 dudng tiém cén.

Chon A.
AT H2x 42 —mx o A H2x+2—mx
Xét lim =—1-m va lim =1-m
x>0 x+2 X—oo x+2

Pé ham s6 ¢6 hai tiém can ngang thi —1—m #1—m (théa v&i moi m).

Vay Vme R thi d6 thi ham s6 c6 hai tiém cin ngang.

Chon C.

Xét phuong trinh /x> —x+1+mx=0.

Néu phuong trinh khong c6 nghiém x =1 thi @ thi ham s6 c6 duong tiém can dimg 1a x=1.
Néu phuong trinh ¢6 nghiém x=1hay m=—1.
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Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Vxt—x+1-x -1

Khi d6 xét gidi han: lim =lim = 1 nén trong trudng hop nay dd

. x=1 P —x+1+x

thi ham s6 khong c6 dudng tiém cin dung.

Vay m#—1.
Chon A.
5 -2<x<2
s .. |4=x =20 -2<x<2
biéu kién: S<ix#E-1 S .
22 =3x—4%0 x#—1
x#4
N4—x N
Tac6 lim y= lim ———=—o0; lim y= lim —— = oo,
xo(-1) (-1 x"=3x—4 xo(-1) —(-1) x"—=3x—4

Suy ra dudng thang x=—1 1a tiém cén ding ctia d6 thi ham s khi x —(=1)" va x —(=1) .

Vi lim y khong ton tai nén do thi ham sb khong c6 tiém cin ngang.

x—>too

Chon C.
T . 2x A \ M A A , , PR RS Je
Tacé limy= hm—1 =—oco nén duong thang x =1 la tiém cén dung cua d6 thi ham so.
x—=1 x=1 x —

) .2 . 2 \ 2 . A A S O |
lim y = lim * = lim =2 nén dudng thang y =2 Ia tiém can ngang cua do thi ham so6

X——oc0 x——0 y—]  x——eo 1_1
x
khi x = —oo.
. . AP+ . 1 A \ 2 N A . A e
lim y = lim = lim ,/1+— =1 nén dudng thing y=1 la tiém cdn ngang cua do thi
X—>+oo X—>+oo X X—>+o0 X

ham s6 khi x — +oo.

Chon A.

x> —(2m+3)x+2(m—1)
x—=2

¢ phuong trinh f(x)=x"—(2m+3)x+2(m-1)=0 c6 nghiém x=2

& f(2)=0=4-2(2m+3)+2(m-1)=0 & 2m-4=0m=-2.

D6 thi ham sé y = khong c6 tiém can ding

Chon D.
3
4x2+2(2m+3)x+m2—1

D6 thi ham sé y = c6 ding hai tiém can dirng

¢ phuong trinh 4x* +2(2m+3)x+m*—1=0 c6 hai nghiém phan biét
<:>A'>O<:>(2m+3)2—4(m2—1)>0<:>12m>—13<:>m>—§.

Chon A.
x—1
X +2(m=1)x+m> -2

D6 thi ham sé y = c6 ding hai tiém can dirng

& phuong trinh f (x)=x>+2(m—1)x+m*—2=0 c6 2 nghiém phan biét khéc 1.
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Cau 33.

Cau 34.

m<-=
A'>0 (m=17 =(m*=2)>0  (-2m+3>0 2
= = SS9, m#l .
FM20 e 2(m=1)+m* =220  [m*+2m=3%0
m# =3
Chon D.
-Néu m=0 thi y=x+1. Suy ra, do thi ciia né khong c6 tiém cin ngang.

-1 1
<x< .
N-m N-m
Do d6, lim y khong ton tai nén d6 thi ham sb khong c6 tiém cin ngang.

x—>too

/ 1 / 1
-V61 0<m<1 thi lim y= lim x(1+ m+—2j:+oo; lim y = lim x(l— m+—2j:—oo nén
X—>+o0 X—>+o0 X X—>—o0 X——o0 X

do thi ham s6 khong c6 tiém cén ngang.

-Véi m=1thi y=x+x"+1

lim y = lim x(1+,f1+%j:+oo
X—>+oo X—>+oo X

‘ ‘ (x2+1)—x2 ‘ 1
lim y = lim = lim =0.

X—>—o0 x——o [ 2 _ X—>+o0
¥orlex —x[‘/1+12+1j
X

Suy ra duong thing y =0 Ia tiém can ngang ctia dd thi ham sd khi x — —oco.

/ 1
-V6i m>1 thi lim y= lim x(1+ m+—2j:+oo
X—>+oo X—>+oo X

. . 1 A A TN A A Z A A
lim y = lim x[l— . }m+—2J =+oo nén do thi ham s6 khong c6 ti€ém cin ngang.
x

X—>—00 X—>—00

- Néu m < 0 thi ham s6 xdc dinh & mx’ +120 &

Chon B.
1 1
> —— > ——
¥ —x+320 =T =75
Diéu kién: {2x+1>0 Six#2 Six#£2
=2 —x+2%#0 x# =+l x#1

(xz—x+3)—(2x+1)
(x2—3x+2)(x+1)(\/x2—x+3+\/2x+1)

X2 =3x+2 1

B (x2—3x+2)(x+1)(\/x2—x+3+\/2x+1) (x+1)(\/x2—x+3+x/2x+1) '

Tacé lim y; lim y nén dod thi ham s6 khong c6 tiém cén ding.

x—(-1) x—(-1)

Vi diéu kién trén ta c6, y =

Xem cac chuyén dé khac tai toanhocbactrungnam.vn 17 THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do- thi ham 56 BTN_1_4

Cau 35.

Cau 36.

Cau 37.

Mat khac lim y = lim ! =0 nén duong thing y =0 la tiém

xz@+1jwl_l+i+f+gj
X X X X X

can ngang cua do thi ham s6 khi x — +eo.

lim y khéng ton tai.

X——o0

Chon B.

Diéu ki¢n: mx” +1>0.

- Néu m =0 thi ham sd tro thanh y = x+1 khong c6 tiém c4n ngang.
-1

T

Do d6, lim y khong ton tai nén do thi ham so khong c6 ti¢ém can ngang.
X—toeo

. . ) -1
- Néu m < 0 thi ham s6 xac dinh < \/_ <x<
—m

- Néu m > 0 thi ham s xac dinh véi moi xe R.

1+1
lim y= lim ——L = Jim ——x -1
X—>oo0 x—>+oo\/m X—>+o0 m+i \/E
2
X

\ M 1 NIER A 5 A JEIREN A .
Suy ra duong thing y =—= la tiém can ngang cua d6 thi ham s6 khi x — +eo.

N

1+ !
. . + . X 1
hmy:hmx—:hm X —— .
X—>—o0 X—>—o0 [mXZ +1 X—>+oo 1 Nm
— | m+ Ny
X
\ < 1 NIEPN A 5 A 1N A .

Suy ra duong thing y =——= 1a ti€ém can ngang ctia do thi ham so khi x — —oco.

Jm
Vay m >0 thoa min yéu cau dé bai.
Chon C.
N x<1
biéu kién: .
X#m

x—m*

Néu m>1 thi lim y; lim y khong ton tai nén dd thi ham sb khong c6 ti€ém céan dung.
X—m

Néu m=1 thi ham s6 tr& thanh y =

Vi-x -1

lim y = lim =lim =—o0

o1 - o x—1 11— x

Suy ra duong thing x=1 12 tiém can dung cua d6 thi ham sb khi x —1".

x—1

lim y khong ton tai.

x—1*

Do d6, m =1 thdéa man.

-Néu m<1 thi lim y= lim ”1_x:+oo; lim y = lim v1-

x—m* x->mt xX—m x—m~ x—=>m X —m

= —o0 ,

Suy ra duong thang x=m la tiém can dung cua do thi ham s6 khi x > m"™ va x > m".
Vaym <1 thoa man yéu cau dé bai.

Chon C.
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TH1 : Phuong trinh x> =3x*—=m=0 cé mot nghi¢m don x=-1 va mot nghiém kép.
Phuong trinh x* =3x* —m=0 ¢6 nghiém x=—1 nén (-1)’=3(=1)’ = m=0 < m=—4.

X
Véi m=—4 phuong trinh tré thanh x° -3x’ +4=0 < { (thda min vi z = 2 1a nghiém
x=

kép).
vA
TH2: Phuong trinh x* —3x> —m =0 c6 diing mdt nghiém 1
khic -1 < x’ —3x> =m c6 mot nghiém khac —1
{m <-4 m<—4
m<—4
e m>0 e m>0 o { :

3 5 m>0
(-1)' =3.(-1) #m |m#—4

... |m>0 A A A
Vay voi thdéa man yéu cau dé bai.
m<—4
Cau 38. Chon D.
2 2
A ps s A X -mx=2m~
Do thi cia ham s0 y = — c¢6 ti€m cén ding

x—
¢ 2 khong 1a nghiém cta f (x)=x’—mx—2m’

#1
& f(2)=4-2m—2m" #0 @{m .
m# =2

Cau 39. Chon B.

5x-3

D) thi cia ham s6 y =
x =2mx+1

khong c6 tiém can dung
& X’ —2mx+1=0 vo nghiém ©A'<0em’-1<0e -1<m<l1.
Cau 40. Chon C.

Tép xdc dinh D =R \{1}. Dao ham y'=(_—3)2,Vx¢1.
x—1

(C) c6tiém can dung x=1 (d,) vatiém canngang y=2 (d,) nén I1(1;2).

Goi M(xo;zxo—i_lje (C),x, #1.

x,—1

Tiép tuyén A ctia (C) tai M c6 phuong trinh y = f'(x,)(x—x,)+ f (x,)
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Cau 41.

Cau 42.

Cau 43.

Cau 44.

-3 2x,+1
Sy= T (x—x,)+
(% —1) -1
A cht d, tai A{l; 2% +12j va it d, tai B(2x,~1;2).
Xo —
Taco = |Pot2 |4 ; 1B=(2x,-1)~1|=2|x,~1.
‘ x,—1 |x0—1
Do d6, § =~ IAIB=1+ 2 2|x,—1|=4
2 2 |x, —1
Chon A.
Tap xac dinh D=R
1+§ 1+§
Tacoé lim = lim = lim ——=—=

X—>+oo ’X +1 X—>+oo / x—>—oo .X +1 x—>—oo_ 1+7

Do d6 d6 thi ham s ¢6 hai du:orng tiém can ngang 1a y=1va y=—

Chon A.
Tap xac dinh D = [—1;1]

Nén khéng ton tai giéi han lim
X x—7 X—>-°° x=2 x—>2* x=2 x—>2 x=2

Do d6 d6 thi ham s6 khong c6 tiém can.
Chon A.

Tap xac dinh D=R

42

Ta c6 lim(x—\/x2—4x+2):lim 2 X s
e o bt —4x4+2 4 2
I+, 1-—+—
X X
lim(x—\/x2—4x+2)= lim x(1+ 1—f+%J:_m

X——o0 xX——o0 X X

vi lim x=—o va lim [1+‘}1—£+%J=2>0
X—>—o0 X——oc0 X X

Do d6 d6 thi ham s ¢6 hai dudng tiém can ngang 1a y=2.

Chon C.

2x+1 2x, +1

jvéri x, #1
1

{x():O
& .
X, =

Do M thudc dd thi ham ) y=

nén M| x,;
x-1 X, —

Phuong trinh tiém cén ding 1a x—1=0 (d ).

2x,+1
x,—1

Giai phuong trinh d (M ,d)=d(M,0x) & |x,—1|=
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Cau 45. Chon Al
Tép xdc dinh D =R\{-2}
Trén TXD cta ham sb, bién ddi duoc y=x-1.
Do d6 d6 thi khong c6 tiém can
Cau 46. Chon C.
Tép xdc dinh D =R\{-2}

A 5 N 4 e 2. x—1
Trén TXD ctia ham so6, bién doéi dugc y = .
x+2
L. X— .oox—1 .oox—1 .oox—1
Taco lim = lim =1; lim =—o0; lim = o0
xobe X+ ame x4+ =-2" x+2 =2 x+2

Do d6 d6 thi c6 2 tiém can
Cau 47. Chon D.
Tap xac dinh D = (—oo;— 2] u[ 2;+oo)

2 _ 2 _
Do tap xdc dinh D = (—eo;— 2]u[\/§;+oo) nén khong ton tai lim 12;1im al 12
x—l1" X— x—=1 xX—

Do d6 d6 thi c6 2 tiém can ngang 1a y=1va y=—1.

Cau 48. Chon C.

.2 . +2
Toa d6 diém M c6 dang M {xo; Al 3}
X, —

Phuong trinh dudng tiém cin ding, tiém cén ngang lan lugt 13 x-3=0 (d,), y—1=0 (d,).
Giai phuong trinh 5d (M ,d,)=d (M .d,) tim x,

Cau49. Chon D.
Ta c6 duong tiém can ding 1a x =—-3 va duong ti€ém cén ngang la y =§

Nén a=—3,b=l
3

Do d6 m2a+b<:>m2—§:>m=—2

Cau 50. Chon D.

2 . 2x, — .
Toa do diem M c¢6 dang M(xo; Al ;j véi x, #2
X, —

Phuong trinh tiém cin dting, ngang 1an lugt 1a x-2=0 (d,), y-2=0 (d,).

Tacé d:d(M,d1)+d(M,d2)=|x0—2|+;22
% =2
Cau 51. Chon A.
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Cau 52.

Toa do diém M bt ki thugc dd thi c6 dang M [xo; 2% _jj voi x, #2
Xo —
XX 2x,-3 (4).

Do d6 phuong trinh tiép tuyén tai M la y=— >
(x,=2)" %—2

Tinh d (M,A)<2.

Chon A.

R A N A A . 2 2 - , .
Toa d6 diem M bat ki thudc d6 thi c6 dang M {xo; al ;j Vo1 X, #2
Xy —

Do d6 phuong trinh tiép tuyén tai M 1a y=—

x—x02+2x0—3 (d).
(x-2) %2

2x,—2

Tim toa d) giao cda ti€ém can va ti€p tuyén A [2;
X, —
0

Tir d6 ddnh gid AB >4
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