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PE CHINH THUC

Phén 1: Tric nghiém (2,0 diém)
Hdy chon phwong an tra loi ding va viét chit cai ding trudc phuong an do vdo bai lam
Céau 1. Tim tat ca cac gia tri ciam dé ham s6 y= (1 —m)x + m + 1 dong bién trén R

A m>1 B.m<1 C.m<-1 D.m>-1
Cau 2. Phuong trinh X* —2X—1=0 c6 2 nghiém X,; X,. Tinh X, +X,

AX +X,=2 B. x; +X,=1 C. X +X,=-2 D. x,+X,=-1
Cau 3. Cho diém M(xu; Ym) thudc db thi ham s y = -3x? . Biét x = - 2. Tinh yu

A .yw="06 B.yuw=-6 C.yn=-12 D.ym=12

Cau 4. H¢ phuong trinh { y ¢6 bao nhiéu nghiém ?
X+y=1

A.0 B.1 C.2 D. V6 s6
Cau 5. Véi cac s a, b thoa man a < 0, b < 0 thi biéu thirc a\/% bang

A.—+/a’b B.—va’b C. \/a’b D. —/a’b

C&u 6. Cho AABC vuong tai A c6 AB =3cm, AC =4cm. Tinh d6 dai duong cao AH cua AABC

AAH_%cm B. AH:gcm C. AH_%cm D. AH:%cm
Cau 7. Cho dudng tron (O; 2cm) va (O’; 3cm). biét OO0’ = 6em. S6 tiép tuyén chung ciia 2 duong tron 1a
Al B.2 - cC3 D.4
Cau 8. Mot qua bong hinh cau co6 duong kinh 4cm. Thé tich qua bong 1a
A.gncm?’ B. gcm C. @ncm D. @cm
3 3 3 3

Phén 2: Ty luan (8,0 diém)
Cau 1. (1,5 diém)

1) Rut gon biéu thic A=\/3—2\/_—\/3+2\/_

7 \/_1 St 9}(\/_+3) 1Vsia>0a=9
+

Cau 2. (1,5 diém) Cho phuong trinh X* — (M —-2)x-6=0 (1) (v&i m la tham sd)
1) Giai phuong trinh (1) véim =0
2) Chung minh ring v6i moi gi4 tri ciia m phuong trinh ludén c6 2 nghiém phan biét

2) Chimg minh rang E

3) Goi X1, X2 14 2 nghiém cita phuong trinh . Tim céc gia trj ciiam dé X5 —X,X, + (M -2)x, =16

q X?—Xy+y—-7=0
Cau 3. (1,0 diém) Giai h¢ phuong trinh |
X°+Xy—2y=4(x-1)

Cau 4. (2,5 diém) Qua diém A nam ngoai duong tron (O) vé 2 tiép tuyén AB, AC cta duong tron (B, C 1a
cac tiép diém. Goi E 1a trung diém cuia doan AC, F 1a giao diém thir hai ciia EB véi (O)

1) Chung minh tir gisc ABOC 1a tir giac ndi tiép va ACEF # ABEC

2) Goi K la giao diém thir hai cua AF véi dudng tron (O). Chimg minh BF.CK = BK.CF

3) Chung minh AE 14 tiép tuyén cia dudng tron ngoai tiép AABF
Cau 5. (1,5 diém) Xét cac sb x, y, z thay d6i thoa man x>+ y* + z°— 3xyz = 2

. . 1
Tim gi tri nho nhét cta biéu thirc P = > (X+Y+2)* +4(X* +y* +2° — xy—yz—2X)
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Cau 1 2 3 5 6 8
Pip 4n B A C D C A
I/ Tw luan
Cau 1.
DA=A3-22 —\3+242 =y2-22.1+1-2-22.1+1
=JW2-17 -2 +1? =[V2-1-[V2 +1
=J2-1-2-1=-2
2) Vc’ria>0,a¢9Tac()'
(2 6 2(Ja-3)-(Wa+3)+6
s ( (-3 J'(ﬁ”’)
_2/a-6-+a-3+6 _a-3
Ja-3 \/5—3_1 Ve
) 2 6
Vay(ﬁw i 3 - 9]( a+3 =1 Véia>0,a=9

Cau 2:

1/ V6i m = 0 ta c6 phuong trinh: X* +2X— 6= 0 <:>l:

X =-1+7
x=—1—ﬁ

Vay khi m =0 phuong trinh ¢6 hai nghiém phan bigt X =—1++/7 va x =-1—-+/7

2/Taco A=(m —2)°—4.1.(-6)=(m-2)*+24 >0 véi moi m.
Vay phuong trinh ludn c6 hai nghiém phan biet vai moi m.
3) Phuong trinh luon cé hai nghiém phan biet véi moi m.

Theo Vi-ét ta co: {

Taco : X>

2
& X,

— XX, + (X1 + X2)X1

& (X +X,)" —2X,X,

< (m

Cau 3:

—2)2:4<:>[

{xz—xy+y—7=0

X +xy -2y =4(x-1)

XX, =

X, +X,=m-=2

—6

- XX, +(M-2)x, =16

1)
)

Taco: (2) © x> +xy—2y—4x+4=0
& (X2 —4x+4)+xy-2y=0
& (X-2)2+y(x-2)=0

c>(x—2)(x—2+y):0<:{

=16 © X

m=4
m=0

X—-2+y=0

—X,X, + X2 + XX, =16
_16=0< (M—2)° -2.(-6)-16=0

m-2=2
&
m-2=-2

Vay khi m = 0, m = 4 thi phuong trinh c6 2 nghiém phan biét thoa man: X,

{X=2
&
X=2-y

+ Thay x = 2 vao phuong trinh (1) ta dugc: 4 -2y +y—-7=0 =y =-3

+ Thay X = 2 — y vao phuong trinh (1) ta duoc :

—-XX, +(Mm-2)x, =16




2-y)' -@2-y)y+y-7=0
SA-4y+y* -2y+y*+y-7=0
& 2y*-5y—-3=0
Phuong trinh 2y? 5y —3=0 ¢6 A =(-5)>-4.2.(-3)=49>0, JA =7
5+7 5-7 1

Ta co: yl 4 3y T:—E

+y=3=>x=2-3=-1

1 1 5
+tYy=—-=2>X=2+-=—
2 2 2

Vay hé phuong trinh ¢6 nghiém (X; y) € {(—1; 3), (2; -3), (g, —lj}

2
Bai 4:

1) Ching minh tir giac ABOC 1a tir gidc ndi tiép va ACEF # ABEC
C6 AB, AC la céc tiép tuyen ciaa duong tron (O) , B va C la ac tiép diem

AB 1 OB, AC L OC= ABO=90°, ACO=90°
T gidc ABOC c6 ABO +ACO =90° +90° =180° nén tir giac ABOC nai tiép duong tron
+ DBuong tron (O) c6:

EBC la géc noi tiép chin cung CF

ECFla gc tao boi tia tiép tuyén AC va day cung CF
= EBC = ECF (gdc ndi tiép va gdc tao bai tia tiép tuyén va day cung ciing chin cung CF)
Xét ACEF va ABEC c¢6
BEC la goc chung

EBC = ECF (ching minh trén)

| ACEF # ABEC (g . g)
2) Chirng minh BF.CK = BK.CF
Xét AABF va AAKB cé

BAK  la géc chung

ABF = AKB (géc noi tiép va goc tao bai tia tiép tuyén va day cung cuing chin cung BF)
BF AF

AABF # AAKB = —=—
| @ 9=>5c=2g D
Chtrng minh tuong tu ta co:
CF AF
AACF # AAKC — (2
9.9 | = - ac @
Ma AB = AC (t/c 2 tiép tuyén cit nhau caa (O))  (3)
nun(ava@)|:>&: CF L BFCK =BKCF
BK CK

3) Chitng minh AE Ia tiép tuyén ciia dwong tron ngoai tiép AABF



C0O AECF # AEBC (Chtrng minh céu a)

S EC B Ec_EBEF
EB EC
EA EF

MaEC =EA (gt) = EA* =EBEF=> —=—
EB EA

Xét ABEA # AAEF c¢o:
EA EF
EB EA
AEB la géc chung
| ABEA # AAEF (c.g.c) = EAF=EBA ( hai goc tuong (ing) hay EAF = ABF
Trén nira mat phang bd AB c6 chua diém E, ké tia Ax 1a tiép tuyén caa duong tron ngoai tiép °ABF
— EAF = XAF (Cung bing ABF) | tia AE triing véi tia Ax
| AE Ia tiép tuyén cita dwong tron ngoai tiép AABF
Céu 5:
Ta co:

X3+ y8+27%-3xyz=(X+Yy)3-3xy(X-y)+2z3-3xyz=2
=[(x+yp+2°] -3xy(x +y+z) =2
=(X+y+2z)*-3z(x ty)(x +y+27)-3xy(x -y-2) =2
=(X+y+2)[(x+y+2)?-3z(x +y)-3xy] =2
=(X+y+z)(X2+y2+ 272+ 2xXy + 2XZ + 2yz - 3Xz - 3yz - 3xy) =2
=(X+y+z2)(X2+y2+272-Xy-X2-Yyz)=2
| X2+ y2+722-Xy-XZ—yz # 0
Chung minh: x2 +y2 + z2- Xy - Xz —yz >0 v6i moi X, Y, Z
| X2+y2+272-xy-xz-yz >0 | X+y+z

batx+y+z=t(t>0) | x2+y2+22—xy—xz—yz=%khidétacé
1 ) s oy t? 8 (t? 8
Pzz(x+y+z) +4(X"+y°+z —xy—yz—zx):3+¥= E+2 +¥—2

2 2
Ap dung BPT C6 si ta co: %—l— 2>2, /%2 =2t (daubang xayra=t=2)

2t+%22 /Zt.% =8 (ddubingxayra=t=2)

| P>8-2=6.Tontaix=y=1,z=0thiP=6
Vay gia tri nho nhat caa P 12 6



