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Tai liéu hoc tap Toan 11 GV. Lw Si Phap

CHUONG I

---000---
HAM SO LUO'NG GIAC & PHUONG TRINH LUO'NG GIAC
---000---

ON TAP CONG THUC LUQNG GIAC

1. Hing dang thirc luong gidc co ban

. sina@ Vi
e sin“a+cos’a =1 e tang = az—+kmkO7Z
cosa 2
cosa ki
* cotq =— azkmkU7Z e tang.cota=lL,az—,kUZ
sina 2
T
e l+tan’ g = > at—+kmkO7Z e l+cot’a= : atkmkOZ
cos” a 2 sin” a

2. Cac cong thuc luong gidc
2.1. Cong thirc cong

d cos(ai,ﬁ’)=cosacos,6’$sinasin,6’

¥ sin(ai/i’)=sinacos,6’icosasin/3

tana ttan 8

& tan(ai'g) = IFtanatan S

, voi moi a, f lam cho céc biéu thirc ¢ nghia.

2.2. Codng thirc nhan do6i
® sin2a =2sina cosa

" cos2a =cos’ @ —sin*a =2cos’a—1=1-2sin’a

2tana Vi
= tan2a =—2;a,2a z—+kmk0OZ
1-tan" a 2
2.3. Cong thuc nhan ba
» cos3a =4cos’a—-3cosa ®» sin3a =3sing —4sin’ o
2.4. Cong thirc ha bac
1+cos2a ) 1-cos2a
d cos’qg =——— ¥ sin’ g =——
1-cos2a ,. < .2 L .
& tan’ @ = ——————, v4i @ lam cho biéu thirc cé nghia.
1+cos2a

2.6. Cong thirc bién ddi tong thanh tich

+ - + -
a ’B.cosa B @ cosa—cos,B=—ZSina ’B.sina B
2 2 2 2
+ - + -

a ,B'COSa B a+p . a-p

@ sina —sin S =2cos .sin
2 2 2 2

, véimoi a, 8 lam cho céc biéu thirc c¢6 nghia.
2.7. Cong thirc bién d6i tich thanh tong

> cosa.cos B =%[cos(a’+,8) +cos (0",3)]

® cosa+cosf=2cos

® sina +sin S =2sin

> sina.sin B = —%[cos(ah&’)—cos(a"ﬁ)]
> sina'.cos,B:%[sin(a’+ﬂ)+sin(a’—ﬁ)}

2.8. Cong thirc rit gon
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Tai liéu hoc tap Toan 11 GV. Lw Si Phap

¢ sing +cosa :\/Esin(a’ +%Tj Zﬁcos(a—j{j

¢ sina —cosa = 25in(a—j{j:— 2005(0+§j

2 . R A
¢ tanQg +cota = — , vOo1 @ lam cho bi€u thtrc c6 nghia
sin2a

3. Gia tri lvong gidc cua cac géc (cung) cé lién quan dat biét
3.1. Hai géc d6i nhau ( cung d6i) (a lam cho cac bi€u thiic ¢6 nghia)

¢ cos(—a)=cosqa ¢ sin(—a) =-—sina
¢ tan(—Q)=—-tanq@ ¢ cot(—a)=-cota
3.2. Hai géc bt nhau( cung bi)(a 1am cho cdc biéu thirc ¢6 nghia)
¢ sin(/T—q) =sing ¢ cos(T—Qa)=-cosqa
¢ tan(/T-Q@)=—tan@ ¢ cot(;T—a)=-cota
3.3. Hai géc phu nhau ( cung phu)(a lam cho cic biéu thirc c¢6 nghia)
. T T .
¢ sin| ——a |=cosa ¢ cos| ——Q |=sina
2 2
Vg Vig
¢ tan| ——Qq |=cota ¢ cot| ——a |=tana
2 2
3.4. Hai g6c hon kém 77(cung hon kém 77).(@ 1am cho cic biéu thirc c6 nghia)
¢ sin(7T+a)=-sina ¢ cos(IT+@) =—cos@
¢ tan(/77T+ @) =tan@a ¢ cot(7T+a)=cota

3.5. Hai géc hon kém g (cung hon kém g ).(a 1am cho céc biéu thirc ¢6 nghia)

.| T Vs .
¢ sin| —+@ |=cosa ¢ cos| —+a |=-sina
T m
\ tan(5+aj:—cota ¢ cot(5+aj:—tana’
3.6. Cung bdi. (k[0Z, a 1am cho cic biéu thirc c6 nghia)
¢ sin(a +k27m) =sina ¢ cos(a +k2m) =cosa
¢ tan(@ +km) =tana ¢ cot(a +km =cota

4. Bang gia tri lwong gidc cidc gdc (cung) dat biét

a 00 300 450 600 900 1200 1350 1500 1800
0 n n n n U 3 Rl w
HSLG 6 4 3 2 3 4 6
R 5 & |1
0 2 > > ! > > 2 0
e B I o I R I I
2 2 2 2 2 2 i
tana 3 _ 3
0 g 1 V3 I V3 1 —% 0
cota \/g \/5 \/g _\/5
I 1 3 0 BEY -1 I
|| : Khong xdc dinh
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Tai liéu hoc tap Toan 11

GV. Lw Si Phap

§1. HAM SO LUONG GIAC
A. KIEN THUC CAN NAM

Ham s6 y =sinx

Ham s6 y =cosx

e Cotapxacdinhla R .
* Cothpgidtrila[~11] .
+ Lahamsd1é .
e Laham s6 tuan hoan véichu ki T =277 .
+ Dong bién trén mdi khoang .

(_%T.p kzn;g+ ksz va nghich bién trén

m&i khodng (IET“L k2n~,%”+ kZHJ,k 0z

C6 db thi 12 mot duong hinh sin

Cé tap xac dinh 1a R

C6 tap gid tri 1a [ ~1;1]

La ham s6 chin

Lé} ham sfS tuan hoan v6i chu ki 7 =277
Pong bién trén moi khoang

(=7r+ k27 k27) va nghich bién trén mi

khoang (k27 r+ k271),k OZ

C6 db thi 1a mot duong hinh sin

,u sl J (LY

> [
X ;o
/ :
K
N

\% \/

Ham s6 y =tanx

Ham s6 y =cotx

- C6 tap xdc dinh 1aD, = R\{gﬂcmk DZ}

e Cotapgiatrila R .
« Lahamsblé .
o Laham sd tudn hoan v&i chu ki 1a 77 .
«  Dong bién trén mdi khoang .
(—’—T+kn-,’—7+kn];kmz
2 2
« C6 dd thi nhan mdi duong thang .
T

X =—+kmkOZ lam mot dudong ti€ém can

C6 tap xdc dinh Ia D, = R\{kmk 07}

Cotapgiatrila R

La ham sb 1¢

La ham s6 tuan hoan véi chu ki 1a 77
Nghich bién trén mdi khoang

(kn: n+kn);k U7z

C6 d6 thi nhan mdi dudng thang
x =k k07 lam mot duong ti€ém can

p T B \\ |
) Y N
20\ 2 ' :

- -n o I T 3n In x
\ ! 5 .
—432.{“ -n %r. 0 %: n 5_3%; % 2
N -~
B. BAI TAP

ang 1. Tap xéc dinh ciia him s6
- Ham s6 xéc dinh véi mot diéu kién
- Ham s6 x4c dinh béi hai hay nhiéu diéu kién
- Ham s0 y =sinx; y =cosx c6 tap xdc dinh 1a R

- Ham s& y = tan x x4c dinh khi va chi khicos x # 0; Ham s& y = cot xxdc dinh khi va chi khisin x # 0
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Tai liéu hoc tap Toan 11 GV. Lw Si Phap
Luu y:
Ly m . T ,
sinu=1«e u=—+k2m sinu=-1 e u=——+k211 sinu=0 < u=krr
2 2
2 Vs
cosu=1e u=k2m cosu=-1 e u=m+k2mr cosu=0=»u=5+kn
3
tanu=1~=»u=%T+kiT tanu=—1~=»u=—§+kﬂ tanu =0 = u =k7r
4
cotu=1~=»u=7—T+k7T cotu=—1~=~u=—7—T+kiT cotu=0~=»u=7—T+k7T
4 4 2
- Ham s y=% xéc dinh khi va chikhi A#0
-Ham sé y =~/A xdc dinh khi va chi khi A=0
- Ham s6 y:i xdc dinh khi va chi khi A>0

JA

Bai 1.1. Tim tdp xdc dinh cic ham s6 sau:

_l+cosx

_l+sinx
a) y=

, b) y=
Sin x COSXx

d) y=+3-sinx

1+cosx
c)y=
1—-cosx

HDx Gii
a) Ham s6 xdc dinh khi va chi khi sinx#0 = x#kmk0Z. Vay D =R\{kmk0Z}

b) Ham s& xéc dinh khi va chi khi cosx #0 < x¢g+k7T,kDZ. Vay D :R\{gﬂcmkDZ}

1+cosx

¢) Ham sb xdc dinh khi va chi khi >0. Vi l+cosx >0 nén diéukién 12 1-cosx >0 hay

1—-cosx
1-cosx#0 = cosx#1 = x#k2mk0Z. Vay D =R\{k2,k 07}

d) Vi —1<sinx<1nén 3-sinx20,0x0OR. Vay D=R

Bai 1.2. Tim tdp xdc dinh cac ham s6 sau:

a) y:tan(x—%rj b) y:cot(x+gj c) y:tan(2x+gj d) y=tanx+cotx

HDx= Gidi

a) Ham s6 xdc dinh khi va chi khi cos(x—%rjio - x—g¢g+kﬂ«= xi%ﬂcﬂ,kDZ.

Vay D:R\{%T+kmkmz}

b) Ham s6 xdc dinh khi va chi khi sin(x+gj¢0 - x+g¢knc> x;t—g+kﬂ,kDZ.

Vay D :R\{—gﬂcmkDZ}

¢) Ham sb x4c dinh khi va chi khi cos(2x+gj¢0 - x+%’¢g+knc> x¢%+k7”,kDZ.

vay D=R\Z+X 10z
12 2

, £0
d) Ham sb x4c dinh khi va chi khi {Co” o §in2x#0 o x¢%’T,kDZ.

sinx %20
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Tai liéu hoc tap Toan 11 GV. Lw Si Phap

Viy D:R\{%’T,kmz}

Bai 1.3. Tim tap xdc dinh cdc ham s sau:

a) y=cosz—x b) y=tan§ c)y =cot2x
) 2

d) y =sin— e) y=+cosx+1 Hy=—
x -1 cosx —cos3x

3 1-sinx 3sinx—7

= - h = i = |=——

&y sin® x —cos” x )y 1+cosx )y \2cosx—5

HDx»= Giai

a) Ta c6 y:cosz—xl xdc dinh trén R khi va chi khi Z—’CIDR o x=120 = x£1.
X = X =

Vay tap xdc dinh ctia ham sb y = cosz—xl 1 D=R\{1}
o

b) Ham sb y=tan§ xdc dinh khi va chi khi cos%io - §¢g+kn=» x¢37n+k37T,kDZ.

Viy tap xdc dinh cta ham s& D = R\{%T +K37Tk DZ}

¢) Téap xac dinh cua ham s6 D= R\{%T,k DZ}

d) Tép xdc dinh ciia ham s D = R\{-1;1}
e) Taco cosx+1=0,00xOR . Vay tap xac dinh ctia ham s6 D=R

f) Tac6d cosx —cos3x =—2sin2xsin(—x) = 4sin”* xcosx .

Viy tap xdc dinh cia ham s& D = R\ {%” kO Z}

) Ta c6 sin® x —cos® x = —cos2x . Vay tip xdc dinh ctia ham s6 D :R\{§+k7n,k DZ}

h) Tacé 1-sinx=0,1+cosx=0.Do dé ham sb xdc dinh Ox OR khi cosx # —1. Vay tép xac dinh cta

ham sé D :R\{ﬂ+k2ﬂ,k DZ}
3sinx—7

i) Taco 3sinx—7<0, 2cosx—5<0 nén 2—5>0,DxDR. Vay tap xac dinh cua ham s6 D=R
CoS X —

Bai 1.4. Tim tap xdc dinh cdc ham s sau:

/ + [1=
a) y=cos\/; b) y =sin 1+x ¢) y= 1 c0s22x
I-x 1+cos” 2x

- +
dy y= cotx &)y = 2—cosx f) y:tanx' cotx
cosx—1 Vi 1-sin2x
l+tan| x ——
HDx= Gidi

a) Tacéd y =cos+ x xdc dinh trén R khi va chi khi \/;D]R = x=20.
Vay tap xac dinh cua ham s6 D =[0;+o0)

; o [1+x L N P | o5 ¢ 1+x
b) Tacd y =sin l—xacdmhtreanhlvachlkhl I—DRQI—ZOQ—IS)C<1.
- X - X - X

Vay tap xéc dinh ctia ham s6 D =[-1;1)
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Tai liéu hoc tap Toan 11 GV. Lw Si Phap

¢) Tacé 1-cos2x =0,1+cos> 2x =0,0x OR . Viy tap xdc dinh cia ham s6 D =R

. sinx #0 #kr
d) Ham s6 y = cotx nx - {x

e xZ2kmkUZ.

cosx #1

xac dinh =
cosx—1 x# k2

Vay tap xdc dinh ciia ham s6 D = R\{kmk 07}

cos x—]—T #0 x¢5—7T+k7T
2—cosx 3 6

Vi
l+tan| x ——

Vay tap xdc dinh ciia ham sé D =R\ H%’T + kn} 0 {% + kn};k 0 Z}

e) Him sb y = xdc dinh - kOZ.

tan x—E 0 x¢£+kﬂ
3 12

cosx#0 x¢k_7T

N £ tanx tcotx , _. .
f) Huam s0 y =———————xdc dinh < {sinx#0 = 2

2 k07
sex sin2x #1 x¢§+k7[

Viy tap xdc dinh cta ham sé D =R\ H%’T} 0 {%’ + kﬂ};k DZ}

ang 2. Xét tinh chiin, 1é ciia ham so ’

Nhdc lgi kién thirc: Vé tinh chan, 1 ctia ham s6 y = f(x)
Tim tap xdc dinh D cta ham sd, kiém chimg D 12 tap ddi xing hay khong, tirc 1a Ox,x 0D = -x0OD (1)
Tinh f(-x) vasosdnh f(—-x) véi f(x):

e Néu f(-x)= f(x) thi f(x) 1aham s6 chin (2)
e Néu f(—x)=—f(x) thi f(x) 1aham s 1¢ (3)
Do vay

e Néu diéu kién (1) khong nghiém diing thi f(x) 1a ham s6 khong chén, khong 1é trén D

* Néu diéu kién (2) va (3) khong nghiém ding thi f(x) 1a ham s khong chin, khéng 1é trén D
DéE kétluan f(x) 1a ham s6 khong chin, khong 1€ trén D, ta chi can tim mot diém x, sao

cho f(=x,) # f(x,) va f(=x))#=f(x,)

Lueu y: van dung hai géc (cung) dbi nhau cia HSLG

Bai 1.5. Xdc dinh tinh chan, 1é cua cdc ham s6 sau:

a) y:cosx b) y =x — sinx c) y=+1-cosx
X
. [ 3m . ) :
d) y =1+cosx.sin 7—2x €) y = sinx.cos“x + tanx f) y = sinx — cosx
. t +cot
g) y:s]n3x—tanx h) y:M
sin x
HD»= Giai

a) Ham sb y = f(x) = S23%

¢6 tap xdc dinh D =R\{0} . Tacé Ov,xOD=-x0D va
X

_cos(=x) _ cosx _ cosx

X
f(=x) -~
b) Ham s6 1¢
¢) La ham sb chin
d) La ham sd chén
e) La ham s 1&
f) Ham s6 y = f(x) =sinx —cosxc6 tdp xdc dinh D=R.

1a ham so 1é.

f(x). Vay ham sd y = f(x) =
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Tai liéu hoc tap Toan 11 GV. Lw Si Phap

6) 2 2 6
Vay ham s6 y = f(x) =sinx —cosx 13 ham s6 khong chin, khong 1é
g) La ham sf:) 1é
h) La ham s6 1&

Liy x:%[ ta c6 :f(E]:l—ﬁ;f(—EJ:—%_g_ Suy ra f(%[j;tf(_gj

ang 3. Tim gia tri l6m l}hfit va gia tri nh6 nhit ctia ham so. . )

Dinh nghia: Cho ham s6 y = f(x) c6 tap xdc dinh 1a D va hai hang so M va m.
» Néu Ox OD, f(x)<M va Lk, saocho f(x,)=M thi M goila GTLN cta ham s6 y=f(x) trén D va
ki hiéu Mlglx y=M
» Néu Ox 0D, f(x)zm va [k, saocho f(x,)=mthim goila GTNN ctua ham sd y = f(x) trén D va ki
hi¢u ]V{)in y=m

> Chii y:
¢ —1<sinx<1,0xOR ¢ 0<sin’ x<1,0xOR oos\smx\g,DxDR
¢ —1<cosx<1,0xOR ¢ 0<cos’x<1,0x0OR oos\cosx\g,DxDR

Bai 1.6. Tim gia tri I6n nhat va nhd nhat ciia moi ham so sau

a) y=2vcosx+1 b) y=3-2sinx ) y= 2(1+cosx)+1 ? y=3sin(x—%[j—2

HDx Gidi

5 cosx=0
a) y =2+ cosx +1. Diéu kién: = 0<cosx<1,0xOR
—-1<cosx<l1

Tacod: 0<vcosx <1 e 0<2ycosx <2 = 1<2+ycosx <3 hay 1£y<3
Vay: Z\/{lgzxy:3 = cosx=1e x=k2mkUZ
. m
A/{{}ny =] & cosx=0 = x=5+kr[,kDZ

b) y =3-2sinx. Tap xdc dinh: D =R
Tacod: —1<sinx<]l « 22-2sinx=2-2 « 2+323-2sinx=2-2+3 = 523-2sinx=lhay 5>2y=>1

Vay: Maxy=5 e sinx=-1 - x:—g+k2ﬂ,kDZ

Miny=1< sinx=1 - x=g+k2n,kDZ

c)y =1/2(1+cosx) +1. Tép xac dinh: D=R

Tacd: —1<cosx<1 e 0<l+cosx<2 = 0$2(1+cosx)s4

- 031/2(1+cosx)32 - 1S4/2(1+Cosx)+ls3

Vay: A/{Igzxy =3 e cosx=1e x=k2mk07Z

A/gny =1l e cosx=-1e x=m+k2i,k07Z

Bai 1.7. Tim gia tri 16n nhat va nhd nhat ciia moi ham so sau

a) y:2c0s(g+xj+3 b) y:cosx+cos(x—gj c) y:3—2‘sinx‘
d) y=cos’ x+2cos2x e) y:\/5—2c0s2 x.sin” x f) 2sin” x —cos 2x
HDx= Gidi
7
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a) Ham séy:2cos(g+xj+3 cotap xacdinhla D =R.
Ta cé: —1Scos(§+x}£l = —2£2005(%T+xjs2 = —1+3S2005(%T+xj+3s2+3
Vid
- 1£2cos(§+xj+3s5haylsys5
Vay: Maxy=Skhi cos(%r+xj:1@ x:—g+k27T,kDZ
Min y=~1 khi cos(%r+xj:—l - x:%”+k2n,kmz

b) Ham s6 y =cosx +cos(x —%Tj cotap xdcdinhla D=R.

, V4 T T T
Tacd cosx+cos| x—— |=2cos| x—— |cos—=+/3cos| x—— |.
3 6 6 6

V6imoi xR taludn co: —\/ES\/gcos(x—l—TjS\/g hay —\/§Sy£\/§

6

Viy: GTLN ciia y 1a +/3, dat duoc khi cos(x —%Tj =1 x :%T+k2n;k 07z

GTNN cita y 1a —/3 , dat dugc khi cos(x—gj =1 e x :%’T+k2mkmz

c) Ham s y =3 ~2[sin x| c6 tap xdc dinh 1a D =R.
Tac6 0<|sinx|<1 = —2<~2[sinx{<0 « 1<3-2[sinx|<3 hay 1<y<3

Vay: GTLN cua y 1a 3, dat dugc khi sinx =0 « x =k kUZ
GTNN cia y 12 1, dat duoc khi sinx = +1 < x=ig+kﬂ,kDZ

d) Ham s y = cos® x +2cos2x c6 tap xdc dinh 1a D =R.

1+ 2 1+ 2
Ta cé cos® x +2cos2x :$+2cos2x :y.
+
Véimoi xR ta ludn c6: —2s%s3.

Vay: GTLN cua y la 3, dat dugc khi cos2x =1 « x =k kU7

GTNN cita y 1a -2, dat duoc khi cos2x = -1 « x :g+kﬂ,k 0z

e) Ham s6 y =+/5-2cos® x.sin? x ¢6 tap xdc dinh 1a D=R.

Ta cé \/5—20052 x.sin® x :1/5—%sin2 2x .
W2

Vi 0 <sin’2x <1 nén —%s—%sinZszO = %SS—%sinzchS hay TSyS\/g.

Vay: GTLN ctay la \/g,dat duoc khi sin®2x =0 < sin2x=0 « x =kmk0Z

GTNN ciia y Ia # dat duoc khi sin>2x =1 < sin2x =+l « x =i§+k7”,kDZ

f) Ham s& y =2sin” x —cos2x =1-2cos2x c6 tip xdc dinh 1a D =R.

Chwong I. HSLG & PTLG Phian Ty Luin
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Tacé -1<1-2cos2x<3
Vay: GTLN cuay I 3, dat duoc khi cos2x = -1 « x :g+kﬂ,kDZ
GTNN cua y la -1, dat dugc khi cos2x =1 « x =kmk7Z

Bai 1.8. Tim gid tri 16n nhat va nho nhat ciia m&i ham sd sau:
a) y=3+sinxcosx b) y=4-2cos’ x c) y=

d) y:;.2 e) y= l—sin(xz)—l f) y=4sin\/;
5-sin” x

HDw Gidi
a) GTLN cia y I % dat duge khi x :%T+kﬂ,k 0z

GTNN cia y I % dat duge khi x=—§+kﬂ,kDZ

b) GTLN ciia y 1a 4, dat dugc khi x :g +kmk0Z
GTNN cua yla 2, dat dugc khi x =k2770x = m+ k2 k07
¢) Him sd y —— 2 % tap xdc dinh1a D =R,

3+cosx

Tacé—lScosxSlw2s3+c0sxs4@ls;sl@ls#sl
4 3+cosx 2 2 3+cosx

GTLN cuay la 1, dat dugc khi x = m+ k21, k 07

GTNN cuayla % dat duoc khi x = k2, k07
, .3 . T
d) GTLN cuay la Z,dat duoc khi x=5+k7T,k 0z

GTNN cuayla %, dat duoc khi x =kmkUZ

¢) Ham s6 y = [1-sin(x*) -1 c6 tap xdc dinh la D =R.

Véimoi xOR taluon c6: —1< [1-sin(x*) -1=+/2 -1, Vay

GTLN cua y 1a v/2 —1, dat duoc khi x* = —g+k2n,k >1

GTNN ciay Ia -1 , dat duoc khi x* = ’57 +k27T,k >0

f) Hamsb y =4sin\/; c6 tap xac dinh 1a D =[0;+00). Trén D ta c6: —4S4sinx/;s4.

Vay: GTLN cua y 12 4, dat duoc khi vx = ]ET +R27Tk 20

GTNN ciia y 1a 4, dat duge khi +/x = —g+k2n,k >1

Bai 1.9. Tim gid tri 16n nhat va nho nhat cia moi ham s6 sau:

a) y=sin* x —cos* x b) y =sin* x +cos* x
c) y=sin’x+2sinx+6 d) y=cos*x+4cos’x+5
HD»= Giai
9
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Tai liéu hoc tap Toan 11 GV. Lw Si Phap

a) y=sin* x—cos’ x = (sin2 x —cos’ x)(sin2 x +cos’ x) =-Ccos2x.
Mat khac: —1<cos2x<1
GTLN ctia y Ia 1, dat duge khi x :g+kﬂ,k 0z
GTNN cuayla -1, dat dugc khi x =kmkOZ

. |
b) y:Sin4x+cos4x:(sin2x+c0s2x) —2sin2xc0s2x:1—5sin22x.
1,
Mat khac —<1—-—sin"2x<1
2 2

GTLN cua y Ia 1, dat duge khi x =k7”,k 0z

GTNN ciia y Ia % dat dugc khi x :’ZT+%”,1¢DZ

¢)Tac6 y =sin’ x+2sinx+6 = (sinx+1) +5. Matkhdc: 5<(sinx+1) +5<9

GTLN cuay 1a 9, dat dugc khi x = g+ k2mkUZ

GTNN cita y 1a 5, dat duge khi x = —’ET+ 2k 07,

2 2
d) Tacé y=cos4x+4coszx+5=(coszx+2) +1. Mat khéc: SS(coszx+2) +1<10

GTLN cta y Ia 10, dat duoc khi x = k7z,k 07
GTNN ciia y 12 5, dat duoc khi x =g+kﬂ,k 0%

ang 4. Chu ki tudn hoan ciia ham s6
Pinh nghia: Haim s6 y = f(x) ¢6 tp xédc dinh D dugc goi 1a ham s6 tudn hoan néu ton tai mot sd
T #0 sao cho v&i moi x[OD ta cé:
1) x=-T0OD va x+7T0OD
i) f(x+T) = f(2).
S6T duong nho nhét thoa mén céc tinh chét trén duoc goi 1a chu ki cia ham s6 tudn hoan do.
DPinh li:

cos A . N r N AL A N < 2

1. Hai ham s6 y =sin(ax+b) va y =cos(ax+b) voi a # 0 la hai ham s0 tuan hoan véi chu ki T :W.
a
N 4 N e NI £, A N iy N m

2. Hai ham s0 y =tan(ax+b) va y =cot(ax+b) voi a #0 la hai ham s6 tuan hoan véichu ki 7 = H
a

3.Hamsd y =y, +y, v6i T,,T, lan lugt 1a chu ki tuan hoan ctia ham s6 y,, y,. Chu ki tudn hoan ctia ham
s6 y 1a T = BCNN(T,,T,).
MTCT: ® Nhap ham sé di cho
@ Calc cho x =1 va ghi nhé két qua nhan duoc.
® Calc cho x+T so sanh véi két qua nhan duoc & trén, dwa ra ddp 4n ding. T'1a chu ki &
bdn ddp 4n ma céu trac nghiém cho.
C. BAI TAP PE NGHI

Bai 1.10. Tim tdp xac dinh clia cdc ham s0 sau

tan x 1 3sinx +1 sin x

a) y= d)y=

1+tanx

b) y=———
\/gcot2x+1

c) y=
3—3cos(x+nj
6

Vi
1-cos| x+—
( 4j

Chwong 1. HSLG & PTLG
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Tai liéu hoc tap Toan 11

GV. Lw Si Phap

1+cos9x sin x tan2x —1 2—cot3x
©) y = teo9r | f) y= T |y
V1+cos9x 2cosx+2 V1+sinx +1 1-+/1+sin3x
Bai 1.11. Tim gid tri 10n nhat va gid tri nho nhit cta cdc ham sd sau
2) y=V1+cos2x =5 b) y=4+5cos(3x+EJ O yE2oNAE2ISE g = S
3 cot’ x +1

f) y=1-8sin’2x

2) ¥ =4/9-9]sin9x]

e) y :1—3sin(2x—gj

h) y =|sin 2x 5|

§2. PHUONG TRINH LUQNG GIAC CO BAN

A. KIEN THUC CAN NAM

1. Phuong trinh sinx =m (1)

* Néu ‘m‘ >1: phuong trinh (1) v nghiém

* Néu ‘m‘ <1:Néu a 1a mot nghiém ctia phuong trinh (1), nghia la sina =m
sinx=m = [;‘ :z:’zzizn;k 0Z

x=a+k360°

* Néu s6 do cua a duoc cho bﬁng do thi: sinx=m = ;
x=180" —a +k360°

kOZ

Nhan thay, trong mét cong thirc nghiém ciia phwong trinh luwong gidc khong dwoc ding dong thoi hai

don vi do va radian.
Chd y:
Vi T
. Lk s e aeA1en -——=sSas— . X .
1) Néu so thuc a thoa min diéu kién:< 2 2 thita viét @ =arcsinm.
sina =m
x =arcsinm+ k27T

kOZ

Khi dé: sinx=m = ) )
x =7r—arcsinm+ k27T

i1) Cac truong hop dic biét

* m=-1,phuong trinh sinx =-1 cé nghi€ém la x = —%T+k27'r,k 0z
* m=0, phuong trinh sinx =0 cé nghiém la x =k k1Z
« m=1,phuong trinh sinx =1 c6 nghiém 1a x=g+k2n;k 0z

=v+
u=v+k2mr vO7Z

iii) Tong quat: sinu =sinv - ,
u=m-v+k2m

2. Phuong trinh cosx =m (2)
* Néu ‘m‘ >1: phuong trinh (2) v nghiém

* Néu ‘m‘ <1:Néu a 1a mot nghiém ciia phuong trinh (2), nghia 1a cosa =m

=a+k2mr
COSX=m « o ,kUOZ
x=—a+k2m
. . =a+k360°
* Néu s0 do cia @ dugc cho bang d¢ thi: cosx =m = o ,kOZ
x=-a+k360°

11
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Tai liéu hoc tap Toan 11 GV. Lw Si Phap

, -

Chd y:
i) Néu a thoa dicu kién 0 < a <77 vacosa =m thita viét @ = arccosm.
Khi d6 pt (2) c6 nghiém 1a : x =+arccosm +k2mkUZ

ii) Céc truong hop déc biét khi m 0{0; 1}

e cosx=0 o x:g+kﬂ,kDZ

e cosx=-1le x=m+k2m,kUZ
e cosx=1e x=k2m,kU0Z
. =v+k2m
iii) Tong quat: cosu =cosv < “=v kU7
u=-v+k2m

3. Phuong trinh tanx =m(3) Didu kién: x # ]ET +kmkOZ

« Néu a 1a mot nghiém ctia phuong trinh (3), nghia latana =m thi tanx =m < x =a+kmk0Z
« Néusb docua a duoc cho bang do thi tanx=m < x=a +k180%;k0Z

£ , o At A 1A T /BN N LA L as ‘A
¢ Neéu g thao min diéu kién _E <a< E va tana =m thita viét @ = arctanm. Lic d6 nghi€ém

cua phuong trinh (3) 1&: x = arctanm + k7, k UZ
»  Cic trudng hop dic biét biét khi m 0{0;21}
tanx =0 = x=k/,kOZ

tanx=-1 x=—§+kﬂ,kDZ

anx=1 < x:§+kﬂ,kDZ

+ Tong quét : tanu =tany c6 nghiém: u=v+kmk0Z

4. Phuong trinh cotx =m (4) Diéu kién: x Zkm,kOZ

+ Néu a 1a mot nghiém ctia phuong trinh (4), nghia lacota =m thi cotx=m < x =a+kmkOZ

+ Néusbdocta a duogc cho bang do thi cotx =m < x=a +k180°k0Z

e Néu ¢ thao man didu kién 0 <a <77 va cota =m thi ta viét a = arccotm . Lic d6 nghiém cua

phuong trinh (4) la: x =arccotm + kT, k 7

» Tbng quét : cotu =cotv cénghiém: u=v+kmkO0Z
Chd y: Ké tir ddy, ta qui wéc rang néu trong mét biéu thirc nghiém ciia phwong trinh lwong gidc cé
chita k ma khong gidi thich gi thém thi ta hiéu rang k nhan moi gid tri thujc 7.

Ghi nhé cong thirc nghiém ciia phwong trinh lwgng giac co ban
Véi u=u(x),v =v(x) va u,v1am cho biéu thirc ¢6 nghia, k07Z

. . u=v+k2m u=v+k2m
1/sinu=sinv = 2/cosu=cosv =
u=m-v+k2m u=-v+k2imr
3/tanu=tanv = u=v+kir 4/cotu=cotv « u=v+kir
B. BAI TAP

ang 1. Gidi phwong trinh lwgng gidc co ban
- Céc cong thirc nghiém cua bon phuong trinh lwgng gidc co ban
- Cung d6i va cung bu

Bai 2.1. Giai cdc phuong trinh sau:

a) sinx :l b) sinx:—ﬁ C) sinx :% d) sin 2x—7—T =sin 7—T+x
2 2 3 5 5

12
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e) sin £+100 :—l f) sin 2x+7—T :—l g)sin 2_x_7_T =0 h)sin 9x—7—T :l
2 2 6 2 3 3 3 2

HD»= Gidi

a) Ta c6: sin 30" =% = sin%T . Phuong trinh d3 cho twong duong véi:

x=Zvion x=Zvion
sinx=sing«= 6 = 6 LkOZ

x:ﬂ—g+k2ﬂ x:%+k2ﬂ

Vay phuong trinh c¢6 cdc nghiém la: x = %T+ k21T, x = 5?”+ k2mkUZ

b) Ta c6: —73 = —sin%T = sin(—g] (4p dung cung d6i dua dau trir vao trong _ sin(-a) = —sina )

x=-Tiiom
)@ 3

Phuong trinh d3 cho twong duong: < sinx = sin(—i—T k7

3 4T

x=—+k2mT
3
L2 Al L X 2. 2 .2 ,
o) Vi §<1 nén cdsd6 a de s1na’:§302arcs1n§.Dodo:
= i %+k2n
=gtk X —arcsm3

sin x :2 = sinx =sind = hay ,kUZ
3 x=m—-a+k2mr .2
X=7T— arcsmg +k2mr

2x—]§T %T+x+k27T x:2_7T+k27-[
d) sin(Zx—%T]=sin(%T+x] - > - > kD07
2x——=7T— ]—T+x + k27T x;f.;@
5 5 3 3
e) x =—80" +4720° va x =400° +£k720%k0Z
f) x=-"wkmva x=ZwkmkOZ
6 2
o) x=Z B0y
2 2
hy x= L4 K27 IR KT g,
18 9 54 9
Bai 2.2. Giai cac phuong trinh sau:
a) cosxzﬂ b) cosx:—l c) cosx:i d) cos 3x—]—T =cos E+x
2 2 5 6 3
NE) 3x ) 1 3x 7 )3
e) cos(3x—45"|=— f) cos| ——— |=—— cos| ——=|=-1 h) cos| 2x—— |==
) cos| )26(24J2 9(26] )(xsjz
HDx= Giai
\/E - - x=7—T+k277
a) Ta c6: — =cos— . Phuong trinh da cho tuong duong vdi: cosx =cos— < Lk OZ
2 4 4 o
X—_Z+k2ﬂ'
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Vay phuong trinh cé nghiém la x = 4 Ty k2m k07
. m T 21 R
b) Ta cé: —5 = —cosg =cos ﬂ—g = cos?(Ap dung cung bu_cos(77-a) =—cosq)
2 2
Phuong trinh da cho twong duong véi: cosx = cos? e X = +? +k2mk 7

4 . . 4 4
c) Vi §<1 nén co s0 a de cosazgza:arccosg. Do dé6:

x= arccos% + k27T

4 =a+k2m
COSX =— < COSX =cosd < * ay kU7
5 x=-a+k2mir _ 4
x——arcc0s§+k2ﬂ
3x—]—T E+x+k27T X=—+kIT
Vig Vig 6 3
d) cos 3x—g =cos §+x = o = LkUOZ
3X‘g: (—+xj+k2]‘[ x=———+krT
3x—45° =30° + k360° =25 +k120°
e) cos(3x—45°):£® cos(3x-45") =cos30" = | -7 k07
2 3x—45° =-30° +k360° x=5"+k120°
3x m_2m _11m k4
3x ) 1 3x T ur |3 a3 ke =t
f) cos| ——— |=—— = cos| ——— |=cos— = 2 4 3 = 18 3 kOZ
2 4 2 2 4 3 3x m_ 2m _ 5m k4m
———==—+k2r7 xX=——+—
2 4 3 18 3

) cos| XDzt o XX pviomr e v = v kankoz
2 6 26 9

h) Vi % >1 nén phuong trinh da cho v6 nghiém.

Bai 2.3. Giai cdc phuong trinh sau:

V3

a) tanx=\/§ b) tanx=—? c) tan(%r—xj:tanbc d) tan(x—15°)= 3 e) tan2x =%

HD» Gidi

a) tanx=\/§ = tanx=tang«= x=g+kﬂ,kDZ

tan 2x ——x Dx+ kT = x—%—k—” k07

b) tanx =— £ tan x = tan L = x=—7—T+k7T,kDZ
3 6 6
ik :

C) tan(

d) tan(x—lS“):? o tan(x—lSO):tan30° o x—15° =30 +k180° = x =45 +k180°,k 07

e) tan2x =l = 2x=arctanl+k7T=» x=larctanl+k—n,k UZ
2 2 2 2 2

Bai 2.4. Giai cdc phuong trinh sau:

a) cotx =? b) cotx=—V3 ©) cot(g—xj:coﬂx d) cot(x—15°)=\/§ e) cot3x=§

HD»= Gidi

14
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a) cotx =—3 = cotx=cot£ = x=£+k7T,k 0z
3 3 3

b) cotx=—/3 = cotx:cot(—gJ < x:—g+k7T,kDZ

c) cot 7—T—x =cot2x < E—x:2x+kﬂ® xZE—k—ﬂ,k Uz
4 4 12 3

d) cot(x—15°)=J§ - cot(x—15°)=cot30° o x—15°=30°+k180° — x=45"+k180°,k0Z

e) cot3x:E = 3x:arccot§+kﬂ<:» x:larccot§+k—ﬂ,kDZ
5 5 3 5 3

Bai 2.5. Giai cdc phuong trinh sau:

ﬂ:o b) cot3x=taﬂ2_ﬂ ¢) (sinx+1)(2cos2x—\/§):0
cos3x—1 >
2
0 tan(%+l2xj:_\/§ e) Sin(x+§jzcos3x f)tan(2x +450)tan(180° _gjzl
HD»= Giai

a) Diéu kién : cos3x#1. Tacé sin3x=0 = 3x = kT.

Do diéu kién, cdc giatri k =2m,mZ biloai, nén 3x =2m+1)1T = x=2m+ l)g,m Uz
Vay nghiém ctia phuong trinh la x =(2m + 1)? ,mU7Z

A , N N T T
b) Nghiém cua phuong trinh la: x = 30 + kg,k Uz

¢) Nghiém ciia phuong trinh 1a: x = —’5T+ k27T VA x = i§+kﬂ,k 0z

d) Nghiém ctia phuong trinh la: x = o +k—”,k Uz
144 12

e) sin(x +2Tﬂj =cos3x < cos3x— cos(x +%Tj =0. Vay nghiém cta phuong trinh:

x:—i-{-k_n-;x :£+kn',k|:|Z
24 2 1

) V6i DKXD ctia phuong trinh, ta ¢6 tan (2x +45°) = cot (45 - x) va tan(lSOO —gj = tan(—gj nén
tan 2x +45°)tan(180° —fj =1 < cot(45° —2x).tan(—1J =1
2 2

- tan(—%j = tan(45° —2x) o x=30° +£120°, k07

ang 2. Tim nghi¢m ctia phwong trinh trén mdt khoing, doan.
- Giai phuong trinh va tim nghiém thoa khoang dé bai cho.

Bai 2.6. Giai cac phuong trinh sau trong khoang da cho:

a) sin2x=—% voi 0<x<7T b) cos(x—5)=73 vOi —IT<x<IT
0 I 0 0 1 o IT
o) tan(2x-15°) =1 v&i —180° <x <90 d) cot3x=—T Vi = <x <0
3
HD» Giai
15
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2x:—]—T+k27T x:—£+kﬂ

a) sin2x =— ; ;
2x=—”+k2ﬂ x=—”+k7T
6 12

1
2

Xét diéu kién 0 < x <77, ta cd

e 0<-Trimeme Lek<liimk=1 (Do kOZ). Vivay: x= 7
12 12 12
e 0<! T vkm<m=k=0.Vivay: x="Z
12 12

Vay: x:M va x—7—n
12

5 x=5="viomr | x=Z+s+rom
b) cos(x—5)=12 o 6 ~| 6 k0Z
2 V4 V4
x—5=—g+k2ﬂ X:_g+5+k2ﬂ'

Xét diéu kién —77< x < 77, ta c6:

. —7T<%T+5+k27'r< 7= k =-1. Do vay, ¢6 xzs-%T
. —n<—g+5+k2n< 7=k =—1. Do vy, c6 x=5—%T
Vay: xZS—E va xZS—ﬂT
6 6

c) tan(2x—15°)=1 o 2x=15"+45" +£180° = x=30"+k90°,k0Z
Xét diéu kién —180° < x <90°, ta c6
o —180° <30° +490° <90° = —2 <%+k<1 - kD{—Z,—l,O}

Vay c4c nghiém ctia phuong trinh 1a: x =-150°,x =-60° va x =30"

Tkt
-—+

d) COt3r = o x= ——,kOZ . Xét diéu kién —g<x<0,tacé:

J3 9

P (LT k0 ~1:0}
2 9 3
Vay cdc nghiém cua phuong trinh la: x = —%T va x = —g

Bai 2.7. S6 gio ¢6 4nh sdng mat trdi ctia mot thanh phd A & vi do 40° bac trong mot ngdy thir t ctia mot
nam khong nhuan duoc cho boi ham sé: d(7) = 3sin {% (t- 80)} +12 v6i 107 va 0<1<365.

a) Thanh phd A c6 diing 12 gio ¢6 dnh sdng mat troi vao ngly nio trong nam ?
b) Vao ngay nao trong nam thi thanh pho A c¢é it gié c6 dnh sdng mat troi nhat ?
¢) Vao ngay nao trong ndm thi thanh phd A c6 nhiéu gid ¢6 dnh sdng mat troi nhat ?

HD»Gidi
a) Ta phai giai phuong trinh: 3sin [%(t —80)} +12=12 v6i (07 va 0<7<365.

Phuong trinh din dén sin [é (t —80)} =0 %(z —80) = kT < 1 =182k +80,(k (1Z)

Miit khic 0 <182k +80 <365 - kD{O;l}
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Vay thanh phd A c6 ding 12 gid ¢6 4nh sdng mit troi vao ngay thir 80 ( ing voi k = 0) va ngay thir 262(

ung véi k = 1) trong ndm.

b) Do sinx = -1 v6i moi x, nén thanh phd A c6 it gio c6 dnh sang mat troi nhét khi va chi khi:

T
in| — (@ —80) |=
SIH[ISZ( )}
Mat khac: 0<364k-11<365

= k=1

=1 voi tU7Z va 0<t<365.Tudésuyra =364k —-11,kUZ

Vay: Thanh phd A c¢6 it gi' 4nh sdng mit tri nhat (9 gid) vao ngay thir 353 trong nam.

a) Tuong tu, ta giai phuong trinh sin {é(r —80)} =1 v6i t0Z va 0<1<365.

Vay: Thanh phé A c6 nhiéu gid 4nh sdng mit troi nhat (15 gid) vao ngay thir 171 trong nam.

C. BAI TAP PE NGHI

Bai 2.7. Giai cac phuong trinh

sau:

N
2

1. sin(2x—300) =-

-1

2. sin (3x +7—Tj =
6

4. sin3x :2
3

5. sin(Zx—l—Tj =sin (2?”—3x]

7. cos (600 —3x) =-

8. cos( +10°] l
2

9. cos(Zx—Z?nj =1

0\ —
10. COS(Zx—S):% 11. COS(3X—T”]=COS(X+;TJ 12. COS(4x+125 )— -1
o _ _
13. tan(25+60°) =3 14. cot| 5x -2 3 15. COS(3x—1350):£
9 3 2
17. sin(9° =9x) =0
sy =) 18. sin(3x—§):—g

16. cot(Zx —%Tj =2

Bai 2.8. Giai cdc phuong trinh

sau:

1. sinx=73 voli 0<x<27m7

2. cosx=73 voi 0<x<2mr

4. —2cos(x+ J+\/_ 0

5. 2cos(45° —x) +/2 =0
vi x[J[180°;340° |

.. T T

VOl —— < Xx<—
2 2
7 3+3oos(£r—xj=0,x i’T,3oj 8. 3sin5x+43=0 véi 9. \/2sin [3)( +’—Tj +1=0 trén doan
4 x0(-90°180°| 6
[2m
Bai 2.9. Giai cac phuong trinh sau:
1. sin3x—cos5x =0 2. tan3x.tanx =1 cos3x 0o
Csin3x—-1

4. sin3x+sin5x =0

5. cot2x.cot3x =1

6. sin 2x.tan[x —%Tj =0

7. cot9x =—tan (g+9xj

8. cos(50°+4x)+sin3x=0

9. sin5x+cosx =0
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§3. MOT SO DANG PHUONG TRINH LUQONG GIAC PON GIAN

THUONG GAP

A. KIEN THUC CAN NAM

Phuong trinh

Ciéch giai

1. Phuong trinh bac nhat, bac hai dbi véi mot
ham s0 lugng giac, trong d6 f(x) 1a mdt bicu
thue luong gidc nao do.

Dit an phu ¢ = f(x) va dat diéu kién cho an phu
(néu c6) rdi giai phuong trinh theo an phy nay va
tir d6 suy nguoc lai nghiém x.

Khi dt = sinx hay ¢ = cosx, diéu ki¢n Ia |1/ <1
Khi dit ¢ = tanx, ¢ = cotx, can luu y diéu kién xdc
dinh ctia tanx va cotx.

2. Phuong trinh béc nhat ddi véi sinx va cosx c6
dang: asinx+bcosx =c,(a’+b>#0) (2)

Thuc hjén cac budc sau:
B1: Kiém tra
» Néu ¢’ +b* <¢? thi phuong trinh (2) v6
nghiém
o Néu a* +b* 2 ¢, ta thuc hién tiép B2

B2. Chia hai v& phuong trinh (2) cho va® +b° .
Twr d6 ap dung cong thirc cong dua phuong trinh
(2) vé phuong trinh luong gidc co ban dang:
sinu =sinv hay cosu =cosv.

3. Phuong trinh thuén nhat bac hai doi vai sinx
va cosx , c6 dang:

asin® x +bsinxcosx+ccos’x=0 (3)
(@ +b>+c* 20)

Cach 1. Thuc hién cac budc sau
B1. Xét cosx =0 o« x :g+kn (nghfa Ia

sinx = +1) c6 phai la nghiém cta phuong trinh
(3) hay khong ?

T . . X
B2. Xét cosx#0 = x¢5+kﬂ, chia hai vé

phuong trinh cho cos” x ta s& c6 duge phuong
trinh bac hai theo mot ham sb lugng giac tanx
Céch 2.

Ap dung cong thirc ha béc, ta dua phuong trinh
(3) vé dang phuong trinh bac nhat ddi véi sin2x
va cos2x.

Phuong trinh dang
asin® x +bsinxcosx+ccos’x =d  (4)
(@ +b*+c” 20)

Viét d = d(sin’ x +cos® x) r6i dua vé dang
phuong trinh thudn nhat bac hai d6i véi sinx va
cosx ( dua vé dang phuong trinh (3) )

B. BAI TAP

ang 1. Giai phwong trinh bac nhat ddi v6i mot ham so6 lwong giac

D— Phuong trinh dang at+b =0,a #0

- Mot s6 phuong trinh bién d6i dua vé phuong trinh bac nhat

- TUr phuong trinh da cho dua vé phuong trinh lugng gidc co ban va giai

Bai 3.1. Giai cdc phuong trinh sau:

a) 2cos(3x—60")+1=0

) \/gtan(%+200J+l =0

b) 2sin(2x—7—TJ+\/§ =0

6

d) \/gcot(x—gJ+3=0

HDx= Gidi
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a) 2005(3x—60°)+1=0 = cos(3x—60°)=—% = cos(3x—60°)=cos120°

3x =60 =120 + k360’ x=90° +k120°
3x =60 =-120° + k360’ x=20" +k120°

b) 2sin(2x—§j+\/§ =0 = sin(2x—§j =—§ = sin(2x—§j=sin(—£}

L LA x=-Likm
6 3 _ 12

2x—7—T:n+7—T+k27T x=3—7T+k7T
6 3 4

X 0 X 0 1 X 0 0

) Btan| 2+20° [+1=0 < tan| = +20° |=—— < tan| > +20° | = tan(=30
: (4 j (4 j J3 (4 j ( )
- %+20° =-30° +£180° < x =-200" +£720°,k 0Z

d) \/gcot(x—gJ+3=0 = cot(x—%T]:—\/g = cot(x—?}=cot(—§]

ex-Z=Tiime x="vkmkoz
3 6 6

Bai 3.2. Giai cdc phuong trinh sau:

a) \/gtan2x+3=0 b) cos(x+30°)+2cos2 15° =1

c) 2cosx—\/§:O d) 800s2xsin2xcos4x=\/5

HDx= Giai
a) \/gtan2x+3:0 < tan2x:—\/§ = tan2x:tan(—gj = x:—g+k7ﬂ
Tk

(luu y PK: cos2x #0). Vay, nghiém cua phuong trinh la: x = —g +7,k UZ

b) cos(x +30°)+2cos2 15°=1 « cos(x +30°) =1-2cos’15° = cos(x +30°) =-co0s30°
x=120° +£360° ‘
x=-180° +k360°
Vay, nghiém ctia phuong trinh 1a: x =120° +k360° va x =-180° +k360°,k 0 Z

= cos(x+30°)=cos1500 = { By

c) ZCosx—\B:O = COSX =73 = x=ig+k2ﬂ
Ik
TRt
d) 800s2xsin2xcos4x=\/5 = sin8x=— = LkOZ
2 3m ki
x=—+—
32 4
Vay, nghiém cua phuong trinh 1a x = 7 +k—ﬂ va x = 3—”+k—ﬂ, kOZ
32 4 32 4
Bai 3.3. Giai cac phuong trinh sau:
a)cos2x—sinx—1=0 b) cosx.cos2x = 1 + sin2x.sinx
¢) 4sinxcosxcos2x =-1 d) tanx = 3cotx
HD»= Giai
a) cos2x—sinx—1=0 « 1-2sin* x —sinx—-1=0
19
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x=kmr
sinx =0 T
= sinx(2sinx+1)=0 < | 1 e |x=——+k2m,k0Z
s1nx25 6
x:%”+k2n

Vay, phuong trinh ¢6 cdc nghiém 1a x = k77, x = _]ET +K27T VA x = 7?” +k277 v6i kOZ

b) cosxcos2x =1+sinxsin2x < cosxcos2x —sinxsin2x =1

= cos3x=1 = x—%T kUZ. Vay, phuong trinh c6 nghiém Ia x—%-[ kOZ

¢) 4sinxcosxcos2x=-1 = sindx=-1 = x=—§+k7ﬂ kOZ

d) tanx =3cot x . Pidu kién sin2x £ 0 x¢%”,k 0z

Tacé tanx = o tan’x=3 o tanx =+J3 = x = 3+kﬂkDZ

tan x

So v&i diéu kién, phuwong trinh ¢6 nghiém 12 x = 3 4 km k7

- Phuong trinh dang at* +bt +¢=0,a %0

- Mot s6 phuong trinh bién d6i dua vé phuong trinh bac hai
- TUr phuong trinh da cho dua vé phuong trinh lugng gidc co ban va giai
- Luu y diéu kién cua bai todn (néu c6)

D ang 2. Giai phwong trinh bic hai d6i véi mot ham s6 lwong giac

Bai 3.4. Giai cdc phuong trinh sau:

a) 2sin’ x +5sinx—3=0 b) cot’3x—cot3x-2=0
c) 4c0s2x—2(1+\/5)c0sx+\/§=0 d) Stanx—2cotx—-3=0
HDx= Giai
a) bat sinx =1 ( v6i MS 1(¥)), ta dugc phuong trinh 22 +5¢-3=0 = 1 =%,t2 = -3 (khong théa (*))
| x="vrom
Véis t=—=sinx=— | O kOZ.
2 2 S
x=?+k2ﬂ

Vay, phuong trinh da cho c6 cac nghi¢m la: x = %T+ k21T va x = 5?”+ k2m, k07
b) Piéu kién: sin3x # 0(*) Dit r = cot3x, ta duoc phuong trinh £ —t-2=0 = t=-1,1=2

Véi t=-1=cot3x=—1 = x-§+%” kOZ

Véi 1=2 = cot3xr=2 = x=%arccot2+k?n,kDZ,kDZ

So véi (*),vay phuong trinh di cho cdo cac nghiém x = %T+% va x = %arc cot2 +% kOZ

| %

c) bat r = cosx, (véi MSI), ta duoc phuong trinh 4¢° —2(1+\/§)t+\/5=0 e 1 —%
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1 T
CoSXx =— x=x—+k2m7

3_ - k07
cosx=—2 x:i§+k2ﬂ

2

Do d6: 4cos2x—2(l+\/5)cosx+\/5 =0 =

Viy, phuong trinh di cho c6 cdc nghiém 1a x = i%r +R27T VA x = J_rf{ + k2, k07
d) Diéu kién sin2x # 0, khi d6 ta c6 tanx # 0

Stanx—2cotx—3=0 = Stanx—2 -3=0 = Stan’x—3tanx—-2=0

tan x

T
tanx =1 X=Z+k7f

JkOZ

<= 2 <
tanx = ——
5

2
x= arctan(—gj +kir

So véi BK, phuong trinh da cho ¢6 cdc nghiém x = %T+ kmmva x = arctan(—%J +kmr, kOZ

Bai 3.5. Giai cac phuong trinh sau:

a) 2cos’x—3cosx+1=0 b) cos® x+sinx+1=0
o) \/Etan2x—(1+@)tanx +1=0 d)cos(4x +60°) ~5cos(2x +30°) +4.=0
HDw Gidi

a) Phuong trinh da cho c6 cac nghiém 1a x = k277 va x = ig+ k2m, kOZ
b) Phuong trinh da cho ¢6 nghi¢m 1a x = —g+ k2, kOZ

¢) Phuong trinh da cho ¢6 cdc nghiém la x :%T+k7T va x :%T+ kmr, kUZ
d) cos(4x+60°)—5c0s(2x+30°)+4:0 - 2cos2(2x+30°)—5cos(2x+30°)+3=0

cos(2x+30°) =1
(206+307)

cos(2x + 300) :%

ang 3. Phwong trinh bic nhét ddi voi sin va cos
- Phuong trinh c6 dang asinx +bcosx =c,(a’ +b*> % 0)
- B1: Kiém tra

e Néu a*+b* <c’ thi phuong trinh v nghiém
e Néu a® +b* 2 ¢?, ta thuc hién tiép B2

o 2x+30° =k360° = x=-15"+k180°, kOZ

- B2. Chia hai vé phuong trinh cho va’® +b* . Tir d6 4p dung cong thirc cong dwa phuong trinh vé phuong
trinh lugng gidc co ban dang: sinu =sinv hay cosu =cosv.

Bai 3.6. Giai cic phuong trinh sau:

a) \/Esinx—cosx:1 b) 2sin3x+\/gcos3x:—3 ¢) 3cosx+4sinx =-5
. . 1
d) 5sin2x—6¢cos* x =13 e) 2sin2x —2cos2x :\/5 f) sm2x+s1n2x:E
HD»= Giai
Vg m) 1 x_]—T+k27T
a)\/gsinx—cosx=1=»2sin x—— |=1 e sin|x——|=— = 3 , kOZ
6 6 2
x=m+k2mr
21
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b) 2sin3x +\/gcos3x=—3 - 3(%sin3x +§cos3x}=—3 - 3(sinasin3x+cosacos3x)=—3.Trong

a+m kit
+ —

do sina=g;cosa=—5.Dédé: cos(3x—a)=—l<=» X = , kOZ
3 3 3

c) x=m+a+k2m, k07 trong d6 a la s6 thoa man cosa :%va sina :%
d) 5sin2x—6c¢os’ x =13 = 5sin2x —3cos2x =16, phuong trinh vo6 nghiém.
¢ x=wkmva x= vk, k07

24 24

f) sin2x +sin” x :% = 2sin2x—cos2x =0, voi cos2x #0, tacd tan2x :% = X :%arctanéﬂcﬂ,

kOZ

Bai 3.7. Giai cac phuong trinh sau:

a) sinx=\/Esin5x—cosx b) ‘1 + ! = .2
sin2x cos2x sindx
¢) sinSx +x/§cos5x =2sin7x d) \/§c0s5x—200s3x+sin5x =0
HD»= Giai
a)sinx:\/asinS)c—cosx < sinx +cosx=\/5sin5x
m kT
x=—+—
< sin x+]—T =sind5x < 16 2 kU7
4 T kit
+ —
8 3
b) bBKXD: sindx #0,
| 1 ) x=kmr
ta co: — + =— < sin2x+cos2x =1 & T , kUZ
sin2x cos2x sindx xX=—+kimr

Ca hai nghiém déu khong thoa diéu kién bai toan. Vay, phwong trinh da cho v6 nghiém.

ju x:£+kﬂ
c) sin5x+\/§cos5x=251n7x = sin| Sx+— |=sin7x = 16 k07
3 Tk
=+
18 6
d) \/50035x—200s3x+sin5x =0 = \/§COSSX+SiH5x =2cos3x
. x=£+k7T
= CcoS| Sx—— |=cos3x = 12 LkOZ
6 T ki
X=—+—
48 4
Bai 3.8. Giai cic phuong trinh sau:
a) 4sinx—-3cosx =5 b) 3cosx+2\/§sinx:2
2
¢) 3sin2x +2cos2x =3 d) 2sin2x +3cos2x =+/13sin14x

HDx= Gidi

a) x:a+g+k2ﬂ, kOZvéi @ thoa man sina=%;cosa=%
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3 23

b) x=a++k2m, k07 trong d6 cosq =——,sin@ =—== va cos

NETRNY! T

n 3
—a+kmx=—+km, k[Z trong d6 cosa =—— s1na=—
4 13 J13
a |k m-a ki

d) x=—+—,x= +—,kUZ trong d6 cosa =

2
12 6 16 8 o T

T
c) x=—
) 2

Bai 3.9. Giai cac phuong trinh sau:

a) sin2xsin5x =sin3xsin4x b) cosxsin5x =cos2xcosdx
¢) cos5Sxsindx =cos3xsin2x d) sin2x +sin4x =sin6x
HD»= Giai

a) sin2xs8in5x =sin3xsin4x < %(cosBx—cos%c) =%(cosx—cos7x)

x=km .
< Cos3x =cosx < | fg e x:7,kDZ

x=km -
b) cosxsinSx =cos2xcos4x < cos4x =cos2x < |  f < x—? kOZ

¢) Phuong trinh da cho ¢6 cac nghiém 1a x = %T va x = % +k77'[ kOZ

d) sin2x+sin4x =sin6x < 2sin3xcosx =2sin3xcos3x

i _km
S _ kT
sin3x =0 3 Y
= sin3x(cosx—cos3x)=0 = e | XxX=kIT = LkOZ
cosx =cos3x kmr
Y
i 2
Bai 3.10. Giai cic phuong trinh sau:
a) sinxsin7x =sin3xsinSx b) sin5xcos3x =sin9xcos7x
¢)cosxcos3x —sin2xsin6x —sin4xsin6x =0 d)sin4xsin5+sin4xsin3x—sin2xsinx =0
HD»w Gidi

. . . . 1 1
a) sinxsin7x =sin3xsin5x < E(COS 6x —cos 8x) = E(COS 2x —cos 8x) = c0sbx =cos2x
A A, N - . kit
Vay, nghiém cta phuong trinh da cho la x = 7 kOZ
b) sin5xcos3x =sin9xcos7x < %(sin 8x +sin 2x) =%(sinl6x +sin 2x) = sin8x =sinl6x

Vay, nghiém phuong trinh da cho 1a x = km vax=—+—, kUZ
4 24 12
¢) cosxcos3x—sin2xsin6x —sin4xsin6x =0

1
= E(cos4x +cos2x —cos4dx +cos8x—cos2x + colex) =0

Vay, nghiém cta phuong trinh da chola x = %T+ kmrva x = % +? kOZ
d)sin4xsin5+sin4xsin3x —sin2xsinx =0

) . 1
= sin4xsin5 +5(cosx—cos7x+cos3x—cosx) =0
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= sin4xsin5x +sin5xsin2x =0 < sin5x(sin4x +sin2x) =0

Vay, phuong trinh da cho c6 cac nghi¢m x :%T,x :k?n va x = ig+k2ﬂ, kOZ

Bai 3.11. Giai cic phuong trinh sau:

a) sin” x +sin” 2x +sin” 3x =% b) sin’3x +sin’ 4x =sin” 5x +sin” 6x

c) cos® x +cos® 2x +cos” 3x +cos” 4x =2 d) cos®3x +cos® 4x +cos’ 5x :%

e) 8cos’ x =1+cosdx f) 3cos® 2x —3sin® x +cos” x =0
HD» Gii

a) Ta c6 sin® x +sin’ 2x +sin* 3x = % —%(cos 2x+cosdx +cos 6x) . Do d6 phuong trinh da cho tuong

duong vdi cos2x +cosdx +cos6x =0 = cosdx+2cosdxcos2x =0 = cosdx(1+2cos2)=0

Vay, phuong trinh da cho c6 cic nghiém x = %T+k7ﬂ va x = i§+ kmr, kOZ
b) Dung cdng thitc ha béac, rit gon ta dugc:
cos6x +cos8x =cosl0x +cosl2x = 2cos7xcosx =2cosllxcosx

Vay, phuong trinh da cho ¢6 cdc nghiém x = %T,x = %T, kOZ
c¢) Phuong trinh da cho c6 cdc nghiém x =g+kﬂ,x =%T+k7ﬂ va x =%+k?ﬂ, kOZ

d) Phuong trinh di cho c6 cc nghiém x = % +%” va x = ig +k77, kOZ

e) Str dung cong thirc 2cos” x =1+cos2x va 1+cosdx =2cos’ 2x dé bién ddi dua vé phuong trinh bac

hai ddi cos2x. Vay, phuong trinh d4 cho c6 nghiém x = ig+ kmr, kUZ

f) Phuong trinh da cho c¢6 cic nghiém x = g+ krmrva x=xa+km,kZ, trong d6 cos2a :%

Bai 3.12. Giai cic phuong trinh sau:
a) 1+sinx—cosx—sin2x+2cos2x =0 b) cosxtan3x =sinSx
— = sin’ x — d) \/g +

— — =8sinx
sin x sin” x cosx sinx

¢) sinx —

HD» Giai
a) Ta cé: 1—sin2x =(sinx —cos x)*;2cos2x =2 (cos2 x —sin’ x) = =2(sinx —cos x)(sin x + cos x)
1+sinx—cosx—sin2x+2cos2x =0 = (sinx—cosx)(1-sinx—3cosx)=0
_ {sin X =Cosx

3cosx+sinx =1

Vay, phuong trinh da cho c6 cdc nghiém x = 72T+ kmmvax=az arccosL +k2m, kUZ

Jio

. 1
,sing =—

Jio

Trong d6 cosa = 3
Jio

b) Piéu kién cos3x %0
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cosxtan3x =sinSx = cosxsin3x =cos3xsinSx

_kmr
Ty ,kOZ
= l(sin4x+sin2x)=l(sin8x +sin2x) = sin8x =sin4x < 2
2 2 T kT
12 6
So v&i diéu kién, nghiém ciia phuong trinh di cho: x=k—ﬂ va x=%+k?ﬂ, kUZ
c) Diéu kién sinx # 0
sin x ——— =sin’ x - '12 o (sinx—sinzx)+( _12 - ,1 ]=0
sin x sin” x sin" x sinx
—q1 : :1
o sinx(1-sinx)+ 150X = (1=sinx)(sin’ x+1)=0 = | 77570 x=+2 k2, kOZ
sin” x sinx = -1 2

So v6i didu kién, nghiém cita phuong trinh da cho: x = ig +k27, kOZ

d) biéu kién sin2x # 0

N

+ .
cosx sinx

) . ) ) 1—cos2x
=8sinx = \/§s1nx+cosx:8s1n2xc0sx = \/§s1nx+c0sx:8.—cosx

= +/3sinx+cosx =4cosx—4cos2xcosx < x/gsinx—3cosx:—2(cosx+cos3x)

) 1 3. T
= cosSx—+/3sinx =2cos3x = cos3x =Ecosx—75mx = cos3x =cos| x+—

T
x=—+kir

- 6 k07 ( thoa diéu kién sin2x #0)
T ki

12 2
D ang 4. Phuong trinh bic nhit bac hai déi véi sin va cos

- Nam phuong phdp giai
- Kiém tra di€u kién ctia phuong trinh.

Bai 3.13. Giai cic phuong trinh sau:

a) 4sin” x —5sinxcosx —6c¢cos*x =0 b) sin”> x —+/3sinxcosx+2cos’x =1
c) 2sin? x +3+/3 sin x cos x —cos? x =4 d) 3sin2x+4sin2x+(8\/§—9)cos2x =0
HDx= Giai

a) 4sin’ x —5sinxcosx —6¢cos’ x =0. Khi cosx =0 thi sinx = +1, vé trdi bellng’4, con vé phai bang 0.
Neén cosx = 0 khong phai la nghiém cta phuong trinh.. Vi cosx # 0, chia hai vé phuong trinh cho
tanx =2 x =arctan2 + k7T
cos’ x, ta dugc: 4tan’ x=5tanx-6=0 3 - ( 3) , kOZ
tanx = —— x =arctan| —— |+k71T

b) sinzx—\/gsinxcosx+2coszx=1 = sinzx—\/gsinxcosx+2cos2x=sin2x+cos2x

o —/3sinxcosx+cos’x=0 « cosx(—\/gsinx+cosx):0

¢) Phuong trinh vd nghiém
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d) Phuong trinh da cho c6 nghiém 1a x = —%’ +hTTVA x = arctan(—% +3 j +kr, kOZ

Bai 3.14. Giai cdc phuong trinh sau:

. . 1
a) sin” x +sin2x —2cos” x :E

¢)3sin® 2x —sin2x cos2x —4 cos* 2x =2

b) 2sin2x+(3+\/§)sinxcosx+(\/§—1)coszx=—1

d) 3sin® x —sin2x—cos*x =0

HD» Gidi

a) Phuong trinh da cho c¢6 cdc nghiém 1a x = %T+ k7T va x =arctan (—5) +km, kOZ

b) Phuong trinh da cho ¢6 cdc nghiém 1a x = —’ZT +hITVA x = —%T vk, kOZ

¢) Phuong trinh da cho c6 cac nghiém la x = %arctan (—2)

kmr

1 kmr
+— va x =—arctan3 +—
2 2 2

kOZ

d) Phuong trinh da cho c6 cdc nghiém la x = 727+ kmva x= arctan(—%} +kmr, kUZ

C. BAI TAP PE NGHI

Bai 3.13. Giai cdc phuong trinh sau

1. v3cot2x+3=0

2. tan(%+12xJ+\/§ =0

3. 2sin3x++/2sin6x =0

4. 2sin (3x-120°)+/3=0

0

5. \/Ecos(§+

Ej_l
5

6. 3 tan (3x-45")+1=0

Bai 3.14. Giai cac phuong trinh sau

1. 2cos* x—3cosx =—1

2. 4sin’4x+3sindx—-1=0

3. 6sin22x—(8+3f3)sin2x+4f3 =0

4, 20052( —Ej—oos(Zx—Ej—?aZO
3 3

6. 2cos’4x—Tcosdx—-4=0

7. 2sin*4x+9sin4x-5=0

s )t

9. \Etanzx—(lhﬁ)tanxﬂzo

10. 4cos’ x—2(1+\/5)oosx+\/§ =0

sl
2+3 =0

11. 2sin® x+7sinx—4 =

12. 3cos?2x—7cos2x+4=0

Bai 3.15. Giai cac phuong trinh sau

1. c0s2x+\/_sinx—1:0

2. cosx :\/Esin%c—sinx

3. \/gcos5x+sin5x =2cos3x

4. 2sin{x+10°) 12 cos x+10°) =3

5. \/3cos8x—2sin4xoosdx =—sin’ x—aos’ x

6. 3sin§— 3cos§ = _\/§

7. 4cos’ x+3\/§sin 2x=8cosx

8. 3\/§sin( j 3005( j 32

9. \/gsin Tx—cosTx= —\/5

10. ﬁcosSx—sinSx =\/§

11. 3sm(3—2x]—\f3008( —2x] =6

12, «/éas(g—&jh/isin(g—&]:ﬂ

13. \/gsin2x—cos2x=\/§

14. sin 2x—\/§cos 2x = \/5

15. \/gsin dx—-cosdx = —\/g

Bai 3.16. Giai cic phuong trinh sau

1.

sinx+aos’ x=3sin® xcos x—4sin’ x

=0

2sinx—1

(1+sin2x)oosx+(1+C()S2x)sinx_

1+2sinxcosx

3. cos3x+2cos2x=cosx+2
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Tai liéu hoc tap

Toan 11

GV. Lw Si Phap

4 (2cosx—1)sin4x

COS X —sin x

=2sin2x

5. lsin4x+cos2 X =l
2 2

cosx(cosx+sinx)—1 _

6. 0

COosS x —0082 X

7. 2sin2x+2cosx =0

sin2x-+4sin’ x+2sinx(1—cosx) _

9. 5sin8x—2sinx.sin3x—2sin’ x+1=0

cm3x+2sin2xcmx—85in2x—0fsx+sinix
10. 2o
.
s>

2

8. 0
Zoosx—x@
cos” 2x+6sin” x—cos® x——
11. 2
cos3x+1

12.
4sin 6x —8sin5x.cos x—2cos” x+1=0

13. cos® 3x+oos” Sx=sin® 4x-+sin” Gx

(cosx—sinx)(1+sin2x)—oosx—sinx
tanx+H

14. =0

15 (sinx—oosx)(1+sin2x) +oosx+sinx _
' ot x+l

0

Chwong 1. HSLG & PTLG

27

Phian Ty Luin




Tai liéu hoc tap Toan 11 GV. Lw Si Phap

ON TAP CHUONG I

I. Ham s6 lrong gidc: Can nam céc dang toan co ban
1. Tap xdc dinh ctia ham s luong gidc
2. Tép gid tri: Tim gid tri 16n nhét, gia tri nho nhét ctia ham sb
3. Xét tinh chin 1¢ ctia ham s
4. Xét sy dong bién, nghic bién cua ham s
5. Chu ki tuan hoan
I1. Phwong trinh lwgng giac
1. Phuong trinh lugng gidc co ban
- Ném dugc cdch giai ting phuong trinh cy thé
Véi u=u(x),v =v(x) va u,v1am cho biéu thirc c6 nghia, k07

. . u=v+k2m u=v+k2mr
1/sinu =sinv = 2/cosu=cosv =
u=m-v+k2m u=-v+k2m
3/tanu—tanv = U= v+kﬂ 4/cotu=cotv = u=v+kimr

2. M6t s6 phuong trinh dua vé phuong trinh luong gidc co ban
a/ Phuong trinh bac nhét, bac hai dbi véi mot ham s6 lugng gidc:

Phuong trinh ¢6 dang: at +b =0;at> +bt +c =0, t —{sm u,cosu, tan u,cotu} .
Luu y: Khi dat ¢ ={sin u,cos u} diéu kién 1a |t| <1.Phuong trinh béc 2 cung mot géc u .
b/ Phuong trinh bac nhat di vé6i sinu,cosu
Phuong trinh cé dang: asinu +bcosu =c hay asinu +bcosu = csinv(hay = ccosv)
Luu y: - Kiém tra phuong trinh cing mét géc u
- Diéu kién c6 nghiém ctia phuong trinh: a® +b* = ¢?.
¢/ Phuong trinh khong mau muc
Luu y: - Nam viing cac cong thuc luong gidc
- Bién d6i dua vé cac dang phuong trinh da biét cach giai
A=0

- Phuong trinh tich: AB=0 =
B=0

Bai 1. Giai cac phuong trinh sau

a) \/§—2sin2x20 b) 2cos(—+—] \/_ 0

c) 2tan(2?x—200]+\/§=0 d) 4sinx.cosx.cos2x =1
e) ZSinx—\/Esin2x=0 f) tan2x.sinx+\/§(sinx—\/§tan2x)—3\/5=0
o) (2sinx+1) —(2sinx+1)(sinx—§j=0 h)8cos’ x—1=0
2
HD» Giai
\/5 - x=7—T+kIT
a)\/§—251n2x=0=» sin2x =— < sin2x =sin— < 6 k07
2 Vs
x=—+kmr
3
x T x T 3 Vs x=_£+k6ﬂ
b) 2cos| —+— —\/§=0 = Cos| —+— |=——=cos— = 4 kU7
3 4 3 4 2 6 5T
x=—T+k67T

¢) biéu kién : x 135" +£270°
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Tai liéu hoc tap Toan 11 GV. Lw Si Phap
2x 0 _ 2x 0| — 3 _ 0 _ 0 0
2tan ?—20 +\/§—0 = tan ?—20 ——T—tan(—30 ) = x=-15"+k270", k0%
d) 4sinx.cosx.cos2x =1 < sindx =1 = x=7§T+kT]T,kDZ
sinx =0 x="vkom
e) 2sinx—+/2sin2x =0 < N k07
cosx =—

f) Didu kien x # Z+X7
4 2

x=+" ko
4

tan 2x.sin x +\/§(sinx—\/§tan2x)—3\/§=0  (sinx=3)(tan2x ++/3) =0

= tan2x=—\/§ = x=—7—T+k—”
6 2
, 3 2sinx+1=0 | x=——+k2m
o) (2sinx+1)" =(2sinx+1)[ sinx-2 |=0 o 5 - sinx=-- - 6 k07
2 sinx+==0 2 _7
2 x=—+k2mT
6
2 -1=0
h) 8cos’x—1=0 = cozsx = cosx=l~=» x=i£+k2ﬂ,kDZ
cosx+cosx+1=0 2 3

Bai 2. Giai cic phuong trinh sau
a) cosx.cos3x =cosS5x.cos7x
C) cos2x.cosS5x =cos7x

e) sin3xsin5x =sinl1x.sin13x

b) sin3x.cos7x =sinl13x.cos17x
d) sin4x.sin3x =cosx

f) sinx.sin2x.sin3x = %sin 4x

o i HDx= Gidi
Dung cdng thure bién doi tich thanh tong va tim ra nghi€ém ctia phuong trinh.
_km
X =—
a) cosx.cos3x =cosS5x.cos7x = cosdx =cosl2x = k4 ,kOZ
x = _]T
8
_km
b) sin3x.cos7x =sin13x.cos17x = sin10x =sin30x o 10 oz
N
40 20
_kn
¢) cos2x.cosS5x=cos7x = cos3x=cos7x = k2 Lk OZ
X :_7T
5
T kT
=4+
d) sin4x.sin3x =cosx <= cosS(/T—7x)=cosx = 8 4 kUZ
T ki
=4 —
6 3
29
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Tai liéu hoc tap Toan 11 GV. Lw Si Phap

_kn
e) sin3xsinS5x =sinllx.sin13x = cos8x =cos24x = 8 Lk OZ
_KIT
16
T kT
| =4+
f) sinx.sin2x.sin3x =—sindx < sin2x.cosdx=0 = | S 2 x0Z
4 _ ki
X =—
2
Bai 3. Giai cac phuong trinh sau:
a) 1+2cosx+cos2x =0 b) cosx +cos2x+cos3x+cosdx =0
¢) sinx +sin2x +sin3x +sindx =0 d) sinx +sin2x +sin3x =1+cosx +cos2x
e) cos® x +cos’ 2x +cos’ 3x +cos’ 4x =2 f) 1+sinx+cos3x =cosx +sin2x +cos2x
HD»= Giai
cosx =0 x—E+k7T
a)l+2cosx+cos2x=0 = 2cosx(cosx+1)=0 = = ) Lk OZ
cosx =-1 _
x=mT+k2m
b)cosx+cos2x +cos3x+cosd4x =0 = 2cos2x.cosx+2cos3xcosx =0
_ x:LT+kIT
cosx =0 2
2
= 2cosx(cos2x +cos3x)=0 = 2cosx.coss—x.cos£20 = coss—x:0 < _7_T+k_7T kUOZ
2 2 2 5 5
X=71T+k21T
cos—=0
k2
X=—
5

c¢) Phuong trinh c6 nghiém la | x = g+ km kOZ

x=-T+k27mT

d)sin x +sin2x +sin3x = 1+ cosx +cos2x < 2sin2xcosx +sin2x =2cos> x +cosx =0

= cosx(2cosx+1)(2sinx—1)=0
Vay, nghiém cua phuong trinh x =g+ kit,x = 12?”+ k2711, x =%T+ k27T, x =5?”+ kK2 k0Z

e) cos® x +cos’ 2x +cos*3x+cos’4x =2 = cos2x +cosdx +cos6x +cos8x =0

Vay, nghi€m cua phuong trinh x=7—T+k7T,x =£+k—”,x —£+k—” kU7,
2 4 2 10 5
f) 1+sinx+cos3x =cosx+sin2x+cos2x = (2sinx +1)(sinx—sin2x)=0

Vay, nghiém cua phuong trinh x = —g +k2iT X —% +k271,x = k21T, x —%T+k%7 kOZ

Bai 4. Giai cic phuong trinh sau:

a) sin’ x +cos’ x =cosx b) sin’ xcos3x +cos’ xsin3x =sin’ 4x
. ) 1 ) )
¢) sin’ xcosx —cos’ xsinx =— d)2cos’ x +sinxcosx +1=2(sin x +cos x)
e)cos’ x —sin’ x =sinx —cosx f)(ZSinx+1)(300s4x+251nx—4)+40052 x=3
HDx= Giai

a) sin’ x+cos’ x =cosx < sin’ x+cos’ x—cosx =0 < sin’ x +cosx(cos’x—1)=0
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Tai liéu hoc tap Toan 11 GV. Lw Si Phap

sinx =0 x =k
< sin’ x —sin® xcosx =0 = | o T sk OZ
sinx—cosx =0 x=z+k7T

b) Ta can chd y: sin3a@ =3sina —4sin’ @ = sin’ @ =Z(3s1na—s1n3a’)
1
cos3a =4cos’ @ —3cosa = cos’ a =Z(00530’—3cosa)

\ 2 . 3 . _ .3 3 . .
T dé  sin’ xcos3x +cos’® xsin3x =sin’ 4x = Zs1n4x—s1r13 4x

o 3sindx—4sin’ 4x =0 o sinl12x=0 o x:%

-3 3 . _1 . .2 2 1 . _1
c) sin” x cosx —cos )CSlIl)C—Z < SINXCOSX|SImMm X—COS X)=— « _ZSIH4X_Z

1
4
. T kT
= sindx=-1e x=——+—kU07Z
8 2

d) 2cos’ x +sinxcosx +1=2(sinx +cosx) « 2cos’ x—2cosx +sinxcosx+1-2sinx =0
& 2cosx(cos’ x—1)+sinxcosx+1-2sinx =0 « —2cosxsin’ x +sinxcosx+1—2sinx =0

= sinxcosx(1-2sinx)+1-2sinx =0 = (1-2sinx)(sinxcosx+1)=0

x_”+k27T
1-2sinx =0 "6
| s e sinx =— = ;kOZ (Vi sinxcosx+1=0 v6 nghiém )
sinxcosx+1=0 2 _Sm
x_?+k2ﬂ

e) cos’ x —sin’ x =sinx —cosx < (lsin2x+2j(sinx—cosx):0 - x:§+kﬂ (Vi %sin2x+2=0 vO
nghiém)
) (2sinx+1)(3c0s4x+2sinx—4)+4cos2x:3
< (2sinx +1)(3cos4x +2sinx —4) +4(1-sin? x) =3 =0
3cosdx +2sinx —4)+1-4sin’ x =0
)

2sinx +1

A d

( )
= (2sinx+1)(
( )(3cosdx +2sinx —4)+(1-2sinx)(1+2sinx) =0
= (2sinx+1)[3cos4x+2sinx~4+1-2sinx | =0 = (2sinx +1)(3cosd4x ~3)=0

x=—7—T+k27T
| 6
o (TS x:%T+k2ﬂ;kDZ
4x=1
cos4dx km
X =—
| 2
Bai 5. Giai cac phuong trinh sau:
a) 2sinx +cotx =2sin2x +1 b) tanzx(l—sin3x)+cos3x—l=0
c) 1+cot2x =M d) 6sinx—200s3x=ssm4ﬂ
sin® x 2cos2x
+
e) ‘[an2x=1 C_Osx f) 2tan* x+3 =
1+sinx cos X
HD»= Giai
31
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Tai liéu hoc tap Toan 11 GV. Lw Si Phap

a) Véi déu kién sinx 20, tacéd 2sinx +cotx =2sin2x+1 « 2sin® x +cosx =4sin” x cosx +sinx
2sinx—-1=0 4))

- (2sinx—1)(sinx—cosx—2sinxcosx):0 e | _
sinx—cosx—2sinxcosx =0 (2)

x="viom
Giai (1): 2sinx-1=0 < 6 k0Z
S
x=—+k2m
6

Giai (2): sinx—cosx—2sinxcosx =0 , dat  =sinx —cosx = —2sinxcosx =¢> —1voi MS\/E

-1++/5
2

sinx—cosx—2sinxcosx=0 o t*+¢t—-1=0 < ¢= ( thoa diéu kién MS\/E)

Suy ra: sinx —cosx = _1+\/§ - cos(x+£j=i - x=—7—Tiarccos 1_\6 +k2m, kUZ
2 22 22

b) Vi diéu kién cosx # 0, ta cé

tan’ x(l—sin3x)+cos3x—1 =0 « sin’ x(l—sin3x)+cos2 x(cos3 x—l) =0

o (1 —cos’ x)(l —sin’ x) —(1 —sin’ x)(l -cos’ x) =0

o (1-sinx)(1-cos x)[(l +cos x) (1 +sin x +sin’ x) - (1 +sin x) (1 +cosx +cos’ x)} =0
= (1-sinx)(1—cos x)[(sinx +cos x) (sinx —Cos x) +sin x cos x (sinx —cos x)] =0

= (1—-sinx)(1—cosx)(sinx —cosx)(sinx +cosx +sinxcosx) =0

1-sinx=0 (1)
1-cosx=0 2)
sinx—cosx =0 3)

sinx+cosx+sinxcosx =0 (4)
Phuong trinh (1) khong thoa diéu kién cos x # 0
Giai phuong trinh (4), ta dt ¢ =sinx +cosx véi [ < J2

J2-1
5

. , N m T .
Vay, nghiém cua phuong trinh: x :Z+k7'[,x =k2m,x :Zi a+m2rk,m7 voi cosa =

1—-cos2x

¢) Vi diéu kién sin2x #0, ta cé 1+cot2x = o sin’2x +sin2xcos2x =1 —cos2x

sin” x
= 1-sin’2x—cos2x —sin2xcos2x =0 < cos’2x —cos2x —sin2xcos2x =0

= cost(cos2x —sin2x —1) =0

Véy, nghiém ctia phuong trinh x = %T +%’T x = —’ZT +17k,10Z (Chi ¥ loai nghiém khong thod diéu

kién)

d) Véi diéu kién cos2x #0, ta cé 6sinx —2cos> x =5s12n4$ = 6sinx—2cos’ x =5sin2xcos x
COSZX

. 3 — . . 3 . —
= 6sinx—2cos’ x =10sinxcos® x = 3sinx—cos’ x —5sinxcos’ x =0

V6i cosx # 0, chia hai vé cho cos” x ta dugc mot phuong trinh d6i v6i tanx. Nhung céc nghiém cua
phuong trinh nay déu khong thod diéu kién cos2x Z0.
Vay, phuong trinh da cho v6 nghiém
A . T 2 1-cos’
e) C4c nghiém cua phuong trinh x = 77+ k27/7,x = Z +kmkOZ (viét tan® x = lezx)
—sin” x
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Tai liéu hoc tap Toan 11 GV. Lw Si Phap

f) Véi diéu kién cosx # 0, dat ¢ = ,tacé 2¢> =3t+1=0. Vay, nghiém ctia phuong trinh

coS X
x=kmkOZ

Bai 6. Giai cic phuong trinh sau:

1B

a)3sin3x—\/§cos9x:1+4sin33x b) —+ =8sinx
sinx cosx
c) tanx—3c0tx:4(sinx+ 3cosx) d) 2\/5(sinx+cosx)cosx =3+cos2x
. T 1 1 .3 3 .
e) 2\/§s1n xX+—|=——+ f) sin” x +cos” x =sinx —cosx
4 Sinx COSsXx
HD»= Giai

a)3sin3x /3 cos9x = 1 +4sin’ 3x < (3sin3x — 4sin? 3x)—\/§cos9x =1

_m k2
1 NG 1 ) 1 13 o
= sin9x—\/§cos9x:1 = —sin9x ———cos9x =— = sin| Ix—— |=— = kUOZ
2 2 2 3 2 T k2T
54 9

A

sSiInx COSX

) 1-cos2x )
= 3smx+cosx=8.Tcosx«= 3sinx+cosx =4cosx—4cos2xcosx

b) Diéu kién sin2x #0, tacd =8sinx = \/gsinx+c0sx:8sin2xcosx

= +/3sinx—3cosx =-2(cosx +cos3x) < cosx—+3sinx =2cos3x

Vs
T x:g"'kﬂ'
= cos3x=cos|x+— | = kOZ
3 _ I kmr
X=——+—
12 2

¢) Diéu kién sin2x #0,

tanx—3cotx=4(sinx+ 3cosx) = sinzx—3cos2x=4sinxcosx(sinx+ 3cosx)

inx++/3 =0 1
= (sinx+ 3cosx)(sinx—\/gcosx—2sin2x)=O - | cosx O
sinx —+/3cosx—2sin2x =0 (2)
. , oA . - n 4 k2
Giai (1) va (2), cac nghiém ctia phuong trinh da cho x = —g +k7T,x = ? +T
d) 2\/5(sinx+c0sx)cosx:3+c0s2x = \/Esin2x+(\/§—1)cos2x:3—2\/5

2 2 2
Phuong trinh nay v6 nghiém vi (\/E) +(\/5 —1) < (3 —2\/_)

A e . ) V4 1 . . .
e) biéu kién sin2x #0, ta cé 2\/5s1n xt+—|=——+ = 2(sin x +cosx)sin xcosx =sinx +cos x
4 sinx Ccosx
T
sinx+cosx =0 x:—z+k7T
= (sinx+cosx)(2sinxcosx—1)=0 = . = ;kZ (thoa diéu kién)
2sin2x =1 T
Xz_z"'kﬂ

f) sin’ x +cos’ x =sinx —cosx < sinx(l —sin® x)—cosx—cos’ x =0

& cosx(sinxcosx—1—cos’x) =0
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cosx=0 1
sinxcosx—l-cos’x=0 (2)

Giai (1) va (2), phuong trinh (2) vd nghi¢m. Nghi¢m cua phuong trinh [a x = %T +kmk 7

Bai 7. Giai cac phuong trinh sau: (Pai hoc — cao déng nam 2006 - 2007)

2
a) (sin£+cos£] ++/3cosx =2 b) 2sin’*2x +sin7x -1 =sin x
2
2(0056x+sin6 x)—sinxcosx
c) (1+sir12 x)cosx+(1+coszx)sinx=1+sin2x d) =0
\/§—2sinx
e) cotx+sinx(1+tanxtangj:4 f) cos3x+cos2x—cosx—1=0
HD»= Giai

N ~ iy . m) 1

a) Phuong trinh da cho tuong duong véi: 1+s1nx+\/§cosx =2 - cos(x—gj :5

Vay, nghi€m cua phuong trinh: x = %T+ k27T, x = —%T+ k2m k7

b) Phuong trinh di cho twong dwong véi sin 7x —sinx +2sin’2x—1=0 = cos4x (2 sin 3x —1) =0

Vay, nghiém cua phuong trinh: x :]—T+k—n,x :£+@,x :5—7T+@,k 0%
8 4 18 3 18 3
¢) Phuongt trinh da cho twong duong voi
(sin x +cosx)(1+sinxcosx) = (sinx +cosx)* < (sinx +cosx)(1—sinx)(1—cosx)=0

Vay, nghiém cua phuong trinh: x = —%T+ kit x = %T+ k2 x =k2mk 07
d) Piéu kién: sinx # 72 (*) phuong trinh da cho tuong duong voi:
6 6 . 3 .2 1 .
2(sm x+cos x)—smxcosx =0 =2 I—Zsm 2x —Esm2x =0
. . . T
= 3sin“2x+sin2x-4=0 o sin2x=1 = x =Z+k7T,k 0z
A  n A  n , N S
Do diéu kién (*) nén nghiém cua phuong trinh: x = e +2m,m U7
e) Diéu kién: sinx # 0,cosx # 0,cos§ # 0 (¥) phuong trinh da cho twong duong véi:

X . . X
COS X COS— +S1n x SIn — .
cosx . 2 2 COSXx Ssinx
- +sin x =4 o — +
sin x X SInx COSXx
COS X COS 5

=4 = sin2x =l
2

So véi (%), nghiém ciia phuong trinh: x =%+kn,x =%T +kzkO7Z

f) Phuong trinh da cho tuong duong véi
—-2sin2xsinx —2sin* x =0 < sinx(sin2x +sinx) =0 < sin”* x(2cosx+1)=0

Vay, nghiém cua phuong trinh: x = iz?ﬂ+ k2mx =kmkU0Z

Bai 8. Giai cic phuong trinh sau: (Pai hoc — cao dang nam 2008)
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a) .1 + ! =4sin 7—7T—x b) sin’ x —v/3 cos’ x =sin x cos” x —/3sin” x cos x
sinx . ( 3”] 4
sin| x—=——
2
c) 2sinx(1+c0s2x)+sin2x:1+2c0sx d) sin3x—«/§cos3x:2sin2x
HD»= Gidi

a) Didu kién sinx # 0 va sin(x —37”) 20.

Phuong trinh d3 cho tuong duong voi:
! + ! = —2\/5(sinx+cosx) - (sinx+cosx)(;+2\/5] =0

sinx CcoOsx sin x cos x

So véi didu kién, nghiém cta phuong trinh 1a: x = —’ZT +kIT,x = _7§T +kT VA x = %’T +k k07
b) Phuong trinh da cho tuwong duong voi:
sinx(cos2 x —sin’ x) +\/§cosx(cos2 x —sin’ x) =0 < cos2x (sinx ++/3 cosx) =0

Vay, nghiém cta phuong trinh la: x = %T+k7ﬂ,x = —%T+ kmmk 07

¢) Phuong trinh da cho twong duong voi:
4sinxcos’ x+sin2x =1+2cosx < (2cosx +1)(sin2x-1)=0

Vay, nghiém cua phuong trinh: x = 12?774_ k2, x = %T+ kmkUZ

d) Phuong trinh da cho tuwong duong voi: %sin 3x —73c0s 3x =sin2x < sin(3x —%T] =sin2x

Vay, nghi€m cua phuong trinh la: x = 2?”+ k2 x = %T+%T,k az

Bai 9. Giai cic phuong trinh sau: (Pai hoc — cao dang nam 2009)
(1-2sinx)cosx
(1+2sinx)(1—sinx)

b) sin x +cosxsin2x + \/5 cos3x =2(cos4x +sin’ x)

¢) (1+2sinx)* cosx =1+sinx +cosx d) \/§c055x—2sin3xcos2x—sinx =0

HDx Gidi
a) Diéu kién sinx # 1,sinx # —% (*)

(1-2sinx)cosx
(1+2sin x)(1—sin x)

=43 = (1—2sinx)cosx:x/§(1+2sinx)(1—sinx)

x="viom

= cosx—\/gsinx:sin2x+\/§cos2x = COS x+]—T =cos 2x—]—T = 2 Lk UZ
3 6 __£+k27T

18 3

So v6i (*), nghiém ctua phuong trinh 1a x = —% +%T,k 0%

b) Phuong trinh da cho tuong duong véi

Chwong I. HSLG & PTLG 35 Phian Ty Luin



Tai liéu hoc tap Toan 11 GV. Lw Si Phap

(1-2sin” x)sin x + cos xsin 2x +\/§cos3x =2cos4dx

= sinxcos2x+cosxsin2x +x/§cos3x =2cos4dx

x=—]—T+k27T

= sin3x+\/§cos3x=20034x = COS 3x—£ =cosdx = 6 kOZ
6 _£+k27T
42 17

¢) Phuong trinh turong duong véi  (sinx +1)(2sin2x—1)=0

Vay, nghiém cta phuong trinh: x = —g+ k27T, x :£+k7T,x :5—]T+kﬂ,k 0z

d) Phuong trinh da cho twong duong véi

\/§c055x—(sin5x+sinx)—sinx =0 = 73c055x—%sin5x =sinx

T kT
xX=—+—
= sin ]—T—Sx =sinx = 18 3 LkUOZ
3 T ki
X=——t—
6 2
Bai 10. Giai cic phuong trinh sau: (Pai hoc — cao déng nam 2010)
(1+sinx +cost)sin[x +Zj
a) =—cosx b) (sin2x+cos2x)cosx+2cost—sinx =0
I+tanx \/E
¢) sin2x—cos2x+3sinx—cosx—1=0 d) 4cos%€cos37x+2(8sinx—l)cosx=5

HD»= Giai
a) bi€u kién cosx #0 va 1+tanx #0

(1 +sin x +cos 2x) sin(x +;TJ

1+ tanx :%COS)C = \/Esin(x +§j(l+sinx+cos2x):(1+tanx)cosx

. . _sinx+cosx . _
= (smx+cosx)(1+s1nx+c0s2x)——cosx = sinx+cos2x =0
COSX

~ 2sin> x=sinx—1=0 « sinx =1(logi) hogc sinx:_%

- x=—g+k2ﬂ holic x:%ﬂczmkDZ

b) (sin2x+c0s2x)c0sx+2c0s2x—sinx:0 & 2sinxcos’ x —sinx +cos2xcosx +2cos2x =0
= cos2xsinx+(cosx+2)cos2x =0 = cos2x(sinx +cosx+2)=0
= cos2x=0 = x:g+kg;kDZ(vi sinx+cosx+2 =0 (vd nghi€ém))
¢) sin2x—cos2x+3sinx—cosx—1=0 = 2sinxc0sx—cosx—(l—Zsinzx)+3sinx—1:0
= (2sinx—1)(cosx +sinx+2)=0
2sinx—1=0
cosx+sinx+2=0

¢ Phuong trinh: sinx +cosx+2 =0 v0 nghiém

¢ Phuong trinh: 2sinx—1=0 < sinx :% = x:]—T+k2ﬂ hoac x:%T+k277:kDZ
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d) 4coss—xcos3—x+2(85inx—1)cosx =5
2 2
= 2c0s4x+8sin2x—5=0 = 4sin’2x-8sin2x+3=0

- sianZ% ( v6 nghiém) hodc sin2x:% - x:%+kﬂhoéc x:i—;THciT,kDZ

Bai 11. Giai cic phuong trinh sau: (Pai hoc — cao déng nam 2011)

1+sin2x +cos2x . . . . .
a " 5 =+/2sinxsin2x b) sin2xcosx +sinxcosx =cos2x +sinx +cosx
+cot™ x

o o
o) Sn2x*2cosx—sinx -l _, d) cosdx+12sin* x-1=0

tan x + \/5
. HDx Gidi
a) bicu kién sinx # 0 (*). Phuong trinh da cho tuong duong véi:

(1 +sin2x +cos 2x)sin2 x= 2\/5 sin” x cos x

= ]+sin2x +cos2x :2\/§c0sx

cosx=0 (1
= cosx(cosx+sinx—\/5):0 N M
cosx+sinx—+v2 =0 (2)

Giai (1): cosx =0 = x:g+kﬂ,k OZ (thoa man (*))
Giai (2): cosx+sinx=\/5 = sin(x+7ZTJ=l = x=j{+k2ﬂ,kDZ (thoa man (*))

Vay, phuong trinh ¢ nghiém: x =7ET+ kT; x=§+k2ﬂ,k UZ
b) sin2xcosx +sinxcosx =cos2x +sinx+cosx

= sinx(1+cos2x)+sinxcosx=cost+sir1x+cosx

- cos2x(sinx—1)+cosx(sinx—1):0

sinx—1=0 (1)

< (Sinx_l)(coszx+cosx):0 B Los2x+cosx=0 (2)

Giai (1): sinx=1 < x:g+k27T,kDZ

Giai (2): cos2x:—cosx:c0s(ﬂ—x) o x=g+k2?n,kDZ

Vay, phuong trinh ¢6 nghiém: x =7ET+ k27T; x =%T+ kz?ﬂ,k 0z

¢) Pidu kién cosx # 0,tanx /3 (%).
sin2x+2cosx—sinx—1

tanx+\/§

< 2c0sx(sinx+1)—(sinx+1):0 = (sinx+1)(2cosx—l):0

=0 = sin2x+2cosx—sinx—-1=0

sinx =-1 X —]—T+k2ﬂ
- | - 2 k07
RN PEEET T

So véi (*). Vdy, nghiém cta phuong trinh: x = %T +k2mkO7Z
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d) cos4x+12sin° x—1=0

= 2c0s”2x = 1+6(1-c0os2x)~1=0 = cos’ 2x =3cos2x +2=0
= c0s2x =2 (v0 nghiém) hodc cos2x =1 « x =kmkZ

Vay, nghiém cua phuong trinh: x =k k 1Z

Bai 12. Giai cac phuong trinh sau: (Pai hoc — cao dfmg nam 2012)

a) \/gsin2x+0052x=2005x—1 b) 2(cosx+ 3sinx)cosx =cosx—+3sinx +1
¢) sin3x +cos3x—sinx +cosx =v2cos2x d) 2cos2x +sinx =sin3x
HD»= Giai

a) \/gsin2x+0052x=2003x—1 = (\/gsinx+cosx—l)cosx =0

x=£+k7T
— 2
cosx=0
\/gsinx+cosx—1:0 27
x=?+k2ﬂ

Vay nghiém cua phuong trinh da cho 1a x = %T+ kT, x =k va x= 2?”+ kK2mr(kUZ)

b) 2(c0sx+\/§sinx)cosx:cosx—\/gsinxﬂ = c0s2x+\/§sin2x:cosx— 3sinx

- - v=2 ko
= cos(Zx—§J=cos(x+§J = 3 k07

:kz_]T
3

Vay nghiém cua phuong trinh da cho 1a x = 2?”+ k271 va x = kz?n(k Uz)

c) sin3x+cos3x—sinx+cosx:\/ECOSZx = (2sinx+200sx—\/5)cos2x20

v o cos2x=0 x:j{+k7n(kDZ)

4 2sinx+2cosx—\/5=0 = cos(x—j{]=% = x=Z—;T+k2ﬂhodcx=—%+k2r[(kDZ).

Viy nghiém cita phuong trinh da cho 1 x = %T +%’T x= Z—Z +K27T VA x = —% +k27 (kOZ)

d) 2cos2x +sinx =sin3x = 2cos2x +sinx—sin3x =0 = 2cos2x—2cos2x.sinx =0

T
cos2x=0 | X7 TKS
o 2c0s2x(sinx=1)=0 o [ - 2 k0z)
sinx =1
x=—+k2m
o ‘A , N ~ N T VN T
Vay nghiém cua phuong trinh da cho 1a x = 7 + kE va x = > +k2m (k07Z)
Bai 13. Giai cic phuong trinh sau: (Pai hoc — cao déng nam 2013)
a) 1+tanx:2\/5sin(x+§j b) sin5x+2cos*x =1
. . T .
¢) sin3x+cos2x—sinx =0 d) cos(;—xj+sm2x:0
38
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HD» Gidi
a) biéu kién cosx #0. Phuong trinh d4 cho twrong duong vai:

sin x sinx+cosx =0

1+

2cosx—-1=0

osx :2(sinx+cosx) = (sinx+cosx)(200sx—1=0) - [

= sinx+cosx =0 x:—’ZT+kn,kDZ
T
"= 2cosx—1=0 = x=i§+k2ﬂ,kDZ
v A LA A A PPN T N T
So véi diéu kién, vay nghi¢ém cta phuong trinh la: x = _Z +kmva x= ig +k2mkU07Z.

b) sin5x+2cos’ x =1 < sinSx =cos2x « cos{Sx +g}2cos2x

seel=oxrkonr | x=-Tar2l
- 2 - 6 ; k0Z
5x+£:—2x+k2ﬂ x:—£+k_]T
2 14 7
Vay nghiém cua phuong trinh la: x=—g+k2?ﬂ va x=—1£+k27ﬂ,kDZ.

cos2x=0

¢) sin3x+cos2x—sinx =0 < 2cos2xsinx +cos2x =0 « cost(2sinx+1)=O o [2 _ =0
sinx+1=

" cos2x=0 = x:7—T+k—n,kDZ
4 2
x=-Zskam
" 2sinx+1=0 = 76 &0Z
x=—”+k2ﬂ
6
Viy nghiém ctia phuong trinh 1a: x:§+%”,x:—g+k2n va x:%”+k2n,k 0%z.
2m
Vig . . . . . xX=k—
d) cos(g—x}+sm2x=0 = sin2x =—sinx < sin2x =sin(—x) = 3 Lk OZ
X=mT+k2T
~ A s k2m .
Vay nghiém cua phuong trinh la: x :T va x =m+k2mk U7 .
Bai 14. Giai cic phuong trinh sau: (Pai hoc — cao déng nam 2014)
a) sinx+4cosx =2+sin2x b) \/E(sinx—Zcosx) =2-sin2x

HD»= Giai
a) sinx+4cosx=2+sin2x = sinx+4cosx=2+2s8inxcosx = (sinx—2)(2cosx—l)=0

®" sinx—2=0 < sinx =2: Phuong trinh v6 nghiém

"= 2cosx—1=0 = cosx:% = x:ig+k27T,kDZ

Vay nghiém cua phuong trinh da cho: x = i%T+ k2mkUZ

b) \/E(sinx—2cosx) =2-sin2x = 2sinxcosx—2\/§c0sx+\/5sinx—2:0:(sinx—\/§)(2cosx+\/§) =0
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" sinx —«/5 =0: Phuong trinh v6 nghiém

= 2005x+\/5=0 = cosx=—€ = x=i3Tﬂ+k2iT,kDZ

Vay nghiém cua phuong trinh da cho la x = 1377[ +k2mkUZ

Bai 15. Giai cic phuong trinh sau: (THPTQG 2015, 2016)
tan @

a) Cho géc a thdéa man ]—T<a<ﬂva sina’zé. Tinh A=——
2 5 l+tan" a

b) Tinh gid tri ctia biéu thirc P =(1-3cos2a)(2+3cos2a), biét sina =§

c) Giai phuong trinh: 2sin” x+7sinx—4 =0

HD»= Giai
2
a) Tacé: cos’a=1-sin*a=1- 3) =16 Vi Z<a<mnen cosa’:—i
5 25 2 5
_3
Khi d6 suy ra: tana’:—é.Véy: A= tancz = 4 2:—2
4 l1+tan” @ ( 3] 25

2
b) Ta cé: cos20=1—25in2a=1—2.(§j =é

Vay: P=(1—3cos2a)(2+3cos2a)=(1—3é](2+3éj=%
sinx =—4
¢) 2sin’ x+7sinx—4=0

sinx =—

¢ Vi sin x = =4 = phuong trinh v6 nghiém

| x=Zvrom
¢ Véisinx=— | © x0Z
2 5
x—?+k2ﬂ

Giai cac phwong trinh

Bai Giai phuong trinh Bai Giai phuong trinh
1 cos3x—sin[2x—]—Tj=O 2 3 'sin 2x +cos 2x = sin x ++/3 cos x
3 4 . _ 2

sin(x+]—T]+ 3sin(£—x)=l I+sin2x=2cos” x

3 6

5 2(2—cosx)c0sx:\/§sin2x 6 sin3x.cos3x =sin2x
7 2 8 . T

1—-sin3x =/ sin>—cos~ sm3x—cos(2x——)=0

2 2 4

9 ) T ) 10 2sinx —sin2x =2sin2x.cos x

sin 2x+3 +cosx—sinx =0
11 sin2x+cos(7T—x)=O 12 sin5x +sin3x =sin4dx
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13 2 14
sin[3x —?ﬂj +cos3x=0 2cos4dxcosx —cos(g+ 3xj =sinSx
15 T ) 16 sin7xcos3x —cos2x =cos7xsin3x
cos E+3x —-sin2x =0
17 : 029 = o 18
sinx +2sin” 2x =sin7x +1 2cos4xcosx—cos(§+3x]=sin5x
19 sinx+4cosx =2+sin2x 20 \/E(sinx—2cosx)=2—sin2x
21 sin5x+2cos’ x =1 22 sin3x +cos2x —sinx =0
23 24
cos[%—x}+sin2x=0 1+tanx=2x/§sin[x+§}
23 \/§Sin2x+0082x=2008x—1 8 2(cosx+ 3sinx)c0sx=cosx—x/§sinx+1
27 sin3x +cos3x —sin x +cos x =\/500st 28 2cos2x +sinx =sin3x
29 cosdx+12sin*x—1=0 30 (sin2x+cos2x)cosx+2cos2x—sinx=0
31 32 sin2x —cos2x+3sinx—cosx—-1=0
4coss—xcos3—x+2(8sinx—l)cosx:5
2 2
33 sin2x cos x +sin x cos x =cos2x +sin x +cos x 34 \/ECOSSX —2sin3xcos2x —sin x = 0
35 (1+2sinx)* cosx =1+sinx +cosx 36 sin3x—\/§cos3x=25in2x
37 251nx(1+cost)+sin2x=1+2005x 38 | cos3x+cos2x—cosx—1=0
39 X Y 40 2sin? 2x +sin7x -1 =sin x
sin—+cos— | ++3cosx=2
2 2
41 cos3x+cos2x—cosx—1=0 42 cosx+cos2x+cos3x+cosdx =0
43 sinx+sin2x +sin3x +sin4x =0 44 3sin3x—\/§cos9x=1+4sin33x
45 2\/5(sinx+cosx)cosx=3+cos2x 46 1 \/5 o
—+ =8sinx
sinx CcoSx
47 <03 3 — iy — 48
S X Cos X =siny = cosx sin 2x+9—” —3cos x—@ =1+2sinx
2 2
49 ZSinx—\/Esin2x=O 50 1+2cosx+cos2x=0
51 ) ) T 52 2cos5x.cos3x +sinx =cos8x
x/§s1n3x+cos3x=251n 2x+§
53 | sin2x-+/3cosx=0 54 cos x+sinx =1+sin2x +cos2x
41
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BAI TAP TRAC NGHIEM

Céau 1: Tim tap xdc dinh D ciia ham s y = tan (Zx +%TJ

A.D=R. B.D:R\{%T,kDZ}.
c. p=R\\Z+rmknz!. D. D=RUZ+*7 1ozl
6 12 2
Cau 2: Tim tét ca gia trj cia x dé ham sd y = cos® x +4cos’ x +5 c¢6 gid tri 16n nhat bang 10.
A. x=kmkOZ. B.xz%”,kmz.
C. x:g+k7T,kDZ. D. x:—g+k2ﬂ,kDZ.
Cau 3: Tim ham sd 1é trong céc ham sb dudi dy.
A. f(x) =sin3x.sin4 B. (0=
. f(x)=sin3x.sin4x. L f)=—
3+cot’ x
tan* x T
C. fx)=—————. D. f(x)=2cos| x+— |+sin(7T—2x).
f(x) S+ ook f(x) ( 2) ( )

Cau 4: Giai phuong trinh \/5 cos5x—2cos3x+sin5x =0.

A x=Z k27 hode x= 2L +X7 oz, B. x=Z+km hose x = -+ X7 r oz,
8 48 2 6 48 4

C. x=Z +krhoic x=ZL+*7 roz. D. x=Z k27 hoic x =2 +*7 oz,
12 48 4 12 488

Cau 5: Giai phuong trinh tanx = \/5 .

A.x:§+kﬂ,kDZ. B.x:g+kmkDZ. C.x:g+k2n,kDZ. D.x=-%7+kn,kmz.

Cau 6: SO nghiém cua phuong trinh J2 cos [x +%Tj =1v6i 0sx<2mrla

A.3. B. 2. C.0. D. 1.
Cau 7: Cho phuong trinh: 3cosx +cos2x —cos3x+1=2sinx.sin2x. Goi @ la nghiém Ién nhét thudc
khoang (O; 27‘[) cua phuong trinh. Gid tri cia sin(a —%Tj bang
A. —ﬁ. B. ﬁ C. 0. D. 1.
2 2
Cau 8: Tim chu ki tuan hoan T ctia ham s6 y = tan 377x.
A.ng. B.T=%. C.T=3m D.T=n

A . s oA N 5 N e X X
Cau 9: Tim chu ki tuan hoan 7 ctia ham s6 y = COSE +cos—.

A. T=127 B. T =87 C.T=4m D. T =61
Cau 10: Ki hiéu M 1a gid tri 16n nhét ctia ham s6: y = cos” x —sinx. Tim M.

A M=3 B. M=1. c.om=2 D.m=2

4 4 4 5

Cau 11: Giai phuong trinh sin3x =sin x.
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A. x:g+kﬂhoéc x=k2mkOZ. B. x = kT hoic x:’ZT+%”,kDZ.
C. x:§+k2n,kDZ. D. x=§+kﬂhoéc x=7ZT+k2IT,kDZ.
Cau 12: Giai phuong trinh sin5x +2cos” x =1.
A 2= T K v ie v =T+ 27 1oy, B. x=-Z 4k hoiex =L+, 2% k0Z.
6 3 7 7 6 3 14 7
Vi 9/ T kT T2, . T 27T
C. x=—+— hoacx=—-——+—kUZ. D. x=—+k—hodc x=—+k— kOZ.
3 3 3 3 6 3 14 7
n . n L. ) N Je 3sinx—7
Cau 13: Tim tdp xac dinh D ctlahamso y=,|———.
2cosx—5
A. D =R, B. DZR\{g}.
C. D=R\{kmk07}. D. DzR\{%’T,kDZ}.

Cau 14: Tim s6 nghiém cua phuong trinh sin (2x +IZTJ = -1 thudc doan [O; n].

A.2. B. 3. C.0. D. 1.
Cau 15: Ménh dé nao dudi day sai ?

A. Ham s6 y =sinx dong bién trén khoang (O;g).
< 4 . e R , JrT 77
B. Ham s6 y =tanx nghich bién trén khoang (—5,5)

C.Ham s y =cosx ddng bién trén khoang (-77;0).
D. Ham s6 y =cot x nghich bién trén khoang (O; IT).

Cau 16: Tim tap nghiém S ctia phuong trinh sin x +cos x = V2.

A. s={—g+kn,k DZ}. B. S ={’ZT+kn,k DZ}.
3T S5
C.S= —T+k2n,kDZ . D. S= T+kn,kDZ .
Cau 17: Tim tat ca gi tri cia x d& ham s§ y =+/3+cos’ x c¢6 gid tri 16n nhat bang 2.
A. x:%”,k 0z. B. x=kmkOZ.
Vi
C.x=—5+k2lT,kDZ. D. x=k2mkOZ.

Cau 18: SO nghiém cuia phuong trinh sin [x +7ZTJ =1 théamanr<x<3mla:

A. 1. B. 3. C.2. D. 0.

Cau 19: Tim s6 nghiém ciia phuong trinh sin3x

=0 ¢6s6 nghiém thugc doan [277‘, 47TJ.
cosx+1

A. 2. B.5. C. 4. D. 6.

Cau 20: Goi m va M 1a gid tri nho nhat va gid tri 16n nhat ctia ham s6 y =sin® x +2sinx +6. Tinh
S=m+M.
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A. S =14. B. §=-3. C. §=9. D. § =5.

Cau 21: Giai phuong trinh 2sin x (1 +cos Zx) +sin2x =1+2cosx.

A. x=i%r+k2n,x=z+krr,kDZ. B. x=12?ﬂ+kﬂ,x=g+k2r[,kDZ.
C x=tvomx="wkmk0z. p. x=Lviomx=-"kmk0Z.
3 4 3 4
Cau 22: Giai phuong trinh 2tan [2?)6 —200) + \/5 =0.
A. x=-35 +%270°,k OZ. B. x=-15°+k270° .k OZ.
C. x=-45" +%k270° .k OZ. D. x=15°+k270°,k OZ.
Cau 23: Tim tap xdc dinh D ctia ham s6 y =6 tan3x —4 cot 3x.
A. D =(0;+e), B. Dle\{I%T,kDZ}.
C. DzR\{kﬂ,kDZ}. D. D=R.

Cau 24: Giai phuong trinh cos (%T— x] +sin2x =0.

A.x:%” hodc x = k27 k O7. B.x=g+kﬂhoécx=—2?n+kﬂ,kDZ.
C. xz%ﬂ hodc x = T+ kmkOZ. D. xzk%Thoacxzmkzn,kDZ.

Céau 25: K hiéu m 1a gid tri nho nhat ctia ham s6: y =sin x ++/3 cosx. Tim m.
A. m=—3. B.m=1. C. m=-2. D. m=—2.
Cau 26: Phuong trinh 3sin x +mcos x =5 v6 nghiém khi va chi khi

m<—4
A. m<—4. B.[ . C. m>4. D. -4<m<4.

m=4

, + 3 i \
CAu 27: Cho cdc ham 6 £(x) = -0 o () =X T5% Nranh ¢ nao dudi day ding ?
1’— Ccos X cos2x ) o

A. f(x) va g(x) lacéic ham so 1é. B. f(x)laham s61¢ va g(x)la ham s6 chan.
C. f(x) va g(x) 1acdc ham sd chén. D. f(x)1aham s6 chin va g(x)1a ham sé 1é.

Cau 28: Tim chu ki tuan hoan 7' ciia ham s0 y = cosx +cos3x.

A.T=2m B.T:%”. C.T=4rm D.T=m.
N N £ 2+tan2x A cn . . , N A g~
Cau 29: Cho ham s0 y = “endx Tim di€u kién xac dinh cua ham s6 da cho.
sin2x
inx#0 in2x #0
AP B. sin2x £0. C. sindx #0. p. T
cosx 0 cosxZ0
Cau 30: Tim chu ki tudn hoan 7 ctia ham s y =tan [% —]ZT) +cot []ZT —g)
A. T=8mr B. T=6m C.T=2mr D. T=4m

A sl 1x A NP L 4 . T
Cau 31: Tim gia tri I6n nhat M va gid tri nhdé nhat m cua ham s6 y = \/Esm[x —Z) +1.
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Toan 11

GV. Lw Si Phap

A. M =+2.m=-2.
C. M=1+J2,m=1-2.

Cau 32: Giai huong trinh sin* % ~cos*

N | =

X
4

A. x:J_r%”+k4n,k 0z.

C. xzi%”wn,kmz.

Cau 33: Cho ham s§ y =<2>%
X

A. Ham s6 da cho khong chin, khong 1¢.
C. Ham so da cho 1a ham so chan.

Céu 34: Tim tap xdc dinh D cta ham sb y =

B.M=1,m=-1.

D. M=1-+2.m=-1-2.

B. x:J_r%”+k2n,k 0z.

4

D. x= +—+k— kOZ.
3 2

. Ménh dé nao dudi day diing ?

B. Ham s6 d3 cho vira chan, vira 1é.
D. Ham s0 da cho 1a ham so 1é.

tanx +cotx

1-sin2x

A. D:R\H%ch}ﬂ{%ﬂcﬂ};kDZ}.

C. D:R\{gﬂcﬂ,kDZ}.

o2l

D. DzR\{%T kDZ}

Cau 35: Giai phuong trinh 8cos2xsin2xcos4x = \/5

Y/ 9/

Tk 2= KT g
32 2

—_ h ac
32

A. x=
C. x=ZL k27 hote x = F+k2mkOZ.
32 32
A N . 2
Cau 36: Giai phuong trinh sinx = -
A. x:—IZT+k27T hoac x=ST7T+k2I'[,kDZ.

C. x=§+k2ﬂ holic x=37”+k2n,kmz.

B. x= 4+ K vose x =44 oz
32 4 32 4
D.x:£+k—”h a _3—7T+k71,kDZ.

32 32

B. x =L+ k7 hoic x=3T7T+k7T,kDZ.

D. x=g+k2ﬂ holic x=—37”+k2mkmz.

Cau 37: Giai phuong trinh sinx ++/3 cosx =2sin2x.

A. x-g—kzn hoic x_%”+@ kOZ.

3

C. x=-Z k27 hoic x=Z+*27 vz,
3 9 3

Cau 38: Giai phuong trinh sin(x +2?]T] =cos3ux.

A. x=—£+k— hoac x—£+kﬂkDZ
24 2 12

kit

C. x==2L+kr hoic x=2+2" r0zZ.
24 12 2

B. x 7—T + k7T hoic x——+k7TkDZ
3 6

D. x=Z k277 hoie x=2Z+*7 vz
6 3 3

B. x—£+k—n hoac x——£+kr[,kDZ.
24 2 12

D. x =2+ k7 holic x=-Z+kmkOZ.
12 4

Cau 39: Cho phuong trinh cosS5x =3m—5. Goi doan [a;b] 1a tap hop tat ca céc gid tri cia m dé phuong

trinh ¢6 nghiém. Gi4 tri 3a +b bang
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Tai liéu hoc tap Toan 11 GV. Lw Si Phap

A. 6. B. 2. C. Q D. 5.

3
Cau 40: Ki hiéu M 1a gid tri 16n nhét ctia ham s: y =sin® x +cos* x. Tim M.
1

A M =2. B. M=, C.M=1. D. M=0.
. . ) 1

Cau 41: Giai phuong trinh sm(2x +g] = 5
A. x:g+kﬂ,kDZ. B. x:g+k2ﬂ,kDZ.
C. x=g+knhoac x=—g+k7T,kDZ. D. x = k77 hoic x=g+kn,kmz.

Cau 42: Giai phuong trinh 2sin’ x +5sinx -3 =0.
A. x=—g+k2n holic xz—%ﬂ+k2n,kmz. B. x=g+k2ﬂ holic x:%T+k27'r,kDZ.

C. x=§+k2n holic xz%”+k2n,kmz. D. x=§+k7‘[ holic x=%T+kﬂ,kDZ.

1

Céu 43: Tim tap xdc dinh D ctahamsd y=———.
sin2x —cos3x

A D=R\I LR T onkOz B. D=R\ LKk Oz
10 5 2 10 3 2
c. =R\ +i2m-"romiknzl. D.D=R\K2 T om0z
10 2 5 2
Cau 44: Giai phuong trinh 2cos2x +sin x =sin3x.
A x=Z K i =F v 2mk 0z, B x=Z+ X voic x=Z4kmi0zZ.
4 2 2 4 4 2
Cox=-Z M voiex =L+ om0, D. x=Z+k2rhodc x =L+ kmkOZ.
4 2 3 4 2
, + cot? \
Céu 45: Cho hai ham s £(x) =sin’ x —tan x va g(x) =S5OV X\ ianh d& nao dusi day ding ?
Sin x
A. f(x)laham s6 18, g(x) 1a ham sb chin. B. f(x) va g(x) 1a ham s6 chin.
C. f(x)lahamsd 1é, g(x) 12 ham s6 1é. D. f(x) va g(x) 1a ham s 1é.
Cau 46: Tim tat ca gid tri ctia x ¢é ham s6 y = cos* x +4 cos® x +5 ¢6 gid tri nho nhét bang 5.
A. x=—g+k2lT,kDZ. B. x=—g+kﬂ,kDZ.
C.x=g+k2ﬂ,kDZ. D.x:g+kﬂ,kDZ.

Cau 47: Giai phuong trinh cotx =—

3
T
A.x=g+k2ﬂ,kDZ. B.x:—g+kﬂ,kDZ. C.x:g+kﬂ,kDZ. D.x:—g+kﬂ,kDZ.

o L
Cau 48: Gidi phuong trinh S12X F2cosx—sinx=l_

tanx+\/§

Chwong I. HSLG & PTLG 46 Phian Tw Luin



Tai liéu hoc tap Toan 11 GV. Lw Si Phap

A. x:%”+k2n,kmz. B. x:g+k2ﬂ,kDZ.
C. x=§[+kﬂ,kDZ. D. x=—g+k2ﬂ,kDZ.
Céu 49: Tim nghiém am 16n nhit cta phuong trinh 2tan” x +5tanx +3 = 0.
A.x:—3—ﬂ. B.x:—i—T. C.x:—s—ﬂ. D.x:—l—T
4 3 6 4

Cau 50: Tim s6 nghiém ctia phuong trinh sin x =cosx ¢6 sb nghiém thudc doan [—iT, ﬂ].

A. 2. B. 4. C.5. D. 6.

2

Cau 51: Tim tip xic dinh D ctia ham s6 y =——————.
cosx —cos3x

A.D=R\{§+kﬂ,kDZ}. B.DzR\{]ZTHcr[,kDZ}.
C. DzR\{%’T,kDZ}. D. D:R\{%’T,kmz}.
Cau 52: Tim tap nghiém S ctia phuong trinh sin x +cos x = 2.
A. S:{—gﬂcﬂ,kDZ}. B. S={§+kﬂ,kDZ}.
C. S={—3T”+k2n,k DZ}. D. S={STIT+kZIT,kDZ}.
Cau 53: Goi m va M 1a gia tri nho nht va gia tri 16n nhat ctia ham s6 y =5—?2. Tinh P =m.M
—Ssin X
9 3
A. P=20. B. P=—. C.P==. D. P=4.
20 4
Cau 54: Tim chu ki tudn hoan 7 ctia ham s y = sin3x.cos4x.
A.T=m B. T =3 C.T=2m D. T=4rm
Cau 55: Tim tap nghiém S ctia phuong trinh sin x —cosx = 2.
A. S={—§+kﬂ,k DZ}. B. S={—3Tn+k2n,k DZ}.
C. S:{%T+k2mkmz}. D. S={g+k2ﬂ,kDZ}.

~ sl , Ao s ez sas Ao o1 A . T
Cau 56: Tim gid tri nho nhat va gia tri I6n nhat cua ham s6 y =3sin [x _Ej -2.

A.A/{{'ny=1V21Mﬂglxy=5. B.A/gny=—1V21Mﬂglxy=l.
C.]V{{ny=—5 VaI\{Raxy=1. D.IWany=—5 VaMDglxy=2.
. f +
Cau 57: Tim tap xac dinh D ctia ham so y = m.
1+sinx
A. D=R\{kmk07Z}. B. D =(0;+c0).
C. D=R\{—g+k2mkDZ}. D. D=R.

Cau 58: Giai phuong trinh sinx +4cosx =2 +sin2x.
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A. x:i%”+k2mkmz. B. x:i%’+k2mkmz.
C.x:ig+k2ﬂ,kDZ. D. x:ig+k2rr,kDZ.

Cau 59: Giai phuong trinh cosx = —%.

A. x:ig+kﬂ,kDZ. B. x:iz?nﬂcrr,kDZ.
C. x=ig+k2ﬂ,kDZ. D. x=iz?n+k2r[,kDZ.
Cau 60: Ham sd y =sinx dong bién trén khoang nao sau diy?
A 7_”;9_”_ B. 9_”;£T, C. 7_”;3,1, D. 5_”;7_”,
4 4 4 4 4 4 4
Cau 61: Phuong trinh cos x—m =0 v6 nghiém khi va chi khi
(m<-1
A. . B. m<-1. C. -1sm<l1. D. m>1.
_m>1

Cau 62: Biét phuong trinh sin3x+sinSx =sin4x c6 nghiém x= an;x =a+k2mx=L+k2mk07Z.

Tinh S =a + L.
A. 5:2?”. B.S=1 C.S=-1. D. S =0.
Cau 63: Giai phuong trinh cos4x +12sin’ x —1=0.
A. x:g+kr[,kDZ. B. x=k2m k07 C. x:%’T,kDZ. D. x=kmkOZ.
, +
CAu 64: Tim tap xdc dinh D cita ham s6 y = > 02X
cos2x—1
A. D=R\{1}. B. D=R\{%’T,kmz}.
C. D:R\{kﬂ,kDZ}. D. DzR\{%}.

~ PN e , TN Je T T .
Cau 65: Ki hiéu m la gia tri nh6 nhat cia ham s6: y = cos(2x +Z] - cos(Zx _Zj Tim m.

A. m=-2. B. m=3/2. C. m=-2. D. m=—-4.
Cau 66: Giai phuong trinh sin3x = cos x.

A. x=Zt ki hodc x =2+ k2 k07, B x= 24K pose x=Zw k0.

8 4 8 2 4

C. x=§+k2n,kDZ. D. x=§+k2r[ hoiic x=—’ZT+kn,kDZ.

n . sinx ++/3 cosx
Cau 67: Giai phuong trinh ———— =0.

sinx—cosl—T
A. x:—g+kﬂ,kDZ. B. x:g+kﬂ,kDZ.
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C. x :2?”+k27TkDZ D.x——g+k27T,kDZ.

A Ry 5 exo s o R £ m f g 1 LA, 1Y
Cau 68: Tim tat ca gia tri cua x d¢ ham so y:2cos(§+x)+3co gid tri nho nhat bang —1.

%’sznkmz

A. x=

C. x:g+k2n,kDZ.

B. x —%T+k27T,kDZ.

D. x:%”+k2n,kmz.

Cau 69: Cho hai ham s6 f(x)=tanx va g(x) = cotx. Ménh d& nao duéi day ding ?

A. g(x) laham s61é vala f(x) ham sb chin.
C. f(x) laham s61é va g(x)1a ham s6 chin.

Cau 70: Tim s6 nghiém cua phuong trinh cosdx
cos2x

A.S. B. 3.

B. f(x)=-g(x)1a ham s6 chan.
D. f(x).g(x)1a ham s6 chin.

= tan2x c6 sé nghiém thugc khoang (o;g}

C. 4. D. 2.

Cau 71: Cip ham s6 ndo sau ddy c6 ciing tap xdc dinh ?

A. y=cosx va y=cotux.

C. y=tanx va y=cotux.

Cau 72: Trén khoang [——

A. 3. B. 1.

B. y=tanx va y=sinux.
2+sinx

D. y=tanx va y
COS X

; IT). Phuong trinh 2tanx —2cotx—3 =0 c6 bao nhiéu nghi¢m ?

C.2 D. 4.

Cau 73: Cho ham s6 £ (x) = tan x +sin x. Ménh dé nao dudi day diing ?

A. f(x) xdc dinh khi va chi khi x # k7, k OZ.
C. f(x) tuan hoan véichuki T =7z

B. f(x) 1aham sb lé.
D. f(x) la ham s6 chan.

Céu 74: Tim s6 nghiém cta phuong trinh 2 cos (3x + 150) =/3 thugc khoang (900;3600).

A. 3. B. 4.

C.0. D.5.

Cau 75: Giai phuong trinh sin2x —\/5 cos2x =2sin3x.

A. x:—g+kﬂho€1c x:%+k2mkDZ.

=T 2 hode x = L4 K27 4y
6 15

3

C.x

Cau 76: Giai phuong trinh 2sin” x +7sinx—4 =0.

A. x:£+k2ﬂhoéc x:%+k2ﬂ,kDZ.

C. x=g+kﬂ hoécx:%+kﬂ,kDZ.

Cau 77: Giai phuong trinh 8cos® x —1=0.

A. x:i%”+kmkmz.
C. x:g+kn,kDZ.

Cau 78: Giai phuong trinh \/5 sinx +cosx =2.

Chwong 1. HSLG & PTLG

B. x=Z k27 hoic x =T+ K27 11y,
3 5 5
D. x=-" - k27 hoge x =T+ *27 Loz
3 5 5
B.x:g+k2ﬂhoéc x:%+k2ﬂ,kDZ.
D. x=—%[+k277 holic x:—s?ﬂ+k2ﬂ,kDZ.
B. x=+Z+%7 oz,
3 2
D. x:ig+k2ﬂ,kDZ.
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A.x:g+k2ﬂ,kDZ. B.x:—g+k2ﬂ,kDZ.

C.x:g+k2n,kDZ. D.x:g+kﬂ,kDZ.
Cau 79: Ménh dé nao dudi day diing ?

A.Ham sb y=2cosx+ cos[x +%lea ham sé chin.

B. Ham s6 y=cosx+xsinx cé dd thi nhan géc toa d6 O lam tam ddi xung.

C. Ham sé y = 2sinx +tanx 12 ham s6 1¢ trén khoang (o;g}

CoS x

— " 6 d6 thi nhan truc tung lam truc ddi Xung.
4+cos2x

D. Ham s y =

Cau 80: Tim tap xic dinh D ctia ham s6 y =/1-sinx ++/1+sinx.

A.D:R\{Eﬂcﬂ,kDZ}. B. D=[-1;1].
2

C.D:R\{%T,kDZ}. D. D=R.

. +
Cau 81: Tim tdp xdc dinh D ctia ham sb y =sin, /i—x
- X

A. D=R\{1}. B. D=[-11]. C. D=[-L1). D. D=R.
A ~ L . , N J4 3sinx—5
Cau 82: Tim tdp xac dinh D citahams6 y=——.
cosx
A. D=R\{0}. B. D =R\{k2mk0Z}.
C. D:R\{gﬂcﬂ,kDZ}. D. D=R\{m+kmk0Z}.
Cau 83: Trong cdc ham sd sau day, ham s6 nao 12 ham s 162
A. y=cot|x]|. B. y=tanx]|. C. y=tan2ux. D. y=cot” x.
Cau 84: Giai phuong trinh sin’ x +cos’ x = cos x.
A x=k2mx = -2+ kmkOZ. B x=7 =3 im0z,
4 2 4
T Vs
C. x=k2mx=—+k2mk0Z. D. x=kmx =—+kmkOZ.
4 4
Cau 85: Giai phuong trinh x/gsin 2x+cos2x =2cosx—1.
2 2
A. x:g+kn,x:kﬂ,x:?ﬂ+k2ﬂ,kDZ. B. x:g+k2ﬂ,x:k2ﬂ,x:?n+kﬂ,kDZ.

C. x:—g+k2ﬂ,x:kﬂ,x:g+k2ﬂ,kDZ. D. x:g+kﬂ,x:k2ﬂ,x:—2?ﬂ+kﬂ,kDZ.

Cau 86: Ham s6 nao sau day 1a ham sé khong chén, khong 16 ?
A. y=sinx+2. B. y=2cosx+1. C. y=2cosx—2x". D. y=2sinx+x.

Cau 87: Phuong trinh mcosx =m —1 c¢6 nghiém khi va chi khi

A. m>0. B. mD(—OO;O)D[%;HOJ. C. m<0. D. m=—.

Cau 88: Giai phuong trinh cos3x+cos2x—cosx—1=0.

50
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A.x:g+k27r,x:k2ﬂ,kDZ. B.xzz?ﬂ+kﬂx—k7n k07,
Cox=+t T iomx=kmkOZ, D. x=2" vt =k2mkOZ,
3 3
Cau 89: Giai phuong trinh sin3x —\/5 cos3x =2sin2x.

A x=Zapomx =T K2 Lo B x=-Tiiomr=T+ 27 1oz
3 5 5 3 15 5
Cox=vroma=3T, 27 1y D. x= 2 wkmx = KT g
3 15 5 3 5 5

Cau 90: Cho hai ham s6 f(x) =tan4x va g(x) = s1n[x +E) Ménh dé nao dudi day ding ?

A. f(x)la ham s6 chin, g(x) 1a ham s6 1é. B. f(x) va g(x) 1a ham s6 chin.
C. f(x)laham s 1é, g(x) 12 ham s6 chan. D. f(x) va g(x) 1a ham s 1¢.
+ si +
Cau 91: Giai phuong trinh I+sin2x ZCOS 2% - 2 sin xsin 2.
1+cot” x
A x=Zwkmx="vi2mk0z, B. x=Zak2mx =" +kmkOZ.
2 4 2 4
c. x=Lsimx=" s iomk0z. D. x=-"si2mx="+kmk0z.
2 4 2 3
Cau 92: Cho hai ham s& f(x) =sin2x va g(x) = cos3x . Ménh d& nio duéi ddy ding ?
A. f(x) va g(x) 1a ham sb chan. B. f(x)1a ham sb chan, g(x) 1a ham s6 1é.
C. f(x) va g(x) 1aham s 1é. D. f(x)laham s61é, g(x) 1a ham sb chan.

2
Cau 93: Giai phuong trinh (sin§+cos§) ++/3cosx =2.
A.x=g+k2ﬂ,x=—g+k2n,kDZ. B.x=g+kr[,x=—g+krr,kDZ.

Cx=-Zskmx=2+rmi0z. D. x=Zskomx=-L+r2mk0Z.
2 6 4 3
Cau 94: Phuong trinh Scosx—msin x =m+1 c6 nghiém khi va chi khi
A. m<24. B. m<12. C. m=24. D. m<-13.
Cau 95: Néu xét trén khoang (0;27T) . Trén nhitng khoang nao thi ham y =sinx va y =cosx ciing dong

bién ?
Al Z B. [ 2%0r]. c o027, D. (m27).
2 2 2

Cau 96: Nghiém cta phuong trinh 2sinx+1=0 dugc biéu dién trén dudng tron lugng gidc ¢ hinh bén la
nhing diém nao?

2l A. Piém E, diém D.
D, C B. biém D, diém C.
A C.Piém C, diém F.
0 x ’
E F D. biém E, diém F.
7
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Cau 97: Ki hiéu m 1a gid tri nho nhit ctia ham s6: y =sin* x —cos* x. Tim m.
A. m=-2. B. m=-1. C. m=-3. D. m=4.

Céu 98: Tim chu ki tuan hoan 7 ctia ham s y =sin (ax + b).

A T=. B.T=27 c.r=" p.7=="
g

~ O U DI WY SO . lx T Lo 1x LA 1Y
Cau 99: Tim tat ca gid tri cua x d€ ham so y=2s1n(5+gj—3 c6 gia tri nho nhat bang -5.

A. x=—%+k4ﬂ,kDZ. B. x=g+k4r[,kDZ.
C. x:%+k4n,kDZ. D. x:%-[+k27T,kDZ.
Cau 100: Vi gid tri ndo ciia hang s6 A va ciia hang sé @ thi ham s6 y = Asin(x +a) 12 1 ham s 1é.
A. A#O,a=g+kﬂ,kDZ. B. A>o,a:%”,kmz.
C. A20,a=kmkOZ. D. A;to,a:%”,kmz.

~ LA e 1 A, a1 £ . . 27T .
Cau 101: Ki hi¢u m 1a gié tri nhé nhat cua ham s6: y =sinx + sm[x +?] Tim m.

V3

A. m=-1. B. m=-2. C.mZT. D. m=0.
Cau 102: Tim nghiém duong nhé nhat ctia phuong trinh sin x +sin2x = cosx +2cos’ x.
A.x=7—T. B.x=7—T. C.x=7—T. D.x=7—T.

4 6 3 2

Cau 103: S6 gia tri nguyén duong clia tham s6 m dé phuong trinh 43 cosx+sinx+2m-1=0 c6 nghiém
la
A. 3. B. 5. C. 4. D. 6.

Céu 104: Tim tap xdc dinh D ciia ham s6 y = tan (2x +’§Tj

A D=R\I-Z+*7 ozl B. D=R\\ szt
20 2 5

3T kT }

c. p=rR\{2Z+X oz D. D=R\ T sr2mk0z .
20 2 2

Cau 105: Cho phuong trinh: cos2x+sinx—1=0 (*) Bing cich dat r =sinx (—1S t Sl) thi phuong

trinh (*) trd thanh phuong trinh nao sau day?

A. =2t +1=0. B. t*+1r-2=0. C. 2> +r-2=0. D. > +¢=0.
Cau 106: Tim tp xéc dinh D ctia ham sé y = > 21X =2
1+sinx
Vi Vi
A. D=R\{—5+k2ﬂ,kDZ}. B. DzR\{Eﬂcﬂ,kDZ}.
C. D=]R\{7T+kﬂ,kDZ}. D. DzR\{kﬂ,kDZ}.

Cau 107: Tim s6 nghiém cua phuong trinh sin(x +§j =1 thudc doan [77;277].
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Al B.0 C.2 D.3
Cau 108: Tap xic dinh D cia ham s6 y 2'; la
SIn X —COS X
A. D=R\{k7r|kOZ}. B. D:R\{g+kn|kmz}.
C. D=R\{§+kﬂ|kDZ}. D. D=R\{k277|k0Z}.

Cau 109: Ménh dé nao dudi day sai ?
A.Ham sd y =sinx va y =tanx la cdc ham s6 1¢é.
B.Hamsd y=tanx vd y =cotx cécungchukila 7z
C.Hamsd y =sinx va y =cosx c6 cling tap xéc dinh.
D. Ham s6 y =cosx va y =cotx la cdc ham s chin.

Cau 110: Ham s6 y =sinx dong bién trén khoang nao dudi ddy ?

A 72227, B.[ -7 57| c. [ B 0r). D. (-67-57).
2 2 2
Cau 111: Ham s6 y = cos x nghich bién trén khoang nao dudi day ?
A U7 sy, B.[ 2107, c.[-377) . | 79|,
2 2 2 2 2
A 4 A , « sin3x n .
Cau 112: S6 nghiém ctia phuong trinh 1 =0 thudc doan [27T, 477] 1a
COS X
A. 6. B. 4. C. 5. D. 6.

Céu 113: Tim chu ki tudn hoan 7 ctia ham sé y = cos[Sx —j{]

A.T:%T. B. T=5m C.Tzz?n. D. T =107

Cau 114: Néu xét trén khoang (0;277) . Trén nhitng khodng nao thi ham y =sinx va y =cosx cung

nghich bién ?
A. 0;3—” . B. 3—”;271. C. (77*,277). D. E;n.
2 2 2
Cau 115: Giai phuong trinh sinx = %
A. x=—g+k2ﬂh0€1c x:§+k27'r,kDZ. B. xz%ﬂwnhoac x:—s?ﬂ+k27'r,kDZ.
C. x =g+kn hodic xz%'rwmkmz. D. x=g+k2n hodc x=%T+k27T,kDZ.

Cau 116: S nghiém ndm trong doan {—g g} cua phuong trinh sin5x+sin3x =sin4x 1a

A. 9. B. 7. C.5. D. 3.
Cau 117: Ménh dé nao dudi day sai ?
A. Ham s y =cotx nghich bién trén khoang (O; IT).

B. Ham s6 y =sin x dong bién trén khoang (O;%TJ.

C.Ham s6 y = cosx ddng bién trén khoang(-7z,0).
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D. Ham s6 y =tanx nghich bién trén khoang (—g ,g)

A N N N . N A X
CAu 118: Tim chu ki tuan hoan T ctia ham s6 y = cos’ 5

A T =87 B. T =47 C.T=27 D.T:g.
Cau 119: Tim tap xdc dinh D cta ham s6 y = s1n3x_
cotx
kmr
A. D=R\{7,kDZ}. B. D=R\{k2mk07Z}.
Vi

C. D=]R\{E+kn,kDZ}. D. D=R\{kmkD7Z}.

Cau 120: Tim tap x4c dinh D ctia ham s6 y :ﬂ.
1-cos2x
kmr

A. D=R\{7,kDZ}. B. D=R\{k2mk07Z}.

kmr

C. p=R\{m+k2mk0Z}. D. D=R\{==k0Z.
Cau 121: Chu ki tun hoan 7 ciia ham s y = sin 3x.cos 3x.

A. T =61 B. T=37 C.T:%T. D. T=2r
Cau 122: Xét trén khoang [o;%’), ham sé nao dudi ddy déng bién ?

A. y=3-2sinx. B. y =sinx+3. C. y=2-sin’x. D. y=tanx+2.
Cau 123: Goi M 1a gid tri 16n nhat va m 13 gi tri nho nhét cua ham sb y=+/2sin (x—%r)+l. Tinh
P=M.m.

A. P=-1. B. P=2. C. P=-2. D.P:%.

n . S5x 3x .

Cau 124: Giai phuong trinh 4cos?cos7+2(8smx —1) cosx =5.
A x =T KT e x =2 KT g B. x= -5+ k277 hodc x =X+ k27 k OZ.
6 3 12 12
C. x=Z +krrhodcx =L+ kmk OZ. D. x =L + k277 hoic x = F +k2mk 7.
12 12 12 12
n . n L e N Z tanx +cotx
Cau 125: Tim tap xac dinh D ciaham s y=———
1-sin2x
A. DzR\{l}. B. D =R\{}
2
c. p=r\[{X 0l nlknz ), D. D=R\!Z+imknz!.
2 4 4
Céu 126: Tim tap xdc dinh D cta ham sd y = _1 +cot x.
sSin x
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A.DzR\{%T,kDZ}. B. D =R\{kmk7}.
Vg k2m
C. D=R\ E"‘kmkDZ . D. D =R\ T,kDZ .
. B o . ., cosdx R , .
Cau 127: S6 nghiém ctia phuong trinh = tan 2x thudc khoang (O;—j 1a
cos2x 2
A. 3. B. 2. C. 4. D. 5.

A . N N Ay s ez - . Ao N £ . m .
Cau 128: Goi M va m la gia tri 16n nhat va giad tri nhé nhat cia ham s6 y =3sm(x +§J—2. Tim

S=M+m.
A. S=-4. B. S =-5. C.S=1. D. S=6.
Cau 129: Tim tap xédc dinh D ctia ham s6 y =——+ ! .
Sin x COS X
A.D:R\{O}. B.DzR\{kﬂ,kDZ}.
C.D=R\{g+kmkDZ}. D.DzR\{%’T,kDZ}.

Cau 130: Giai phuong trinh \/gtan2 x= (1 + \/g)tan x+1=0.

A x =%T+kn hoiic x =%T+kn,k 0z. B. x =’ZT+kn hodc x =%T+kﬂ,k 0Z.

C.x :%T+k2n hodc x :%T+k2r[,kDZ. D. x :—%T+kn hodc x = —%T+k71,k 0Z.
Cau 131: S6 vi tri biéu dién cdc nghiém cta phuong trinh 4cos® x —4cos x =3 =0 trén dudng tron luong
giac la

A. 1. B. 0. C. 2. D. 4.
Cau 132: S6 nghiém cua phuong trinh 2sin” x+5sinx—3=0 thudc khoang (0; 20187T) la

A. 4035. B. 2018. C. 4036. D. 4034.

e

Cau 133: Giai phuong trinh cosx = B

A.x=ig+k7T,kDZ. B.x=i%T+k27T,kDZ.

C. x:i%T+kn,kDZ. D. x:ig+k2ﬂ,kDZ.
Cau 134: Ki hiéu M 1a gid tri 16n nhat cia ham s6: y =sin* x - cos* x. Tim M.

A. M =+2. B. M =2. C. M=-1. D. M=1.
Cau 135: S6 nghiém cua phuong trinh tan x = -3 thudc khoang (—201771‘, 20177T) la

A. 4034. B. 2017. C. 4033. D. 4035.
Cau 136: Phuong trinh sin x —m =1 c6 nghiém khi va chi khi

A. m<O. B. 2<m<0. C. m=21. D. 0<m<l1.

Céu 137: Tim gié tri nho nhat va gid trj 16n nhat cia ham 6 y = /2(1+cosx) +1.

A. ]V{gny=2 VEIMngxy=3. B. M]R}'ny=1 VEIM]R?xy=3.
C. ]\{Rmy=—3 VaM]Rgzxy=1. D. Mmfny=—lvaMﬂgzxy=3.
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R _ , cos2x ‘sin x‘ —cos3x . .
Cau 138: Cho hai ham 80 f(x) =———— va g(x) =——————. M¢énh d¢€ nao dudi day diing ?
1+sin 3’x 2+tan” x
A. f(x)laham s6 chan, g(x) 13 ham s6 18 B. f(x) va g(x) 1a ham so chin.
C. f(x)laham s 1é, g(x) 12 ham s6 chan. D. f(x) va g(x) 1a ham s 1¢.

Cau 139: Cho phuong trinh sin® x =m” —4. Goi [a;b] O[c;d| (a <b<c<d) 1atap hop tat ca cdc gid tri

ciia m dé phuong trinh c6 nghiém. Gi4 tri a*+b+c+d 2be‘ing
A. 12, B. 10. C. 8. D. 14.

Cau 140: Goi (a;b) 1a tap hop tt ca cdc gid tri cua cua m dé phuong trinh msin2x—4cos2x=-6 vd
nghiém. Gid tri a.bbang

A. 52, B. —20. C. v20. D. 52.
Cau 141: Goi [a;b] 1a tap hop tat ca cic gid tri ctia ctia m dé phuong trinh msin4x—2cos4x =2m-1 c6

nghiém. Gid tri cia a*+b* bang

A B. 2 c. 2 p. 4
9 18 9 9
Cau 142: Tim tap x4c dinh D cta ham s y =2_C$.
1+tan(x—n)
3
A.DzR\{%wmkDZ}. B.D=R\{%+kﬂ,kDZ}.

c. p=r\| 1 sinlod Zinl oz . D. D=R\{-1}.
6 12

Cau 143: Tim tap hop tit ca céc gid tri cia tham sd thyc m dé phuong trinh

Z(m +1-sin’ x) - (4m + l)cos x =0 c6 nghiém thudc khoang (%T,%Tj .

A. {—%;o). B. (—oo;—%j. C. (—%;o}. D. (0;+c0).

Cau 144: S gid tri nguyén cia tham sd m dé phwong trinh 43 cosx+sinx+2m-1=0 c6 nghi¢m la
A. 6. B. 8. C. 0. D. 7.
Cau 145: Ham s6 nao dudi ddy c6 tap xac dinh 1a R.

. 1 /2 -5
A. y=sinx+—. B. y =cotx+2x. C. y=tanx+cotux. D. y= C,OL.
X 3sinx—4

Cau 146: Ki hiéu M 1a gié tri 16n nhét cua ham s y =sinx +cosx. Tim M.

A. M =242. B. M=1. C. M =—2. D. M=+2.
Cau 147: Tim tap nghi¢ém S cua phuong trinh sin x —cos x =2.

A. s:{—gwmkmz}. B. S={3Tn+k7r,kDZ}.

C. S={%T+k2n,kDZ}. D. S={—3T”+k2n,kDZ}.

Cau 148: Goi x, la nghiém duong nho nhit cua phuong trinh 3sin® x +2sin xcos x—cos> x = 0. Khing
dinh nao dudi day ding?

A0 o) B0l Z ). c. x,0/0 Z|. D. x, 0z 27|
2 2 2 2
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Céu 149: Gi4 tri nho nhét ctia ham sb ciia ham s6 y =1+ 2sin xcosx —cos’ 2x 1
A -1 B. -2, C. -1. D. 0.
4 4

Cau 150: Cho x, la nghiém cua phuong trinh sinxcosx+2(sinx+cosx)=2 thi gid tri cua

P= sin(x0 +I—Tj la
4

A. P=1. B. P=

o[t

Cau 151: Giai phuong trinh cos (3x - 600) = %

A. x=35"+k180° hodic x=5"+k180",k0Z. B. x=35"+k360" hodc x =5° +k360°,k OZ.
C. x=35"+k120° hogc x =5"+k120°,k0Z.  D. x=35"+k60° hoac x =5" +k60°,k OZ.

Cau 152: Giai phuong trinh sin’ x +cos’ x =sinx —cosx.

A.x:—g+kmkDZ. B.x:%[+k2n,kDZ.

C.x=g+k27T,kDZ. D.x=g+kr[,kDZ.

Cau 153: Giai phuong trinh tan (4x —2?”) = \/5 .

A. x=45"+k180°,k07Z. B. x=180° +k180°,k O Z.
C. x=45"+£k45°,k0O7Z. D. x=60" +k180°,kOZ.
Cau 154: Tim gi4 trj nh6 nhét va gid tri 16n nhat ctia ham s6 y =2+/cosx +1.
A.A{Rzny=lvaMﬂglxy=3. B.]WRmy:—lvaMﬂglxy:S.
C.M]Rf'ny=—3 VéMquy=1. D.MRiny=—3 VéMDgxy=3.

Cau 155: Tong tat ca cdc gid tri nguyén cua m dé phuong trinh 4sinx+(m—4) cosx—2m+5=0 cé
nghiém la
A. 10. B. 5. C. 6. D. 3.

Cau 156: Goi X la tap nghi¢ém cua phuong trinh cos (% + 150) =sinx . Ménh dé nao dudi ddy ding?

A. 220°0X. B. 200° O X. C. 240°0X. D. 290° O X.
Cau 157: Giai phuong trinh v2 (sinx—2cosx) =2-sin2ux.

A.x=iSTn+k27T,kDZ. B.x=i]ZT+le,kDZ.
C x=+T s ionk0Z. D. x=+ sk OZ.
4 4
Cau 158: Giai phuong trinh sin x +\/§ cosx =-2.
A. x:—g+k2ﬂ,kDZ. B. x:—%+k2ﬂ,kDZ.
C.x=g+k2ﬂ,kDZ. D.x:%”w;r,kmz.
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Cau 159: Tim tat ca gid tri ctia x 3 ham s§ y = 2cos(—+x)+3co gid tri 16n nhat bang 5.
T
A. x:§+k2ﬂ,kDZ. x= ?+k2nkDZ
C. x:—%7+k2n,kmz. D. x:%”+k2n,kmz.

Cau 160: Cho hai ham s6 f(x) = x —sinx va g(x) =1+cosx.sin (37” - 2x] .Ménh d¢ nao dudi day ding?

A. f(x)1aham s6 chin, g(x) 13 ham sd 1é. B. f(x) va g(x) 1a ham sd chin.

C. f(x) va g(x) 1aham s 1é. D. f(x)laham s61é, g(x) 1a ham sb chan.
Cau 161: Tim gi4 tri nho nhét va gid tri 16n nhét ciia ham sb y =3 —2sin x.

A. ]\{Rmy=—5 VaM]Rgzxy=1. B. ]\{Rmy=—lvaMngxy=5.

C. A4H{jny=—5 Vé]\{lgzxy=—l. D. MRiny=1 VélM]Rgzxy=5.

Céu 162: Trong bén ham sé: (1) y =cos2x, (2) y =sinx; (3) y=tan2x; (4) y =cot4x c6 miy ham sb

tuan hoan véi chu ky 777
A. 1. B. 0. C.2. D. 3.

Cau 163: Ham s6 nao dudi day dong bién trén khoang (O;%Tj ?

A. y=sin(x—g). B. y=cosux. C. y=sinux. D. y=sin(x+%rj.
Cau 164: Puong cong trong hinh dudi ddy 12 d6 thi cia mot ham sé nao dudi day?
AV
1

N N,

A. y=cosx. B. y=1-sinx. C. y=sinux. D. y=1+cosux.
A s s e £ 2cosx—5
Cau 165: Tim tap xac dinh D cuiahamso y =,|———.
3sinx—4
A. DzR\{%’T kDZ} B. D=R.
C. p=R\{kmk0OZ}. D. D=R\{§}

Cau 166: Trén khoang (n‘, 87T) . Phuong trinh cos[% +%Tj =0 c6 bao nhiéu nghi¢m ?
A. 3. B. 1. C.2. D. 4.
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