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Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

(THPT LE XOAY VINH PHUC LAN 1 NAM 2018-2019) Cho hams§ y = f(x) xdc dinh va lién tyc trén
doan [a;b] . Dién tich hinh phang gi6i han bdi db thi ham s6 y = f (x) , truc hoanh va hai duong thing

x =a, x =b dugc tinh theo cong thirc

a

A. S:j‘f(x)‘dx. B. S:jf(x)dx. C. S:—if(x)dx. D. § = [|£(x)|d.

b
(Mi dé 102 BGD&DT NAM 2018) Goi S 1a dién tich ctia hinh phing gidi han boi cac duong y =2",
y=0, x=0, x=2.Ménh dé nio dudi day dung?

A. S=7rj.2xdx B. Szj-2xdx C. Szﬂj-ZZde D. Szj.22xdx
0 0 0 0

(Mi dé 101 BGD&DT NAM 2018) Goi S 1a dién tich hinh phang gidi han boi cac duong y=¢e*, y =0,

x=0, x=2.Ménh dé nao dudi day ding?
2

A S= Ie"dx B. §S= ﬂiexdx C.S= ﬂiexdx D. S= ﬂjezxdx
0 0 0

0
(Ma 102 - BGD - 2019) Cho ham s6 y = f'(x) lién tuc trén R. Goi S la dién tich hinh phing giéi han
boi céc duong y = f(x),y=0,x=—1 va x=35 (nhu hinh v& bén).

Ménh d8 nao sau day dang?
A S=- j F(x)dx— j F(x)dx. B. S= j F(x)dx + j F(x)dx.
C.S= j F(x)dx —i F(x)dx . D. S= —j F(x)dx +i F(x)dx.

(M 103 - BGD - 2019) Cho ham s6 f'(x) lién tuc trén R . Goi S 14 dién tich hinh phang gii han béi cac
duong y = f(x),y =0,x=—1,x =2 (nhu hinh v& bén). Ménh dé nao dudi day ding?

Ihy

y = Jjlx)

S

A.Szjff(x)dx +j.f(x)dx. B.Sz—jf(x)dx—jf(x)dx.
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C.S=—jf(x)dx+.2[f(x)dx. D.Szj.f(x)dx—j-f(x)dx.

Cau 6. (DE MINH HOA GBD&BDT NAM 2017) Tinh dién tich hinh phing gii han bai db thi ham sé y = x° — x
va dd thi ham sé y = x — x°.

37

A -

. ¢
12

12

B. D. 13

NG NG

Cau 7. (DE THAM KHAO BGD&DT NAM 2017) Goi S 1a dién tich hinh phang (H ) gi¢i han boi cac dudng

0 2
y:f(x),truc hoanh va hai duong thing x=—1, x=2. Dit a:J‘f(x)dx,bZJ.f(x)dx,ménh dé
0

-1
nao sau day dang?

A S=b-a B.S=b+a C.S=-b+a D. S=-b-a
Cau 8. (PE THAM KHAO BGD & PT 2018) Cho (H) 13 hinh phing gi¢i han béi parabol y= \/§X2 , cung tron

¢6 phuong trinh y =+/4—x> (véi 0<x <2 ) va truc hoanh (phan t6 dam trong hinh v&). Dién tich ctia

(H) bang
Y
2
0 2 T
N 4;z14;6 5 4n;ﬁ . 47z+266—3 o 5\63—27z

Cau 9. (DE THAM KHAO BGD&DT NAM 2018-2019) Dién tich phan hinh phing gach chéo trong hinh v& bén
duoc tinh theo cong thirc nao duodi day?
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2 2
A. J.(—2x+2)dx B. I(Zx—2)dx
-1 -1

2 2

C. j(—2x2 +2x+4)dx D. (2x2 —2x—4)dx

1 -1

(Ma dé 101 - BGD - 2019) Cho ham sé f'(x) lién tuc trén R . Goi S 1a dién tich hinh phang gi6i han boi
cac duong y = f (x) ,¥=0,x=—1 va x =4 (nhu hinh v& bén). Ménh d& nao duéi day dang?

Cau 10.
y
f
|
|
{
= |
/; 7] 1 ‘1 i€
.‘f
f'}
1 4 1 4
A= f(x)dx— [ f(x)dx. B.S=[f(x)dx+]f(x)dx.
711 14 -1 1 1 A
C.S:—Jf(x)dx—Jf(x)dx. D.S:—Jf(x)dx+jf(x)dx.
-1 1 -1 1
Caull. (Madé 104 - BGD -2019) Cho hamsé f (x) lién tuc trén R. Goi S 1a dién tich hinh phing gi6i han boi
caduong y=f (x), y=0, x=-2 va x =23 (nhu hinh v&). Ménh dé nao dudi ddy dung?

f(x)dx. B. S:_jf(x)dx—
D. S=jf(x)dx+
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Cau12. (CHUYEN KHTN NAM 2018-2019 LAN 01) Dién tich phan hinh phang gach chéo trong hinh vé& bén dugc
tinh theo cong thirc nao dudi day?

A. j.(2x2—2x—4)dx. B. j(2x2+2x—4)dx.

1 1

C. j (-2x* +2x+4)dx. D. j 23" —2x+4)dx.

Caul13.  (HOC MAINAM 2018-2019-LAN 02) Goi S la dién tich hinh phang gi¢i han béi dd thi ham s y = f(x)

, truc hoanh, duong thing x = a,x =b (nhu hinh v& bén). Hoi cach tinh S nao dudi ddy dung?

[ .r -ﬁ}
f?l rrv c h

dx+jf

-

b

A S=[f(x)dx. B. S =

S:—jf(x)dx+if(x)dx. D. S= jf dx+jf

Cau 14.  (THPT DOAN THUONG - HAI DUONG - 2018 2019) Goi S 14 dién tich hinh phing giéi han boi cac d6
thi ham s6: y=x"—3x, y=x.Tinh S.
A S=4. B. S =8. C.S=2. D. §=0.

Caul5. (CHUYEN HUNG VUONG GIA LAI NAM 2018-2019 LAN 01) Goi S 14 dién tich cta hinh phang gi6i
han bai cac duong y=3", y=0,x=0,x=2.Ménh dé nao duéi day ding?

A S= .2[3xdx. B.S= ﬂj32xdx. C.S= ﬂj3xdx. D. S= j32xdx.
0 0 0

Cau16.  (THPT DONG SON THANH HOA NAM 20182019 LAN 02) Cho ham sé y = f'(x) lién tuc trén doan
[a;b] . Goi D la dién tich hinh phing gi6i han boi dd thi (C ) y=f (x) , truc hoanh, hai duong thing

x =a, x=> (nhu hinh v& duéi day). Gia st S, 1a dién tich hinh phing D . dung trong cac phuong 4n A,
B, C, D cho dudi day?
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Y

A S, =[ (%) B sD:_ff(x)dHif(x)dx
c. 8, = /() D.S, :—if(x)dx—j).f(x)dx

Cau17. Dién tich hinh phing gi6i han boéi d6 thi ham s y:(x—2)2 —1, truc hoanh va hai duong thing
x=1,x=2 bing

2 3

3

A. B. —. C.

1 7
—. D. —.
2 3 3

Cau 18.  Chohai hamsd f(x) va g(x) lién tyc trén [a ;b] . Dién tich hinh phang gi¢i han boi d6 thi ctia cac ham
sO y = f(x), y=g(x) vacac dudng thing x = a, x=b bing

j [£(0)—g(x)]dx

B. j|f(x>+g<x)|dx C. [lf)-glde. D [[/(x)-g(x)]dx

Cau 19.  Dién tich phan hinh phing duoc t6 ddm trong hinh v& bén dugc tinh theo cong thirc nao dudi

day?
L
1

O [N | FE EE RN E)
c _jl(_xuwm)dx. D. (2=l

Cau20. (KTNL GV BAC GIANG NAM 2018-2019) Tinh dién tich hinh phing gi¢i han boi dd thi ham sb
y=4x — x? va truc Ox
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AL B2 ¢ D22
3 3 3

Cau2l.  (PETHITHU VTED 03 NAM HOC 2018 - 2019) Dién tich hinh phang gi¢i han béi parabol y = (x— 2)2

, duong cong y = x° va tryc hoanh ( nhu hinh v& ) bang :

e —m
—

/’ ol 2 3
11
A — B 2 c. L D
2 12 12
Cau22. (CHUYEN NGUYEN TAT THANH YEN BAI LAN 01 NAM 2018-2019) Dién tich ciia hinh phang duoc
gid1 han boi dd thi ham sd y=f (x) , truc hoanh va hai duong théng x=a,x=b (a < b) (phﬁn t6 dam

trong hinh v€) tinh theo cong thirc nao dudi day ?

S
2

(Cly=rfix) -

c b b

A S = f(x)dr+ [ f(x)dx. B. S =[f(x)dx.
C.S=—j;f(x)dx+j‘f(x)dx. D.S:if(x)dx

Cau23. (PE GK2 VIET BUC HA NOI NAM 2018-2019) Tinh dién tich S hinh phing gi6i han béi cac duong

y=x"+1,x=-1,x=2 va truc hoanh.
13
==
Cau24. (THPT AN LAO HAI PHONG NAM 2018-2019 LAN 02) Goi S la dién tich hinh phing gi6i han béi cac

duong y=x"+5,y=6x, x=0,x=1.Tinh S.

4 7
C.

A — B. -
3 3

A §5=6. B. §=16. C. S D. §=13.

W | oo
o
W | i
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Cau25. (THPT AN LAO HAI PHONG NAM 2018-2019 LAN 02) Goi dién tich hinh phing gi6i han boi dd thi
, 3x—1
ham s (C):y = —

va hai tructoaddla S . Tinh §'?

A. S:1—1ni B. S:4lni C. S:4lni—l D. Szlni—l
3 3 3 3

Cau26. (THPT CAM GIANG 2 NAM 2018-2019) Dién tich hinh phang gi6i han boi cac d6 thi ham sé y = x° —x
; ¥ =2x vacac duong x =1; x =—1 dugc xac dinh bdi cong thirc:
0 1 0 1
A S= j(x3 —3x)dx+j(3x—x3)dx. B. S= j(3x—x3)dx+j(x3 —3x)dx.
—1 0 -1 0
1

I(3x—x3)dx‘. D. S=j;(3x—x3)dx.

-1

C.§=

Cau27.  Dién tich hinh phang giéi han boi y = xz;y =0;x=1;x=2 bing

4 7 8
A —. B. —. C. —. D. 1.
3 3 3
Cau28. (THPT LE XOAY VINH PHUC LAN 1 NAM 2018-2019) Goi S 14 dién tich hinh phing giéi han boi d6
. -1 .
thi cia ham so (H ): y= al 1 va cac truc toa do. Khi d6 gia tri cua S bang
X+
A. 2In2-1. B.In2+1. C.In2-1. D. 2In2+1.
Cau29. (TOAN HOC TUOI TRE NAM 2018 -2019 LAN 01) Goi S 1a dién tich ciia hinh phing gi6i han boi cac
1 .
duong y:n—;, y=0, x=1, x=e. Ménh dé nao dudi day dung?
X
Inx rlnx “(Inx) “(Inx)
1 X 1 X 1 X X

1
Cau30. (CHUYEN PHAN BOI CHAU NGHE AN NAM 2018-2019 LAN 02) Dién tich hinh phing gi6i han bai
dd thi cac ham sb y=—x" +2x+1, y=2x"—4dx+1 1a
A. 8. B. 5. C. 4. D. 10.
Cau3l. (THPT YENPHONG | BAC NINH NAM HOC 2018-2019 LAN 2) Tinh dién tich hinh phang giéi han boi
haidothi y=x>+2x, y=x+2.
7 9 5 11
A —. B. —. C. =. D. —.
2 2 2 2
Cau32. (SO GD&DT BAC GIANG NAM 2018-2019 LAN 01) Dién tich hinh phang giéi han béi dudng cong
y = XxInx, truc hoanh va duong thaing x =e la
e’ —1 e’ +1 e’ —1 e’ +1

B. C. D.

A. . . .
2 2 4 4

Cau33. (CHUYEN HA LONG NAM 2018-2019 LAN 02) Hinh phing (H ) dugc gi6i han béi cdc duong y = x
, ¥ =3x—2. Tinh dién tich hinh phang (H)

A. % (dvdt) B. % (dvdt) C. 1 (dvdy) D. % (dvdt)

Cau34. (THPT GANG THEP THAINGUYEN NAM 2018-2019) Dién tich hinh phang gi¢i han béi d6 thi cac ham
s6 y=Inx, y=1 vaduongthing x =1 bing

A e, B.e+2. C. 2e. D.e-2.
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Cau35.  Gia tri duvong ctia tham sb m sao cho dién tich hinh phing gii han boi db thi ctia ham s6 y =2x+3 va
cac duong thang y=0,x=0,x =m bang 10 1a

7
A.mzz. B. m=5. Cm=2. D. m=1.
Cau36.  Dién tich hinh phing giGi han boi dd thi cia ham s§ y =4x—x” va duong thing y = 2x bing
A 4. B 2. et D. 10
3 3 3

Cau37. (THPT LE QUY BON DA NANG NAM 2018-2019) Tinh dién tich phan hinh phing gach chéo (tam giac
cong OARB) trong hinh v& bén.

5 Sz 8 8
A = B. —. C. —. D. —.
6 6 15 15
Cau38. (KTNL GV THUAN THANH 2 BAC NINH NAM 2018-2019) Tinh dién tich S cua hinh phing gi¢i han
boi cac duong y=x"—2x, y=0, x=-10, x=10.

A S = 20300 B. S=2008. C. §=2000. p. 52008

3
Cau39. (THPT NGO SI LIEN BAC GIANG NAM 2018-2019 LAN 01) Goi S 1a dién tich hinh phing gi6i han
boi cac duong y=f (x) truc hoanh va hai duong thing x=-3, x=2 (nhu hinh v& bén). Pat

= Jf dx b= jf dx Ménh d& nao sau day la dung.

A. S=a+b. B.S=a-b. C.S=-a-b. D.S=b-a.
Cau40. (CHUYEN BAC GIANG NAM 2018-2019 LAN 02) Dién tich hinh phing gi¢i han boi d thi ham sé
y=x" va duong thing y =2x la:
A. 4 B 2 C. 3 D. 23
3 3 2 15
Cau4l. (CHUYEN PHAN BOI CHAU NAM 2018-2019) Dién tich hinh phang gi6i han boi d6 thi cac ham s6
y=—x>+2x+1, y=2x"—4x+11a
A. 8 B.5 C. 4 D. 10
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Cau42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau47.

Cau 48.

. X § o T—4x khi 0<x<1 _ =
(CHUYEN KHTN LAN 2 NAM 2018-2019) Cho ham sé f (x)= , . Tinh dién tich
4—x" khi x>1
hinh phing gidi han boi do thi ham sé f (x) va cac duong thing x =0,x =3,y =0.
1 2
A.?6. B.?O. C.10. D. 9.

(CHUYEN QUOC HOC HUE NAM 2018-2019 LAN 1) Tinh dién tich S cuia hinh phang (H) giéi han

béi cac dudng cong y=—x" +12x va y=—x".
A_S:& B.Szﬁ C‘S:E D_S:ﬁ
12 12 4 4

(DE GK2 VIET BUC HA NOI NAM 2018-2019) Cho (H ) 12 hinh phing gi6i han bsi céc duong y = /x
, ¥ =x—2 va tryc hoanh. Dién tich ctua (H ) bang
y
2

A —. B.§. D.E.
3 3 3

(DE HOC SINH GIOI TINH BAC NINH NAM 2018-2019) Goi S 14 dién tich hinh phéng gi6i han bai dd

7

va cac truc toa do. Khi d6 gia tri cua S 1a

thi ham s6 y =

A. S=1+ln2.x+1 B. S=2In2-1. C.S§=2In2+1. D. S=ln2-1.

Dién tich hinh phéng dugc gidi han béi cac duong y=x* +x—1va y=x*+x-11a

(THPT NGHIA HUNG ND- GK2 - 2018 - 2019) Goi S 14 hinh phéng gi6i han boéi d6 thi ham s
(H):y= x;i va céc truc toa d. Khi d6 gia tri cia S bang

A. S=1n;+1. B. S=2In2+1. C.S=In2-1. D. §=2In2-1.

(THPT GIA LOC HAI DUONG NAM 2018-2019 LAN 01) Tinh dién tich ctia phan hinh phing gach chéo
trong hinh v¢€ sau:

yll
y =
y=x—2
O /2 T
a0 B. 4. e p. 4
3 3 3
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(HSG BAC NINH NAM 2018-2019) Cho hinh phang () gi6i han béi parabol y == va dudng cong

Cau 49.
xZ
¢6 phuong trinh y =, (4 7 (tham khao hinh v& bén )

y
v=,J4 —Z; e £
2 4
x
4 0 4
Dién tich hinh phing (H ) bang:
N 2(47Z'+\/§) B 4r+3 4z +3 D 43+ 7
' 3 6 3 6
Cau50.  (DETHITHU VTED 02 NAM HOC 2018 - 2019) Choham'sé f (x) x4c dinh va lién tuc trén doan [—5;3]
c6 dd thi nhu hinh v& bén. Biét dién tich cua hinh phang (4), (B), (C), (D) giéi han boi db thi ham sb
| 1 s
y= f(x) va truc hoanh lan lugt 1a 6; 3; 12; 2. Tinh tich phan J;[Zf(Zx+ l) +l]dx bang
J} L
N
AN
.'lf.l Ill \
£ .III \
/ \
/ \
| \ / \
| L y
f (©) H'-H
[ (A) lI'-lII |
I'n, | .III II|
Y l}a’ \.\ j‘D
5 MBS o) 3 x
\._A'r
A. 27. B. 25. C. 17. D. 21.
Causl. (TT THANH TUONG NGHE AN NAM 2018-2019 LAN 02) Dién tich hinh phang gioi han boi hai d6 thi
ham s y =x’, y =x* —4x+4 vatruc Ox (tham khao hinh ve) dugc tinh theo cong thuc nao duoi day?
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Cau 52.

Cau 53.

Cau 54.

v=x'—4x+4
—1 3 4 5\)
-1
A. j‘x3—(x2—4x+4)‘dx. B. —jx3dx+j(x2—4x+4)dx.
0 0 1
C. jx3dx—j(x2—4x+4)dx. D. jx3dx+i(x2—4x+4)dx.
0 1 0 1

(TOAN HOC TUOI TRE - THANG 4 - 2018) Dién tich hinh phing gi¢i han boi dd thi ham sé y =|x—1|

va nura trén cta dudng tron X+ y2 =1 bang?
1 -1
Az B. I c.Z-1. p. Z-1.
4 2 2 2 4
[KIM LIEN - HA NOI - LAN 1 - 2018] Cho (H ) 1a hinh phing dugc t6 dam trong hinh v& va dugc gidi

5 {—x khix <1

10 .
han boi cac duong c6 phuong trinh y=—x—x", y= . . Dién tich cua (H ) bang?
3 x—2khi x>1

11 14

A —. D. —.

6 3
(THCS&THPT NGUYEN KHUYEN - BINH DUONG - 2018) Cho dudng tron c6 dudng kinh bang 4 va
2 Elip lan lugt nhan 2 duong kinh vuéng goc nhau ciia duong tron 1am tryc 16n, truc bé ciia moi Elip déu
bang 1. Dién tich S phan hinh phing ¢ bén trong dudng tron va bén ngoai 2 Elip (phan gach card trén hinh
v&) gan véi két qua nao nhat trong 4 két qua dudi day?
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B. §=3,9. C. §=3,7.
Cau 55.

D. S=3,4.
(THPT TRAN QUOC TUAN - LAN 1 - 2018) Tinh dién tich S cta mién hinh phang giéi han boi d thi

ciiahamsb [ (x) =ax’ +bx’ +c,cac duong thing x =1, x =2 va tryc hoanh (mién gach chéo) cho trong
hinh dudi day.

Y A

x V

A s=2L B.§=22. c. 5= D.§=2
8 8 8 8
Cau56.  (THPT CHUYEN THOAINGOC HAU - LAN 3 -2018) Cho ham sé f lién tuc trén doan [—6; 5], c6 dd

5
thi gdm 2 doan thing va nira dudng tron nhu hinh v&. Tinh gid tri [ = I [ f (x) + 2] dx.

-6

£Zr
—6 /—4 0 2 5
A. I =2r+35. B. I=27n+34. C. I=2r+33.
Dang 1.2 Bai toan c6 diéu kién

D. I =27+32.

Nguyén Biao Vwong: https://www.facebook.com/phong.baovuong
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Cau 57.  Hinh vuong OABC c6 canh bang 4 dugc chia thanh hai phan boi duong cong (C ) ¢6 phuong trinh

<

1 \ \ ,
= sz .Goi S,, S, lan luot Ia dién tich ctia phan khong bi gach va bi gach nhu hinh v& bén dudi. Ti s6

bang

e

A2 B.3. c L
2 2

Cau58.  (PE GK2 VIET DUC HA NOI NAM 2018-2019) Ki hiéu S(#) 1a dién tich cia hinh phang gii han boi
céc dwong y=2x+1, y=0, x=1, x=¢ (¢>1). Tim ¢ d¢ S(r)=10.
A t=3. B.t=4. C.t=13. D.t=14.

‘ » 3 ,
Cau59. (Made 104 -BGD -2019) Cho duong thang y = Ex va parabol y = X’ +a (‘alatham so thyc duong).

Goi SI "y ) lan luot 1a dién tich hai hinh phéng duogc gach chéo trong hinh vé bén. Khi Sl =S , thi a thudc
khodng nao dudi day?

2
y=x4+n

2 1 9 29 9 1
A. | 0;— B.| —— C.|—;— D.|—;—
( 5) (2 16] (5 20] (20 2]

. 1 .
Cau60. (Ma 102 -BGD -2019) Cho duong thang y = %x va parabol y = Exz +a, (a la tham so thuc duong).

Goi S,, S, lan luot 1a dién tich cta hai hinh phing dugc gach chéo trong hinh vé& bén. Khi S, =S, thi a
thudc khoang nao dudi day?
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Y

A (Z3) s(52) e[ZD) ofed)
32 °4 4 32 16 32 16

Cau6l.  (Ma 103 - BGD -2019) Cho duong thang y = 3x va parabol 2x” +a (a 1a tham sb thuc duong). Goi S,
va S, 1an luot 14 dién tich cua hai hinh phing dugc gach chéo trong hinh v& bén. Khi S, =S, thi a thudc

y A

khoang nao dudi day?

S ) S A

Cau 62.  (Madé 102 BGD&DT NAM 2018) Cho hai himsé f(x) =ax” +bx* +cx—2 va g(x)=dx’ +ex+2
(a,b,c,d,eeR). Biétrang dd thi ciaham sé y = f(x) va y = g(x) cét nhau tai ba diém c¢ hoanh

d6 1an luot 1a —2; —1; 1 (tham khéo hinh v&).
YA

Hinh phing gi¢i han béi hai db thi da cho c6 dién tich bang
el B. L c D.
12 6 2

| o
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‘ ) , 1
Cau63.  (Madé 101 BGD&DT NAM 2018) Cho hai ham sé £ (x)=ax’ + bx’ ter—— v g(x)=dx’ +ex+1

(a,b,c,d,e € R) . Biét rang d6 thi ham s6 y = f(x) va y= g(x) cit nhau tai 3 diém c6 hoanh d6 lan
lwot1a —3; —1; 1 (tham khao hinh v&). Hinh phéng gi6i han béi 2 db thi da cho c6 dién tich bing

YA

A S B. C.8

o | o

Cau64. (MD 103 BGD&DT NAM 2017-2018) Cho hai

D. 4

ham 6  f(x)=ax’+bx" +cx—1 va

g(x) = dx’ +ex+% (a,b,c,d,e € ]R) . Biét rang d6 thi cia ham s6 y = f(x) va y = g(x) cét nhau tai

ba diém c6 hoanh d¢ 1an lwot —3;—1;2 (tham khao hinh v&).
YA

3 ‘N\/ o %

Hinh phéng gi¢i han boi hai do thi da cho c6 dién tich bang
223 125 c. 233
12 12 48

p, 125
48

Cau65.  (Madé 104 BGD&DT NAM 2018) Cho hai ham sé f(x)=ax’ +bx* + cx+% va g(x)=dx’+ ex—% ,

(a,b,c,d,e € R) . Biét rang d6 thi cia ham sé y = f(x) va y= g(x) cit nhau tai ba diém c6 hoanh do

lan Iugt 14 —2; 1; 3 (tham khao hinh v&). Hinh phang gi¢i han boi hai d6 thi da cho c6 dién tich bang
VA

=y

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong
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223 = ¢ 125 b 23
48 24 48 24
Cau 66.  Cho parabol (P1 ) 1y =—x"+2x+3 cit truc hoanh tai hai diém A4,B va duong thing d:y=a
(0<a<4).Xétparabol (P,) diqua A4,B vacé dinh thudc dudng thang y =a . Goi S, 1a dién tich hinh
phing gi¢i han boi (F) va d .Goi S, 1a dién tich hinh phang gi¢i han béi (£ ) va tryc hoanh. Biét S, = S,
,tinh T =a’ —8a” +48a.
A.T=99. B.T=64. C.T=32. D.T=72.
Cau 67.  (PE HOC SINH GIOI TINH BAC NINH NAM 2018-2019) Cho ham s6 y = f(x) 1a ham s6 da thic bac
b6n va c6 dd thi nhu hinh vé.
Y
y=f(z)
N1
-2 -1 O 1 2
-1
Hinh phéng gi6i han boi d6 thi hai ham s6 y = £(x); y = f'(x) c6 dién tich bang
12 12 13
A 27 B 127 c 197 D. —.
40 10 5 5
Cau68. (THPT AN LAO HAI PHONG NAM 2018-2019 LAN 02) Goi S 14 dién tich hinh phing gi6i han béi cac
dwong my = x°, mx:yz(m>0).Timgiétricﬁa m dé S=3.
A - m=1 B.m=2 C.m=3 D. m=4
Cau69.  (THPT CAM GIANG 2 NAM 2018-2019) Cho hinh thang cong () giéi han boi cac duong y =e",
y=0, x=0, x=In4. Duong thang x=k (0<k <In4) chia (H) thanh hai phan c6 dién tich 1a S,
va S, nhu hinh v& bén. Tim & dé S, =28,.
/
1 / S,
__{r——*f"f// 51 x
o k In 4
4 8
A.k=§ln2. B.k=ln§. C.k=In2. D. k=1In3.
Cau70.  (DE 04 VTED NAM 2018-2019) Hinh phang (#) dwoc giéi han bdi db thi ciia hai hiam s6 da thitc bac bén

y=f(x) va y=g(x). Biét ring d thi cdu hai him sb nay cat nhau tai dang ba diém phan biét c6 hoanh do

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong
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lan lugt 1a —3;~1; 2. Dién tich ctia hinh phang (H) ( phan gach soc trén hinh v& bén ) gan nhét véi két qua

nao dudi day?

>

Y

\“
A4
A. 311 B. 2,45 C. 3,21 D. 2,95

Cau7l. (THPT QUYNH LUU 3 NGHE AN NAM 2018-2019) Cho parabol (P): y =x’ va hai diém 4, B thugc
(P) sao cho AB =2 . Dién tich 16n nhét ctia hinh phang gi¢i han boi (P) va duong thing 4B 1a
Nl .2 2 0.

Cau72. (KTNL GV THUAN THANH 2 BAC NINH NAM 2018-2019) Cho Parabol (P):y=x"+1 va dudng
thing d : y = mx +2 v6i m 1a tham sb. Goi m, 1a gia tri cia m & dién tich hinh phing gi6i han boi (P)

va d 1a nho nhat. Hoi m, nam trong khoang nao?

A. (—\E;—%). B. (0;1). C. (—1;%). D. (%;3).

Cau73.  (THPT YEN PHONG SO | BAC NINH NAM 2018-2019 LAN 01) Cho ham s6 f'(x) xéc dinh va lién
tuc trén doan [—5;3]. Biét rdng dién tich hinh phang S, S,, S, gi6i han boi d6 thi hamsé f(x) va duong

parabol y = g(x)=ax’+bx+c lanlugtla m,n, p.

YA

3
Tich phan J. f (x)dx bang
=5

208 208 208 208
A —-m+n—p———:. B m—n+p+— Cm-n+p——. D.-m+n—p+—.
P™s Prys P75 PTys
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Cau74. (PETHITHU VTED 03 NAM HOC 2018 - 2019) Cho ham ) f (x) lién tuc trén R va c6 dd thi nhu hinh

v& bén. Biét rang dién tich cac phan (A),(B ) lan Iuot bang 3 va 7. Tich phan |cosx.f (5 sin x — 1) dx

O'—.N\?—l

bang

A. —i B. 2 C. i D. -2

5 5
Cau75. Chohamsd y = f(x) c6 dd thi nhu hinh v va dién tich hai phan 4, B 1an luot bang 11 va 2.

X
Y y = flz)
/’2 ONEBL *
0
Giadtricua [ = J.f(3x+l)dx bang
-1
A. 3. B. % C. 0. D. 13.

Cau76. (CHUYEN NGUYEN TRAI HAI DUONG NAM 2018-2019 LAN 01) Hinh phing (H) duoc gi6i han
bdi d6 thi (C) clia ham da thirc bac ba va parabol

(P) ¢6 truc d6i xtng vudng goc vai truc hoanh. Phan to6 ddm cta hinh vé& c6 dién tich bang
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2L B. L. c D2
12 12 12 12

2
x ~ . \ - o X r
Cau 77. (BE GK2 VIET bUC HA NOI NAM 2018-2019) Parabol y = 7 chia hinh tron c6 tdm la gbc toa do, ban

‘ ‘ .S
kinh bing 2+/2 thanh hai phan c6 dién tich S, va S, trongdé S, < S,. Tim ti s6 S—l
2
3r+2 Or -2 3r+2 3r+2
A. : B. : C. : D. .
127 3r+2 Or -2 21z -2
2 2 2
Cau78.  Timsbthuc a dé hinh phing gi6i han boi hai dd thi ham y = x*ﬁ# Vi y= "1 * c6 dign tich
+a +a
16n nhat.
A.%. B. 1. C.2. D.33.

Cau79.  (HOC MAI NAM 2018-2019-LAN 02) Cho ham s6 y = f(x) ¢6 dao ham trén R, do thi ham s6
y = f(x) nhu hinh v&. Biét dién tich hinh phang phan soc ké bang 3. Tinh gi4 tri ctia biéu thirc:

T=Jz.f'(x+1)dx+jf'(x—1)dx+j‘f(2x—8)dx

~y

A.ng. B.T=6. C.T=0. D.T:E.
2 2

Cau80.  (THPT YEN KHANH - NINH BINH - 2018 - 2019) Cho ham s6 y =x" —6x”+m c6 6 thi (C, ). Gia
sur (Cm) cét truc hoanh tai bén diém phan biét sao cho hinh phing gi¢i han béi (Cm ) va truc hoanh c¢6 phan

A . R A N .1y a . \
phia trén tryc hoanh va phan phia duéi truc hoanh c6 dién tich bang nhau. Khi d6 m = Z (v6i a, b 1a cac

sd nguyén, b >0, % 1a phan s6 t6i gian). Gia tri cua biéu thic S =a+b 1a:
A 7. B. 6. C.5. D. 4.

Cau81.  Hinh phing (H) dugc gi6i han béi do thi (C) ciia ham s6 da thirc bac ba va parabol (P) c6 tryc doi ximg
vuong goc véi truc hoanh. Phan té6 dam nhu hinh v€ ¢6 dién tich bang
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7 7
AT B. — D>
12 127 12
Cau82. (THPT CHUYEN HA LONG - LAN 2 - 2018) Cho cic sb p,q thoa min cac diéu kién: p>1, ¢ >1,

11 : : :
—+—=1 vacc s duong a,b. Xéthams6: y =x""' (x>0)codd thila (C). Goi () la dién tich hinh

P 9q
phing gi6i han boi (C), truc hoanh, duong thang x =a, Goi (.S,) 1a dién tich hinh phang gi¢i han béi
(C), tryc tung, duong thang y = b, Goi (§) 1a dién tich hinh phang gi6i han béi truc hoanh, tryc tung va
hai duong thing x =a, y =b. Khi so sanh S, +S, va § ta nhan dugc bat ddng thirc nao trong cac bat
dang thirc dudi day?

y=2""
I
y=b
‘)
-
il E
a’ b? ap—l g-1 ap+l g+1 a® b
A . —+—<ab B. + >ab. C. + <ab. D.—+—>=>adab.
P 9 p-1 g-1 p+l g+l P 9

Cau83.  (SGD&DT HA NOI - 2018) Cho khéi try c¢ hai ddy 14 hai hinh tron (O;R) va (O';R), OO’ =4R . Trén
duong tron (O;R) liy hai diém A, B sao cho AB = a3 . Mit phang (P) diqua 4, B cit doan OO’
va tao voi day mot goc 60°, (P ) cit khéi tru theo thiét dién 1a mot phan cua elip. Dién tich thiét dién d6

bang

N ELIRER P 22 Blp o[ Bl o4 B
3 2 3 4 3 4 3 2
Cau84. (THPT CHUYEN HUNG VUONG - GIA LAI - LAN 2 - 2018) Cho parabol (P): y = x* va mjt dudng
thang d thay doi cit (P) tai hai diém 4, B sao cho 4B =2018.Goi S la dién tich hinh phing gi¢i han
baoi (P) va dudng thing d . Tim gi4 tri [6n nhat S, cua S.
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2018 +1 o _ 2018 cg L2081 o 2018
. . - 3 . . - . - .

max max : max 3

A S, =

Cau85. (CHUYEN KHTN - LAN 1 -2018) Cho ham s6 y = ax* +bx” +c¢ 6 46 thi (C), biét rang (C) di qua
diém A(-1;0), tiép tuyén d tai A cua (C) cit (C) tai hai diém c6 hoanh d¢ 1an lugt1a 0 va 2 va dién

, . , . 28 \
tich hinh phang giGi han boi d , do thi (C ) va hai duong thang x =0; x =2 c6 dién tich bang 5 (phan

Ao /

t6 mau trong hinh v¢).

3"'.'"1'

2

fl
Dién tich hinh phing gi¢i han béi (C) va hai duong thang x =—1; x =0 c6 dién tich bang
2 1 2 1
A =, B. —. C.=. D. —.
5 4 9 5
Cau86. (THPT TUKY - HAI DUONG - LAN 2 - 2018) Pit S 1a dién tich ctia hinh phang gidi han bai d6 thi cua
ham s y= 4 — x?, truc hoanh va duong thing x=-2, x=m, (—2 <m< 2) . Tim s gi4 tri cua tham sb

m déSzé.
3

A 2. B. 3. C. 4. D. 1.

Cau87.  (THPT MO BUC - QUANG NGAI - 2018) Trong hé tryc toa & Oxy, cho parabol (P):y =x" vi hai
dudng thing y=a, y=>b (0<a <b) (hinh v&). Goi S, 14 dién tich hinh phang gi¢i han boi parabol (P)
va duong thang y =a (phan to den); (Sz) 1a dién tich hinh phang giéi han boi parabol (P) va dudng

thang y =b (phan gach chéo). Véi diéu kién nao sau day cia a va b thi S, =S,?
y

-

y =x’

A. b=34q. B. b=32a. C. b=3Ba. D. b=36a.
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2

Cau88. (THPT YEN KHANH A - LAN 2 - 2018) Cho hinh phing gi¢i han béi Elip %Jr y* =1, parabol

3 ‘
y="3x" v tc hoanh (phin & dim trong hinh V€) c6 dién tich T=%7z+§\/§ (v6i

a,ceZ:bde N*;%,% 14 cac phan sb t6i gian). Tinh S=a+b+c+d .

A. §=32. B. §=10. C.S=15. D. §=21.

Cau89. Chohamsd y=x"+ax’ +bx+c (a,b,c € R) ¢ do thi (C) va y=mx’+nx+p (m,n,p IS R) c6 do
thi (P) nhu hinh v&. Tinh dién tich hinh phang gi¢i han boi (C ) va (P) c6 gid tri nam trong khoang nao
sau day?

A. (01). B. (1;2). C. (2:3). D. (3;4).

Dang 2. Ung dung tich phan dé tim thé tich
Dang 2.1 Bai toan tinh truc tiép khong c6 diéu kién

Cau90. (DE MINH HQOA GBD&DT NAM 2017) Viét cong thure tinh thé tich V' cta khéi tron xoay dugc tao ra khi
quay hinh thang cong, giéi han boéi d6 thi ham s yv=f (x) , truc Ox va hai duong thing
xX=a,x= b(a < b) , xung quanh tryc Ox .
b

A.V:z‘f(x)‘dx B.V:ﬁjjfz(x)dx C.V:Ifz(x)dx D.V:ﬂjjf(x)dx

a
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Cau91.

Cau 92.

Cau 93.

Cau 94.

Cau 95.

Cau 96.

Cau 97.

Cau 98.

(DE THAM KHAO BGD & DT 2018) Cho ham sé y = f'(x)lién tuc trén doan [a;b]. Goi D 1a hinh

phing gi6i han boi dd thi hamsé y = f (x) , truc hoanh va hai duong thing x =a,x = b(a < b) . Thé tich
ctia khdi tron xoay tao thanh khi quay D quanh truc hoanh dugc tinh theo cong thic:

A.V:ﬂzif(x)dx B.V:ﬂj'fz(x)dx C.V=27rjff2(x)dx D.VZIZ'Zj.fZ(X)dX

(MD 103 BGD&DT NAM 2017-2018) Cho hinh phang (/) gi6i han béi cdc duong y =x*+3, y=0,

x=0, x=2.Goi V la thé tich caa khéi tron xoay dugc tao thanh khi quay (H ) xung quanh truc Ox .
Ménh dé nao duéi day ding?

A. V:J%(x2+3)dx B. V:ﬂj(x2+3)dx
0

C.V=

o'—.m

x +3 D. V=7zj(x2+3)2dx
0

(MD 105 BGD&DT NAM 2017) Cho hinh phing D giéi han béi dudng cong y=e", truc hoanh va cac
duong thing x =0, x =1. Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V' bang bao
nhiéu?

2 2
n(e” +1 et -1 02 n(e” -1
A.V:M B.V=—-— C.V:n— D.V=M
2 2 3 2

(MD 104 BGD&DT NAM 2017) Cho hinh phing D gid¢i han véi duong cong y =+/x* +1, truc hoanh
va cac duong thing x = 0, x = 1. Khéi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V'
bang bao nhiéu?

4
A V=2 B.V=— C.V=2r D. V=—
3 3

(MA DE 123 BGD&DT NAM 2017) Cho hinh phang D giéi han bsi duong cong y =2+ cosx, truc

hoanh va cac duong thang x =0, x = g . Khdi tron xoay tao thanh khi D quay quanh tryc hoanh c6 thé tich

V béng bao nhiéu?

A V=(n+1)n B.V=n-1 C.V=n+l D.V=(n-1n

(MA DE 110 BGD&DT NAM 2017) Cho hinh phang D giéi han boi dudng cong y =~/2 +sinx, truc
hoanh va céc duong thing x=0, x = 7 . Khdi tron xoay tao thanh khi quay D quay quanh truc hoanh c6
thé tich ' bang bao nhiéu?

AV =2r(7+1) B.V=2x C.V=2(z+1) D.V=2x"

(DE MINH HOA GBD&DT NAM 2017) Ki hiéu (H) 14 hinh phing gi¢i han boi dd thi ham sb
y =2(x—1)e*, truc tung va truc hoanh. Tinh thé tich ¥ cua khdi tron xoay thu dugc khi quay hinh (H )
xung quanh truc Ox

AV =(e=5)x B. V=(4-2e)x C.V=e-5 D.V=4-2¢

(Ma dé 104 BGD&DT NAM 2018) Cho hinh phéng (H ) giéi han boi cac dudng thing

y= x*+2, y=0,x=1,x=2.Goi V 1a thé tich ciia khdi tron xoay duoc tao thanh khi quay (H ) xung
quanh truc Ox . Ménh dé nao duéi day ding?
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Cau 99.

Cau 100.

Cau 101.

Cau 102.

Cau 103.

Cau 104.

Cau 105.

2 2
2

A.V:J(x2+2)dx B.V:ﬁj(x2+2) dx

1 1

2 2 2
c.v=[(¥+2) & D.V=xf(x+2)dx

1 1
(DE THAM KHAO BGD&DT NAM 2017) Tinh thé tich V ciia phan vét thé gi¢i han boi hai mat phang
x=1 va x =3, biét rang khi cit vat thé boi mit phang vudng goc véi truc Ox tai diém c6 hoanh do x (

1< x <3) thi dugce thiét dién 12 mot hinh chir nhét ¢6 do dai hai canh 1a 3x va v/3x° =2 .

124 124
AV="5 B.V=32+2{15)z C.V=32+2J15 D, VzT”

(DE 15 LOVE BOOK NAM 2018-2019) Tim cong thirc tinh thé tich ctia khéi tron xoay khi cho hinh phing
gi61 han béi parabol (P ) y= x* va duong thing d : y =2x quay xung quanh truc Ox .

A. 7zj.(x2—2x)2 dx . B. ﬂj‘4x2dx—7rj.x4dx. C. 7Zj‘4x2dx+7rj.x4dx. D. ﬂj(2x—x2)dx
0 0 0 0 0 0

(THPT DOAN THUONG - HAI DUONG - 2018 2019) Cho hinh phang (H) giéi han béi céc dudng
y=x"+3,y=0,x=0, x=2.Goi V' 1athé tich khéi tron xoay dugc tao thanh khi quay (H ) xung quanh
truc Ox . Ménh d& nao sau day dung?
2 2
2
A V= ﬂj(xz +3) dx. B. V= I(xz +3)dx.
0 0

C. V:j.(x2+3)2dx. D. Vzﬁj.(x2+3)dx.
0

0

(CHUYEN TRAN PHU HAI PHONG NAM 2018-2019 LAN 02) Goi ¥ 1a thé tich cta khdi tron xoay thu
dugc khi quay hinh thang cong, gi6i han béi do thi ham sb y =sinx, truc Ox, truc Oy va dudng thing

V4 .
X= 5 , xung quanh truc Ox. Ménh dé nao dudi day dung?
sin xdx

A. V = |sin® xdx B. V=

O 0 [ N

3
sin xdx C.V= 7ZI sin? xdx D.V=nr
0

S o [y
O 0 [ N

Thé tich khdi tron xoay dugc sinh ra khi quay hinh phing giéi han bi d thi cua ham sé y= x> —2x, truc
hoanh, dudng thing x =0 va x =1 quanh truc hoanh biang
1 2 4
A 107 B. 2. c. 2, . 3%
15 3 3 15
(THPT YEN PHONG SO 1 BAC NINH NAM 2018-2019 LAN 01) Cho mién phang (D) gi¢i han béi
y= \/; , hai duong thing x =1, x =2 va truc hoanh. Tinh thé tich khdi tron xoay tao thanh khi quay (D)

quanh truc hoanh.

A 37, B. % c. 2. D%.

2 3
(SO GD&DT PHU THO NAM 2018-2019 LAN 01) Cho hinh phang () giéi han boi cic dudng
y=2x- x?, y=0. Quay (H ) quanh truc hoanh tao thanh khdi tron xoay c6 thé tich 1a
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Cau 106.

Cau 107.

Cau 108.

Cau 109.

Cau 110.

Cau 111.

Cau 112.

A. j(Zx—xz)dx B. th‘(Zx—xz)2 dx C. j(Zx—x2)2 dx D. ni(Zx—xz)dx
0 0 0

0

Cho hinh phang giéi han boi cic duong y =+/tanx,y =0,x=0,x = % quay xung quanh truc Ox . Tinh

thé tich vat thé tron xoay dugc sinh ra.

A ﬂln2‘ B. 7ln3
2 4
cZ. D. zln2.
4

(THPT AN LAO HAI PHONG NAM 2018-2019 LAN 02) Goi V' 1a thé tich khdi tron xoay tao thanh do
2 2

quay xung quanh truc hoanh mot elip c6 phuong trinh 2—5 + i}_6 =1. V c6 gia tri gan nhat voi gia tri nao

sau day?
A. 550 B. 400 C. 670 D. 335

THPT CAM GIANG 2 NAM 2018-2019) Cho hinh phéng ( H ) gi¢i han béi cac duong y = x* —2x, truc
( phéng g gy

hoanh va dudng thing x =1. Tinh thé tich ¥ hinh tron xoay sinh ra boi (H ) khi quay (H ) quanh truc
Ox.
4 16 1
=2z B.V=—o cv=1" .y =17
3 15 8 8
(TRUONG THPT HOANG HOA THAM HUNG YEN NAM 2018-2019) Thé tich khdi tron xoay khi quay

ATV

, 1
hinh phang (H ) xac dinh bdi cac duong y = §x3 —x*, y=0, x=0 va x=3 quanh tryc Ox la
81 81 71 71
A ZE B. = c. -2, D. —.
35 35 35 35
(CHUYEN LUONG THE VINH DONG NAI NAM 2018-2019 LAN 01) Thé tich khéi tron xoay khi cho
hinh phéng gidi han boi parapol (P): y = x* va duong thing d: y = 2x quay xung quanh truc Ox béng:

A. ﬂj.(Zx—xz)dx. B. ﬂj.(xz—Zx)zdx.
0 0

C. ﬂj.4x2dx+7r.2[x4dx. D. ﬂj.4x2dx—7zj.x4dx.
0 0 0 0

(CHUYEN LE QUY DON QUANG TRI NAM 2018-2019 LAN 01) Cho hinh phang (D) duoc giéi han
bdi hai duong y = 2()62 - 1) ; v=1 —x”. Tinh thé tich khéi tron xoay tao thanh do (D) quay quanh truc
Ox .

(CHUYEN BAC GIANG NAM 2018-2019 LAN 02) Cho hinh phang gi¢i han boi cac duong y =tanx,

T . . .
y=0,x=0, x= 2 quay xung quanh tryc Ox . Thé tich cua khoi tron xoay tao thanh bang:

A. 5 B. w 1—E C.3—Tc D. = l+7t
4 2 2
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Cau 113.

Cau 114.

Cau 115.

Cau 116.

Cau 117.

Cau 118.

(CHUYEN LE HONG PHONG NAM DINH LAN | NAM 2018-2019) Cho hinh phang giéi han béi cac
duong y = \/; -2, y=0 va x=9 quay xung quanh truc Ox . Tinh thé tich khdi tron xoay tao thanh.
7 Sr T 11z

AV =—. B.V=—. C.V=—. D.V=—.
6 6 11 6

(CHUYEN LE QUY DON PIEN BIEN LAN 3 NAM 2018-2019) Tinh thé tich ctia vat thé tron xoay dugc
tao thanh khi quay hinh () quanh Ox véi (H ) duoc gioi han boi db thi ham'sé y = v/4x — x* va tryc

hoanh.

AZ B 2L, c 2 p. 37,
3 3 3 3

(CHUYEN NGUYEN TAT THANH YEN BATLAN 01 NAM 2018-2019) Cho hinh phing (H ) gi6i han
boi d6 thi y =2x — X" va truc hoanh. Tinh thé tich ¥ vat thé tron xoay sinh ra khi cho (H ) quay quanh

Ox.
A.Vziﬂ'. B.V:Eﬂ = . D.V=—.
3 15 15 3

(THPT NGHIA HUNG ND- GK2 - 2018 - 2019) Tinh thé tich ctia vat thé tao nén khi quay quanh truc Ox
hinh phang D gi6i han béi dd thi(P): y =2x—x* va truc Ox bang:
197 137 177 _lé6rx

AV =—m: B.V=—. CV=—7. D.V=—r.
15 15 15 15

cy-2 :

Tinh thé tich vat tron xoay tao béi mién hinh phang gi6i han boi d6 thi ham sé y = x+3, y=—J/x+3,
x =1 xoay quanh tryc Ox .

y=1+3

4 —la 2 1 o 1
i \H"'H..,mlﬁ 1
= —V{.e'.'—' {k e T
.2 T 1 1
41 43 41 40
A. 77[. B.?ﬁ. C.—r. D. —o.

(THPT QUANG TRUNG DONG DA HA NOI NAM 2018-2019) Ky hiéu (H ) 1a hinh phing giéi han boi
d6 thi ham sé y = f(x) = Jx.e® , tryc hoanh, duong thang x =1. Tinh thé tich V' cua khéi tron xoay thu
dugc khi quay (H') quanh tryc hoanh.

A V=e—1. B. V=7Z'(€2—1). C. Vzlﬂez—l. D. V:lﬂ(ez—l).
4 4
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Cau 119.

Cau 120.

Cau 121.

Cau 122.

Cau 123.

Cau 124.

(THPT YEN KHANH - NINH BINH - 2018 - 2019) Cho vét thé (T) gi6i han béi hai mat phing
x=0;x=2. Cét vat thé (T ) béi mit phing vudng goc voi truc Ox tai x(O <x< 2) ta thu duoc thiét
dién 1a mot hinh vudng c6 canh bang (x + l)ex . Thé tich vat thé (T ) bang

7(13e* ~1 13¢* -1
A. g B.——. C. 2¢°. D. 27ze’.
4 4
(TT HOANG HOA THAM - 2018-2019) Cho hai mit cau (S;),(S,) c6 cing ban kinh R =3 théa méin
tinh chét tam cua (S1) thudc (S2 ) va nguoc lai. Tinh thé tich ¥ phéan chung cua hai khéi cu tao boi

(51):(S2)-

45 45 45 45
AV=2F B. V=20 cv=22 D.V=22

8 4 4 8
(TOAN HQC TUOI TRE - THANG 4 - 2018) Hinh phéng gii han boi hai do thi y =|x| va y=x" quay
quanh truc tung tao nén mot vat thé tron xoay co thé tich bang
2 4
Az B Z. c. 2. p. 2.
6 3 15 15

(THPT CHUYEN NGUYEN THI MINH KHAI - SOC TRANG - 2018) Cho hinh (/) giéi han boi db thi

. 3 : )
ham s0 y = §x3 , cung tron ¢6 phuong trinh y =+/4—x> (véi 0<x <2)va truc hoanh (phan t6 dam

trong hinh v&).

o

Biét thé tich ctia khdi tron xoay tao thanh khi quay (H) quanh tryc hoanh 1a ¥ = (—% 3+ gj 7, trong

. . ac LA ey
d6 a,b,c,d eN va 24 la cac phan s6 toi gian. Tinh P=a+b+c+d .

A. P=52. B. P=40. C. P=46. D. P=34.
Dang 2.2 Bai toan c6 diéu kién

(DE HOC SINH GIOI TINH BAC NINH NAM 2018-2019) Cho hinh phiang (H) dwoc gidi han boi duong

cong y=+m’—x> (m la tham sb khac 0) va tryc hoanh. Khi (H) quay xung quanh truc hoanh dugc
khdi tron xoay c6 thé tich ¥ . C6 bao nhiéu gia tri nguyén cua m dé ¥ <1000 .

A. 18. B. 20. C. 19. D. 21.

(PEN 1 - THAY LE ANH TUAN - DE 3 - NAM 2019) Cho ham sb
y=f(x)=ax’+bx’ +cx+d,(a,b,c,d €eR,a#0) co db thi (C). Biét rang dd thi (C) tiép xtc véi
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dudng thing y =4 tai diém c6 hoanh do 4m va do thi ciia ham s6 y = f"'(x) cho bai hinh v& du¢i day.

Tinh thé tich vat thé tron xoay dugc tao thanh khi quay hinh phang H gidi han boi do thi (C ) va truc hoanh
khi quay xung quanh truc Ox .

T T
u =)
\ [
1 /’
\ z’
l‘ r‘i
= 1 ‘f‘l X
\ /
\ /
’\\ ‘/
3
725 1
A —r. B.—r. C. br. D. dap an khac.
35 35
Cau 125. (THPT GANG THEP THAI NGUYEN NAM 2018-2019) Goi V' 14 thé tich khéi tron xoay tao thanh khi
quay hinh phing gi¢i han boi cac duong y =\/; , ¥=0 va x=4 quanh truc Ox . Puong thing
x=a(0<a<4) citddthihamsé y=+/x tai M (hinh v&). Goi ¥, 1a thé tich khéi tron xoay tao thanh
khi quay tam gi\c OMH quanh truc Ox . Biét rang V = 2V, . Khi d6
AY
M
y=Ax
K H *
0 a g
5
A a=2. B.a=22. Ca=3. D.a=3.
Cau 126.

(CHUYEN NGUYEN TRAI HAI DUONG NAM 2018-2019 LAN 01) Cho hinh phang (D) gi¢i han boi

cacduong y=x—7, y=sinx va x=0.Goi V 1a thé tich khdi tron xoay tao thanh do (D) quay quanh
truc hoanh va V = pr*, (p € Q) . Gia trj cia 24 p bang
A. 8. B. 4.

C. 24. D.12.
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YT
N x2
Cau127. (THPT NAM 2018-2019 LAN 04) Trong mit phing toa d6 Oxy, (H,):{y= 5
x=—4,x=4
x*+y* <16
(Hz): x? +(y—2)2 >4 . Cho (Hl),(Hz)xoay quanh tryc Oy ta dugc cac vat thé c6 thé tich 1an luot
X+ (y+ 2)2 >4
V., V,. Ding thic ndo sau day dang.
1

AV, =V,. B. VIZEVZ' C. V,=2V,. D. V==V,
Cau 128. (THPT CHU VAN AN -THAI NGUYEN - 2018) Cho hinh thang ABCD ¢6 AB song song CD va

AB = AD =BC =a, CD =2a . Tinh thé tich khéi tron xoay khi quay hinh thang ABCD quanh tryc 1a

duong thing AB .

5 3-242
A =ra’. B. =—za’. C. —\/_mf. D. za’.
4 2 3

Cau129. (THPT CHUYEN LE HONG PHONG - TPHCM - 2018) Cho db thi (C):y = f(x)=+/x . Goi (H) 1a

hinh phing gi6i han béi d6 thi (C), dudng thing x=9 va truc Ox. Cho diém M thudc 6 thi (C) va

diém A (9; O) . Goi ¥, 14 thé tich khdi tron xoay khi cho (H ) quay quanh truc Ox , ¥, 1a thé tich khéi tron

xoay khi cho tam giac AOM quay quanh tryc Ox . Biét ring V, =2V, . Tinh di¢n tich S phan hinh phéng

gi6i han boi dd thi (C) va dudng thang OM .

A
| M
Al N Ao
4
ot H 5
273 34J3
A. S=3. B.S:—‘/_. C. S§S="22, D.S=—
, 16 ) 2

Dang 3. Ung dung tich phéan dé giai bai toan chuyén dong

Dang 3.1 Bai toan cho biét ham sé ciia van tdc, quang dudong
Cau 130. (MD 103 BGD&DT NAM 2017-2018) Mot chat diém A4 xudt phat tir O, chuyén dong thing v6i van toc

. 1 1
bién thién theo thoi gian boi quy luat v(7) = Etz + %z (m/s), trong d6 ¢ (gidy) la khoang thoi gian tinh

tir lac A4 bat ddu chuyén dong. T trang thai nghi, mot chat diém B ciing xuét phat tr O, chuyén dong
thang cung huéng voi 4 nhung cham hon 10 gidy so voi A4 va co gia toc bang a (m/ sz) (a 1a hing sb).
Sau khi B xuét phat duoc 15 gidy thi dudi kip 4. Véan téc ciia B tai thoi diém dudi kip 4 bang
A.15(m/s) B. 9(m/s) C. 42(m/s) D. 25(m/s)
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Cau 131.

Cau 132.

Cau 133.

Cau 134.

Cau 135.

Cau 136.

Cau 137.

(Ma dé 104 BGD&DT NAM 2018) Mot chat diém A4 xuét phat tir O, chuyén dong thang véi van toe bién
: . . 1 58 . .
thién theo thoi gian boi quy luat v(t) = mtz + Et(m / s) , trong do6 ¢ (gidy) la khoang thoi gian tinh tr

lac A bat diu chuyén dong. Tir trang thai nghi, mot chit diém B ciing xuit phat tir O, chuyén dong thing
cung huéng véi A nhung cham hon 3 gidy so véi 4 va co gia toc bang a(m/ S2) (a 13 hang sb). Sau
khi B xudt phat dwoc 15 gidy thi dudi kip 4. Vén toc cia B tai thoi diém dudi kip 4 bang

A. 21(m/s) B. 25(m/s) C. 36(m/s) D. 30(m/s)

(DE MINH HOA GBD&DT NAM 2017) Mét 6 t6 dang chay voi vén téc 10m/s thi ngudi l4i dap phanh; tir
thoi diém d6, 6 t6 chuyén dong cham dan déu véi van toc v(¢)=—5¢+10 (m/s), trong d6 ¢ la khoang thoi

gian tinh bang gidy, ké tir luc bat dau dap phanh. Hoi tir lac dap phanh dén khi dimg han, 6 t6 con di chuyén
bao nhiéu mét?
A.0,2m B.2m C. 10m D. 20m

(Ma dé 102 BGD&DT NAM 2018) Mot chit diém A4 xuét phat tir O, chuyén dong thang vé6i van toe bién

thién theo thoi gian boi quy ludt v(¢)= 15L0t2 + %t (m/s), trong do (gidy) la khoang thoi gian tinh tir

lac a bat dau chuyén dong. Tir trang thai nghi, mot chat diém B ciing xuét phat tir O, chuyén dong thing
cting huéng voi 4 nhung chdm hon 3 gidy so voi A4 va c6 gia tc bang a (m / s ) (@ 1a hang sb). Sau khi
B xuit phat duoc 12 gidy thi dudi kip 4. Van téc cua B tai thoi diém dudi kip 4 bang

A. 15(m/s) B. 20(m/s) C. 16(m/s) D. 13(m/s)

(Ma dé 101 BGD&DT NAM 2018) Mot chit diém A4 xuét phat tir O, chuyén dong thang vé6i van toe bién

1 11

thién theo thoi gian boi quy luat v(f) = @t ? +Et (m / S) , trong d6 ¢ (gidy) la khoang thoi gian tinh tir
lac A bat diu chuyén dong. Tir trang thai nghi, mot chit diém B ciing xuit phat tir O, chuyén dong thing
cung huéng véi A nhung cham hon 5 gidy so véi A va c6 gia toc bang a (m / sz) (a 12 hang sb). Sau khi

B xuit phat dugc 10 gidy thi dudikip 4. Van téc cua B tai thoi diém dudi kip 4 bang
A. 15(m/s) B.10(m/s) C. 7(m/s) D. 22(m/s)

_ . 1 , .
(MD 105 BGD&DT NAM 2017) Mot vat chuyén dong theo quy ludt s= _Et3 +6t% voi t (giay) la

khoang thoi gian tinh tu khi vét do bit dau chuyén dong va s (m) la quang dwong vat di chuyén duoc trong

khoang thoi gian do. Hoi trong khoang thoi gian 6 gidy, ké tu khi bat dau chuyén dong, véan tdc lon nhét
cua vat dat duoc bang bao nhiéu?

A. 18(m/s) B. 108(m/s) C. 64(m/s) D. 24(m/s)

(CHUYEN LUONG THE VINH DPONG NAI NAM 2018-2019 LAN 01) Mot 6 t6 dang chay véi toc do
20(m/s) thi nguodi lai dap phanh, tir thei diém d6 6 to chuyén dong cham dan déu véi van toc
v(¢)==5¢+20(m/s), trong d6 ¢ 1a khoang thoi gian tinh bang gidy, ké tir lic bat du dap phanh. Hoi tir
lac dap phanh dén khi dimg han, 6 t6 con di chuyén bao nhiéu mét (m )?

A. 20 m. B.30m. C.10 m. D. 40 m .

(THPT QUYNH LUU 3 NGHE AN NAM 2018-2019) Mot 6 t dang chay véi van toc 1a 12 (m/s) thi
ngudi lai dap phanh; tir thoi diém d6 6 t6 chuyén dong chdm dan déu véi van toc v(t ) =—6¢+12 (m /s ) ,

trong d6 ¢ la khoang thoi gian tinh bang gidy ké tir liic dap phanh. Hoéi tir lic dap phanh dén Iuc 6 t6 dimg
han, 6 t6 con di chuyén dugc bao nhiéu mét?
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Cau 138.

Cau 139.

Cau 140.

Cau 141.

Cau 142.

Cau 143.

Cau 144.

Cau 145.

Cau 14e.

A. 8m. B. 12m. C.15m. D. 10m.

(THPT CHUYEN LE HONG PHONG NAM DINH NAM 2018-2019 LAN 01) Mét chiéc 6 t6 dang chay
v6i van tée 15m/s thi ngudi 1ai xe him phanh. Sau khi hdm phanh, 6 t6 chuyén dong chdm dan déu véi van
tde v(¢)=-3t+15(m/s), trong d6 ¢ (gidy). Hoi tir lic hdm phanh dén khi dimg han, 6 to di chuyén duge

bao nhiéu mét?
A.38m. B. 37,2m. C.37,5m. D. 37m.

(CHUYEN BAC GIANG NAM 2018-2019 LAN 02) Mot 6 t6 dang chay vé6i van téc 20 m/s thi ngudi lai
dap phanh; tir thoi diém d6, 6 t6 chuyén dong cham dan déu véi van toc v(t ) =—10z + 20 (m/s), trong do t

14 khoang thoi gian tinh bing gidy, ké tir lic bt dau dap phanh. Hoi tir lac dap phanh dén khi dimg han, 6 t con
di chuyén bao nhiéu mét?
A.5m B.20m C.40m D.10m

(THPT LUONG THE VINH HA NOI NAM 2018-2019 LAN 1) Mot 6 t6 dang chay véi van tde 10m / s
thi nguoi lai xe dap phanh. Tu thoi diém d6, 6 t0 chuyén dong chdm dan deéu voi van toc
v(t) =-2t+ IO(m / S) , trong d6 ¢ 1a khoang thoi gian tinh bang gidy, ké tir luc bit diu dap phanh. Tinh
quing dudng 6 t6 di chuyén dugc trong 8 gidy cudi cung.

A. 55m. B. 25m . C. 50m. D. 16m.

(THPT THUC HANH - TPHCM - 2018) Mt chat diém bat du chuyén dong thang déu véi van toc v,, sau
6 gidy chuyén dong thi gip chudng ngai vat nén bit diu giam téc do voi van tde chuyén dong

v(t) = _Et +a (m/s), (t=26) cho dén khi ding han. Biét rang ké tir lac chuyén dong dén lac dung thi

chat diém di duoc quing duong 1a 80m. Tim V-

A vy=35m/s. B.v,=25m/s. C.v,=10m/s. D.v,=20m/s.

(THPT LUONG THE VINH - HN - LAN 1 - 2018) M6t 6 t6 chuyén dong nhanh dan déu véi van toc
v(t) =7t (m/ S) . i dugc 5 (S) nguoi 1ai xe phat hién chudng ngai vét va phanh gap, 6 t6 tiép tuc chuyén
dong cham dan déu véi gia tbe a = 35 (m/ s ) . Tinh quing dudng cua 6 t6 di duoc tir lic bit dau chuyén
banh cho dén khi dung han?

A. 87.5 mét. B. 96.5 mét. C. 102.5 mét. D. 105 mét.

(THPT CHUYEN LE HONG PHONG - NP - LAN 1 - 2018) Mot chat diém dang chuyén dong véi van toc
v, =15 m/s thi ting toc v6i gia toc a(t) =1* +4¢ (m/ s’ ) . Tinh quang dudng chat diém d6 di duoc trong
khoang thoi gian 3 gidy keé tir luc bat dau tang van toc.

A. 70,25 m. B. 68,25m. C. 67,25m. D. 69,75 m.

(THPT HOANG HOA THAM - HUNG YEN - 2018) Mot chéat diém chuyén dong theo phwong trinh
s (t) =10+¢+9¢* —¢ trong d6 s tinh bang mét, ¢ tinh bang gidy. Thoi gian dé vén tdc cua chét diém dat
gia tri 16n nhat (tinh tir thoi diém ban dau) 1a

A. t=6(s). B. 1=3(s). C. t=2(s). D. t=5(s).

(THPT CHUYEN VINH PHUC - LAN 4 - 2018) Mot 6 t6 bat diu chuyén dong nhanh dan déu véi van tdc
12 (t) =Tt (m/ S) . Bi dugc Ss, nguoi 14i xe phat hién chudng ngai vat va phanh gp, 6 to tiép tuc chuyén
dong cham dan déu voi gia tbc a = —70 (m/ sz) . Tinh quing dudong S di duoc cia 6 t6 tir luc bat dau
chuyén banh cho dén khi dirng han.

A. §=96,25 (m). B. §=87,5 (m). C. $=94 (m). D. §=95,7 (m).

(SGD THANH HOA - LAN 1 - 2018) Mot 6 to bat dau chuyén dong nhanh dan déu véi van toc
12 (t) =2t (m/ S) . bi dugc 12 gidy, nguoi lai xe gip chudng ngai vat va phanh gp, 6 t6 tiép tuc chuyén

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong 32




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG PT:0946798489

Cau 147.

Cau 148.

Cau 149.

Cau 150.

Cau 151.

Cau 152.

dong cham dan déu voi gia toc a = —12(m/sz) . Tinh quang duong S(m) di duoc cua 6to tir luc bit dau
chuyén dong dén khi ding han?
A. S:168(m). B. S:166(m). C. S=144(m). D. s=152(m).

(THPT CHUYEN THAI BINH -’LAN" 5-2018) Bé dam bao an toan khi luu thfmg trén dudng, cac xe 6 td
khi dirng dén do phai cach nhau t6i thiéu 1m . Mot 6 t6 4 dang chay véi van toc 16 m/s bdng gap 6 t6 B
dang dimg dén do nén 6 t6 4 ham phanh va chuyén dong cham dan déu véi van te duoc biéu thi bai cong
thirc v, (#) =16 —4¢ (don vi tinh bang m/s), thoi gian tinh bang gidy. Hoi rang dé c6 2 616 4 va B dat
khoang cach an toan khi dimg lai thi 6 t& A phai ham phanh khi cach 6 t6 B mot khoang it nhat 13 bao
nhiéu?

A. 33. B. 12. C. 31. D. 32.

(THPT PHAN DINH PHUNG - HA TINH - LAN 1 - 2018) Mot vat chuyén dong véi van toc 10m/s thi
tdng tde vai gia tde duogc tinh theo thoi gian 1a a (t) =¢*+3¢. Tinh quang duong vat di dugc trong khoang
thoi gian 6 gidy ké tir khi vat bat dau tang toc.

A. 136m. B. 126m. C. 276m. D. 216m.

(THPT CHUYEN PHAN BOI CHAU - NGHE AN - LAN 2 - 2018) Mdt chiéc may bay chuyén dong trén
dudng bang véi van toc v(r) =1 +10¢ (m/s) véi ¢ 1a thoi gian dugc tinh theo don vi gidy ké tir khi may
bay bét dau chuyén dong. Biét khi méy bay dat van téc 200(m/s) thi roi dudng bang. Quing dudng may
bay da di chuyén trén dudng bing la

A @(m). B. 2000(m). C. 500(m). D. @(m).
(THPT QUOC GIA 2018 - MA BE 102) Mot chit diém A xuat phat tir O, chuyén dong thang véi van toc

. 1
bien thién theo thoi gian boi quy luat v (t) = E £+ % t (m / s) , trong do ¢ (gidy) la khoang thoi gian tinh

tir lac a bét diu chuyén dong. Tir trang thai nghi, mot chit diém B ciing xuét phat tir O, chuyén dong
thang ciing huéng voi 4 nhung cham hon 3 gidy so voi 4 va co gia toe bang a(m /s ) (a 1a hang sb).
Sau khi B xuét phat duoc 12 gidy thi dudi kip 4. Van toc cia B tai thoi diém dudi kip 4 bang

A. 20(m/s). B. 16(m/s). C. 13(m/s). D. 15(m/s).

(THPTQG 2018 - MA DE 104) M6t chit diém A xuét phat tir O, chuyén dong thing v6i van tdc bién thién

1 58
theo thoi gian bdi quy luat v(t) = mtz + 4—5t(m / s) , trong do6 ¢ (giay) la khoang thoi gian tinh tir luc

A bét diu chuyén dong. Tir trang thai nghi, mot chat diém B ciing xuét phat tr O, chuyén dong thing
cing huéng véi 4 nhung cham hon 3 gidy so véi A4 va cé gia toc bang a(m / Sz) (a 1a hang s6). Sau
khi B xuat phat dugc 15 gidy thi dudi kip 4. Van téc cia B tai thoi diém dudi kip 4 bang
A.25(m/s). B. 36(m/s). C. 30(m/s). D. 21(m/s).
(SO GD&DT LAO CAI - 2018) Mot 6t6 dang dimg va bat dau chuyén dong theo mot duong thing voi gia
tbc a (t) =6-2t (m /s? ) , trong d6 ¢ 1a khoang thoi gian tinh bang gidy ké tir luc 6t6 bit dau chuyén dong.

Héi quang dudng 6t6 di duogce tir luc bt diu chuyén dong dén khi vén tc cua 6t6 dat gia trj 10n nhat 1a bao
nhiéu mét?
A. 18m. B. 36m. C. 22,5m. D. 6,75m.

Dang 3.2 Bai toan cho biét do thi ciia van téc, quang duong
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Cau 153.  (MA DE 123 BGD&DT NAM 2017) Mét vat chuyén dong trong 3 gio v6i van toe v(km / h) phu thude
vao thoi gian f(h) co dd thi van téc nhu hinh bén. Trong thoi gian 1 gio ké tir khi bat dau chuyén dong, d6
thi d6 12 mot phan ciia dudng parabol c6 dinh 1(2;9) va truc dbi ximg song song v&i truc tung, khoang thoi
gian con lai d6 thi 1a mot doan thang song song véi truc hoanh. Tinh quing dudng S ma vét chuyén dong

dugc trong 3 gid d6 (két qua 1am tron dén hang phan trim).
A4

OQF—— — .~ .

N -

>

3 t
A. s=21,58(km) B. s =23,25(km) C. s =13,83(km) D. s =15,50(km)
Cau 154. (MD 104 BGD&DT NAM 2017) Mot nguoi chay trong thoi gian 1 gid, van toe v (km/h) phu thude vao

(o]

thoi gian ¢ (h) c6 dd thi 1a mot phan parabol véi dinh / (%, 8) va tryc dbi xtmg song song véi truc tung

nhu hinh bén. Tinh quang dudng s ngudi dé chay dugce trong khoang thoi gian 45 phit, ké tir khi chay?
N

A. s=2,3 (km) B. s =4,5 (km) C. s =5,3 (km) D. s =4 (km)
Cau 155. (MA DE 110 BGD&DT NAM 2017) Mot vt chuyén dong trong 3 gios voi van toe v(kmvh) phu thudc

thoi gian ¢ (h) ¢6 do thi 1a mot phan cta dudng parabol c6 dinh 7 (2;9) va tryc ddi ximg song song voi

truc tung nhu hinh bén. Tinh quing dudng s ma vat di chuyén duoc trong 3 gid do.
v

L= o
i 7 .
i
|
TTTTTTTE M~

e

o 3 'S

A. s =25,25(km) B. s=24,25(km)  C.s5=24,75(km)  D.s=26,75(km)
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Cau 156. (MD 105 BGD&DT NAM 2017) Mot vat chuyén dong trong 4 gio v6i van toc v (km/h) phu thudc thoi
gian t (h) c6 do thi cta van toc nhu hinh bén. Trong khoang thoi gian 3 gio ké tir khi bat dau chuyén dong,

d6 thi d6 1a mot phan cua duong parabol c6 dinh [ (2 ; 9) v6i truc ddi ximg song song véi truc tung, khoang

thoi gian con lai dd thi 1 mot doan thing song song véi truc hoanh. Tinh quing dudng s ma vat di chuyén
duogc trong 4 gio do.

v A

7

O 9341

A. s=24 (km) B. s=28,5 (km) C. s=27 (km) D. s=26,5 (km)

Cau 157. (KTNL GV THPT LY THAI TO NAM 2018-2019) Mét vat chuyén dong trong 6 gios v6i van toc v(km / h)
phu thugc vao thoi gian t( h) c¢6 do thi nhu hinh bén dudi. Trong khoang thoi gian 2 gio tir khi bit dau
chuyén dong, d thi 1a mot phan duong Parabol c6 dinh 7 (3; 9) va c6 truc d6i ximg song song vdi truc tung.

. . . . L1
Khoang thoi gian con lai, d6 thi van toc 1a mot duong thang c6 hé so goc bang Z . Tinh quang duong s ma

vat di chuyén dugc trong 6 gid?

130

A. T(km). B. 9(km). C. 40(km). p. 1%

km).

* (1n)

Cau 158. (THPT THUC HANH - TPHCM - 2018) M6t ngudi chay trong 2 gid, van tde v (km/h) phu thude vao thoi
gian ¢ (h) c6 dd thi 1a 1 phin cua dudng Parabol véi dinh / (1; 5) va truc ddi ximg song song vdi truc tung

Ov nhu hinh v&. Tinh quang dudng S nguoi d6 chay dugc trong 1 gio 30 phit ké tir lic bt dau chay (két
qua lam tron dén 2 chir s6 thap phan).
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7 )
A
§ iy
| 1
. \
|
| |
1 |
| 1
|
-
e
| ! \
1
o T = »
A. 2,11km. B. 6,67km. C. 5,63 km. D. 5,63km.
Cau159. (SGD&DT DONG THAP - HKII - 2018) Mot ngudi chay trong thoi gian 1 gid, véi van tée v (km/h) phy
. . 1 .
thudc vao thoi gian t(h) c6 d0 thi 1a mot phan ctia parabol ¢6 dinh [ (E;8j va truc doi xtrng song song
Vo tryc tung nhu hinh v&. Tinh quing duong S ngudi d6 chay duoc trong thoi gian 45 pht, ké tir khi bt
dau chay.
F
¥
g__
E__
ﬁ__
s+{
1
1 :
| : |
1 1
-1 1 2
A. 5,3 (km). B. 4,5 (km). C. 4 (km). D. 2,3 (km).
Cau 160. (THPT CHUYEN HA LONG - LAN 1 - 2018) Mt vat chuyén dong trong 4 gio véi van téc v (km/ h)

phu thudc thoi gian ¢ (h) c6 d6 thi 1a mot phan cia duong parabol ¢6 dinh 7(1;1) va truc ddi xting song
song v6i truc tung nhu hinh bén. Tinh quing dudng s ma vat di chuyén duoc trong 4 gidr ké tir lic xuét
phat.
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Cau 161.

Cau 162.

Cau 163.

10

l .............................. 5

ol—d ®
A. s =6 (km). B. s =8 (km). C.s :? (km). D. s :% (km).

Dang 4. Ung dung tich phan dé gidi mot s6 bai toan thue té
Dang 4.1 Bai toan lién quan dén dién tich

(DE THAM KHAO BGD&DT NAM 2018-2019) Mot bién quang céo c6 dang hinh elip v6i bon dinh
A, 4,,B,,B, nhu hinh v& bén. Biét chi phi dé son phan t6 dam 1a 200.000 vnd/m® va phan con lai

100.000 vnd / m?*. Héi s6 tién dé son theo cach trén gan nhit véi s6 tién nao dudi day, biét 4,4, =8m,
BB, =6m va tir giac MNPQ 1a hinh chit nhat c6 MQ =3m?

B,

A] AZ

B,
A. 5.526.000 dong. B. 5.782.000 dong C. 7.322.000 dong. D. 7.213.000 dong.
(DE 01 BE PHAT TRIEN BE THAM KHAO BGD&DT NAM 2018-2019) Mot bién quang céo voi 4
dinh 4, B,C, D nhu hinh v&. Biét chi phi dé son phan t6 dam la

200.000(d/m*) son phan con lai 1a 100.000d/m*. Cho AC = 8m; BD =10m; MN = 4m Hoi sb tién son
gin vdi sb tién nao sau day:
A. 122040004. . B. 142070004 . C. 115030004.. D. 108940004

Mot hoa tiét hinh canh buom nhu hinh ve bén.
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A

A =

D L
Phan t6 ddm duoc dinh da voi gia thanh
500.000d/m” . Phan con lai dwoc t6 mau voi gia thanh 250.000d / m” .
Cho AB = 4dm; BC = 8dm. Hoi d¢ trang tri 1000 hoa tiét nhu vy can s tién gan nhat voi s6 nao sau
day.
A. 1056606674 . B. 1066666674 . C. 1076656674 . D. 1086656674 .

Cau 164. (SO GD&DT THANH HOA NAM 2018 - 2019) Mt khuon vién dang nira hinh tron, trén d6 nguoi thiét
ke phén dé trong hoa c6 dang cua mdt canh hoa hinh parabol c6 dinh trung v6i tdm va c6 truc doi xung
vudng goc voi duong kinh ctia nira hinh tron, hai dau mut ctia canh hoa nam trén ntra dudng tron (phan to
mau) va cach nhau mot khoang bang 4 ( m) . Phan con lai cta khudn vién (phan khong t6 mau) danh dé trong
c6 Nhat Ban. Biét cac kich thudc cho nhur hinh v&, chi phi dé trong hoa va c6 Nhat Ban twong tmg 1a 150.000
ddng/m? va 100.000 déng/m?. Hoi can bao nhiéu tién dé trong hoa va trong c6 Nhat Ban trong khuén vién
d6? (So tién dugce 1am tron dén hang don vi)

A. 3.738.574 (ddng).  B. 1.948.000 (ddng). C. 3.926.990 (ddng). D. 4.115.408 (ddng).

Cau 165. (THPT NGO ST LIEN BAC GIANG NAM 2018-2019 LAN 01) Nguoi ta can trong mdt vuon hoa Cam Ta
Cau ( phan dugc gach chéo trén hinh v€). Bict rang phan gach chéo 1a hinh phing gidi han bdi parabol

y =2x —1 va nira trén cua dudng tron c6 tam la gdc toa d6 va ban kinh bing V2 (m) Tinh s tién t6i thiéu
dé trong xong vuon hoa Cam T Cau biét ring dé trong m&i m” hoa can it nhat 1a 250000 dong.

y

372 250000, B. 2710950000, c. 2710 050000, . 272

A. x 250000

Cau 166. (CHUYEN LE HONG PHONG NAM DINH LAN 1 NAM 2018-2019) Nha truong dy dinh lam mdt vuon
hoa dang elip dugc chia ra [am bon phan bdi hai dudng parabol c6 chung dinh, doi xting véi nhau qua truc
cua elip nhu hinh v& bén. Biét d¢ dai truc 16m, truc nhé ctia elip lan lugt 14 8 m va 4 m, F, F, 14 hai tiéu

diém cuia elip. Phan 4, B dung dé trong hoa, phan C, D dung dé trong co. Kinh phi dé trong mdi mét
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Cau 167.

Cau 168.

Cau 169.

Cau 170.

vudng hoa va co lan lugt 1a 250.000 d va 150.000 d. Tinh tong tién dé hoan thanh vuon hoa trén (1am tron
dén hang nghin).
A. 5.676.000 d. B. 4.766.000 d. C. 4.656.000 d. D. 5.455.000 4.

(CHUYEN PHAN BOI CHAU NGHE AN LAN | NAM 2018-2019) Ngudi ta xdy mot san khau voi mit
san c6 dang hop cia hai hinh tron giao nhau. Ban kinh ctia hai ctia hai hinh tron 1a 20 mét va 15 mét. Khoang
cach gitra hai tdm cia hai hinh tron la 30 mét. Chi phi lam moi mét vudng phan giao nhau cua hai hinh tron
12 300 ngan dong va chi phi lam m01 mét vudng phan con lai 1a 100 ngan déng. Hoi s6 tién lam mit san ctia
san khiu gan vdi sb nao trong cac s6 dudi day?

A. 202 triéu dong. . 208 triéu dong. C. 218 triéu dong. D. 200 triéu dong.

(CHUYEN PHAN BOI CHAU NGHE AN NAM 2018-2019 LAN 02) Ngudi ta xdy mot san khau voi san
¢6 dang cua hai hinh tron giao nhau. Ban kinh cua hai hinh tron la 20 m va 15 m. Khoang cach gitra hai
tam ctia hai hinh tron 13 30 m. Chi phi lam mdi mét vudéng phdn giao nhau cta hai hinh tron 1a 300 nghin
ddng va chi phi 1am mdi mét vudéng phan con lai 1a 100 nghin ddng. Hoi s6 tién 1am mit san khiu gan véi
sd ndo nhit trong cac sd dudi day?

A. 218 tri¢u dong. B. 202 triéu dong.
C. 200 triéu dong. D. 218 triéu dong.

(TT DIEU HIEN - CAN THO - 2018) Bac Nam lam mdt cai ctra nha hinh parabol co6 chiéu cao tir mat dat
dén dinh 1a 2,25 mét, chiéu rong tiép giap v6i mat dat 1a 3 mét. Gia thué mdi mét vuong 1a 1500000 ddng.
Viy s6 tién bac Nam phai tra la:

A. 33750000 dong. B. 3750000 dong. C. 12750000 dong. D. 6750000 dong.

(THPT NGO QUYEN - QUANG NINH - HKII - 2018) Mot nguoi co mleng d4t hinh tron ¢ ban kinh bang
5 m. Nguoi ‘nay tinh trong cdy trén manh dat do, biét mdi mét vudng trong cay thu hoach duge 100 nghin.
Tuy nhién can ¢ 1 khoang trong dé dung 1 cai choi va dé d6 ding nén ngudi nay bét lai 1 phan dit nho
khong tréng cay (phan mau tring nhu hinh v&), trong d6 AB = 6m . Hoi khi thu hoach cay thi ngudi nay thu
duoc bao nhiéu tién ?

A. 3722 nghin ddng. D. 7445 nghin ddng.  C. 7446 nghin dong. B. 3723 nghin dong.

Cau 171. (THPT YEN LAC - LAN 4 - 2018) Mot manh vuon hinh elip ¢6 truc 16n bang
100(m) va tryc nhé bang 80(m) duoc chia lam hai phan béi mot doan thang néi hai dinh lién tiép cia
elip. Phin nho hon trdng cdy con va phin 16n hon trdng rau. Biét loi nhuén thu duge 1a 2000 mdi m* trdng
cdy con va 4000 mdi m’ trdng rau. Hoi thu nhap ciia ca manh vuon 14 bao nhidu? (Két qua 1am tron dén

phan nghin).
A. 31904000. B. 23991000 . C. 10566000. D. 17635000.
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Cau 172. (CHUYEN VINH - LAN 2 - 2018) Mot céng chao c6 dang hinh Parabol chiéu cao 18 m, chiéu rong chan
dé 12 m . Nguoi ta cang hai soi dy trang tri 4B, CD nim ngang ddng thoi chia hinh gi6i han boi Parabol

va mit dat thanh ba phan c6 dién tich bang nhau (xem hinh v& bén). Ti s6 C_D bang

18m
12m
1 4 1 3
A —. B. —. C. —. D. .
2 5 2 1+242

Cau 173. (THPT KINH MON - HD - LAN 2 - 2018) M6t hoa van trang tri dugc tao ra tor mot miéng bia mong hinh
vudng canh bang 10 cm bang cach khoét di bon phin bang nhau c6 hinh dang parabol nhu hinh bén. Biét
AB =5cm, OH =4 cm. Tinh dién tich bé mit hoa vin do.

A. @cmz.

D. 50 cm”.

Cau 174.  (CHUYEN VINH - LAN 1 - 2018) Mot vién gach hoa hinh vuong canh 40cm . Ngudi thiét ké da sir dung
bon duodng parabol ¢ chung dinh tai tim vién gach dé tao ra bon canh hoa (dwoc t6 mau sam nhu hinh vé&
bén).

Dién tich mdi canh hoa ctia vién gach bang

800 400 ,

A. 800cm?. B. —cm”. C. —cm”. D. 250cm?.
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Cau 175.

Cau 176.

Cau 177.

Cau 178.

Dang 4.2 Bai toan lién quan dén thé tich

(THPT CAM GIANG 2 NAM 201 8-2019) Trong chuong trinh néng thon mai, tai mot xa Y ¢6 xay mot cdy
cau bang bé tong nhu hinh v&. Tinh thé tich khoi bé tong dé d6 du cay cau. (Puong cong trong hinh vé 1a
cac duong Parabol).

0, 5m 19m 0, 5m

A 19m’. B. 21m’. C.18m’. D. 40m’.

(PEN - THAY LE ANH TUAN - DE 3 - NAM 2019) Dé ky niém ngay 26-3. Chi doan 12A du dinh dung
moét 18u trai co dang parabol, voi kich thude: nén trai 1a mot hinh chir nhét c6 chiéu rong la 3 mét, chiéu sdu
1a 6 mét, dinh cia parabol cach mit dat 1a 3 mét. Hay tinh thé tich phin khong gian phia bén trong trai dé
16p 12A ctr s0 lugng nguoi tham du trai cho phu hop.

A.30m’ B. 36 m’ C. 40 m’ D. 41m’

(CHUYEN LE QUY BON QUANG TRINAM 2018-2019 LAN 01) Sam 16p xe 6 t6 khi bom cing ddt nam
trén mit phing ndm ngang c6 hinh chiéu bang nhu hinh v& véi ban kinh dudng tron nho R, =20cm , ban
kinh duong tron 16n R, =30cm va mat cit khi cit boi mit phiang di qua truc, vudng géc mit phing nim
ngang 13 hai duong tron. Bo qua do day vo sam. Tinh thé tich khong khi dugc chira bén trong sam.

)

A. 125072%cm’ . B. 14007°cm’ . C. 25007%cm’. D. 6007%cm’.

(THPT CHUYEN DAL HOC VINH NAM 2018-2019 LAN 01) Chuan b cho dém h¢i dién van nghé chao
don nam moi, ban An da lam mot chiéc mii “cach diéu” cho 6ng gia Noel c6 dang mdt khoi tron xoay. Mat
cit qua truc cua chiéc mil nhu hinh v& bén dudi. Biét ring OO' =5 cm, OA=10 cm, OB=20 cm,

duong cong AB 13 mdt phan cia parabol c6 dinh 1a diém 4 . Thé tich cua chiéc mii bang

B
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Cau 179.

Cau 180.

Cau 181.

Cau 182.

A. C. D.

2750 2500 2050 2250

il (cmS) B. il (cmS) il (cm3) % (cmS)

Cho chiéc tréng nhu hinh v€, c6 duong sinh 1a nira elip dugc cit boi truc 16n véi do dai truc 16m bﬁng 80
cm, do qai truc bé bang 69 cm va day trong 1a hinh tron cé ban kinh bang 60 cm. Tinh thé tich V' cua chiéc
trong (két qua lam tron dén hang don vi).

— duong sinh

- ———
--

A. V =344963cm’ B. V =344964cm’ C. V' =208347cm’ D. ¥V =208346cm’

Cho mot vat thé bang gd c6 dang hinh tru véi chiéu cao va ban kinh day cung béqg R . Cit khbi gS do boi
mot mat phang di qua duong kinh ciia mot mat day ctia khoi go va tao voi mat phang day cta khoi go mot
goc 30° ta thu duge hai khdi gb c6 thé tich 1a ¥, va V,, v6i V, <V,. Thé tich ¥, bang?

2\/3R° 3R’ 3R’ 3R’
AV = V3 . B.Vlzf . C.Vlzf . D.Vlzf .
9 27 18 27

(THPT LE QUY DON DA NANG NAM 2018-2019) Cho méot mé hinh 3—D mé phong mot dudng ham

nhu hinh v& bén. Biét rang duong ham mé hinh c6 chiéu dai 5(cm) ; khi cat hinh nay boi mét phiang vudng

gbc v6i ddy cua nd, ta duoc thiét dién 1a mot hinh parabol c6 d6 dai day gip doi chidu cao parabol. Chiéu
X 1A 1 . 2 . ..
cao cua moi thiét dién parobol cho boi cong thiuc y =3 — gx (cm) , VOl x (cm) 1a khoang cach tinh tir 161

vao 16n hon ctia dudng hdm mé hinh. Tinh thé tich (theo don vi cm’ ) khong gian bén trong dudng hdm mo
hinh ( 1am tron ket qua dén hang don vi )

A 29. B. 27. C. 31. D. 33.

(TT THANH TUONG NGHE AN NAM 2018-2019 LAN 02) Mot chi tiét may dugc thiét ké nhu hinh v&
bén.
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Cau 183.

Cau 184.

Cau 185.

Cac tr giac ABCD,CDPQ 1a cac hinh vudng canh 2,5cm . Tt giac ABEF 1a hinh chir nhét c6
BE =3,5cm . Mit bén POQEF dugc mai nhin theo dudng parabol (P) ¢6 dinh parabol ndm trén canh

EF . Thé tich cua chi tiét may bang

A. ﬁcm3. B. ﬂ cm’. C. 12—50}113. D. ﬁcm3.

24 3 8 24
(THPT LUC NGAN - LAN 1 - 2018) B6 doc mdt qua dua hau ta duoc thiét dién 1a hinh elip ¢6 truc 16n
28cm, truc nhé 25cm. Biét cir 1000cm’ dua hiu s& lam duoc cdc sinh td gia 20000 ddng. Hoi tir qua
dua héu trén c6 thé thu duoc bao nhiéu tién tir viée ban nude sinh t6? Biét ring bé day vo dwa khong dang
ke.
A. 183000 dong. B. 180000 ddng. C. 185000 dong. D. 190000 ddng.

(THPT THUC HANH - TPHCM - 2018) Mot céc‘ru’qu ¢6 hinh dang tron xoay va kich thug&c nhu hinh Ve,
thiét dién doc cua coc (bd doc coc thanh 2 phan bang nhau) 14 mét duong Parabol. Tinh thé tich 61 da ma
coc cé thé chira dugc (1am tron 2 chit s6 thap phan)

8cm
o————0
. 9 Parabol
10¢m
=
A. V =320cm’. B. V ~1005,31cm’.  C. V ~251,33cm’. D. V =502,65cm’ .

(THPT CHUYEN THOAI NGOC HAU - LAN 3 - 2018) C6 mdt cb¢ nudc thuy tinh hinh try, ban kinh
trong long day cdc 1a 6¢cm , chiéu cao long cdc 1a 10cm dang dung mot lugng nude. Tinh thé tich lugng
nuée trong cdc, biét khi nghiéng cde nude vira lic khi nude cham miéng cde thi ddy muc nude tring véi
duong kinh day.
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Cau 186.

Cau 187.

A. 240cm’. B. 2407 cm’. C. 120cm’. D. 1207cm’.

(THPT CHUYEN THOAI NGOQC HAU - LAN 3 - 2018) Cho vt thé day 1a hinh tron ¢6 ban kinh bang 1
(tham khao hinh v&). Khi cét vt thé bing mat phing vudng goc v6i truc Ox tai diém c6 hoanh do
x (—1< x<1) thi duoc thiét dién 1a mot tam gide déu. Thé tich ¥ cua vat thé d6 1a

0,0:::'%““';:"%

.
H“ ‘ ‘\\ }
I

:H “
o

I
AV =43. B. V =33. c.v

i

(THPT B:TNH GIANG - HAI pU’OI\IG - 2018) San vén dong Sport Hub (Singapore) 1a san c6 mai vom ky
vi nhat thé gidi. Pay la noi dién ra 1€ khai mac Pai hoi thé thao Pong Nam A duogc t6 chirc tai Singapore

nam 2015 . Nén san 1a mot elip (E ) ¢6 truc 16m dai 150m , truc bé dai 90m (hinh 3). Néu cit san van dong
theo mot mat phang vudng goc véi truc 16n ciia (E ) va citelip @ M, N (hinh 3) thi ta dwoc thiét dién luén

12 mot phan ciia hinh tron ¢6 tim / (phdn t6 dam trong hinh 4) v6i MN 1a mot day cung va goc MIN = 90°.
beé lap may diéu hoa khong khi thi cac k¥ su can tinh thé tich phan khong gian bén dudi mai che va bén trén
mat san, coi nhu mat san 1la mot mat phang va the tich vat liéu 1a mai khong dang k&. Hoi the tich xap xi bao
nhiéu?
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Cau 188.

Cau 189.

Cau 190.

Cau 191.

M

N

Hinh 3

A. 57793m3,. .. B 1_15586m3 . C. 32162m’. i D. 101793m’ .

(TRAN PHU - HA TINH - LAN 2 - 201 8) Mot cai thﬁpg dung dau cc? thiét dién ngang (mat trong S:ﬁa
thung) 1a mot duong elip c6 truc 16n bang 1m, truc bé bang 0,8m, chiéu dai (mat trong cia thung) bang
3m . Puoc dit sao cho truc bé ndm theo phwong thing dimg (nhw hinh bén). Biét chiéu cao ciia ddu hién c6
trong thung (tinh tir day thung dén mat dau) 1a 0,6m . Tinh thé tich ¥ cta dau c6 trong thung (Két qua lam
tron dén phan tram).

AV =1,52m’. B. V=131m’. C.V=127m". D. V=119m’.
(SO GD&DT YEN BAI - 2018) Ngudi ta thay nuéc méi cho mot bé boi c6 dang hinh hop chit nhat c6 do

sau 1a 280 cm. Gia st A (t) 1a chiéu cao (tinh bang cm) cta myuc nudc bom duoc tai thoi diém ¢ gidy, biét

. “ o 1 X A s .
rang toc do tang ciia chiéu cao muc nudc tai gidy thir ¢ 1a A'(f) = ——3/t+3 va luc dau ho boi khong co
500

nudc. Hoi sau bao lau thi bom dugc s6 nude bang Z do sau cua ho boi (lam tron dén gidy)?

A. 2 gio 36 giay. B. 2 gio 34 giay. C. 2 gio 35 giay. D. 2 gio 36 giay.
(THPT NGO QUYEN - QUANG NINH - HKII - 2018) Mdt bac tho x4y bom nudc vao bé chira nude. Goi
h(t) 1a thé tich nudc bom dugc sau ¢ gidy. Cho h'(t) = 6at” + 2bt va ban diu bé khong c6 nude. Sau 3

gidy thi thé tich nudc trong bé 1a 90m” , sau 6 gidy thi thé tich nudc trong bé 1a 504m° . Tinh thé tich nuéc
trong bé sau khi bom duoc 9 giay.
A. 1458m’ . B. 600m°. C. 2200m’ . D. 4200m’.

Dang 5. Ung dung tich phan dé giai quyét mot so bai toan dai so

(PTNK CO SO 2 - TPHCM - LAN 1 - 2018) Cho ham sé y = f(x) c6 dao ham f'(x) lién tuc trén doan
[0;5] va d6 thi ham s§ y = f'(x) trén doan [0;5] duoc cho nhu hinh bén.
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|-ll‘

N

0 3 5 <
—5

Tim ménh dé dung
A £(0)=1(5)<f(3)-B. f(3)< f(0)=r(5).
C. £(3)<f(0)<f(5).D. £(3)<f(5)< f(0).
Cau 192. (MA DE 110 BGD&DT NAM 2017) Cho ham s y = f(x). Db thi ctia ham s6 y = f"(x) nhu hinh bén.
bat g(x) = 2f(x)—(x+l)2 . Ménh d nao duéi day dung?
Yy A

&

A. g(l) >g(—3) >g(3) B. g(l) >g(3) >g(—3)
C. g(3)>g(-3)>g(1) D. g(-3)>2(3)>g(1)

Cau 193.  (MD 105 BGD&DT NAM 2017) Cho ham séy = f(x). D6 thi y = f'(x) cta ham s6 nhu hinh bén. Dt
g(x)=2f(x)+x*. Ménh dé nao dusi day ding?

1l N |
| ____21 \ |
\ |
\ 1 a 2
E—a\ 0 /\ |
BEH Ay VR
N /‘] il
V5 1
i R
| FEETiER

A. g(3) < g(—3) < g(l) B. g(l) <ig(—3) < g(3)
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C. g(—3) < g(3) < g(—l) D. g(l) < g(B) < g(—3)
Cau 194, (MA DE 123 BGD&DT NAM 2017) Cho ham sé y = f(x). D thi ham s6 y = f'(x) nhu hinh vé. Dat
h(x)=2f(x)-x*. Ménh d& nao duéi day ding?

A. h(4)=h(-2)<h(2) B. h(2)>h(-2)>h(4)
C. h(4)=h(-2)>h(2) D. h(2)>h(4)>h(-2)

Cau 195. Chohamsd y = f(x) lién tuc trén R va c6 d6 thi ctia ham s f”(x) nhu hinh bén duéi. Ménh dé nao

sau day dung?
A £(0)> f£(2)> f(-1). B. £(0)>f(-1)>f(2).
C. f(2)>f(0)>f(-1). D. f(-1)>f£(0)> f(2).

Cau 196. (SO GD&DPT PHU THO NAM 2018-2019 LAN 01) Cho ham sé f'(x). D thi ciia ham sé y = f"(x)

trén [—3; 2] nhu hinh v& (phin cong ctia d6 thi 13 mot phén cua parabol y = ax® +bx +c.)

YA

Biét f(—3) =0, gia trj cua f(—1)+f(1) bing
= B 2L .2 D.2
6 6 3 2
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Cau 197.

Cau 198.

Cau 199.

Cau 1.

Cau 2.

(THPT LUONG VAN CAN - LAN 1 - 2018) Cho ham s6 y = f(x). D4 thj ciia ham s6 y = f"(x) nhu
hinh vé. Dat g(x) = 2f(x)—(x—1)2 .

Ménh dé nao duéi day ding?

A g(-1)<g(3)<g(5)-B. g(-1)<g(5)<g(3).

C. g(5)< g(—l) < g(3).D. g(3) <g(5) < g(—l).

(THPT HAU LOC 2 - TH - 2018) Cho ham s6 y = f(x) =ax’ +bx’ +cx+d (a,b,c,d e R,a#0) ¢6
dd thila (C). Biét rang dd thi (C) di qua gbc toa dd va d6 thi ham s6 y = f"'(x) cho béi hinh v& bén. Tinh

gidtri H =f(4)-/(2)?
A H=45. B. H=64. C. H=51. D. H=58.

(SGD THANH HOA - LAN 1 - 2018) Cho ham s y = f'(x). D4 thij ciia ham s6 y = f”(x) nhu hinh v&
bén. bit M = r[nZag](f(x) , m= [rnzl%f(x), T = M +m . Ménh & nao dudi day dang?

.1"

33 —lo\ 1 /2 3 45\/615 S

A.T=f(0)+f(-2). B.T=f(5)+f(-2).
C.T=f(5)+f(6). D.T=f(0)+/(2).

PHAN B. LOI GIAI THAM KHAO

Dang 1. Ung dung tich phin dé tim dién tich

Dang 1.1 Bai toan tinh tryc tiép khong co diéu kién

Dién tich hinh phing gii han boi db thi ham sé y = f(x), truc hoanh va hai dudng thang x =a, x=b

duogc tinh boi cong thie: S = j“f(x)‘ dx.

Chon B
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2
-]
0

Cau 3. Chon A

2%dx

2
= [2*dx (do 2* >0,vx[0;2]).
0

2
Dién tich hinh phing gi6i han boi cac duongy =e*, y=0, x=0, x=2 la: S = jexdx .
0
Cau 4. Chon C

Taco: S = j|f(x)|dx+ﬁf(x)\dx= jf(x)dx—jf(x)dx.
Cau 5. Chon D h 1 : 1
S = :fl‘f(x))dXZﬂf(x)‘dx+!‘f(x)‘dx

Nhin hinh ta thdy ham s§ f (x) lién tuc va nhan gia tri khong am trén doan [—l; 1] nén

j.‘f(x)‘dx = jff(x)dx : ham sd f(x) lién tuc va nhan gia tri Am trén doan [1;2] nén
”f ‘dx = —J. x)dx

Vay Szjf(x)dx —If(x)dx
Cau 6. Chon A ) 1

x=0
Phuong trinh hoanh d6 giao diém x’ —x=x-x" & x’ +x* -2x=0| x =1
x=-2

Dién tich hinh phéng gidi han boi d6 thi ham s& y= x* —x va d6 thi ham s8 y=x- x* la:
0

J’(x3 +x7 —2x)dx

1

Szj.‘x3—x—(x—x2)dx: +I(x3+x2—2x)dx
-2

1

Cau 7. Chon A

Ta co:
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S:i\f(x)\dxzi\f(x)\dﬁi\f(x)\dx=—jf dx+jf dx=-a+b.

Cau 8. Chon B

Phuong trinh hoanh d6 giao diém giita parabol va cung tron ta dwoc \/§x2 =\4-x" ©x==*1 véi

0<x<2néntacod x=1

Taco dién tich S = I\/_xzdx+I\/4 X dx— x3

Dat: x =2sint =>dx =2costdt;x =1 >t—% =2=>t=%

V3 2 4z-3
6

:>S=—+2(t+lsin2tJ =
3 2

Va

Cau 9. Chon C q
Dién tich hinh phang gach chéo trong hinh v¢ la:

§= ﬂ(—xz +3)—(x2 —2x—1)‘dx = ﬂ—sz +2x+4}dx = _2[(—2x2 +2x+4)dx_
Cau 10. Ch():A B B
Ta co: hamsé f(x) > 0Vx e[~1;1]; f(x) <OVx €[1;4], nén:
4 1 4 1 4
S =[|£ (x)dx = [|£ (x)|dx+[|£ (x)|dx = [ £ (x)dx = [ £ (x) dx. Chon dap an
-1 -1 1 -1 1

B.
Caull. ChonB

Ta ¢ S=j]f(x)‘dszzj]f(x)‘dx+jﬂf(x) dx

Do f(x)ZO voi Vxe[—2;1] va f(x)SO voi Vxe[l;3] nén § = jf(x)dx—j-

Cau12.  Tirddthitathdy —x* +3>x" -2x—1, Vxe[-1;2].
Vay dién tich phan hinh phing gach chéo trong hinh v& 1a
2
S= j[ —x? +3) = (¥ = 2x—1) |dr = [ (247 + 22+ 4) dx.

-1

Cau 13. Chon B.

+J.\/4—_dx——+j\/de

f(x)dx

x=-2
Cau 14.  Phuong trinh hoanh d6 giao diém cta hai ddthila x’ —3x=x < x’  —4x=0=|x=0 .

x=2

0

I(x3 —4x)dx +

-2

f(x3—4x)dx‘=4+4=8.

0

Vay S =

2
Cau15.  Dién tich hinh phing da cho duoc tinh boi cong thitc § = [3*dx

Caul6.  Taco S, = [|/ (x)de = [|£ (x)|dx+[| £ (x)|dx

Vi f(x)éO,Vxe[a;O],f(x)ZO,‘v’xe[O;b] nén:
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0

S, =j(—f(x))dx+zf(x)dx=—_j[f(x)dx+zf(x)dx.

a

Caul7. Ta cé:S=ﬂ(x—2)2 —1‘dx=j'\x2 —4x+3‘dx=
1 1

[SSH )

2
J.(x2 —4x+3)dx‘ =
1
Cau 18.  Theo ly thuyét thi dién tich hinh phang dugc gidi han boi dd thi ciia cac duong y = f(x), y=g(x), x=a
b

, X =b dugc tinh theo coéng thuc S = Hf(x)—g(x)‘dx
Cau 19.  Dién tich hinh phéng dugc to dam trong hinh v€ bén la:

1 1

x —2—(—\/M) dx = j(—\/M—xz +2)dx (vi xe[—l;l]:—\/H>x2 -2).
el

-1
Cau20. ChonD
Goi S 1a dién tich hinh phang gi6i han boi d6 thi ham s6 y = 4x — x* vatrue Ox.

5 x=0
Xét phuong trinh 4x —x" =0 < :
x=4
I 4 x ) 32
Taco S=”4x—x2‘dx= I(4x—x2)dx =2x* =2 ==
0 0 3 0 3

Cau2l. ChonC:

41 3 2
X a2 L
410 3 1 12

Céau22.  Dién tich ctia hinh phéng duoc gidi han bai db thi ham sb y=f (x) , truc hoanh va hai duong thrfmg XxX=a

S= jx3dx+j(x—2)2 dx =
0 1

,x=bla S:ﬁf(x)\dx= j‘f(x)‘dx+”f(x)‘dx =—jf(x)dx+jf(x)dx.

Cau23. Taco: S=i‘x2+1‘dx=j(x2+l)dx=6.
’ ’

Cau24. ChonB
Phuong trinh hoanh d6 giao diém: x> +5=6x < x=5;x=1.

1
. 7
Dién tich hinh phang can tim: S = ”xZ —6x+ 5‘ dx = 3
0

Cau25. ChonC

Hoanh d6 giao diém cia (C ) va truc hoanh la nghiém cua phuong trinh 3% Il =0 x= —%.
x_
, ¢ 3x-1 ‘ 4 0 4
Do d6 dién tich hinh phang la § = J dx| = j(3+—}dx :‘(3x+4ln|x—l|)‘ , =4In—-1.
, x—1 | x—1 -3 3

3 3
Cau26.  Taco dién tich hinh phing gi¢i han boi cac d6 thi ham séy = x* —x; y = 2x va cac duong x =1;

x=-11a 8= j‘(x3—x)—(2x)‘ dx = hx3 —3x‘ dx.
e -1

Bang xét ddu x° —3x

| x | -1 0 1]
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Do d6 dua vao bang ta | X =3x + 0 — ‘ co:

S:T(x3 —3x)dx+j;(3x—x3)dx.

4
3
y = a’
2
1
0 1 2
Cau 27.

2 2 7
Tacod Sz.ﬂxz‘dx :J-xzdx:?
1 1

, . -1
Cau28.  Phuong trinh hoanh do giao diém cua do thi (H ) va truc hoanh al 1 =0 x=1.
X+

Dién tich hinh phfmg gidi han bédi (H ) va cac truc toa do la
(—x+1, 2 1
S= = dx=|| -1+—— |dx=(—x+21 Il)| =2In2-1.
I I E[( + j (—x+2In|x+ |)0 n
In x

y Xx+1 x+1
Cau29.  Dién tich hinh phing giéi han boi mién D gém cac dudng y=—,y= 0,x=1,x=ela
X

s= [
Cau 30.  Phuong trinh hoanh do giao diém1a —x* +2x+1=2x" —4x+1=3x" —6x=0

{xzo
=
x=2

x+1

— ln—xdx i X0, e (Le).
X .X

lnx

Dién tich hinh phing 1a S =

_(')2.[(2x2 —4x+1)—(—x2 +2x+1)} dx
(x3 —3x2) 2

0
Cau3l.  Xétphuongtrinh: X* +2x=x+2 < x> +x-2=0 c{

=4,

2
J. 3x —6x
0

x=-2

Dién tich hinh phing gi6i han boi hai d6 thi la:

S:_jz\xux_sz:jz(x +x-2)x = (—+—‘2 J

Cau 32.  Phuong trinh hoanh d9 cua duong cong y = xInx va truc hoanh la
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Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

x>0 x>0
xhx=0<|x=0 <<{|x=0<x=1.
Inx=0 x=1

Vay dién tich hinh phing giéi han bai duong cong y =XxInx, truc hoanh va duong thing x =e la

S=j|xlnx|dx:j.xlnxdx.
1

1

1
du =—dx 5 . o
u=Inx X X e 1 e x'le
bat = .Suyra S=—Inx ——dex=———
dv = xdx X 2 1 24 2 41
2 2 2 r
Hoanh d¢ giao diém cua hai do thi ham s6 1a nghiém cta phuong trinh:

x=1
x=2
Khi d6 dién tich hinh phéng gii han boi cac duong 1a:
2

I(xz —3x+ 2)a’x

1

x2=3x—2<:>x2—3x+2:0<:>{

S= ﬂxz ~(3x-2)|dx = =é (dvd).
1

Tacolnx—-1=0<=x=e¢.

Dién tich hinh phéng gi6i han boi d thi cac hamsé y =Inx, y =1 va dudng thing x =1 la:

j(lnx—l)dx

1

S = j|lnx—1|dx =
1

x(lnx—l)‘; —jdx
1

Vi m >0 nén 2x+3>0,‘v’xe[0;m].

Dién tich hinh phéng gi¢i han boi d6 thi ham s y =2x+3 va cac duong thing y=0,x=0,x=m la:

S=T(2x+3).dx:(x2 +3x)‘: =m’+3m.
0

Theo gia thiét ta co:

S=10<:>m2+3m=10<:>m2+3m—10=0<:>[ 5
m=—

. X
Xét phuong trinh hoanh d6 giao diém 4x —x* =2x & x* -2x =0 < {
X

Khi d6 dién tich hinh phing cin tim 1a S = ﬂxz —2x|dx = j(zx —x)dr =
0 0

Phuong trinh hoanh d¢ giao diém

x:(x—2)2 <:>x2—5x+4:0<:>{x

Dua vao db thi, khi d6 dién tich hinh phing can tim 1a

1 2
S:dex+ (x—2)2dx=l+l=§
1 2 3 6

0

+1
4

<m=2 (do m>0).

=‘1—x|le‘=‘1—(e—1)‘:|2—e|:e—2
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Cau 38.

Cau 39.

Cau 40.

Cau4l.

. 5
Vay S = .
Chon D
Phuong trinh hoanh d6 giao diém cua hai dudng (C ) (y=x"—-2x va (d ) :y=0 la:
5 {x =0
x-2x=0& .
x=2
Béng xét dau:
x —0 0 2 +0
Vr + 0 — 0 +

(x2 —2x)dx+lj3(x2 —Zx)dx

2

Dién tich can tim: S = T ‘xz — Zx‘dx = j. (x2 —2x)dx—

-10 -10
3 0 3 2 3
S I [ (A R
3 3 3
-10 0
Chon D
1 2

Ta cé Szj;‘f(x)‘dx=:lf3‘f(x)‘dx+j”f(x)‘dx =—_j3 f(x)dx+ [ f(x)dx=—a+b.

1

O© C— 1O

10

1300 4 704 2008
= +—+ = :
3 3 3 3

2

Loigiai
Chon A
, . 2 x=0
Xét phuong trinh x” =x = i
X =

Dién tich hinh phing gi6i han boi dd thi ham s y = x° va duong thang y =2x la:
1

J‘(x2 —x)dx

0

S= j“xz —x‘dx =
0

Phuong trinh hoanh dd giao diém hai d6 thi ham sé y =—x* +2x+1, y=2x" —4x+1 la:
x=0

—xz+2x+1:2x2—4x+1<:>3x2—6x:0<:{ 5
X =

Dién tich hinh phing d cho 1a .[02 ‘3)62 — 6x‘ dx = J-Oz (6x -3x° ) dx = (3)62 - x3) é =4.
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~
7

6

5

Cau 42. -5

S]<7 4xdx—|—f4xdx—|—fx—dx
0

3
Cau43.  Xét phuong trinh hoanh d6 giao diém 2 dudng cong:
x=0
X +12x=—x" @ x(x* —x-12)=0 | x=-3.
x=4

= Dién tich can tim la: S = jﬁf —x’ —12x‘dx: j“x3 —x’ —12x‘dx+jﬂx3 —x’ —12x‘dx
e 3 0

0 4 U 0 PR N
= I(xS—x2—12x +I X —x —12x)dx x| |4 ——=—-6x"
5 g 4 3 43 )
-99| |-160| 937
a3 12
y=\/; y=x-2
Cau 44. Xétcéchinhphéng(Hl): y=0 va (Hz): y=0
x=0, x=4 x=2,x=4

M{W)( D)

(H)w(H,)=(H,)
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Do do S(H):S(Hl)—S(HZ):I\/;dx—j!t(x—Z)dx:i _(%Z_ZXJ‘;;:?_ :?

=) [ 10
Céch khac: Ta co (H): x=y+2 .Suyra S(H):”yz—(y+2))dy:?.
y=0,y=2 !
. . . -1
Cau45.  Xét phuong trinh hoanh d6 giao diém cua do thi ham s6 da cho va truc hoanh: x—1=0 & x=1.
X+
L1 1 ) |
Khido S = j dxzj(—de = j(l——jdx = |(x=2In|x+1)) ‘=2ln2—1.
x+1 o\ x+1 7 x+1 0

Cau 46.  Phuong trinh hoanh d¢ giao diémctia y=x"+x—-1va y=x*+x-11a
x=0
Cx-l=x'+x-1oxX-x'=0s|x=1

x=-1
Dién tich hinh phing can tim1a S = j”xz —x4‘dx: jﬂxz —x4‘dx+j“x2 —x4‘dx
e ) 0

0 1

3 5 O 3 5 l
= I(xz—x4)dx + I(xz—x4)dx = - - 23 izi
e 0 3 511 3 5)0f 15 15 15
Cau47.  Phuong trinh truc (Ox) va (Oy) lanlugtla y=0 va x=0.
Phuong trinh hoanh d6 giao diém cta ham sé (H) va truc Ox: x_i =0 x=1.
X+

Taco: S = I

. Vi x_l <0, Vxe [0;1] nén dién tich can tim la:
x+1 x+1

1
S_—J'x+1 j( 1+—j (—x+2ln|x+1|)‘oz2ln2—1.

Cau48.  Cach 1: Coi x 12 ham s theo biénsd y .

x4 o =P
v =y + 2
5 4
E y
O 2
Hinh phéng da cho giéi han boi cac dudng:
x=)" (v6i y=20); x=y+2; y=0.
=—1 (loai
Taco: Y =y+2& )y —y-2=0& 7 (loai)
y=2 (t/m)

2 2
Dién tich ctia hinh phang can tim 1a S =”y+2—y2‘dy =J‘(y+2—y2)dy:¥ (dvdt)
0 0

Céch 2:
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Cau 49.

Cau 50.

Cau 51.

,yll

y=vz

O /2
Yy=x—2

Phuong trinh hoanh d¢ giao diém cta cac dd thi ham sé y=/x, y=x—2:

VAN S
8

x=2 x>2
Jr=x-2e R S x=4.
x:(x—2) x =5x+4=0
. 4 4 10
Dién tich ciia hinh phing can tim 1a S ZI\/; dx—j(x—2)dx:? (dvdt)
0 2
2 2 4 2 4 2 =12
Xétphaomg i = 125 o X g X X g [x=VI2
12 4 144 4 144 4 x=—/12

Dién tich hinh phing (H ) bang:

2 \/— 2 2 \/— 2
—j Ja ———x— de=2["| 4= - v =2 ] 4= [de-2
viz 12 0 4 12 0 4

bat x=4sint = dx =4cos xdx

Ddican: x=0=1=0; x:@:ﬂ:%

I = .3[ cos” tdt = 4 .3[1+0052t =—+\/—
0
Xét I, :jﬁ%dng
2(4;;+J§)

Vay §=21,-21, = 3
Huéng dan giai

Taco | [2f 2x+1 +1}dx=2j;f(2x+1)dx+x| = [ s (x)dr+4

Maj f(x S+ S,y + 8y =6-3+12+42=17

() " =(p)

Viy _[§[2‘f 2yi+1 Jfl]dxzz{ | o

Duwra vao hinh ve ta thay hinh phang can tinh dién tich gom 2 phan:

Phan 1: Hinh phing gi6i han boi d6 thi hamsd y = x°, truc Ox, x=0, x=1.

Phan 2: Hinh phang gi6i han boi d6 thi ham sé y = x> —4x+4 ,truc Ox, x=1, x=2.
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Cau 52.

Cau 53.

Do d6 dién tich can tinh 12 S :.1”x3‘dx+.2”x2 —4x+4‘dx:jx3dx+j.(x2 —4x+4)dx.
0 1 0 1

x—1 khi x>1
y=he-il-

1-x khi x<1’
x*+y> =1<> y=+1-x" do chi tinh nira trén ctia dudng tron nén ta ldy y =~/1-x" .

Hinh phing gi¢i han béi dd thi ham s y =|x—1| va nira trén ctia duong tron x° + »* =1 1a phan t6 mau
vang nhu hinh v¢.

0 0

1 1 1 2
Dién tich hinh phang trén la: S:J.[\/l—x2 —(l—x)}dx :J. 1-x° dx+J.(x—1)dx =1, +(%—xj
0

0

1
Tinh I, = [ V1—x* dx.
=J
0
.

bat x=sint, te| —— ; dx =cosz.dt.
22

. V4
Poicin x=0=1¢=0; x:1:>t:5.

| : : :
I, =I 1—-x” dx :jm.cost.dt =I|cost|cost,dt =Icosz tde :J.Mdt
0 0 ’ ) 0
:l(t+sin2tj 2 :E_V@y Szf_l.
2 2 ), 4 4 2

Hoanh d¢ giao diém ctia hai d6 thi hamsé y=—x va y=x-2 la: -x=x-2< x=1.
Dién tich hinh phang can tinh 1a:

1 3
Szj(gx—xz +xjdx+j(£x—x2 —x+2jdx.
o\ 3 3
1 3
@Szj(ﬁx—xzjdx+j(zx—xz+2jdx
0 3 1 3

¢(13 (7
@S:J. —x-x’ dx+J- —x—x>+2 |dx
3 3
0 1
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1 3

13 : 7 ’ 13
&S = —xz—x— + —xz—x—+2x =—.

6 3 . 6 3 | 2

Cau 54.  Chon hé truc toa d6 nhu hinh vé.

. x2 y2 x2 y2
Hai Elip lan lugt c6 phuong trinh: (E1 ) :T+T =1 va (Ez) : T+T =1
Toa d6 giao diém cua hai Elip trong goc phan tu thir nhat 13 nghiém phwong trinh:

s
4 4 2
x* + 4:1<:>x2:—:>x:—\/g
4 5 5
245

5 2
Dién tich hinh phing can tim: S =7.2° —7.2.1-4 J [2\/1 -x° -, fl —%]dx =3,71
0

Cau55.  Hinh phing giéi han boi do thi cia ham sd f (x) = ax’ +bx” +¢, céc duong thing x=—1, x =2 va truc
hoanh dugc chia thanh hai phan:
[ Mién D, 13 hinh chit nhat ¢6 hai kich thuéc lan lugt1a 1 va 3 = S, =3.

f(x):ax3+bx2+c
I Mién D, gom: { y=1
x=—-Lx=2
D& thay (C) di qua 3 diém A(—l;l), B(0;3), C(Z;l) nén do thi (C) c6 phuong trinh

f(x)=%x3 —%xz +3.

2
:Sz=j(lx3—§x2+3—ljdx=£.
27 2 8

. 51
Vay dién tich hinh phang can timla S =S, +§, = e
il }_
5 G
- F
C K

3
B 4
4 Dl —1E . L H 3

Cau 56.

I=[[f(x)+2]dr= [ g(x)dx voi g(x)=f(x)+2 c6dd thi nhu hinh v&.

Co I=S5,+8,+8,+S, trong do:
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(4B+CD).AD _(1+3)4

S, la dién tich hinh thang vuéng ABCD = §, = 5 5

S, 1a dién tich hinh chit nhat CDEF = §, =3.4=12,

2?
S, la dién tich hinh tron tdm / , bankinh R=2 = S, = 7{2 =2,

(EF+GH).EH (5+3)3

S, la dién tich hinh thang vuéng EFGH = §, = =

2 2
Suyra [ =8+12+27+12=27x+32.
Dang 1.2 Bai toan c6 diéu kién
Cau57.  Tacé dién tich hinh vudng OABC 1a 16 vabang S, +S,.
16
4 3| 16 ——
S, 16-S
S = [rxdr=2] =10 5 2075 3 =2
)4 2, 3 S8 S 16
3
t t
Causs.  Cach 1. Taco: S(¢)=[[2x+1] dx=[(2x+1) dx.
1 1
Suy ra S(Z)Z(x2+x)[=t2+t—2.
Dods S(1)=10+t-2=10= 1 +1-12=0<| .
t=—4 (L)

Vay t=3.

Céch 2. Hinh phang da cho 1 hinh thang c6 déy nho bang y(1) =3, day 16n bang y(¢)=2¢+1 va chiéu

cao bang 7—1.

(3+2t+1)(¢-1)

Ta co

Do dé chondap an A.
Cau59. ChonC
Giai toan:

: 3
Phuong trinh hoanh d¢ giao diém: X’ +a= Ex < 2x* =3x+2a=0

450 a>0

Dé phuong trinh ¢6 2 nghiém duong thi S .
A>0 a< E

3++9—16a

4

Goi hai nghiém do 1a 0 < x, <x, thi x, =
xZ 3

bé §; =S, khi va chi khi J(xz +a —Exjdx:o
0

Xy 3
Ta co: j(xz +a—§xjdx:0<:>x—2+ax2 —ixf =0
0 2 3 4

:10<:>2t2+2t—24=0<:>|: 4.Vit>1nént=3
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Cau 60.

Cauo6l.

344916 |
- 2
4 +a.3+x/9—16a_i.(3+\/9—16a] o

=

3 4 4 4
. . . 2 9
Giai nhanh bang may tinh cho két qua x = 0,421875 thudc khoang g,% )
Chon C

.1
Ta c¢6 phuong trinh hoanh d6 giao diém Exz —%x+ a=0 <2x"-3x+4a=0.

3
L . . XX, == (*)
Theo dé bai phuong trinh ¢6 hai nghiém 0 <x, <X, thoa man 2

xx, =2a (**)

x| Xy le
$,-5,=0 @le2—§x+a dx+jlx2—§x+adx:0 @I—xz——x+a dx=0
012 4 M 2 4 012 4
X, 2
ole3via] =0 =S —)c§—§)c22+ax2 =0 a=-22, 3% ().
6 8 . 6 8 8
3 3 X2 3x 2x2 3x 9
Tu (*)= x, ==—x,,thayvao (**)=>| =—x, |[x,=—2+"2 &2 20 =>x, =—
()122Y()(22J234 3 4 :
™ sa= 27 .Viy a e i,l .
128 16 32
Chon C

Phuong trinh hoanh d6 giao diém 2x” +a = 3x < 2x” —3x+a =0 c6 hai nghiém duong phan biét
A=9-8a>0
a<— 9
S1a & 8§ 0<a<—.

E>O a>0

Ta dugc nghiém cua phuong trinh la x =

3+£V9-8a
—

3-/9-8a 3+4/9-8a
4 4
Taco S, =S, J. (2x2+a—3x)dx:— I (2x2+a—3x)dx.
0 3-9-84
4
3-9-8a 3+/9-8a
4 4
= I (2x2+a—3x)dx+ I (2x2+a—3x)dx=O
0 3-9-8a
4
1o b ;s 3+9-8a
& _[ (2x2—3x+a)dx=0<:>(—x3——x2+axj 4 =0
0 3 2 0
2(3+9-8a) 2(3+v9-84) (3+\9-38a
31 )3l 4 |t )
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o [3+9=8a) 2(3+0=8a | _2(3+v9=8a) |
4 3 4 3 4
[ 34++/9—8a
T =0 (vn)
= 2
2(3+v9-8a | 2[3+N9-8a =0
3 4 3 4
L2(3o-8a) 2(3+\08a) s 27
3 4 3 4 Shift Solve 32
Cau62. ChonB
Phuong trinh hoanh d6 giao diém cua do thi f (x) va g(x) la
ax3+bx2+cx—2=dx2+3x+2<:>a3+(b—d)x2+(c—e)x—4=0. (*)
Do db thi ciia hai ham s cit nhau tai ba diém suy ra phuong trinh (*) c6 ba nghiém x=-2; x=-1;
x =1. Ta duoc
ax3+(b—d)x2+(c—e)x—4=k(x+2)(x+1)(x—1).
Khido 4=-"2k=k=2.
1
Vay dién tich hinh phéng can tim 1a [ |2 (x+2)(x+1)(x—1)|dx = %7 .
Cau 63. ChonD _
Céch 1:

1 N
Xét phuong trinh ax® + bx* +cx—5:dx2 +ex+1U ax’+ (b- d)x*+ (c- e)x-

27a+9(b-d)~3(c— e)—%:O
lan luot1a —3; —1; 1 nén suy ra —a+(b—d)—(c—e)—%=0
+(b—d)+(c—e)—%:0
Vay f(x)- (X)=Ex3+§x2—%x—%

Hinh phéng giéi han boi 2 dé thi da cho c6 dién tich bang
S= j ))dx+ j — f(x))dx

S S= I(EX3 +§x2 —lx—éjdx—
-3

2 2 2 2 2 2

-1

Cach 2:
Taco: f(x)—g(x)=a(x+3)(x+1)(x-1).

Suyra a(x+3)(x+1)(x—1)=ax’+(b—d)x’ +(c—d)x—%

. 3
Xét hé so tu do suy ra: —3a:—E:>a:—

= 0 c6 3 nghiém

I(lx3+3x2—lx—%)dx 242=4.
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Cau 64.

Cau 65.

Cau 66.

Do d: f(x)—g(x):%(x+3)(x+l)(x—l).

Dién tich bang: S =:|i[f(x)—g(x)]dx+j‘l[g(x)—f(x)]dx

@S:%f(ﬁz)(xﬂ)(x—l)dx—% [ (+3) (1) (x—1)dr 4.

-3 -1

Chon C
Vi phuong trinh f(x)— g(x) =0 ¢6 3 nghiém —-3;—-1;2 nén f(x)—g(x)=a(x+3)(x—2)(x+1).
2
So sanh hé sb tu do ta duoc —6a:—i :>a:l. Do d6 S = I l(x+3)(x+l)()c—2) dxzﬁ.
2 4 %14 48

Chon A i
Ta c6 phuong trinh hoanh d¢ giao diém la:

ax’ +bx2+cx+%:abc2 +ex—% & ax’ +(b—d)x2 +(c—e)x+%:0.
bit h()c)zax3 Jr(b—al)x2 +(c—e)x+%
Dua vao do thi ta co h(x)zax3 +(b—d)x2 +(c—e)x+% co banghiémla x=-2; x=1;,x=3.

Vé6i x=-2 tacod —8a+4(b—d)—2(c—e):—%, (1)

Véi x=1 tacod a+(b—d)+(c—e):—%, (2).
Véi x=3 tacod 27a+9(b—d)+3(c—e):—%, (3)

—8a+4(b—d)—2(c—e)=—% a=

Tir (1),(2) va (3) ta cé a+(b—d)+(c—e):—% o 1b- :_%
27a+9(b—d)+3(c—e):—% c_e:_%
Hay ta c6
; flr s 1, 5 31, #Ht, 1, 5 3 63 4 253
e S [ s e B

bpé viéc tinh toan tré nén don gian, ta tinh tién hai parabol sang trai mot don vi.

Khi d6, phuong trinh cic parabol méi 1a (P1) ty=—x"+4 ’(Pz) (Y= —%xz +a.

Goi A, B 1a cac giao diém cua (E) va truc Ox = A(—Z;O),B(Z;O) = AB=4.

Goi 4, B 1a giao diém cta (P) va dudng thing d = M(—\/E;a),N(\/E;a) .

4

4 3
Taco S, :21«/4—y.dy:—g((4—y)zJ =§(4—a) 4—¢g

2 3
S, =2j(—%x2 +aj.dx:2(—%+ax :8_a.
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. 4 8
Theo gia thiet S, =S, = 5(4—a)\/4—a =?a = (4—a)3 =4a’ < a’ —8a’ +48a =64
Vay T =64.
Cau 67. Hamsb da cho codang f(x)=ax*+bx’ +cx’ +dx+e= f'(x)=4ax’ +3bx* +2cx+d .
Tir gia thiét d6 thi ham sb da cho ta thay d thi ham sé di qua cac diém (=2;0), (=1;1), (0;1), (1;0) va
¢6 hai diém cuc tiéu 1a (1;0),(—2;0) nén ta c6 hé

e = 1
HUNESS e T
f(=2) = 0 a+b+c+d = -1 4
f1) = 0o 16a-8b+dc-2d = -leip = L.
f(=2) = 0 |-32a+12b—4c+d = 0 _23
'@y =0 4a+3b+2c+d = O c = 7

d = -1

1 1 3 3 3
Dodd f(x)=—x'+=—x-=x’—x+1= f'(x)=x+=x*-=x-1.
f(x) 2 5 2 f'(x) 2 5

Xét phuong trinh hoanh d6 giao diém f(x) = f'(x).

x = =2
= -1
<:>lx4—lx3——x2+lx+2=0<:>
2 2 x = 1
x = 4

4
Dién tich hinh phing gi¢i han boi d6 thi hai hamséy = f(x);y = f'(x)1a S = j | /()= f'(x)|dx
-2

. 1 1 1 o
Vi biéu thire f(x)— f'(x) = Zx“ —Ex3 —%xz + Ex + 2 khong doi dau trén cac khoang (—2;—-1),(-1;1)

, (1;4) nén ta co

S={[.[f) -1 '@)]ax
Cau68. Chon C

H|f Lren - fieo]ax

+ Uf[ fO)-f '(x)]dx‘ - %(dvdt).

2
. N . my=x" (1
Toa do giao diem cua hai do thi ham so0 1a nghi€ém cta hé phuong trinh: ) ( )
mx=y" (2)

2

2
Thé (1) vao (2) ta duoc: mx:(x—j s m’x—xt :0@{
m

x=0
x=m>0

2

X
Vi y="—>0 nén mx =y’ <225 y=+mx
m

2
— X
" m

dx =

2
m

-2

Khi d6 dién tich hinh phang can tim la: S = J-
0

:(ZM'X;_X_}J

m

3 3m

0

e, 1 m
Yéu cau bai toan S:3<:>§m2=3<:>m2:9<;0)m:3

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong 64




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG PT:0946798489
Cau 69.  Dién tich hinh thang cong (H ) giéi han boi cac dudng y=e*, y=0, x=0, x=In4 I

In4

S = I e'dx=¢e" LM =" —e’ =4-1=3(dvdt).
0
Taco S=5,+5, =5, +%S] :%S,.Suyra hY :%:?—2 (dvdt).

Vi §, la phan dién tich dugc gidi han béi cac duong y=e",y=0,x=0, x=k nén
k
2=, =.(|;e dx=e’ .=
Dod6 e =3 < k=1In3.
Cau70. Chon A
f(x)—g(x):a(x+3)(x+1)(x—2) =(ax+3a)(x2—x—2)=ax3—ax2—2ax+3ax2—3ax—6a

=ax’ +2ax’ —5ax—6a
f(O)—g(O):—6a, quan sat hinh vé ta c6 f(O)—g(O):—%+%:%

9 3 o T -3 253
Nén —6a=E:>a=— S:Hf(x)—g(x)‘dx:_[ 2—0(x+3)(x+1)(x—2) X =—— 20 =3.1625

20 b
Cau7l.  Goi phuong trinh duong thing AB la: y=ax+b (a,b € ]R)

Phuong trinh giao diém ciia 4B va (P) la: x> —ax—-b=0
A(x;ax, +b)
B(x,;ax, +b)

X +x,=a

Pé c6 2 diém A4, B thi a® +4b >0 . khi d6:

xx, =-b

Nén AB=2 < |(a” +1)|x, - x| =2

Giasu x, > x, taco |x2 x1|——s2
(a2+l)
Mat khac: |x2 —x1| = \/(x2 +X, )2 —4x,x, =\a’ +4b

KhiddS:Tax+b—x2dx:;( —xl)+b( xl)_%(x;_xf)

X

:(xz _xl)[g(xz +x1)+b_%(x22 T XX, +x12)}
2 2 . 3
O e | S e B R

b 3 6

| oo
W

4 . ja=0 x+x,=0 A oy £
Suyra: S, =— khi =4 (thoa man vi (P ) c6 tinh d6i xung)
3 X, —x, =2 X, =X, =
A(L;1 A(-1;1
= ( ) hoac ( )
B(—l;l) B(l;l)

Cau72. ChonC
Phuong trinh hoanh d6 cta (P) vaid lax’—mx—1=0 (l)
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D@ thay (1) ludn ¢6 2 nghiém phan biét. Goi a, b (a < b) la cac nghiém cia (l) thi dién tich hinh phing

X mx’
—- -X
3 2

gi6i han boi (P) va d 1a

j‘(xz—mx—l)dx =

a

S:.bﬂx2 —mx—l‘dxz

a

0> +ab+d®  m(b+a)

3 3 2 2
_|p-a _m’-a ) _(b-a)|=[p—d| —1‘
| 2 E 2
2
) (b+a)24ab.%(b+a) abm(b;a)l‘
N n 2 m2 2 4
Ma a+b=m,ab=~-1nén S=+m +4.(?+§j2§.

Dod()minSzgkhim:O.

Cau73. ChonB
S, = [[f(x)—g(x)]dx = jf )dx — jg Jdx = [ f(x)dr=S5,+ [ g(x)dx
S2:Jq[g(x)—f(x)]dx:J-g(x)dx—jzf(x)dx:jlf(x)dxzj.g(x)dx—Sz.

3

S, :;E[f(x)—g(x):ldx:J:f(x)dx—ig(x)dx:}[f(x)dx:Sl +ig(x)dx
Do vay: j.f(x)dx =5 -5,+S, +jg(x)dx.

3
Tir d6 thi ta thdy j g(x)dx 1a s6 duong. Ma 4 dap 4n chi c¢6 B 1a phu hop, nén ta chon B.

-5
3
Chu y: C6 thé tinh j g(x)dx nhu sau:

Tir d6 thi ham s6 y = g(x) ta thdy n6 di qua cac diém (—5;2), (=2;0), (0;0) nén ta cé:

25a-5b+c=2 5 A 4 208
4a-2b+c=0 =>a=—,b=—, c=0. Do do: _[g dx j —x x |dx=——.
15° 15° 15 45
c=0
Cau74. Chon A
4
Theo gia thiét ta c6 J-f Jdx=3 va J.f dx=-7 suyra jf(x)dxz—
-1 -1

bat t =5sinx—1=>df =5cosxdx.

: DR )
Khi d¢ F(5sinx—1)dy =— dr == dx=—=.
1o£cosxf( sinx—1) SJlf(t)t 5J.lf(x) 5
Cau 75. Chon A
0
+)Xét1=jf(3x+1)dx,d€1t (3x+1)=t:>dt=3dx:>dx=%

-1
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Cau 76.

. x=—Il=>t=-2
+) B6i1 can
x=0=¢=1

:,zzéjzf(t)dtzéuf(t)dt +.:[f(t)dt } =%(SA —SB)=§(11—2)=3

Cach 1:
Goiham sé bacbala y=ax’ +bx* +cx+d = y'=3ax’ +2bx+c.
Db thi (C) di qua cac diém (1;0),(2;—2) vadat cuc tritai x=0;x =2 nén ta cd hé sau:

O=a+b+c+d a=1
—2=8a+4b+2c+d b=-3
= .
O:C C:O
0=12a+4b+c d=2

Suyrahamsdbacbala y=x" —3x* +2.
Goi ham béc hai 1a y = mx” + nx+ p . Dd thi (P) di qua cac diém (1;0), (2;-2), (—1;-2) nén ta c6 h¢
sau :
O=m+n+p m=-1
2=4m+2n+pin=1
—-2=m-n+p p=0
Suy ra ham sé bac hai la y = —x* +x.
Phuong trinh hoanh d¢ giao diém cta (C)va (P)la:
x=-1
¥ -3 2= 4+xox 28 —x+2=0|x=1
x=2

2
Viy dién tich phan t6 dam1a: S = ”(x3 —2x7 —x+ 2)‘ dx .
-1

1

S= j(x3 —2xt—x+ Z)dx
|

Cach 2: (V6 Thanh Hai)

Vi @6 thi ham bac ba va do thi ham bac hai cét truc tung tai cac diém c6 tung d6 1an luot 1a y=2,y=0

8 5 37
_+_—
3

+ =—.
12 12

j‘(x3 -2x7 —x+2)dx
1

nén ta xét hai hamsd 1a y = ax’ +bx*> +cx+2, y =mx’ +nx.
* Vi d0 thi hai ham sd cit nhau tai cac diém c6 hoanh d¢ lan luot1a x =—L;x =1;x =2 nénta c6 phuong
trinh hoanh d6 giao diém:
ax’ +bx* +cx+2 = mx* +nx<:>a(x+1)(x—1)(x—2):0. Véi x=0 taduoc 2a=2—>a=1.
2
\ 37
*Vay dién tich phan 6 dam la: § = [ |(x+1)(x—1)(x—2)|dx = =

-1
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Cau 77.
Dién tich hinh tron 1a S =7R*> =87
Phuong trinh dudng tron tim 0(0 ; 0) ,bankinh R =22 1a x> + y* =8.

4
. .2 , NP s . , . X
Hoanh d6 giao diém cia Parabol va duong tron 1a nghiém cta phuong trinh x* + — =8

x=2

<:>x4+4x2—32=0<:>(x2+8)(x2—4)=0<:>x2—4=0<:>{ .
x=-2

Phuong trinh nira phia trén truc Ox cia dudng tron la: y =~/8— x> .
Dién tich mién giéi han bai Parabol va nira phia trén truc Ox cta duong tron La:

i(\/S—xz —x?szx =j;V8—x2dx—%jx2dx

-2
2
16
6

-2

2 3

X
Ta co J‘ xldx ="
° 3

2
1= I\/S—xzdx
)
bat x =2/2sint (t {—% ED = dx = 2+/2 cos tdt

+) x=-2=¢=-=
4

+) x=2=1=2
4

T

\/8 —8sin’ t2x/§costdt =

e [N

4
cos’ tdt =4 jl+c052t t=4| (1+cos2t)dt

\4
A\N'_"M:‘

&{'ﬁ'—..’;\.ﬁ

1N

4

4

= 4(t+lsin2tj
2

a

=2z +4.

2

2
Vay || V8-x* e dx=27r+i.
b 2 3

. 4 4
Dién tich phan con lai 1a 87 — (27[ +§j =6r _E .
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4 4 S 37+2
Viy S, =27+~ S, =6r——=1="7
3 378, 97-2

Cau78.  Phuong trinh hoanh d¢ giao diém ctia hai d6 thi ham s6 la:

2 2 2
+2ax+3 - X=-a
il axé a _4 ix<:>x2+3ax+2a2=O<:>(x+a)(x+2a):O<:>
1+a l+a x=-2a
_Néu a =0 thi dién tich hinh phing S =0.
—a 2 2 —a 2 2 3
, +3ax+2 +3ax+2 1
PNéu a0 S = | [y, frtdecida, 1o
Ey l+a kY l+a 6 1+a
—2a 2 2 —2a 2 2 3
, +3ax+2 +3ax+2 1
PNéwa<0 i S [ frtdeide, ] o
2 l1+a 2 l1+a 6 1+a

C . 1 |a|3 1 |a
Do d6, v6i a #0 thi S =—. c<—. T=—.
6 1+l 62Jaf 12

Dau " =" xay ra khi va chi khi |a|3 =l<a=4=1.
Vay dién tich hinh phang gi¢i han béi hai ham da cho c6 dién tich 16n nhat khi a =1.

0
Cau79. [ Dién tich phan ké soc 1a: S = ﬂ f(x)dx =3.

-2

Vi f(x)<0 Vxe[-2;0] :3=j]f(x)‘dx:j;[—f(x)]dx@if(x)dx:—3.

4
O Tinh [ = [ f (2x-8)dx.
3
Datt=2x-8 =>dt=2dx; x=3=¢t=-2; x=4=1t=0.

Suy ra: zzjf(t)édt:%jf(x)dx :_%

7 Vay T:jf’(x+l)dx+if'(x—l)dx+jf(2x—8)dx

= F e+ £ (L =7 () @)+ (D)= 1 ()5 =2-(-)-3 =3,

Cau80.  Phuong trinh hoanh d¢ giao diém: x* —6x* +m=0 (1).
pat t=x"(120) (1) tr¢ thanh £ —6t+m=0 (2).
(Cm) ct truc hoanh tai bn diém phan biét thi phuong trinh (1) ¢6 4 nghiém phan biét hay phuong trinh
N =(-3)-m>0
(2) ¢6 hai nghiém duong phén biét < P=m>0 &S 0<m<9 (*)
§=6>0
Goi ¢, t, (O <t < tz) 1a hai nghiém ctia phuong trinh (2) . Lic d6 phuong trinh (1) ¢6 bdn nghiém phan

biét theo thir tu ting dan la: x1=—\/g; x2=—\/2; x3=\/z; x4=\/g.
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Cau 81.

Cau 82.

X3 X4
Do tinh dbi ximg cia do thi (Cm) nén co I(x4—6x2+m)dx ZI(—x4+6x2—m)dx
0 X3
5
:>x—4—2xi+mx4:0 <:>xf—10xf+5mx4=0.

X, —6x; +m=0 (3)
x=10x2 +5m=0(4)

Lay (3)—(4):>xf:m,thay szm Vao (3) co: m’—5m=0=>m=0vm=5.

T d6 c6 x, 1a nghiém cta hé phuong trinh: < {

Déi chiéu didu kién (*)taco m=5=a=5vab=1.Vay S=6.
Chon A
+) Goi (C):y=ax’+bx* + cx+d(a=0)
Do (C) cit truc Oy tai diém c6 tung do bang 2 nén d=2
(C) di qua 3 diém A(—1;—2), B(1;0) va C(2;—2) nén ta dugc hé phuong trinh
-a+b-c=-4 a=1
a+b+c=-2 < b=-3.Dodé (C):1y=x"-3x"+2
4da+2b+c=-2 c=0
+) Goi (P):y=mx*+nx+r(m=0)
m-n+r=-2 m=-1
Do (P) di qua 3 diém a(—1;—2), O(O;O) va C(2;—2) nénta dugc r=0 <<r=0
4m+2n+r=-2 n=1
Dodé (P):y=-x"+x

MTCT 37

Vay QH):jj‘xs—sz—x+2‘dx =5

Taco: S<S§ +5S,.

a 2\ ¢ p b s p-1 q b q
R S R
0 pJl, P 0 B | ), 94
p= 0
P pa
vii 1= L Ve i
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Cau 83.
Cach 1: Goi I, H, K, E 1a cac diém nhu hinh vé.

* Ta cO: IH/\0:60°

2 2
OH2=OBZ—BH2:R2—3R :R—:>0H=£:>OI=OH.tan6O°:R—\/§,IH= OH =R,
4 2 2 cos 60°
AIOH ~ AEKH néntacé:EZO—K:2:>IE:2R.
IH OH

* Chon h¢ truc toa d0 /xy nhu hinh v€ ta co elip (E ) cobantruclonla a=1E =2R va (E ) di qua
R3 x*
Al —R;——— | nén (E) co6 phuong trinh la ( E): +—=1.

x2
4R?

2R 2R 2
* Dién tich cia thiét dién1a §=2 [ R\[1-——dv=2R [ [1-——dx
g SN 4R

2R 2

* Xét tich phan: [ = j 1- 4);2 dx,dat x=2R.sint; t € [—%'Z} ta dugc

5
-R

:(2—ﬁ+£jR :>Sz(4—ﬂ+£JR2
8 3 '

z
2

[ =

R
2

— N

(1+cos2t)dt :E(t—i- S 2tj
2 2

3 4

T
6

o N

2 2 2
Cich2: cos A0 =24 +OB —AB" _ 1 _ 58 _120°= om = X.
2.04.0B 2 2

Chon hé truc toa @0 Oxy nhu hinh vé

e \

A

2

7

=> Phuong trinh dudng tron day 1a x* +* = R> & y=+~+/R> —x’.

S
<Y

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong 71




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG

DT:0946798489

Cau 84.

Hinh chi€u cua phéan elip xuong day la mién soc xanh nhu hinh veé.

Taco S = ZI\/R2 *dx. Pat x=R.sint = S = (2; ﬁ]Rz.

4

2
Goi dién tich phan elip can tinh 1a S’

Theo cong thirc hinh chiéu, ta co S’ = S =28= 4—”+£ R’
cos 60° 3 2

Giasit A(a;a’); B(b;b*)(b > a) sao cho AB=2018.
Phuong trinh dudng thing d 1a: y = (a +b)x—ab . Khi do

S:I‘(aer)x—ab—xz‘dx:j:((aer)x—ab—xz)dx:%(b—af.

Vi AB=2018 < (b-a) +(b*~a’) =2018° < (b-a) (1+(b+a)’) =2018".

3 3
:>(b—a)2£20182:>|b—a|:b—as2018:>S£2018 . Vay Smaxzzolg khi a=-1009 va
b=1009.
Caug85. Tacod y =4ax’ +2bx = d:yz(—4a—2b)(x+1).

Phuong trinh hoanh d6 giao diém cua d va (C) la: (—4a—2b)(x+1) =ax* + bx’ +c(l).
Phuong trinh (1) phai cho 2 nghiémla x=0, x=2.

—4a-2b=c
=

—-12a—-6b=16a+4b+c

—4a—2b—c=0(2)

28a+10b+c=0(3)
Mit khac, dién tich phan t6 mau la 5" J.[ 4a 2b x+1)—ax —bx —c}dx

0

B q(da-2)-2a-8p e 5120132000224y,

5 5 3 5 3 5
Giai hé 3 phuong trinh (2), (3) va (4) tadwoc a=1, b=-3, c=2.
Khido, (C):y=x"-3x"+2,d:y=2(x+1).

0 0
Dién tich can tim1a S = J-[x4 —3x? +2—2(x+1)}dx = J-(x4 —3x’ —2x)dx:—
-1
CAu86. Tacé §= H4—x2‘dx=£.
b 3
Phuong trinh 4—x> =0 < x=+2.
Baira —2 <m <2 nén trén (—2;m) thi 4—x* =0 v nghiém.
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Cau 87.

Cau 88.

m 3 m
[[a-rar =2 [[(4-x)af =2 o | ax-2 | |- 2
2 3 2 3 3, 3
3 3
o | am-" —(—8+§J N ]
3 3 3 3] 3
3
g 1625 Lo —ams3=o0 ;
- 3 3 3 m —=12m+9=0 (1)
m> 16 25 1 41 m —12m—41=0
4m—-— gt —=_= —m —4dm-—=0
3 3 3 3

3
Xét ham sb f(m)=m3 —12m, voi me(—2;2) co
f'(m)=3m2—12=3(m2—4)<0, ‘v’me(—2;2).
Do d6 f(m) nghich bién trén (—2;2):>f(m)<f(—2):l6:>m3 -12m—-41<0.

_21-3

thoa man.

Khidé (1) < m’ —12m+9=0< (m=3)(m’ +3m-3)=0=m

J21-3
2

thoa man bai toan.

Vaychico m=
Phuong trinh hoanh d6 giao diém cua parabol (P) y= x* v6i dudng thing y=>bla
X=box=1Jb.

Phuong trinh hoanh d¢ giao diém cua parabol (P ) :y =x" v6i duong thing y=a la

Y¥=aox= i\/z .
Dién tich hinh phing gi6i han boi parabol (P ) :y=x" vaduong thing y =b 1a

b 3 b
Szzf(b—xZ)dx :2(bx—%j =2(b\/3—b‘/ZJ _4hb,

3 3

0

Dién tich hinh phing gi6i han boi parabol (P): y = x va dudng thang y = a (phn t6 mau den) 1

3

Ja
:Z(a\/Z— a;{;] = 4a\/;.

Ja 3
S, :2j (a—xz)dx :2(ax—%j
0 0

Do d6 S=2S1<:>4b3\/5:2.4a\/; @(\/3)3=2(J2)3 ob=Y2Va & b=4a.

3

2 2
X 2 X
Taco: —+y =1= :i1/1——
4 d d 4
2

Hoanh dd giao diém (E’)yzdl—% va parabol yzgx2 la

<

l-—=""x"=3x"+x"-4=0= x> =1 = x =1 (theo hinh v& thi x>0 )

4 2
| 2 2
Vay T :jﬁxza’x+j1 fl—x—dx
0 2 1 4

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong

73



CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG PT:0946798489

1 3!
Ma ngzdx:\/gx \/5
0

- —

6

0
2 2 2
1
Ta ¢o: I=j,/1—x7dx=§j\/4—x2dx. Dat x =2cos¢ taco:
1 1

1N

) 0 3 3
j\/4—x2dx = J.\/4sin2 t.(=2sint)dt = 4J-sin2 tdt = 2j(l—cos2t)dt =2Tﬂ—§
1 z 0 0

3
1 -1
Do d6 T=—.7r+—.\/§ nén S =15
3 12
Cau89.  Can c do thi ta thiy
+ Ham sb y:x3+ax2+bx+cdatcuctrjtai x==1 néntacéd

{y’(1)=0 @{2a+b+3:0 {a:O

=
2a+b+3=0

Y(-1)=0 b=-3
+Ham sb yzmx2 +nx+ p dat cyc dai tai x =—1 va (P) cit (C) tai hai diém c6 hoanh d6 x =%1 nén ta
co
—2m+n=0 n=-2

l+a+b+c=m+n+p < im=-1
—-l+a-b+c=m—-n+p p—c=1
1 1
Suy ra S=I(mxz+nx+p—x3—ax2—bx—x)dx:I(—x3—x2+x+l)dx=§e(l;2)

-1 -1

Dang 2. Ung dung tich phan dé tim thé tich
Dang 2.1 Bai toan tinh tryc tiép khong c6 diéu kién
Cau 90.
Loi giai
Chon B
Cau9l. ChonB

Cau92. ChonD
2
Thé tich cta khéi tron xoay dugc tao thanh khi quay (H ) xung quanh truc Ox la: V' = ﬁj(xz + 3)2 dx .
0

Cau93. ChonD

1 e2x 1
V= nje“dx =n 5

; b
Cau94. ChonB
Theé tich khoi tron xoay dugc tinh theo cong thirc:

V:ﬂi(ﬁ)zdx:ﬂ':[(xz +1)dx:;z(%3+xj

TC(€2 —1)

2

1

_4r

0

Cau95. Chon A
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Cau 96.

Cau 97.

Cau 98.

Cau 99.

Cau 100.

T

V= TCI(\/Z-FCOSX)Z dx = 71(2x+sinx)‘0E =n(n+1).

Loi giai
Chon A
Taco: V = 7Z'J.(\/2+ sinx)zdx = ﬂj(2 +sinx)dx = 7r(2x—cosx)‘;r =27 (7+1).
0 0
Loi giai
Chon A

Phuong trinh hoanh d6 giao diém 2 (x — 1) e=0=x=1

Thé tich cua khéi tron xoay thu duoc khi quay hinh (H ) xung quanh truc Ox la:

| ) | u—(x—l)z du=2(x—1)dx
Vzﬂj[Z(x—l)ex] abc=47z_|.(x—1)2 edx. bat{ = o
0 0 dv =e*"dx V= 5
erl 1 er er 1
:>V=47z(x—l)2 —47ZJ-2(x—1)7dx:47r(x—1)2 —47z_[(x—1)ez"dx
0 0 0 0

| u=x—-1=du=dx
Goi I, = |(x—1)e**dx . bt 2x
1 !)'( ) dv=e"dx=v="

e 1 re
2
—47[I dx=2rx—rme™
0 0 2

2x
=1, =4r(x-1) 5

1
2 2
. =2r—rwe +x=371—rme

2x1

Vay V=47r(x—1)2 ¢

-1 :—27r—(37r—7re2)=7r(ez—5).

0
Chon B

Ta co: V:ﬁj(xz +2)2 dx.
1

Chon A
Dién tich thiét dién 1a: S(x) =3xA/3x% -2
3
. . 124
— Thé tich vat thé 1a: V = j3x.\/3x2 —Ddx = =
1
x=0

Phuong trinh hoanh dé giao diém x* —2x=0 < { 5"
X =

2 2
Vay thé tich khdi tron xoay dugc tinh V = 7Z'J‘ 4x’dx — 7Z'J‘ x*dx .
0 0
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Cau 101.

2
5 - 2
Thé tich cua vat thé dugc taonénla V =7 j (x2 + 3) dx.
0

b
Cau 102.  Cong thitc tinh: ¥ =7 [ £ (x)dx

1

Cau 103. Tacé V:ni(xz—2x)2dx=7ri(x4—4x3+4x2)dx=;;(%ﬁ_x +4_ij

1 4 87
=gl ——14+—|=—.
3 5 3 15

0

Cau 104. Chon B

2 i 2
V= ﬂjxdx =—
1 2

Cau 105. ChonB

o , 2\?
Theo cong thirc ta chon V' = nj(2x -X ) dx
0
Cau 106.  Thé tich vat thé tron xoay dugc sinh ra 1a

x x . %d
(o e e
= —7z(ln|cosx|)‘0Z = _ﬂln(%J _ 7212112 ‘

Cau 107. Chon D i
Quay elip da cho xung quanh truc hoanh chinh la quay hinh phang:

2
H={y=4,/1—%,y:0,x:—5,x:5}

Vay thé tich khdi tron xoay sinh ra boi H khi quay xung quanh truc hoanh 1a:

2 3 5
V:ﬂr 16_16x = 7 16x—16x 32072
) 25 75

=335,1
-5 3
Cau 108.  Chon B
Theo dé¢, ta ¢6 hinh v€ sau:
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Ay X = 1

y=x"-2x

<

4

Nhan xét: Khi nhin vao hinh v&. Puong thiang x = 1 chia hinh phang gi¢i han boi duong y = x> —2x va
truc hoanh 1am 2 phan. D& thiy luc nay hinh phing (H ) khong thé xac dinh vi phan hinh gii han boix = 0
dénx=1vax=1dénx =2 chua rd rang.

Néu xét phén tron xoay khi xoay hinh phing quanh truc Ox khix = 0 dén x = 2 thi khong c6 dap 4n trong
bai, dong thoi dé cho thém duong thang x =1 1a khong can thiét.

Do @6 dé bai toan c6 dap an va ro rang hon ta diéu chinh dé nhu sau:

Cho hinh phing (H ) giéi han boi duong y = x* —2x, truc hoanh. Tinh thé tich V hinh tron xoay sinh ra
baoi (H ) khi quay (H ) quanh truc Ox .

Hinh phing ( H ) gioi han boi {y =2
y=0

Ta c6 phuong trinh hoanh d¢ giao diém ctia y = x* —2x va y =0 (truc hoanh) la:
x=0

x=2

Khi d6 thé tich V hinh tron xoay sinh ra béi ( H ) khi quay ( H ) quanh truc Ox la:
2
Voo = 72'!()62 —2x)2 dx 2116—5” :

Cau 109. Thé tich khéi tron xoay sinh ra khi quay hinh phing (H ) quanh truc Ox 1a:

3 2 3
Vzﬁj’(l)f—xzj dXZﬁI(le—gx5+x4jdx:81—ﬂ.
o\3 o9 3 35

. . . 8l
Vay thé tich khoi tron xoay can tinhla: V = 35

x*=2x=0 @{

y=x"2

Cau 110.
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Cau 112.

Cau 113.

Cau 114.

X =

Xét phuong trinh hoanh d¢ giao diém ctia hai db thi: x* = 2x < {

2 2 2 2
Taco: V, = 7Z'J. (2x)*dx — 7Z'J. (x*)’dx = 72'.[ 4x*dx — 7Z'J. x*dx
0 0 0 0

Cau 111.

Phuong trinh hoanh d¢ giao diém cua 2 d6 thi ham s6 y= 2(x —1) va y=1- ¥ 1a 2(x —1) 1-x

= x =71,

Léy dbi xung dd thi ham sb y= 2()62 —1) qua truc Ox ta duoc dd thi ham s6 y= 2(1 —xz) .

Ta co 2(1 —x2) >1-x°,Vxe [—1;1] . Suy ra thé tich khéi tron xoay can tim 1a

V=7rj[2(x2 —1)]2 dx=614—57[.

-1
Chon B

g

"
V= nJ.tan2 xdx =1

O e | 3

)
sin xd tanx I 2t dt:n(l—EJ
o+l 4

Phuong trinh hoanh dc) giao diém cua d6 thi ham s6 y = \/; —2 va truc hoanh: \/; -2=0¢< \/; =2

& x=4.
Theé tich cua khoi tron xoay tao thanh la:

V:ﬂj.(\/;—2)2dx :ﬂj).(x—4\/;+4)dx =7r(x72—8x;/;+4x)

T3 P LIPS I L
2 2 3 6

Diéu kién x4c dinh: 4x—x* >0 0<x<4.

Phuong trinh hoanh d6 giao diém cua dd thi ham sb y=~4x- x> va truc hoanh

x=4
Thé tich cua vat thé tron xoay khi quay hinh (H ) quanh Ox la:

: S 32
V= (x/4—2)dx: dx—x*\x =27,
7z£ X—X ﬁg(x x)dx 37r

x=0
Vadx—-x* =0 < 4x—-x*=0 <:{
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. . 2
Vay the tich cia vat thé tron xoay khi quay hinh (H ) quanh Ox la 3?7[.
L2 , ) x, =2
Cau 115. Phuong trinh hoanh d¢ giao diém cua (H ) v6i truc hoanh: 2x —x" =0 <
X, =
Vay thé tich khéi tron xoay sinh ra do (H ) quay quanh Ox la:
2 2 5|2
2 4 X
VZﬁ'[(zx—xz) .dx =7Z'I(4)C2 —4x° +x4).dx R L
) o 3 5{,) 15
Cau 116.  Xét phuong trinh hoanh d¢ giao diém cta (P) va truc Ox :
5 x=0
2x—-x" =0 .
x=2
Khi dé:
h 2\2 ; 2 3, 4 4 5 4 1 5 ’ 16
V=7rj(2x—x )dx=7rj(4x —4x" +x =7 =X —X"4+=X || =—n7x
0 0 3 5 o 15
y=vT+3
& 2
.2 (e
Cau 117. a
Vx+3=0
Xét phuong trinh x+3 =—-Vx+3 < & x=-3.
Vx+3=-1
Xét hinh (H) gi6i boi d thi cac ham s§ y=+vx+3 (-3<x<-2), y=x+3(-2<x<1), y=0 va
x=1.

Thé tich vat thé tron xoay can tim chinh bang thé tich ctia vat thé tron xoay thu duoc khi quay quanh hinh
(H ) quanh truc Ox . Do d6

V:ﬂjj[\/x+32}dx+7rjl2(x+3)2dx=437ﬂ.
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Cau 118. Hoanh do giao diém ctia d6 thi ham s y = f(x) va truc hoanh 1a nghiém ctia phuong trinh

2
Jxe' =0 x=0.
Khi d6 thé tich cua khéi tron xoay duoc tao thanh la:

V= ﬁi'(\/;.e"z )de = ﬁj.xe”zdx = ﬂ%i‘e”‘zd(sz) = ﬂ%ez"z 1)

| I
=—mx(e —-1).
4( )

Cau 119. Dién tich thiét dién1a S(x) = (x+1)2 e
2
Thé tich cita vt thé (T) 13 V = J'S(x)dx = [(x+1) dx.
0 0

2 2

2 4 2
V= 1(x+1)2 2" j(x+1) 2"afnge I |x+1 e IJ‘ e dx
2 0 0 2 25
4 4 2 _
:9e 1_3e 1+le2x :3e4+le4_l:13e 1'
2 2 4 o 4 4 4
A
A
o] o
' -
H
Cau 120. B

Phan chung cua hai khdi cau tao boi (S1 ),(S2 ) 12 mot khdi tron xoay, tuong duong phan hinh phang
OAO' quay quanh truc OO’ hay bang hai 14n phdn mit phéing tao béi AHO' quay quanh truc OO’ .
D3t hé truc nhu hinh khi d6 phuong trinh dudng tron (0) 1a x* + 3% =9=> y=4/9-x> , diém H co

. 3 ,
hoanh d6 bang E ; O" c6 hoanh d06 13 3 nén thé tich :

(9 x)d %7[.

2

A e

-
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Cau 122.

Cau 123.

Cau 124.

31y

Cau 121. -1

. . . 5 x=0 =y=0
Phuong trinh hoanh d6 giao di€m |x| =x" .
x=*xl=y=1

Ta 6 d thi hai ham s6 y =|x| va y =x" déu ddi xtmg qua Oy nén hinh phing gi¢i han boi hai dd thi

y= |x| va y=x" quay quanh truc tung tao nén mot vat thé tron xoay c6 thé tich bang thé tich vat thé tron

xoay khi quay hinh phing gi6i han boi hai dudng x =y va x = \/; quay xung quanh truc Oy .

Thé tich vat thé tron xoay can tim la:

1 1
V=ﬂ£\y—y2\dy =ﬂ£(y—y2)dy =ﬂ-(%y2—%y3j

1

6

0

2 3
Phuong trinh hoanh d¢ giao diém: %)f =V4-x* o x= \/5

Vern f(?ﬁ}z dx+j§(\/m)2dx

0

T o oy
= !Ex dx+J.(4—x )dx:l

i g
_1 x7\6 [ x3j2
=n|—— +|4x——
_27 71, 3 5
[ 20J3 16
7 3

=a=20,b=7,c=16,d =3
=>P=a+b+c+d=46.
Dang 2.2 Bai toan c6 diéu kién

Phuong trinh hoanh d6 giao diém ciia duong cong va truc hoanh la: m —x" =0 x=1m

o]

|
m |
Taco: V <1000 <
Tacd /750 = 9,08 va m # 0. Vay c6 18 gia tri nguyén cua m.
Chon D
Duya vao db thi ham s6 y = f'(x) = f'(x) = 3(x2 —1) .

4
”T< 10007 < ||’ <750 < ~/750 < m <750 .
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Cau 125.

Cau 126.

Khi d6 ]‘()c)z‘[]"()c)a/)c:)c3 -3x+C.

Diéu kién d6 thi ham sé f (x) tiép xuc voi duong thang y =4 1la:

f(x)=4 [¥-3x+C=4 (x=-1
f f

f(x)=0 " |3(x-1)=0 {sz

+(C)mOx => hoanh d6 giao diém1a x=-2;x=1.

suy ra f()c):)c3 —3x2+2(C).

1
+Khi d6 V=nj(x3 327 42 =2
J 35

5[4

4
Ta c6: V:njxdx:n% =87.MaV =2V =V =4r.
0

0
Goi K 13 hinh chiéu cia M trén Ox = OK =a, KH =4—a, MK = \/E.

Khi xoay tam gidc OMH quanh Ox ta dwoc khdi tron xoay 14 sy Iip ghép cta hai khdi nén sinh boi cac
tam gidac OMK, MHK , hai khdi nén d6 c6 cling mit day va co tong chiéu cao 1a OH = 4 nén thé tich ctia

. 1 2 4rma
khéi tron xoay d6 13 25.7[.4.(\/5) == trdosuyraa=3.
Xét phuong trinh hoanh d¢ giao diém cta d0 thi hamsé y=x—7 va y =sinx:
x—rm=sinx & x—r—sinx=0 (1) . Ta thiy x = 1a mot nghiém cua phuong trinh (1)
Xéthamsé f(x)=x—-z—sinx= f'(x)=1-cosx>0,VxeR.

= f (x) dong bién trén R nén x = 7z 1a nghiém duy nhat ctia phuong trinh f (x) =0.

Vv
A

|

/B
Céch 1:

Xéthamsé g(x)=z—x—sinx, xe(0;7).

g'(x) =—1-cosx<0, Vx e (O; 7[) , suy ra ham s g(x) = £ —x—sin x nghich bién trén (0;7[) )

Vxe(0;7):g(x)>g(n)=>r—x—sinx>z-7—sinz=0=z—x>sinx (2).
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Do d6 thé tich khéi tron xoay tao thanh khi quay (D) quanh truc hoanh 1a thé tich cta khéi nén khi quay
tam giac vuébng OAB quanh truc hoanh.

V=l.7r.OBZ.OA=l7r.7r2.7r=l7r4 :>p=l.Ve,”1y 24p=24.l=8.
3 3 3 3 3
Cich 2: Tir (2) tacd V = ;rj (x-z)de=7[(x-7)d(x-7)
0 0
37[
Il I A |
EEER R

Vay 24p:24%=8.

Cau 127. Taco V, = 8.(;:.42)—2(7z}(\/@)2 dy] =967
0

3 3
V2:47r.4 _247z.2 _ 64
3 3

Suyra V] :%VZ

0 A B
E \:
Cau 128. T

D& thdy ABCE 1a hinh binh hanh nén AE = BC =a . Vay ADE 1a tam giac déu.

a3

Co AH =——.
2
s ) e ‘ a3 a
Xét hé truc toa do Oxy nhu hinh v€. C6 phuong trinh CD : y :_T; x,=0,x.=2a; A 5;0 .

\/_

Phuong trinh 4D :y = V3x— a

viyr=sf( 8] —24(@— S O A
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Cau 129.

Cau 130.

Cau 131.

Céach 2: Thé tich khéi tron xoay dugc tao ra theo dé bai 1a thé tich khdi tru co chiéu cao 2a ban kinh day

. av'3 . . \ a a
bang - tru di thé tich hai khoi non cung co6 chicu cao ) ban kinh day > Vay

V=r. a\/_ 2a —2 -7 a\/_ ﬁ:§”a3
2 3 2 2 4
9

Ta co VI:nJ'(\/;)zdx=817ﬂ.
0

Goi H 13 hinh chiéu ciia M 1én truc Ox, dat OH =m (voi 0<m <9), ta c6 M(m;\/E), MH =~Jm

vai AH =9-m.

Suyra V, =§n.MH2.0H+§n.MH2.AH _1

gn.MHZ.OA =3mmn.

. 81 27
Theo gia thiét, ta co Vl :2V2 nén Tﬂ:=6m7£ < m =T. Do dé M(T,T .

27 33 J
23

Tir d6 ta c6 phuong trinh duong thing OM 1a y = —x

Dién tich S phan hinh phang gi¢i han boi do thi (C) va duong thing OM 1a

27
\/_ 2 oLt 23
s=[[Jx- VS C Y L
j ( 3 9 . 16
Dang 3. Ung dung tich phan dé giai bai toan chuyén dong

Dang 3.1 Bai toan cho biét ham sé ciia van tdc, quang duong
Chon D

Taco vE(t)zja.dtzat+C, v;(0)=0=>C=0 = v, (t)=at.
Quiéng duong chat diém A di dugc trong 25 gidy 1a
25
1 1 13 » 375
S, = (Lt2+—3tjdt = — 3+—t2j ===
v 100 30 300 60 0 2
Quiéing duong chit diém B di dugc trong 15 gidy la

15 2115
t 225
SB=jatdt L) ==
0 0 2
. 375 225a 5
Taco — = Sa=—.
2 2 3

, " 5
Van toc ciia B tai thoi diém dudi kip A 1a v, (15) =315= 25(m/s).
Chon D

Thoi diém chit diém B dudi kip chat diém A thi chat diém B di duoc 15 gidy, chat diém A di dugce 18

giay.

Biéu thitc véan toc cua chit diém B 6 dang v, (t) = J.adt =at+C ma v, (0)=0 nén v, (t)=at.

Do tir luc chat diém A4 bat dau chuyén dong cho dén khi chat diém B dudi kip thi quang duong hai chat

diém di dwoc bang nhau. Do d6

J'lg(l £+ ngdt_j adt 2252022 s a=2
01120 45 0 2

Viy, van toc clia chit diém B tai thoi diém dudi kip A4 bang v, (1)=2.15=30(m/s).
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Cau 132.

Cau 133.

Cau 134.

Cau 135.

Cau 136.

Cau 137.

Chon C
Xét phuong trinh —=5¢+10 =0 < ¢ = 2. Do véy, ké tir luc ngudi lai dap phanh thi sau 2s 6 t6 ding hén.
Quang duodng 6 t6 di dugc ké tir luc nguoi lai dap phanh dén khi 6 t6 dung han la

2
2

s=I(—5t+lO)dt:(—§t2+10tj =10m.

. 2 0
Chon C

. _ . AR 59
Quiéng duong chat diém A di tir dau dén khi B dudi kip 1a S=j (Et2+%t}h=96(m).
0

Van tbc clia chit diém B 1a v, (1)= jadt =at+C.

Tai thoi diém ¢ =3 vat B bat dau tir trang thai nghi nén Vg (3) =0C=-3a.
Lai ¢6 quing dudng chit diém B di duwoc dén khi  gip A la

15 atZ 15
S, = !(at—3a)dt = (7—3%]

:72a(m).
Vay 72a=96@a=f(m/s2)
. 3 .

3

Tai thoi diém dudi kip 4 thi van téc ctia B 1a v, (15)=16(m/s).
Chon A
Thoi gian tinh tir khi 4 xuit phat &én khi bi B dudi kip 1a 15 gidy, suy ra quing duong di duoc toi luc do

f HE Y PR IA
la Iv(t)dt:I(—12+—t)dt:(—t3+—t2j =75(m).
) 180" 18 540 36

0
Van tbc ctia chat diém B 1a y (t) = J‘a‘dt =a.t+C (C lahiangsd); do B xuét phat tir trang thai nghi nén

co y(O)=O<:>C=0;
Quing duong cua B tir khi xuat phat dén khi dudi kip 4 1a
10
3
=7550a=75<a=—
. 2

at’

10 10
[¥(0)dt=75  [ardt=75 <
0 0

3t . . . .
Vay ¢ y(t)=—;suyra van toc cia B tai thoi diém dudi kip 4 bang y(10)=15(m/s).
2

Loi giai
Chon B
Van tc cua vat chuyén dongla v=5' = —%tz +12t = f(t)
Tim gia tri lon nhat cua ham s& f (¢) trén doan [ 0;6 |
Taco f'(t)=-3t+12= f'(t)=0t=4€[0;6]
£(0)=0;f(4)=24;f(6)=18

Véy vén tc lon nhit la 24 (m/s).

Khi 6 to dimg han thi: v(1)=0< -5t +20=0 <1 =4(s).
4

Vay tir lic dap phanh dén khi dimg han, 6 t6 di chuyén dugc: s = j(—St + 20)dt = 40(m) .
0

Lay mbc thoi gian (l = 0) la lac dap phanh.
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Cau 138.

Cau 139.

Cau 140.

Cau 141.

Khi 6 t6 dimg hén thi van tdc v(¢) =0, tic la v(1) =—61+12=0 <1 =2.
Vay tir luc dap phanh dén luc 6 t6 dimg hén, 6 t6 con di chuyén duoc quing dudng 1a
2
2
_(_2s2 _
[(6r+12)de =(=3¢ +12¢) =12 (m).

0

Chon C
Khi xe dimng han thi V(Z) =0=>1r=5.
Khi d6 quang duong xe di dugc tinh tir luc bat diu hdm phanh dén khi dirng hén 1a:

P 3¢ 5
S =[(-3t+15)dr = —=—+15¢ | =37,5m
) 2

0
Vay ta chon dap an C.
Chon B

Liic bit dau dap phanh, 6 t6 c6 van toc 20m /s = v(to) =-10t,+20=20<1¢,=0
O t6 ding han khi d6 véan toc v(tl) =020-10f, =01 =2.

2
Do d6 6 t di chuyén dugc thém la: [ (20—10¢)dt = (20¢-5¢ ) 5 = 20(m)

0
Tacd —2t+10=0 < ¢t =5 = Thoi gian tinh tir ltc bat ddu dap phanh dén khi dimg han 1a 5 gidy. Vay
trong 8 gidy cudi cung thi c6 3 gidy 6 to chuyén dong voi van téc 10m /s va 5 gidy chuyén dong cham
dan déu véi van toc v(l) =-2t +10(m / S) )

5

Khi d6 quang dudong 6 t6 di chuyén 1a § =3.10+ j(—zt +10)dt =30+25=55m.
0

- Tai thoi diém ¢ = 6 vat dang chuyén dong véi van toc v, nén co v(6) =,

<:>—§.6+a =v, <> a=v,+15,suyra v(t):—§t+vo+15.

2v,

: , 2
- Goi k14 thoi diém vat dimg han, vy ta co v(k) =0 <k =§.(v0 +15) <k :?+6.

k
. 5
- Tong quang duong vat di duoc la 80 = 6.v, + J.(—Et +v, +15jdt
6

Cau 142.

k

< 80 =6.v, +(—§z‘2 +v0.t+15tj
4

6

< 80 =6, —%(kz —62) +v,.(k—6)+15(k — 6)

2
4 24 2 2
o 80=6y, 2 A 2L, B s 2%
4\ 25 5
& (v,) +365, —400=0
< v, =10
5 e 3
Quang duong 6 t6 di dugc trong 5 (S) daula s, = J.7tdt = 73 =87,5 (mét).
(1] 0
Phuong trinh van tc ctia 6 t6 khi nguoi 1ai xe phat hién chuéng ngai vat 1a Vo) (t) =35-35¢ (m/s). Khi

xe dimg lai hin thi v(z)(t):0<:>35—35t:0<:>t=1.
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Cau 143.

1

1 2
Quiang duong 6 t6 di dugc tir khi phanh gép dén khi dimg lai han 14 s, = J.(35 - 351‘) dt = (351,‘ - 35%}

0

0
=17.5 (mét).

Vay quang duong ciia 6 t6 di dugc tir e bat dau chuyén banh cho dén khi dimg han 13 s = s+,
=87.5+17.5 =105 (mét).

a(t)=t2+4t :>v(t)zja(t)dtz§+2t2+C (CGR).

3

Ma v(0)=C =15 :>v(t)=%+2t2+15.

3

3
Vay S :I(%+212 +15Jdt: 69,75 m.
0

Cau 144.

Cau 145.

Cau 146.

Cau 147.

v(t)=s"(¢)=-3t"+18¢+1.
D& théy ham s6 v(7) 1a ham bac hai c6 d6 thj dang parabol véi hé s6 a =-3<0.
Do do6 v, dat tai dinh / (3;28) cua parabol.

Véy Thoi gian dé van tdc cia chat diém dat gid trj 16n nhat 7 =3(s).

Chon gbc thoi gian 1a luc 6 t6 bat dau di. Sau 58 6 6 dat van toc 1a v(5)=35(m/s).
Sau khi phanh vén tdc 6 t6 1a v(t) =35- 70(1‘ —5) .

O 6 dimng tai thoi diém ¢ =5, 5s.

5 5,5
Quing duomg 6 16 di dugc la § = [ 7ed¢+ [ [35-70(¢~5)]dt =96,25(m).
0 5

Giai doan 1: Xe bat dau chuyén dong dén khi gip chudng ngai vat.
Quing duong xe di dugc la:
12

12
S, = [v(1)dr =[2udr =¢*| =144(m).
0 0

(] Giai doan 2: Xe gip chuéng ngai vat dén khi dung han.

Ot6 chuyén dong cham déan déu voi van toc v, (t) = Iadt =—12t+c.

Van tbc cua xe khi gip chuéng ngai vat la: Vv, (0) =V (12) =2.12= 24(m/s) .
=-120+c=24 = c=24 = v, (t)=—12t+24.

Thoi gian khi xe gip chudng ngai vat dén khi xe ding han 1a nghiém phuong trinh:
-12t+24=0<1=2.
Khi d6, quang duong xe di duogc la:

2 2

S, = v, (1)dr = [ (~12¢+24)de = (61 +24¢)| =24(m).

2
0
0 0
Vay téng quing duong xe di dugc 1a: S = S +8, = l68(m).
Taco: v, (0)=16m/s.
Khixe 4 dimg han: v, (t) =0 t=4s.

Quiéng duong tir luc xe A4 ham phanh dén luc dimg han 1a s = (16 - 4t) dt =32m.

O oy
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Do céc xe phai cach nhau tdi thiéu 1m dé dam bao an toan nén khi dimg lai 6 t6 A phai hdm phanh khi
cach 6 t6 B mot khoang it nhat 1a 33 m.

t

3 2

; : ‘ ’ t £ 3
Céu 148. Tacod v(O) =10m/s va v(t) =£a(t)dt :'([(tz +3t)dt :(?Jr?jo

1t3+§t2.

6

6 6
Quing dudng vit di duoc 1a S = J'v(t)dt - j(%ﬁ +%t2jdt :(Lt“ +%t3j =216m.
0

) 12

0

: , t=10
Cau 149.  Thoi diém mdy bay dat van tc 200(m/s) 1a v(1) =200 < ¢ +10f =200 < { & 1=10

Quing duong may bay di di chuyén trén duong bang 1a
10 3 10
t 2500
5= j(zz +10)de =| —+5¢ || =
’ 3
59

—\m).
—(m)
15 1
Cau 150. Quang duong chit diém A di tir ddu dén khi B dudikipla S = j (—ﬁ +%tJdt =96(m).
0

0

150
Vén toc ciia chat diém B 1a v, (¢) = Iadt =at+C.

Tai thoi diém ¢ =3 vat B bat dau tir trang thai nghi nén v, (3) =0 C=-3a.
Lai ¢6 quing dudong chit diém B di  dwoc dén  khi  gip A la

15 2 15
S, = j(at—3a)dt :(%—&zz‘j =72a(m).
3

3

Vay 72a=96<:>a=§(m/s2).

Tai thoi diém dudi kip A thi van téc cia B 1a v, (15)=16(m/s).

Cau 151. Thoi diém chit diém B dudi kip chit diém A thi chit diém B di duoc 15 gidy, chat diém A di duoc 18
giay.
Biéu thitc van toc clia chat diém B c6 dang v, (t) = jadt =at+C ma v, (O) =0 nén v, (t) =at.

Do tir liic chdt diém A4 bét dau chuyén dong cho dén khi chdt diém B dudi kip thi quang dudng hai chat
diém di duoc bang nhau. Do d6

J’lg(iﬁ +§jdt :Ilsatdt 252022 422
0120 45 0 2

Viy, van toc cia chat diém B tai thoi diém dudi kip A bang v, (1) =2.15=30(m/s).
Cau152. a(t)=6-2t(m/s*)=v(t)=[(6-2t)dt =6t +C
Xe dimng va bat dau chuyén dong nénkhi =0 thi v=0=>C=0 = v(t) =6t—1>.

v(t)=6t—1> 1a ham s6 bac 2 nén dat GTLN khi ¢ = —23 =3(s)
a

3
Quang dudng xe di trong 3 gidy dau la: S = J-(6t ¢ )dt =18m.
0

Dang 3.2 Bai toan cho biét d thi ciia van toc, quang duong
Cau 153.  Chon A
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c=4 b=5
Goi phuong trinh cta parabol v = at> + bt +c ta ¢6 hé nhu sau: {4a+2b+c=9 < {c=
b
—=2 az_é
2a 4

Véit=1tacod v:%.

of 5 $31, 259
Vay quing duong vét chuyén dong duoc 14 s = I(—th +5t+ 4jdt + .[—dt = T ~ 21,583
0 1
Cau 154. ChonB
v

8

O 11t

Goi parabol 1a (P) :y=ax’ +bx+c.Tirhinh vé ta c6 (P) di qua O(O; O), A(l; O) va diém I(%; 8]

c=0 a=-32
Tacohé: sa+b+c=0 <<b=32

a b c=0

—+—+c=8

4 2

Suyra (P):y=-32x"+32x.

Vay quang duong nguoi d6 di duge 1a s = (—32x2 + 32x)dx =4,5 (km).

O Cm— | W

Cau 155. Chon C
Goi v(1)=at’ +bt+c.

D6 thi v(¢) 1a mot phan parabol c6 dinh 1(2;9) va di qua diém A(0;6) nén

__b=2 a:_—3
2a 4

a2’ +b2+c=9=<b=3 . Tim duoc v(t):—%t2+3t+6
a.0’ +b.0+c=6 c=6

3
Vay S = j(—%tz +3t+ 6jdt = 24,75 (km)
0

Cau 156. Chon B
Goi (P):yzax2 +bx+c.
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Vi (P) qua O(O;O) va c6 dinh 1(2;9) nén dé tim dugc phuong trinh 1a y =_ng2 +9x.
.. . , 27

Ngoairatai x=3 tacd y=—

Viy quang duong can tim 1a: S = I(—x +9xjdx+]~ dx =27 (km).

Cau 157. Chon A
+ Vi Parabol di qua O(0; 0) va c6 toa do dinh 7 (3; 9) nén thiét 1ap duoc phuong trinh Parabol 1a
(P):y=v(t)=—1"+6t;Vi €[0;2]
X . . 1 X . .
+ Sau 2 gid dau thi ham van toc c6 dang la ham béc nhat y = Zt +m, dua trén d06 thi ta thay di qua diem

15

co6 toa do (6; 9) nén thé vao ham so6 va tim dugc m =—.

. . 1 15
Nén ham van toc tir gio thir 2 dén gio tht 6 1a y = Zt +?; YVt e[2;6]
+ Quang duc‘mg vat di duoc bang tong doan duong 2 gid dau va doan duong 4 gio sau.
S=8+5S, I —* + 6t dt+J.( t+ 15ja’tzm(km)
2 3

1,

[

Cau 158. Tacoé 1 gio 30 phat=1,5 gioc = S v(t)dr .

o'—.

D4 thi v=w(¢) di qua gbc toa dd nén v(¢) c6 dang v(t)=at” +bt.

) —izl b=-2a a=-5 5
bo thi v=w(f) codinh1a [(1;5)nén ¢ 2a <& = =v(t)=-5t"+10¢
g+b=5 a+b=5 |b=10

1,5
S = j 542 +10t £~5,63.
) 8

Cau 159.  Trude hét ta tim cong thire biéu thi van tc theo thoi gian, gia sit v(¢) =at’ +bt+c.

Khi d6 dua vao hinh v€ ta ¢c6 hé phuong trinh

c=0
5 a=-32
a(lj +b(lj+c:8 <<b=32
2 2
c=0
a+b+c=0

45

60
Do d6 quang dudng nguoi do di duge sau 45 phatla S = I (32t —-32¢ ) dt=4,5 (km).

Cau 160. Ham biéu dién vén toc co dang v(t) = at® + bt +c . Dua vao d6 thi ta co:

CZZ g=1

; =1 Sib="2cv(t)=1"-2t+2.
a

a+b+c=1 c=2
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Vé6i t =4=v(4) =10 (théa man).

40

4
Tudo s = [(£ —2t+2)d - (m).
0

Dang 4. Ung dung tich phan dé giai mot s6 bai toan thue té
Dang 4.1 Bai toan lién quan dén dién tich
Cau 161. Chon C

Ay
B,|3
M N
4 5
Al o 1 Az X
0 P
B,
. 2 2
Goi phuong trinh chinh tac cua elip (E ) c6 dang: — + 2}2 =1
a’
AA,=8=2a a=4 x>y 3
Véi =S S (E):—+=—=ly=2"+16-x".
{BIBZ=6=2b {b=3 (E): 15+ YTy

Suy ra dién tich cua hinh elip 1a S, = ra.b =127 (m*).

Vi MNPQ 1a hinh chit nhat va MO =3 —> M (x;%j e(E)

2
:x—+i:1:x2 =12->M(—2J§;%);N(2\/§;%j

16
Goi S,;S, lan lugt 1a dién tich phan bi t6 mau va khong bi to mau

TacoS—4— 16—xdr =3 [ V16— xdx—=4" 5§ — 47 —6/3(m’
H N

Suy ra: S, = S(E) -8, =87+ 6\/— .Goi T 1a tong chi phi. Khi d6 ta c6
T = (47 -6v3).100+(87 +6+/3).200 = 7.322.000 (ddng).

Cau 162.
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'y
B
M N
A c _
53
Q P ’ N . yN:_2
% elip co phuong trinh la: —+<—==1.Vi MN=4=x, =2=
16 25 -53
yN:T

Dién tich phan t6 dam la S, =2

%\/ZS—yzdy ~59,21 (m*)

Dién tichelipla S = 7.4.5=20x (m?)

Dién tich phan tring la S, =S5 — S, 3,622 (m”)

Tong chi phi trang chi la: T = 59,21.200000 + 3,622.100000 = 122042004 .
Cau 163. Vi AB =4dm; BC =8dm. = A(-2;4), B(2;4),C(2;—4),D(-2;-4) .

2

I\)‘%"—.N‘é‘

parabol la: y = x* hoic y=-x
; 32

Di¢n tich phan t6 ddm la S, = 4_[ x’dx = 3 (dm*)
0

Dién tich hinh chu nhatla S =4.8=32 (m?)

Dign tich phan trang la S, =5 -5, =32 - % = 64 (dm*)

Tong chi phi trang chi la: T = (% 5000 + % 2500} 1000 = 106666667d

v 4
E A i
4m| [4m
-2 0] 2 x

Cau 164.
Chon hé truc Oxy nhu hinh v&, ta c6 ban kinh cua dudng tronla R =+ 4* 427 = 2\/§ )
Phuong trinh ctia nira duong tron (C) la: x*+32=20,y>20= y=+20-x".
Parabol (P) ¢6 dinh O(O;O) va di qua diém (2;4) nén c6 phuong trinh: y = x°.

2
Dién tich phan t6 mau la: S, = j [\/20—)62 —szdx ~11,94 (mz) .
-2
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Cau 165.

Cau 166.

Dién tich phan khong t6 mau la: S, = %72’(2\/5)2 -85, =107 -11,94 (mz) .

S tién dé trong hoa va trong co Nhat Ban trong khudn vién do 1a:

150000.11,94 + 100000.(107[ -1 1,94) ~3.738.593.

Chon B

Ta c6 phuong trinh dudng tron tim gbc toa do va ban kinh bang \/5 (m) Xt + y2 =2.

y=+2-x" <:>[)c:—l,y=1

Toa do giao diém cta Parabol va dudng tron 1a nghiém hé {

y:2)€2—1 leayzl
1 37+10
Dién tich vuon hoala § = j(\/2—x2 -2x7 +1)dx: ﬂ6 i
-1
A A A <A A A \ R , A \ ]T+10
sO tién toi thiéu dé trong xong vudn hoa Cam Ta Cau la x 250000 .

Gan hé truc toa do nhu hinh v&.

Y

3

Do elip ¢6 d6 dai truc 16n 2a =8 < a =4, dd dai trucnho 2b=4<=b=2.
Dién tich cua (E) la: S(E) =mab=8r.

2 2

Phuong trinh chinh tic (E) la: f—6+y721. Suy ra yzi%\/16—x2 .

Taco c=a*—b* =243 :>F2(2x/§; O).
Do N va F, c6 cung hoanh d6 = N(2\/§; 1).
Goi (P) y= kx* 1a parabol ndm & phia trén truc Ox .

Do NE(P) ta co I:k(2\/§)2 @kz%.Suyra (P):yzaxz.
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T — 1 i — 1
Dién tichphan 4 1a S, = j ( 16— x’ —Exzjdx :2I (5 16—x° ——xzjdx
0

243 2

243 243
= I \/16—x2dx—% I xdx.
0 0

243

*Xeét I, = _[ V16 —x*dx . Pit x =4sint = dx = 4costdt .
0

béi can:

X | 0 Lﬁ

T
t 0 —
3

[N

3 3 3
Khi d6 I, = J\/l6—16sin2 t 4costdt :16Icosztdt = SI(l+cos2t)dt :8(t+%sin 2tj
0 0 0

:8[@@],

3 4
*Taco 1, :ézfxzdx :%f :ﬁ:T?)
Suyra: §,=1,—-1, =M:>SA+SB =25, :M.
Tong dién tich phan C, D la: S, + S, = S(E)—(SAJrSB): w

Khi d6 tong s tién dé hoan thanh vuon hoa trén 1a:

167 +43 ST -3
3

.250000 + .150000 = 5676000 4.

z
3

0

Cau 167. Goi O, I 1an luot 14 tAm cua cac dudng tron ban kinh bang 20 mét va ban kinh bang 15 mét. Gan hé truc
Oxy nhu hinh v&, vi OI =30 métnén /(0; 30). Phuong trinh hai dudng tron lan luot 1a

x*+y?=20" va x* + (y - 30)2 =15". Goi A4, B 1a cac giao diém ciia hai dudng tron do.

x*+y* =207 x=i5 sk
Toa dd A, B 1a nghiém cua hé 5 = 12
x2+(y—30) =15 215
=T

Téng dién tich hai dudng tron la 7 (202 + 152) = 6257 (mét vudng).

Phin giao cua hai hinh tron chinh Ia phan hinh phing gi¢i han béi hai db thi y =30 —+/15% — x> va

y =+/20> = x* . Do d6 dién tich phan giao giita hai hinh tron la
54455

12
s= | (\/202 NP 30)dx ~ 60,2546 (mét vuong).
P

12

S tién dé lam phan giao gitra hai hinh tron 1a 300.000x 60,2546 ~ 18.076.386 (ddng).
86 tién dé 1am phén con lai la 100.000x (6257 —2x 60,2546) =184.299.220 (ddng).
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Vay tong so tién 1am san khau 1a 184.299.220 +18.076.386 ~ 202.375.606 (dong).
Y

Céu 168.
Goi O,, O, lan luot la tim ctia hai duong tron ban kinh 20 mva 15 m. 4, B 1a hai giao diém ctia hai
duong tron.
Tac6 O A=0B=20m; 0,A=0,B=15m; 00, =30 m.
—  OB*+00,-0,B"> 43 ——
cos BO,O, =— 22 =—— = BO,0, ~26°23.
20,B.0,0, 48
Theo tinh chat hai dudng tron ct nhau ta c6 0,0, 1a tia phan giac A/OI\B

— A0,B=20,0,B=52,77°.

2 3277

Suy ra dién tich hinh quat tron O, 4B 1a S, ,, 0 ~184,2 (m2 ) .

S = %OIA.OlB.sin A0,B ~159,2 (m?).

—

Goi §; 1a dién tich hinh gi¢i han boi ddy 4B va cung AmB trong duong tron (01 ) .
=8, =S5~ Sagus =25 (m’).

—

Ching minh tuong tu ta duge dién tich hinh gi¢i han boi diy 4B va cung AmB trong duong tron (02 )
la S, ~35 (m’).

Suy ra dién tich phan giao nhau 1a S = S, +8§, =60 (mz) .

=> Chi phi 1am san khiu phén giao nhau 60.300000 =18000000 (nghin dong).

Téng dién tich cta hai hinh tron 1a S" = 720% + 7157 ~ 1963 (m2 ) .

Dién tich phan khong giao nhau 1a S'—S =1903 (m2 ) .

Nguyén Bio Vwong: https://www.facebook.com/phong.baovuong 95




CAC DANG TOAN THUONG GAP TRONG KY THI THPTQG DT:0946798489
=> Chi phi 1am s&n khiu phan khong giao nhau 1903.100000 =190300000 (nghin dong).

S6 tién lam mat san 1a 18000000 +190000000 = 208300000 (nghin dong)
=208,3 (triéu dong).
Cau 169. Goi phuong trinh parabol (P ) y= ax” +bx + c . Do tinh d6i ximg cta parabol nén ta c6 thé chon hé truc

toa d9 Oxy sao cho (P) c6 dinh / € Oy (nhu hinh ve&).

A

9

J-ole(P) c:%
Ta c6 hé phuong trinh: %a—%b+c :O(A e(P)) &qa=-1

9 3 b=0

Za+—b+c=0(Be(P))

Vay (P):yz—x2+%.

Dua vao d6 thi, dién tich ctra parabol la:
3 3 9

2 2 .3

S=I(—x2+2jdx=2j(—x2+2jdx:2 X +2x
b} 4 0 4 3 4 .
2

S tién phai tra la: %.1500000 = 6750000 ddng.

N

9
=—m".
2
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Cau 170.
Dién tich miéng dat1a S, = nR* =257 (m?).

Chon hé truc toa dd Oxy nhu hinh v&. Ta c¢6 phuong trinh ctia dudng tron bién 1a x* + y*> =25.
R=5A4H =3= 0OH =4.

= Phuong trinh ctia cung tron nho AC 1a y=v25-x>,v6i 4<x<5.

5
= Dién tich phan dat tréng 1a S, = 2J. N 25— x7dx (md).
4
5
=> Dign tich phan it trong cay 1a § = 5, =S, =251 —2[ V25— x*dx.
4

5
= Sb tién thu duoc 1a T =100S =100(257 — 2_[ \25—x*dx) = 7445 (nghin dong).
4

D

40

Cau 171.
2 2
. X T S 4
Goi phuong trinh cua elip 1a —+=-=1.
Theo gia thiét, ta co 2a =100=>a =50; 2b=80= b =40.
L \ .1
Dién tich phan trong cay con (phan gach soc) bang Z dién tich cua elip trir di dién tich tam giac DOF .

L b ab
Do d6 dién tich phan trong cdy con la S| = % —% (mz) .

N 3 . 3
Dién tich phan trong rau (phan khong gach soc) bang 2 dién tich elip cong vai dién tich tam giac DOF .

3zab ab
ra +%(m2).

Do d6 dién tich phan trong rau 1a S, =

Thu nhap cita cd manh vuon 1a (”T“b - %bj -2000 + (3’; ab | “—;j -4000 ~ 23991000 .
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Cau 172.

Chon hé truc toa d6 Oxy nhu hinh vé.

Ay
—6 0 x x X
o 18m
¢ D
% —18 R
Phuong trinh Parabol ¢6 dang y = a.x’ (P) .
(P) di qua diém c6 toa do (—6;—18) suyra: —18 = a.(—6)2 Sa= —% = (P) iy = —%xz .

AB
Tu hinh vé ta c6: — = i .
CD x,

, . 1
Dién tich hinh phang gidi ban bdi Parabol va duong thang AB:y = —Exlz la

X 3
S, = 2_[{—lx2 —(—leﬂdx = 2(—l.x—+lx12xj
oL 2 2 23 2

. . 1
Dién tich hinh phang gidi han bdi Parabol va duong thaing CD y = —Ex§ la

X, 3
S, = ZJ.{—lx2 —(—lxiﬂdx = 2(—l.x—+lx§xJ
oL 2 2 23 2 .

1 AB x, 1

A

X

2
_Ze

0

X2

_ 3
==X,

. X
Tir gia thiét suyra S, =25 < x =2x & L =— Vay —="L=—.
TR T, T ep o, 2

Cau 173. 7 T TN
16 , .16

Dua parabol vao h¢ truc Oxy ta tim dugc phuong trinh la: (P) iy = Ex s
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Cau 175.

q 1 1 9
Dién tich hinh phing gi¢i han béi (P):y = —2—§ X+ ?6x , truc hoanh va cac dudng thing x=0, x=5
5
16 16 40
la: SZJ.(——)CZ-I——)C =—.
25 5 3
160

Téng dién tich phan bj khoét di: S, =4S = = o

Dién tich ciia hinh vuong la: S,, =100 cm”.

X 160 140
Vay dién tich bé mat hoa vanla: S, =§, -5, =100———=— cm’.
Cau 174.
Chon hé toa d nhu hinh v& (1 don vi trén truc bang 10cm = 1dm ), cac canh hoa tao boi cac dudng parabol
2 2 2 2
, . X X Y Y

¢o6 phuong trinh y=—, y=——, x=—"—,x="—.

p g y 5 y 5 5 5

Dién tich mot canh hoa (ndm trong goc phan tu thir nhat) bang dién tich hinh phing gi¢i han boi hai do thi
2

ham s y :%,y =+/2x va hai duong thing x =0;x=2.
Do d6 dién tich mot canh hoa béng

o= 5 (274

0

4 400 4 400
- E(dmz) :T(cmz) = E(dmz) :T(cmz).

2
0

Dang 4.2 Bai toan lién quan dén thé tich
Chon hé truc Oxy nhu hinh vé.

0, 5 19m 0.5m

Goi (Pl) .y =a,x’ +b, 1a Parabol di qua hai diém A(%;Oj, B(0;2)
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Cau 176.

19 8
. o . O=a|—| +2 a=——- 8
Nén ta c6 hé phuong trinh sau: 2 = 361 =>(Pl):y:——x +2.
361
2=b b =2
Goi (Pz):yzazx2 +b, 14 Parabol di qua hai diém C(lO;O),D(O;%j
1
0=a,.(10)’ +§ @ =75 L s
Nén ta c6 hé phuong trinh sau: = 0 :>(Pz):y =——xt+=.
5 5 40 2
Z=p, =3
2
10 19
Ta c6 thé tich ciia bé tong 1a: V' =5.2 _[ ——x J. ——x +2 =40m’.
0 361

Chon B
Gia str nén trai 1a hinh chix nha}t ABCD c6 AB = 3 mét, BC = 6 mét, dinh ctia parabol l1a I. Chon hé truc toa
dd Oxy sao cho: O la trung di€m ctia canh AB, A, B va [, phuong trinh cua parabol c6 dang

4
y=ax2+b,a;tO.DoI,A,BthuC)cnéntacc') y=—§x2+3

Vay thé tich phan khong gian phia trong trai la
3

2
V= 6.2[(—%2 +3)dx =36
0

I
I
I
I
I
I
I
I
I
I
I
I
I
:

O 5

Cau 177. =5
Thé tich sam xe bang thé tich cta khdi tron xoay sinh boi hinh tron tam 7(0;25) ban kinh bang 5 quay

quanh truc Ox .

y=25+25-x"

Ta c6 phuong trinh duong tron 1a x° +(y —25)2 =25« ,XE [—5;5] .

y=25-+25-x"
5 5 5 2 5
Vay V=7Z.D‘(25+\/25—x2) dx—j(25—\/25—x2) dx}looﬂ.j\/%—xzdx.
-5 =5 s
5
Ta co I\/ZS—x2dx 1a dién tich nira hinh tron tim O(O;O), ban kinh bang 5
-5

5
= j\/25—x2dx=%.ﬂ'.52 =257”.
-5

5
Suyra V =1007Z’.J‘ V25— x"dx =1007. 2577[— 12507°cm’
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Cau 178.

Cau 179.

Chu y: C6 thé bam may tich phan, ta dugc
5 2 5 2

V= 7{.[(25+\/25—x2 ) dx—j(25—\/25—x2 ) dx} ~3927xem’ .
s s

Kiém tra cac dap an ta chon dap 4n  A.

Chon B
Y
B(0;20)
y = %(1 —-10)°
5
0] A(10;0) g
5
o

Ta goi thé tich ciia chiéc miila V.

Thé tich ctia khéi tru c6 ban kinh déy bang O4 =10 cm va duong cao OO =5 cm1a V.

Thé tich cta vét thé tron xoay khi quay hinh phing gi6i han béi dudng cong AB va hai truc toa dd quanh
truc Oy la v,.

Taco V =V, +V,

V,=5.10'7 =500z (cm’).

Chon hé truc toa d6 nhu hinh v&.

Do parabol c6 dinh A4 nén né c6 phuong trinh dang (P): y = a(x—10)>.
, 1
Vi (P) quadiém B(0;20) nén a =5

Do d6, (P):yz%(x—lO)z. Trdésuyra x=10—+/5y (do x<10).

20 2

Suy ra I/;:ﬂj(IO— Sy) dy:ﬂ(3000—803ﬂJ:m7r (cm3).
0

Do d6 V=V1+V2=$7z+5007r:¥ﬂ (cm’).

bat hé truc toa d0 Oxy nhu hinh v€ (truc hoanh la truc cua chiéc trong, gbc toa d6 13 trung diém cua duong
cao chiéc tréng, don vi: dm).
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o
L)
-
-
L)
-
L]
L]
-
L]

smsmnnlannn
o

(L] |----------l--------.----_ﬁ

0 . X
2 2
. \ . I3 v X y PR 5 r . A - . \
Goi (E ) 1a elip ¢6 phuong trinh E—i_? =1 thi anh cta (E ) qua phép tinh tién theo vecto u (0,6) la
2 2
' X -6
elip (E') o phuong trinh EJF(y 5 ) =1.

3
Suy ra, phuong trinh ctia duong sinh la: y =6— Z\/ 16—x" .

4 2
Do d6, thé tich cua chiéc tréng 1a: V=7ZI(6—%\/16—x2j dx ~ 344,964 (dm3).
4

Cau 180.

Khi cat khdi g& hinh tru ta dugc mot hinh ném c6 thé tich | nhu hinh vé.
Chon h¢ truc toa d0 Oxy nhu hinh vé.

Nira duong tron duong kinh AB c¢6 phuong trinh 1a y =+ R* —x* ,x € [—R;R] .
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Mot mat phang vudng goc voi truc Ox tai diém M 6 hoanh dd x, cit hinh ném theo thiét dién 1a

AMNP vuéng tai N vaco6 PMN =30".

2 2
Taco NM =y =R —x* = NP = MN.tan30° = Y2 —*

V3

1

2
AMNP c¢6 dién tich S(x) =—NM .NP = R~

1
Ry
R* —x? 1 1
dx = sz——x3j
V3 2@( 3

* Cha y: C6 thé ghi nhd cong thir tinh thé tlch hinh ném:
2

2
vV, :ER h:;R%ana,trongdé R=%, a =PMN .

Thé tich hinh ném 13 ¥; = j (x)dx = j

" B3R

R 9

ny

I

Cau 181.
Xét mot thiét dién parabol c¢6 chiéu cao 1a h va do dai day 2h va chon hé truc OXy nhu hinh vé trén
Parabol (P) ¢6 phuong trinh (P) cy=ax’+h, (a < 0)

C6 B(h,0)e(P) < 0=ah’+h @a:—%(doh>0)

Dién tich S cua thiét dién: S= J.(——X2 hj 4h2 , h= 3—%)6
2

:S(x):g[3—§xj

Suy ra thé tich khong gian bén trong ctia dwong him mé hinh:

p t4(, 2 Y
=¥ =[S(x)dx=[=|3-Zx| dx~28,888
) 3005

0
=V~29 (cm3)

R EE

Cau 182.
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Cau 183.

Goi hinh chiéu cta P,O trén AF va BE la R va§ . Vat thé dwoc chia thanh hinh 1ap phuong
ABCD.PQRS c6 canh 2,5cm , thé tich V, = %cm3 va phan con lai ¢6 thé tich ¥, . Khi d6 thé tich vat

thé ¥ = v+, —%Hf

bat h¢ truc Oxyz sao cho O trung véi I, Ox trung voi FA, Oy trung voi tia Fy song song voi AD .

Khi d6 Parabol (P) ¢6 phuong trinh dang y = ax’, di qua diém P(l;%) dodd a= % =>y= éx2 .

2
Cit vat thé boi mat phang vudng goc véi Ox va di qua diém M (x;0;0),0 < x <1 ta duoc thiét dién 1a
hinh chit nhat MNHK c6 canh1la MN = %xz va MK = %do d6 dién tich S (x) = 245 X
1
) . . 2 2
Ap dung cong thurc the tich vat thé ta co V, = 45 x’dx = é

0
eas p2125,25_425
8§ 12 24

2 2
Puong elip cé truc 16n 28cm, truc nhé 25CmM ¢6 phuong trinh + J >=1< y = (?Sj (1 _l)i?]

25\’ 56 87507
— — = cmT.
2) 73 3

Do d6 tién ban nude thu duoc 1a W ~ 183259 déng.

25 2\
=z|=|.|x-
2 3047 )

14

Cau 184.

5 8
Parabol c6 phuong trinh y = gxz o xt = gy
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Thé tich tdi da cdc:

10 8
V:ﬂj(—y}dyz251,33.
5

"

B
N

s

Cau 185.
Céch 1. Xét thiét dién cat cdc thuy tinh vudéng goc v6i duong kinh tai vi tri bat ky co:

S(x):%x/Rz—xz.\/Rz—xz.tana :S(x):%(Rz—xz)tana.

7 1 T 2
Thé tich hinh cdi ném Ia: V= tana [(R*=x") dx= §R3 tan .
-R
Ao A 7 \ . A A 71y reo oA A 2 3
Theé tich khoi nuéce tao thanh khi nguyén coc c¢6 hinh dang cdi némnén V,, =— R’ tan o .

=V, =ER3.£=24OCm3.
3 R

Cach 2. Dung hé truc toa do Oxyz
10cm

Goi S (x) 1a dién tich thiét dién do mit phing c6 phuong vudng goc véi truc Ox véi khdi nude, mit
phing nay cit truc Ox tai diém c6 hoanh d6 A>x>0.
Goi I0J =a,FHN = ,0FE =x

tana=£=£=£ :>EF=g :>HF=6—2.
OoJ 10 OF 10 10
(6%
cosﬂzﬂzizl—i; f =arccos 1-=
HN 6 10 10

(%)= S i) — Srmay = %HNZ 2/ —%HM.HN. sin23

2
= S(x)=6 arccos(l—ij—l.6.6.2(l—ij 1—(1—ij
10 2 10 10
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=)= IS dx I36arccos(1—ﬁj 36(

Cau 186.

Do vt thé c6 day 1a dudng tron va khi cdt boi mét phing
vudng goc vai truc Ox duogce thiét dién la tam giac déu do do
vat thé doi xiing qua mat phang vuong goc voi truc Oy tai 1

2
1—ij 1—(1—1] dx =240 .
10 10

Loi giai

diém O.
Canh ctia tam giac déu thiét dién la: a = 2+1—x" .

2
Dién tich tam gi4c thiét dién 1a: S = 4 f = (1 - xz)\/g.

Thé tich khéi can tim 1a:

V=2dex=2j.x/§(l—x2):2\/§(x_x?3jl 43

3

0

-

Cau 187.

N
Chon hé truc nhu hinh vé

Ta can tim dién tich cua S (x) thiét dién.
Goi d (0, MN ) =
2 2

XY
E =1.
(): 752 452

Lacdd MN =2y =2 /452 1—— 90/ —
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2 2 2
 p=MN _90 :>R2=&. [
V2 \/_ 2 75
1 1 11 202 2
S(x)=—7R*—=R* =| -7 —— Rzz(ﬂ—2)£. - |.
4 2 47 2 2 75
Thé tich khoang khong can tim 1a
2 2 e
V= j 2025 | 1= |~ 115586m’.
-75 75

Cau 188. Chon hé truc toa d(_) nhu hinh vé.

2 2

Theo dé bai ta c6 phuong trinh cua Elip 1a xT + yT =1.
4 25
Goi M , N lan luot 1a giao diém cta dau véi elip.
1 2
Goi S, la dién tich cua Elip ta c6 S, = rab = 7[5 g = % .

Goi S, 1a dién tich cua hinh phing gi¢i han boi Elip va dudng thfmg MN .

Theo d& bai chiéu cao ctia dau hién c6 trong thung (tinh tir day thung dén mat dau) 1a 0,6m nén ta c6 phuong

. 1
trinh cia duong thang MN 1a y = g .

D X y2 . 4 1,
Mat khac tir phuong trinh TJFZ_I ta co y—g Z_X .
4 25

Do dudng thing y—% cét Elip tai hai diém M , N c6 hoanh d6 lan lugt 13 —ﬁ va g nén
3 NE)
S_i{4/1 E 1J 4} 1 ,. B
2= AT Y % =z - T
B 5V4 5 S_Q 10
4 4
NG
N
Tinh I:j ——x"dx
V4
T4
< 1. 1
Datx=551nt:>dx=—costdt.
Déican:Khixz_—ﬁthit:—f;Khixzﬁthitzf.
4 3 4 3
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Cau 189.

Cau 190.

Cau 191.

Cau 192.

3 3
1= J‘l.lcosztdtzlJ‘(1+cos2t)dt:l 2—7[+£ .
22 8 81 3 2

27rx/§\/§7z3

Vay S, =——| —+— |-—=——-——.
58( 3 2 10 15 20

. N 3
Thé tich cua dau trong thung 1a V' = z —£+— 3=1,52.
5 15 20
. \ e 3R A r M 3 A A 5 A s M [N
Goi x la thoi diem bom dugc so6 nudc bang Z d6 sau cua bé (x tinh bang gidy ).

X

1! 3.0
Ta c6: jﬁimsdr:zlo = (1+3)2] =105000 = (x+3)x-+3 ~34/3 =140000
0

0

= 3f(x+3)" =333 +140000 = x+3 = 4\*/(3%/5“40000)3 = x= 4\*/(3%/§+140000)3 -3
= x~ 7234,8256.

j(6at2 +2bt)dt =90 < (2at’ +bt* )| =90 & 54a+9b=90 (1)

0

3
0

O© ey O\

(6ar’ +2bt)dt =504 < (2at> + b’ )E =504 < 4324 +36b =504 (2)

2

a=— . .
Tu (1), (2) > 3. Sau khi bom 9 giay thi thé tich nude trong bé la:
b=6

9
:1458(m3).

0

_9 2 — i 3 2
V—£(4t +12t)dt—(3t +6t j

Dang 5. Ung dung tich phin dé giai quyét mot s6 bai toan dai so

Taco [ £/(x)de=7(5)-£(3)0,dodo £(5)> £ (3).

f'(x)dx=f(3)-f(0)<0,dods f(3)< f(0)

Vo —

[£(x)de=£(5)-£(0)<0,dods f(5)<f(0)
0ChQnB
Taco g'(x)=21"(x)-2(x+1)

g'(x)=O<:>f'(x)=x+1<:>[x:1

x=+3
Bang bién thién
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X |—o0 -3 1 3 +c0
H’(Y) - 0 + 0 — 0 +

(A) +00 g 1) +a0
g o _3)/ \g )/

=

S t—1T—1—

Goi S, 14 dién tich hinh phang giéi han béi cac duong: y = f'(x), y=x+1, x=-3, x=1
Goi S, 14 dién tich hinh phang giéi han béi cac duong: y=x+1, y=f'(x), x=1, x=3
Dua vao hinh v&, ta thay: S, >S5, >0.

Suyra: §,—S,>0

= [ [ ()=t )]ae= [0 () Jer>0

= [ [ (0)=(es)]aee [ (=G >0
:i[f'<x>—(x+1>1w>o-

Khi do: g (3 jg )dx = 2j[f ~(x+1)]dx>0 )
e (v @) suy : g(1)>2(3) > £(-3).

Cau 193. ChonD
Taco g’(x):Zf'(x)+2x:>g'(x):0:> xe{—3;1;3}.

T d6 thi cia y = f’(x) ta c6 bang bién thién ctia ham g(x) .
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X —ab -3 1 3 +o0
g'(x) + 0 - 0 + 0 -
g(-3) g(3)

g(x) / \ " / \I

Su,yra g(3)>g(1).
Keét hop voi BBT ta co:
Jl( g( dx>I dx<:>f dx>f13g’(x)dx
=g(-3)-g(1)>2(3)- g()Qg( 3)>2(3)
Vay ta co g(—3) > g(?)) > g(l).
Cau194. ChonD
Ta cod h'(x):2[f'(x)—x];h'(x):0:>xe{—2;2;4}.

Bang bién thién

.. 2 4
h'(x) - o + o0 - 0 @+

h(2)
h(x) \‘h(—z)/ \‘h(4)/v

Suy ra h(Z) > h(4).

Két hop voi dd thi ham sb y=x ta c6
[" 1 (x)dx >0 n(4)-1(-2)> 0 h(4)> h(-2).
Vay ta c6 h(Z) > h(4) > h(—Z).

Cau 195. Theo dd thi, ta c6:
0

=_jf’(x)dx>o
= /(0)>7(-1) (1),
~1)=] (%) jf j x)dx <0
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= f(-1)> f(2) (2).
Tir (1) va (2)= f(0)> f(-1)> f(2).
Cau 196. Chon B
Parabol y = ax” +bx +c c6 dinh I(—Z;I) va di qua diém (—3;0) nén ta co
b
Z:_z a=-1
4a-2b+c=1<{b=-4=y=—x"—4x-3.

9a-3b+c=0 c=-3

Do 7(-3)=0 nén (1) .1 ()= 1=/ O)]+ £ (©)~ 1 ()] 2L ()7 ()]
—J'f(x)dx+jf(x)dx+2j (—x* —4x- 3)dx S,+S, +2j (—x*—4x-3)dr =1+ %gzzl

veéi S, S, lan luot 1a dién tich hinh phang giéi han boi dd thi ham $6 y=f' ( ), truc Ox va hai duong
2 ~ r 3
thaing x =-1,x=0 va x=0,x =1. Dé thay S, =1; §, 25.
Cau197. Taco g'( 2|:f x—l):l; g'(x)=0 < f'(x)=x-1.
x=-1
Dua vao do thi ta c¢6 cac nghiémsau: | x=3 .
x=5

Ta c6 bang bién thién

N —1 3 5 +00

g (x) -0 + 0 0
g(3)
a \ / AN /
— 9(5)

Ngoai ra dya vao do thi ta co —Ig dx > ——Ig dx & g( )‘: > —g(x)E

<g(3)-g(-1) >g(3)—g(5) < g(5)>g(—1)-

Vay g(3) > g(5) > g(—l).
Céu 198.
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i Theo baira y = f(x)=ax’ +bx* +cx+d (a,b,c,deR,a;tO) do do y=f'(x) la

1
1
FY
1

2

ham bic hai c6 dang y = f"(x)=a'x> +b'x+c'.

c'=1 a'=3
Dua vao dd thitaco: ya'—b'+c'=4 <<b'=0= y=f"(x)=3x"+1.
a+b+c'=4 c'=1

Goi S 1a dién tich phan hinh phang gi6i han béi céc duong y = f*(x), truc Ox, x=4, x=2.

Ta c6 S:j(3x2 +1)dx =58.
2

4

Lai c6: Szjjf’(x)dx:f(x)‘ =f(4)-1(2).

2

Do dé: H=f(4)—f(2)=58.

Vi
A 41
> _ i
+ i } /'/ + -
32 -1o0 2345‘@6? x
=,
24 N
Cau 199.
Goi S,, S,, S,, S, lan luot la dién tich hinh phing giéi han béi dd thi ham sé y = f"(x) véi va true

hoanh.
Quan sat hinh vg, ta co

0

@ [ [-r(ar e s> ()]
& f(0)-/(-2 >>f( )-/(2) & f(-2)</(2)
@j—f dx<If Jdx =/ (x), < f (x)];
@f( )-f(2 )<f( )-f(2) < f(0)<f(5)
<>If dx>If Jr < £ (), > /()]
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< /(5)=/(2)> f(5)-f(6) < f(2)<f(6)

Ta c6 bang bién thién

X -2 5
Six)| 0 + - 0 + 0 _
[SL\/
6
\ / ﬂmx-m *
f(=2)

Dya vao bang bién thién ta c6 M =max f (x)= f(5) va m= fgi;?]f(x) =1 (-2)

[-2:6]

Khido T = f(5)+ f(-2).
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