g Ba D6n — Quang Binh TICH PHAN HAM AN

“Noi nao co y chi, noi do cé con dwong.”

TICH PHAN HAM AN ..ottt s sttt nannanes 1
DANG 1: AP DUNG DINH NGHIA, TINH CHAT NGUYEN HAM ......ccooovvviomerceenerceeeeceeee 1
DANG 2: AP DUNG PINH NGHIA, TINH CHAT, GIAI HE TICH PHAN ........cccoovvveviirrennne. 10
DANG 3 : TICH PHAN HAM AN - PP DOIBIEN......oovooieeieeoeeeeeeeeeeeeeseeeeseeeseee e seeeeeee 12

TICH PHAN HAM AN DOI BIEN DANG 1: Ta gip ¢ bai todn don gidn 10@i ...............ccccerreserrrrrrrrre. 12
TICH PHAN HAM AN POI BIEN DANG 2: Bai tap thudng cho ¢ dang .........cee...eeeeeeeereeeeeeeresenn. 18
MOT SO CHU Y DAC SAC VOI TICH PHAN HAM AN DOIBIEN ......oovovovereeeeeeeeeces e 20
CHU Y 1: Véi nhitng ham s8 c6 tinh ch&n 18 ta CAN NG .......urvveervveriiiseiesisiessiess s 20
CHU Y 2: Céch d&i bién nguoc d6i véi ham s8 ludn dong bién hodc ludn nghich bién. ........ccooceeeennee. 22

CHU Y 3: Bai todn tch Phan O dang SAU: .........evveervverevsieviesisssessssssss s ssssssssess s sssessssesssssssssenes 23

CHU Y 4: Mot s8 bai toan khong theo khudn mau sén thi yéu cau hoc sinh phai ¢6 tw duy, c6 ki
nang bién doi d€ dua vé dang quen thUQC. ..o 26

DANG 4: PHUONG PHAP TUNG PHAN .......coooirvvoiiieereeeosseeeeeeseeeeeeeseesoesessesse s 31

uAwdTYSuwenyuadny/sdyy o

gy R T

THAY VIET & 0905.193.688 N <——== @



i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

TiCH PHAN HAM AN

DANG 1: AP DUNG PINH NGHIA, TINH CHAT NGUYEN HAM

5
Vi du 1: Cho If(x)dx =10.Két qua j[2—4f(x)]dx bang
2

o https://luyenthitracnghiem.vn

o s /s faechnoh.eom/bietgeld

5

A. 34, B. 36. C. 40. D. 32.
Loi giai
Chon A
Taco i[2—4f (x)]dx = 2jdx 4jf x)dx =2 +4jf x=-2.(5-2)+4.10=34.
5

Vi du 2: Cho ham s6 f (x) lién tuc trén R va F ( ) la nguyén ham ctia f blet I f dx =9

va F(0)=3.Tinh F(9).
A. F(9)=-6. B. F(9)=6. C. F(9)=12. D. F(9)=-12.
Loi giai
Chon C

Ta c6: Izif(x)dle—“(x)\z =F(9)-F(0)=9 = F(9)=12.

Nhan xét 1: Trong hai vi du trén ta thdy tich phin cin tinh ¢ ciing cdn véi tich phin ¢ gid
thiét bai todn nén hoc sinh c6 thé'dé dang nhan thay va cé the'lam dwgc ngay. Trong mot s6
truwong hop thi hoc sinh cin phdi ding tinh chit dé'bién d6i cdn tich phdn hodc phdi dung dén

tich phan ctia ham s6' chin, ham so'lé.

Vi du 3: Cho ham s6 f(x ( ) lién tuc trén doan [0; 6] théa man I f dx 10 va I f dx =6.Tinh

0

2 6
gia tri ctia biéu thirc P:If(x)dx+jf(x)dx
0 4
A.P=4" B. P=16. C. P=8. D. P=10.
Loi giai

Tacéjf(x)d = [ £( dx+jf dx+_[f
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g Ba D6n — Quang Binh TICH PHAN HAM AN
2

:>P:jf(x)dx+j;f(x)dx=_:[f(x)dx—:[f(x)dx:10—6:4.

0

Vi du 4: Cho ham s6 f(x) xac dinh trén R\{O},théa man f’(x): 31 =/ f(l):a va
f(=2)=b.Tinh f(-1)+£(2).
A. f(-1)+f(2)=—a-b. B. f(-1)+f(2)=a-b.

C. f(-1)+f(2)=a+b.D. f(-1)+ f(2)=b-a

Loi giai

Chon C

Ta c6 f’(—x)=(_x)3i(_x)5 =—x31x5 =—f'(x) nén f'(x) 1a ham s&lé.
2

Do d6 jf )dx = o@jf x=—[ f(x)dx.

1

uA wRIYSuwenIyuainy/:sdyy o

Suyra f(-1)-f(-2)==f(2)+ f(1)= f(-1)+ f(2)=f(-2)+ f(1)=a+Db.

Nhan xét 2: Trong mét so truong hop doi héi hoc sinh phdi cé kij ning phén tich, tong hop, ki
ndng bién doi va phdi c6 cdi nhin siu hon vé bai todn.

Vi du 5: Cho ham s6 f(x) lién tuc trén (O; +oo) va thoa If(t)dt =x.coszx. Tinh f(4)
0

A. f(4)=123. B. f(4)==.

 £]
§
Loi giai
Chon D
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TacoF If dt:>P() f(t)

X

Dt G(x)= [ f(¢)dt="F(x*)-F(0)

=G'(x)= [F(x2 )]/ = 2x.f(x2) (Tinh chat dao ham hop: f[u(x)} = f'(u)u'(x))
Mat khac, tur gt: G ] f dt X.COS 7TX

= G'(x) = (x. Ccos ﬂx)' = —X7r SIN7TX + COS 7TX
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“Thanh cdng 1a néi khéng véi ludi biéng”

= 2x.f(x2) =—xmsinzx+coszx (1)

Tinh f(4)=> tng véi x =2

Thay x=2

Vi du 6: Cho ham s& G

vao (1) =4.f(4)=—27sin27+cos2r =1 = f(4)=

=

It COS X— t)dt Tinh G' [2]

A.c@:_L E.G'(%jzl. c.c(gj:o. D.G@:z.

Chon B

Loi giai:

Cach 1: Ta co: F It COS X— t)dt:>P ( ) t.cos(x—t)

bat G

Itcosx t)dt F() F(O)

o) =[F(x)-F(0)] =F'(x)-F'(0) =[ xcos(x—x)-0] =x'=1 :c'[gjzl

Cach 2: Ta cé G J.t cos xX— t)dt Dat u=t=du=dt, dv= cos(x t)dx chon

v :—sin(x—t)

:>G(x) = —t.sin(x—t)‘ +jsin(x—t)dt = ]isin(x—t)dt = Cos(x—t)‘z =cos0—cosx=1-cosx
0 0

£(0)=£(0)=1 o
. Tinh x—1)dx.
{f(JC+y)=f(x)+f(y)+3xy(x+y)1, vx,y € R. !f( )d
A.l. B. _1' g.l D.Z
2 4 1 .
Loi giai
Chon C

THAY VIET &°0905.193.688



g5 Ba POn — Quang Binh TICH PHAN HAM AN
Lay dao ham theo ham s6 y

f’(x+]/)=f'(y)+3x2+6xy, VxeR.
Cho y:0:>f'(x)=f'(0)+3x2 :>f'(x)=1+3x2

Vay f(x jf (x)x=x"+x+C ma f(0)=1=C=1suyra f(x)=x>+x+1.

0

[ (x-1hix= if(x)dx= _i(x”x”)dx (TT)

0

1

4 2

DANG SAU: f'(x)=g(x), BACE = g(x) (Trong d6 g(x) 1a ham s6 da biét, n 1a sd duong).

[f]
Vi du 8 Cho ham s§ f(x) x4c dinh trén R\{1} thoa man f’(x)=%, £(0)=2017,
X—
£(2)=2018. Tinh S= f(3)- f(-1).

A.S=1. B. S=In2. C. S=1n4035. D.S
Loi giai

I
>
uA wRIYSuwenIyuainy/:sdyy o

Chon A
Cach1: Tac [ f(x)dx = j—dx In(jx-1])+C

f(x):ln(\x—l\)uow khix <1
f(x)=In(jx-1])+2018 khix>1
Do dé S=f(3)-f(-1) =In2+2018-1n2-2017 =1.

Cach 2:

Theo gia thiét f(0)=2017, f(2)=2018 nén

fO)-f(-1)= jf'(x)dx :J’% zln‘x—l‘ I?lzln% (1)

£]
]
Ta cé: 3’1 , 71d
£3)- f2) =] f(x)dx :jx—fl =Injx-1|E=In2 (2)

LAy (1)+(2), ta dwoc f(3)— f(2)+ f(0)— f(-1)=0=>S=1.

Vi du 9: Cho ham s6 f(x) xac dinh trén R\{%} thdoa man f’(x): 3 ,f(O) 1va f[ j: .
Gié trj cta biéu thire f(-1)+ f(3) bang
A. 3+5In2. B. 2+5In2. C. 44+5In2. D. 2+5In2.
Loi gidi

Chon A
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

In|3x—1|+C, khi x e(_oo,. lj
3
dx=

Cach 1: Tir f'(x)=———= f(x)=]

3x-1 3x-1

ln‘3x—1‘+C1 khi xe(%;+ooj
In[3x—1+1 khixe(—oo;lj
3
,=2 ln‘3x—1‘+2 khixe[%;—i—ooj
Khi dé: f(-1)+ f(3)=In4+1+In8+2=3+In32=3+5In2.

dx = ln‘3x—1Hi :lni (1)

4 3x-1
Cach 2: Ta ¢b

3
2 3x_ldx=ln‘3x—1H§ =In8 (2)

o https://luyenthitracnghiem.vn

Lay (2)-(1), ta duoc: f(3)+f(—l)—f(0)—f(§)=1n32:>f(—1)+f(3)=3+51n2.

; NI (g A 1 s 2 N f o
Vi du 10: Cho ham s6 f(x) xac dinh trén R\{E} thoa man f (x) =1 va f(O) =1. Gia tri
ctia biéu thire f(-1)+ f(3) bang
A. 4+In15. B. 3+In15. C. 2+In15. D. In15.
Loi giai
Chon C
, 5 2.;d(2x—1)
Ta co f(x):'[f'(x)dxzjzx_ldx:jT:ln‘Zx—1‘+c.

f(0)=1<c=1 < f(x)=In|2x-1+1.

o s /s faechnoh.eom/bietgeld

{f(l T f(-1)+ £(3) =2+ Ints.

f(3)=In5+1

Vi du 11: Cho ham s6 f(x) xac dinh trén R\{%} thoa man f'(x)= %, f(O)y=1va f(1)=2.
x p—

Gid tri cia bidu thitc f(~1)+ £(3) bang

A. 4+Inb5. B. 2+In15. C. 3+In15. D. In15.
Loi giai

BN THAY VIET & 0905.193.688



g5 Ba POn — Quang Binh TICH PHAN HAM AN
Chon C

Cach 1: » Trén khoang (%, +00j D f(x)= .[ dx =In(2x-1)+C,.

2x-1
Laico f(1)=2=C,=2.

¢ Trén khoang (—oo;%}: f(x) :.[

Laic6 f(0)=1=C, =1.

2x_ldx:111(1—2x)+C2.

In(2x —1)+2 khi x >%
Vay f(x)= 1
In(1-2x)+1khi x <E
Suyra f(-1)+ f(3)=3+In15.
Cach 2:

1
— =In[2x-1| ‘=ln3 @

FO-f(-1) = [ Frodx=[ 22

Ta cé: -

20 =In|2x-1|F=In5 (2)
2x -1

L4y (2)-(1), ta duoc £(3)— f(1)— f(0)+ f(-1) =In15 = f(-1)+ f(3) =3 +In15 .

FO-f) =] f(x)dx =[

uA wRIYSuwenIyuainy/:sdyy o

Vi du 12: Cho ham s0 f(x) xac dinh trén R\{%} thoa man fr(x):%,f(o):l va
x_

2 L po , 3
f(gj =2. Gia tri ctia biéu thirc f(—1)+f(3) bang

A. 3+5In2. B. —2+5In2. C. 4+5In2. D. 2+5In2.
Loi giai

Chon A

In|[3x—1|+C, khix e [—oo;%j

3 3
Céch 1: Tt f'(x)= = f(x)=[——dx= .
3x-1 3x-1 In|3x-1|+C, khixe[%;+ooj

gy R T

In[3x-1)+1 khixe[—oo;lj
3
ln‘?;x—l‘+2 khi x e(%ﬁooj

Khi d6: f(-1)+f(3)=In4+1+In8+2=3+In32=3+5In2.

THAY VIET & 0905.193.688 Y —= % -
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= Ba Do6n — Quang Binh

“Thanh cdng 1a néi khéng véi ludi biéng”

Cach 2: Ta ¢6

4dx

3 0 1
— dx = ln‘3x—1H71 = an (1)

3
1 dx = ln‘3x—1H§ =In8 (2)

g Léy (2)~(1), ta duoc: £(3)+ £(-1) £(0)- f[%}=1n32:> £(=1)+ £(3)=3+51n2.
Fgo Vi du 13: Cho ham s6 f(x) xac dinh trén R\{—2;2} va thdéa man f’(x)=xz4_4 f(—3)=0,
,§ £(0)=1 va f(3)=2. Tinh gié tri biéu thirc P= f(—4)+ f(-1)+ f(4).

<=

5 3 5 5

S, A. P=3+In—. B. P=3+In3. C.P=2+In—. D. P=2-In—.

% 25 3 3

S Loi giai

8,

= Chon B

=
Q InfX=2]4.C, khi x «(~o0;-2)

x+2

4dx x—2

Tu f’(x):xf—él jf(x):'[x2—4 :I(x—Z)(x+2) =i

—|*C. khi xe(-2;2)

-2 .
In jcc+2 +C, khi xe(2;+oo)
f(-3)=0  |In5+C,=0  [C,=-In5

’ Tacd 1 f(0)=1 =:0+C,=1 <4C, =1
% f(2)=2 ln%+c3=2 C,=2+In5
é P 2ln5 ki ve(—0;-2)

x+2

-2 )
E =>f(x)= In i+2 +1 khzxe(—Z;Z) .
% lnx_2 +2+1In5 khixe(2;+oo)

xX+2
 f]

Khid6 P= f(~4)+ £(-1)+ f(4) =In3-In5+In3+1+In~+2+In5 =3+1n3,

Nhan xét 3: Nhirng bai tdp kiéu nay hoc sinh cin chil v, néu lam theo cich mot thi hang s6'é

nguyén ham trén moi khodng cé thé khdc nhau. Néu lam theo cdch hai thi viéc chon cdn khi ldy

tich phén c6 lam hoc sinh khé khén, chic chin cin sy hweéng ddn ty mi cia nguoi thiy khi hoc.

EO N
i S s
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g Ba D6n — Quang Binh TICH PHAN HAM AN
Vidu 13: Choham s6 y = f (x) c6 dao ham va lién tuc trén doan [—1; 1] , thoa man

f(x)>0,vxeR va f'(x)+2f(x)=0.Biét f(1)=1, tinh f(-1).
A. f(-1)=e?. B. f(-1)=¢. C. f(-1)=¢". D. f(-1)=3.

S Loi giai

Bién doi:

f'(x)+2f(x):0<:> j;,((j:)) = Jl;];Lj:))dxz Jl.—de<:>J' (;C)) ——4<:>lnf( )‘ =4
1n;((_11)) =—4E<:>%=e41 o f(-1)=f(1)e* =¢".

Vi du 15: Cho ham s§ f(x)#0 thoa man diéu kién f'(x)=(2x+3)f*(x) va
1 L. 2 0
f(O) =5 Biét rang tong f(1)+ f(2) + f( )+ +f(2017)+ f(2018) =% voi
(a eR,be R*) va % la phan s6 t6i gian. Ménh dé nao sau day dang?
A.g<—1. B.%>1. C. a+b=1010. D. b—a=3029.

Loi giai

Chon D

Taco f'(x)=(2x+3)f*(x) = ]{2((2)) =2x+3

@J%x{[(%ﬁﬁ)dx S - 1

(%) ¥

Vi f(O):—%:sz.

=x*+3x+C.

11 1
(x+1)(x+2) x+2 x+1°

gy R T

Vay f(x):—

Dodo f(1)+ £(2)+ £(3)+..c+ F(2017)+ F(2018) =~ =22,

Vay a=-1009; b=2020. Do d6 b—a=3029.

THAY VIET & 0905.193.688 v y
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

Vi du 16: Cho ham s6 y = f(x) >0 xac dinh, c6 dao ham trén doan [O; 1:| va théa man:

g(x)= 1+2018jf t)dt, g(x ). Tinh H x)dx.
A 101 B. 100 c. 219 D. 505.
2 2 2
Loi giai
Chon A

Ta oo g(x)= 1+2018Tf(t)dt = ¢'(x)=2018f(x)=2018,/g(x)

3\7,(_ 2018 = J'\/g_x 2018J.dx:>2( g( ))t

=2(|[2(t)~1)=2018¢ (do g(0)=1)

o https://luyenthitracnghiem.vn

Vi du 17: Cho ham so f(x) c6 dao ham lién tuc trén doan I:O,' 1:| dong thoi thdéa man f’(O) =9

% va 9f"(x)+[ f/(x)-x] =9.Tinh T= £(1)- £(0).
g A. T=2+4+9In2. B. T=9. C. T:%+9ln2. D. T=2-9In2.
é Loi giai
é Chon C
2 2 "(x)-1
SN Ta co 9f"(x)+[f’(x)—x} =9:>9(f”(x)—1):—[f’(x)—x] :—{(—)2:%.
S S (x)=x]
[ £| "(x)-1 1 1 x

1

Vay T = f

—91112+l
2

1 9 2
J ot dx = 9ln‘x+1‘+—
N x+1 2
0
' THAY VIET & 0905.193.688




g Ba D6n — Quang Binh TICH PHAN HAM AN
Nhan xét 4: ¢ ba vi du sau ta nhdn thay bai todn da cé vé phiec tap hon va yéu ciu hoc sinh

phdi nhé dang todn va cdich bién d6i dé’dwa vé dang nay. Bai tdp & mirc vin dung.

DANG 2: AP DUNG PINH NGHIA, TINH CHAT, GIAI HE TICH PHAN

Vi du 18: Cho ham s6 f (x) lién tuc trén R va F ( ) la nguyén ham cta f b1et I f dx 9
va F(0)=3.Tinh F(9).
A. F(9)=-6. B. F(9)=6. C. F(9)=12. D. F(9)=-12.

Loi giai

Chon C

Ta c6: Izjf(x)dsz(x)‘Z =F(9)-F(0)=9 & F(9)=12.

Vidu19:Ch01:'2[f( dx=3.Khido J= j[4f ~3]dx bang:
0

uA wRIYSuwenIyuainy/:sdyy o

A. 2. B. 6. C.8. D.4.
Loi giai

Chon B

Taco | = j’[4f(x)—3}dx = 4j'f(x)dx—3_2[dx =4.3-3x] =6.

4 4 4
Vi du 20: Cho [ f(x)dx=10 va [g(x)dx=5. Tinh I = [[3f(x)-5g(x)]dx
2 2 2
A.I=5. B. [=15. C. I=-5. D. I=10.

Loi giai
Chon A

Cé:IzI[Bf(x)— x) |dx = 3jf )dx - 5jg )dx=5.

gy R T

5 2
Vi du 21: Cho [ f(x)dx=10.Két qua [[2-4f(x)]dx bing:
2

5
A. 34. B. 36. C. 40. D. 32.

Loi giai
Chon A

Tacéj[z—zlf(x)]dx:2jdx—4jf( )dx =2 +4jf dx——2(5—2)+4.10:34.

THAY VIET & 0905.193.688 = o\,
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

10 6
Vi du 22: Cho ham s§ f(x) lién tuc trén doan [0;10] va [ f(x)dx=7 va [ f(x)dx=3. Tinh
0 2
2
P={f(x)dx+ j f(x
0

A.P=7. B. P=-4. C. P=4. D. P=10.
Loi giai

Chon C

Tacojf x)dx = 7@jf dx+jf dx+jf x)dx =7

@jf(x)dx+?f(x)dx:7—3:4.

0
Vay P=4.

Vi du 23: Choyzf(x), yzg(x) la cdc ham s6 c6 dao ham lién tuc trén [0;2] va

o https://luyenthitracnghiem.vn

Oy N

2 2
g(x).f’(x)dx:Z, Ig’(x).f(x)dx:?). Tinh tich phan I:j[f(x).g(x)] dx.
0 0
A. I=-1. B.1=6. C. I=5. D.I=1.
Loi giai

Chon C

Xét tich phan Izi[ £(x) 5 (x)] dx:j[ F(x)(x)+ £(x) g (x) ]
j; dx+.[g )dx 5.

Vi du 24: Cho j[3f(x)+2g(x)]dx =1, j[zf(x)—g(x)]dx =-3.Khi d¢, _z[f(x)dx béng

o s /s faechnoh.eom/bietgeld

A. E B. _§_ C.é. D.E.
7 7 7 7
Loi giai
Chon B

3a+2b=1 |?775

bat d b= d ta co hé ph trinh
ata= jf X, Jf x, ta c6 hé phuong trin {a—b=—3<:> 1

e N ——= THAY VIET & 0905.193.688
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g Ba D6n — Quang Binh TICH PHAN HAM AN

Vay jf(x)dx -2,

DANG 3 : TICH PHAN HAM AN - PP BOI BIEN
TiCH PHAN HAM AN POI BIEN DANG 1: Ta gip 6 bai toan don gian loai

Cho j}.u'(x).f[u(x)].dx, tinh j.f(x).dx . Hoac cho if(x).dx, tinh 'b[u'(x).f[u(x)].dx.

Dai véi loai bai tap nay ching ta sé d6i bién f =u(x) va luu y cho hoc sinh tich phan

cta ham s0 thi khong phu thudc vao bién s6.

4 2
Vi du 25: Cho If(x)dx =16. Tinh If(Zx)dx
0 0

A. 16. B. 4. C. 32. D. 8
Loi giai
Chon D
2
If(2x)dx
Xét tich phan °© ta co
Diit 2=t = dv = dt. Khi x=0 thi £ =0; khi x=2 thi ¢ =4.
T 17 17 1
Do doé !f(Zx)dx:E!;f(t)dt :E!)‘f(x)dx :5.16 =8.
6 2
Vi du 26: Néu [ f(x)dx =12 thi [ f(3x)dx bing
0 0
A. 6. B. 36. C. 2. D. 4
Loi giai
Chon D
Pat t=3x=dt=3dx. Ddican: x=0=t=0, x=2=t=6
e | 1§ 1
Khi d¢: !f(sx)dx=5£f(t)dt=§.12=4.
2 5
Vi du 27: Cho If(x2+1)xdx:2. Khi d6 I:If(x)dx bang;
1 2
A. 2. B. 1. C. -1. D. 4
Loi giai
Chon D

Dat t=x>+1=dt =2xdx.

Déican: x=1=t=2, x=2=1t=5.

uA wRIYSuwenIyuainy/:sdyy o
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

Khi dé: !f(xz +1)xdx = %J;f(t)dt = !f(t)dt = 2J1.f(x2 +1)xdx =4.

5 5
Ma tich phan khong phu thudc vao bién nén: 1= [ f(x)dx = [ f(t)dt =4.
2 2

1
Vi du 28: Cho ham sd f(x ( ) lién tuc trén R va thdéa man I f dx 9. Tinh tich phan

-5

[f(1—3x)+9]dx.

O ey N

A. 27.

>

21. C. 15. D. 75.
Loi giai

Chon B

bat t=1-3x = dt =-3dx.

Voi x=0—>t=1vax=2—->t=-5.

Ta c6 I[f(1—3x)+9]dx :jf(1—3x)dx+f9dx :J‘[f(t)]d—;+9x‘§
:%j[f(x)]dxnz; =%.9+18:21.

-5

1 2
Vi du 29: Cho ham s6 f(x) lién tuc trén R thoa If(x)dx =10. Tinh If[gjdx
0 0

A. if(%jdx=g. B. Ef( ]dx 20. C If( jdx 10. D.if&)dx:&

0

Loi giai

Chon B
v X 1
bat t===dt=—dx.
2 2
Doicin: x=0=t=0; x=2=t=1.

Ta c6: jf[ jdx 2jf t)dt =2.10 = 20.

3

2
Vi du 30: Cho ham s§ f(x) lién tuc trén [1;40) va | f(\/x+1)dx =8. Tich phan I=[xf(x)dx
1

0
bang;
A. I=16. B.I1=2. C. I=8. D.1=4

' THAY VIET & 0905.193.688
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TECH PHAN HAM AN

Chon D

I=

O e W

déican: x=0=t=1; x=3=t=2.

2

Khi d6 szztf(t)dtzs = [tf(t)dt=4. Vay Izixf(x)dxzet.

1

f()
Jx

A.1=1. B.I=2.

2
Vi du 31: Cho [ f(x)dx =2. Tinh 1:}
1 1

Chon C

dx béng

f(»\/x+1)dx:8.Dat t=x+1 = =x+1=>2tdt =dx;

I\)_I —
uA wRIYSuwenIyuainy/:sdyy o

Dit f=x = df = dv; d6icin: x=1=t=1, x=d—t=2

2\x

2

()

I:;f e dx:j[f(t)Zdtzzjf(t)dt:2.2:4.

1

Vi du 32: Cho ham s6 f (x) lién tuc trén R thoa man I

4
Tinh tich phan I = If(x)dx .
0

A [=-2. B.1=6.
Chon B
6 F(x
-Xéu:jf( )dx=6,dat£=t:

T x

T

dx =6 va if(sinx)cosxdx:3.
0

gy R T

4

4
Ao A _ _6_
Do1can.x—1:>t—1,x—16:>t—4nenI-2_!f(t)dt-6:>_[f(t)dt—2 3.

o=

O V| N

THAY VIET 4&°0905.193.688

1

f(sinx)cosxdx =3, dat sinx =u=> cosxdx =du
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

1
Déican: x=0=u=0; x=%:>u=1 :]:'([f(u)du:3

1

Vay 1=If(x)dx:jf(x)dx+jf(x)dx=3+3=6.

0

1 2
Vi du 33: Cho ham s6 f(x) lién tyuc trén R thoa If(2x)dx =2 va If(6x)dx =14. Tinh
0 0

2

J.f(S‘xHZ)dx.
)
A. 30. B. 32. C. 34. D. 36.
Loi giai
Chon B

1
+ Xét If(Zx)dx:2.Dét u=2x=du=2dx; x=0=u=0; x=1=u=2.
0

o https://luyenthitracnghiem.vn

2

Nén 2 =j)'f(2x)dx = %jf(u)du = :[f(u)du =4.

0
2
+ Xét 6x)dx=14.Pat v=6x=dv=6dx; x=0=0v=0; x=2=0v=12.
[ £(6)
0

Nén 14:_([f(6x)dx :%J‘f(v)dv:!f(v)dv:&L.

+Xét [ f(5|x]+2)dx = [ f(5[x|+2)dx+ [ f(5[x|+2)dx.
*Tinh I, = Tf(5\x\+2)dx.

Dit +=>5[x|+2.Khi 2<x<0, t=-5x+2=dt=-5dx; x=—2=t=12; x=0=¢=2.

o s /s faechnoh.eom/bietgeld

I :%Tf(t)dt :%ﬁf(t)dt—jf(t)dt} —<(84-4)=16.

12
*Tinh I, :_fo(5‘x‘+2)dx.
0

Dit +=5[x|+2.Khi 0<x<2, t=5x+2=df=>5dx; x=2=1=12; x=0=t=2.

N THAY VIET & 0905.193.688
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g Ba D6n — Quang Binh TICH PHAN HAM AN

12=%1ff(t) Uf t)dt - jf }:%(84—4):16.

0
Vay Jz.f(S‘xHZ)dx =32.
-2

Hoac: Do ham f (5 ‘x‘ + 2) la ham s0 chén
2

If(5‘x‘+2)dx=2}f(5‘x‘+2)dx=2.16=32.

-2

Vi du 34: Biét 1ff(x)dx:ls. Tinh I=[x(2+ f(3x* -1))dx

O ) N

A.I=5. B.I1=7. C.I=8 D. I1=10.
Loi giai
Chon B

Pat t=3x*-1=dt=6xdx. Pdican x=0=>t=-1, x=2=t=11

I :J%x(2+f(3x2 —1))dx=j2xdx+ixf(3x2 ~1)dx :4+%Tf(t)dt =4+%.18 =7
0 0 0 -1

1
Vi du 35: Cho ham s6 y = f(x) lién tuc trén R va If(Zx)dx =8.Tinh I =
0

oe—5

xf(xz)dx

A. 4. B. 16. C. 8. D. 32.
Loi giai
Chon C

Dt x? =2t = 2xdx =2dt = xdx =dt . Dican: x=0=1=0, x=+2 =t=1.

1
Taco: 1= f(2t)dt =8.
0

3
Vi du 36: Cho ham s8 y = f(x) lién tuc trén R va théa man f(4-x)= f(x). Biét [xf(x)dx

Tinh 1:} f(x)dx

A I=

N |t
=]

=

N | N

C.Izg. D.I=—.
2

Loi giai

Chon A

THAY VIET & 0905.193.688 v
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T AN

)
S

Céch 1: Dung tinh chat d€ tinh nhanh
Cho ham s§ f(x) lién tuc trén [ ;b | va thoa man diéu kién

a+bj

f(a+b—x):f(x),‘v’x[a;b].Khi do ijf(x) f

Chtng minh:
Dit t=a+b-x=dx=—dt, v6i x€[a;b|. Di can: khi x=a=t=b; khi x=b=t=b

b a

Ta cé j:xf(x)dx=Ixf(a+b—x)dx:—I(a+b—t)f(t)dt

a b

b b

~[(a+b- t)f(t)dt:(a+b)ff(t)dt—iy‘(t)dt=(a+b)jf(x)dx—]jxf(x)dx

a

n'—,tr

b b

:ZIxf a+b)_[f(x)dx:> Ixf(x)dx —J.f(x)dx :

a a a

Ap dung tinh chdt trén véi a=1, b=3.

f(x) lién tuc trén [a;b] va thoa man f(1+3—x) = f(x) .

Khi déj[xf(x)d 143T dx:jf

1

Nlm

Céch 2: Déi bién tryc tiép:
Dit t=4-x,véi xe[1;3].
3

Tacs jxf(x)dx= [f (4= x)de=[(a—1) f(t)dt=4j f(t)dt—_j[t.f(t)dt

1

Juy

:5:4jjf(t)dt—5:>jjf(t)dt:;

Vi du 37: Cho ham s¢ y = f(x) lién tuc trén doan [1; 3] thoa man f(4—x) = f(x),Vx € [1; 3] va

3 3
Ixf(x)dxz—Z. Gia tri _[f(x)dx bang
1 1

A. 2. B. -1. C. 2. D. 1.
Loi giai
Chon B

Xét I:i.xf(x)dx (1).

~_— THAY VIET & 0905.193.688



g Ba D6n — Quang Binh TICH PHAN HAM AN
bat x=4—-t,tacd dx=—-dt; x=1=t=3, x=3=t=1.

Suy ra 1:}(44) f(4—t)dt =i(4—t) f(t)dt,haylzi(él—x) f(x)dx (2).

1

3 3
Cong (1) va (2) v& theo vé ta duoc 21 = [4 f(x)dx = [ f(x)dx = é =-1.
1 1

TiCH PHAN HAM AN POI BIEN DANG 2: Bai tap thuong cho & dang
b
Tinh I f (x)dx , biét ham s0 f (x) thoa man :
A.f(x) +B.u'.f(u)+C.f(a+ b—x):g(x).

D6i v6i loai bai tap nay, trwdc khi 14y tich phan hai vé ta cin cha y rang :
+ Trong dé bai thuwong sé bi khuyé’t mot trong cac hé s6 A, B,C.

+ Hoc sinh ¢é thé nhé cong thirc hodc thuc hién hai Ian d6i bién khéc nhau nhu dang

1.
Vi du 38: Cho ham sd f(x) lién tuc trén [0;1] thoa man f(x) = 6x2f(x3)— \/36_1 . Tinh

X+

1

J.f(x)dx

0

A. 2. B. 4 C. -1. D. 6.

Loi giai
Chon B

Céch 1: (Dung cong thixc)

6

2 2 2 (s 6 .
Bién d6i f(x):6xf< ) m@f() 2.3x f(x ):—mvm A=1,

B=-2.

1
Ap dung cong thiic ta co: j f (x)dx
0

St

Céch 2: (Dung cong thirc bi€n do6i — néu khéng nhé cong thirc)

gy R T

uA wRIYSuwenIyuainy/:sdyy o
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6 1 1 1 1

T f(x)=6x2f(x3)—\/m:>If(x)dx—2_£3x2f(x3)dx=—6£mdx

0

Dit u=x’ =du=3x’dx; Véi x=0=u=0vax=1=u=1.

Khi d6 jsxz f(x*)dx = j f(u)du= j f(x)dx thay vao (*), ta duoc:

1

1 —
[ £(x)dx- 2jf dx——6f\/3_+dxc>jf x)dx = 6jmdx_4

0

Vi du 39: Cho ham s6 f(x) lién tuc trén [0;2] va théa man diéu kién f(x)+f(2 —x) =2x.Tinh

2
gid tri ctia tich phan I = f(x)dx
0

A 1=-4. B.Izl. C.I=é. D.I=2.
2 3
Loi giai
Chon D
Cach 1:(Dung cong thirc)

Véi f(x)+f(2—x):2x ta co A=1; B=1, suy ra:
2

2 1 2 xz
I:_([f(x)dx :EOZxdx =5 =2.

0

Cach 2: (Dung phuwong phép d6i bién — néu khéng nhé cong thirc)
Tu f(x)+f(2-x)=2x :>jf dx+jf (2-x)dx = jzxdx —4 ()

bat u=2-x=du=—dx;Véi x=0 u=2vax=2=u=0.
2 2 2
Suy ra jf(Z—x)dx = If(u)du :If(x)dx.
0 0 0
Thay vao (*), ta dwoc 2If dx 4<:>_U =2.
Vi du 40: Xét ham s§ f(x) lién tuc trén| -1;2 | va thoa mén f(x)+2xf<x2 —2)+3f(1—x):4x3.
2
Tinh gia tri ctia tich phan I = [ f(x)dx
-1

A. I=5. B.I=g. C. I=3. D. I=15.

Loi giai

/ 9\ ‘-——* THAY VIET & 0905.193.688
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g Ba D6n — Quang Binh TICH PHAN HAM AN
Chon C

Cach 1: (Dung céng thitc — Dang 2)

Voi: j"(x)+(2x)f(x2 —2)+3f(1—x):4x3. Ta co:

u(-1)=-1
A=1B=1,C=3 vau=x>-2 théamén{ EZ) ) . Khi d6 ap dung cong thirc co: Q
u =
2 1 2 2
I=|f(x)= 4x°dx=—| =3.
-[f( ) 1+1+3~[1 .

Céch 2: (Dung phwong phap ddi bién — néu khong nhé cong thirc)

Tw f(x)+2xf(x2—2)+3f(1—x):4x3.
= j‘f(x)dx+j‘2x.f(x2—2)dx+3if(1—x)dx= .2[4x3dx (*)

+H)Dat u=x"-2=du=2xdx; véi x=—1=u=-1vax=2=u=2.

uA wRIYSuwenIyuainy/:sdyy

Khi d6 J2‘12x.f(x2 —2)dx=J2‘1f(u)du :j;f(x)dx (1)

H)batt=1-x=dt=—dx; Véi x=—1=t=2va x=2=t=-1.

2

Khi d6 jlf(l—x)dx:if(t)dt:If(x)dx (2)

Thay (1),(2) vao (*) ta duoc: 5jf )dx = 15:>jf )dx =3.

MOT SO CHU Y DAC SAC VOI TiCH PHAN HAM AN DOI BIEN

CHU Y 1: Vé6i nhitng ham s c6 tinh chin 1é ta cin nhé

Néuham f(x) CHAN thi jf )dx = 2jf )dx 2. Néuham f(x) LE thi jf )dx =0

gy R T

0
B oy f dx 2
Vi du 41: Cho ham s§ ¥ =7 (*) 1 ham 16 v lien tuc trén [44] i Iz va
2 4
Jf(—Zx)dx:4 I:If(x)dx
1 . Tinh 0
A I1=-10, B. [=-6, c. I=6, D. =10,

Loi giai
Chon B

THAY VIET & 0905.193.688 v 50\ S
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:: W:/Aw},azébwkmw

TN

)
S

If (ax+b)dx == J.f ax) jf(x)dx:O

Cach1: Str dung cong thire: ™ va tinh chat —
vei (%) 14 ham s& lé trén doan [-a;a] .

Ap dung, ta co:

od= jf (—2x) dx_——j dx_—j f(x)dx & [ f(x)dx=8.

2= [F(x)ax =~ 0)= [ 1(x) = [ )2

Suyra: 0= f(x)dx=[ f(x)dc+[ f(x)de+] f(x)dx
@0=8+(j_22 x)dr—[ f(x dx)+I<:>0 8+(0—2)+1 > =—6.

0

J F)dx=2
Cach2:Xét tich phan -2

pat —x =t =>dx=—-dt pgj can: khlx__2 thi £=2.khi X=0 thi £=0 do d6

j'f dx_—jf dt_jf dt:jf t)dt= 2:>jf )dx =2

=) f(=2x)=~f(2x)

Do ham so 1a ham so 1é nén

_[f 2x dx——jf 2x dx:>J.f 2x dx=—4

Do do 1t
Jf(Zx)dx
Xét 1
1
=dx=—-dt
Djt 2x =t 2 Poican:khi *=1thi t=2;khi ¥=2 thi =4 do d6

»—l'—.,\)

f(2x)dx=%jjf(t)dt=—4 :Tf(t)dt:—s :>:[f(x)dx=—8

I= If j dx+jf

Do —2 8=—6

Vi du 42: Cho ham s6 chan y = f(x ( )hen tuctrén R va Jf )dx 8. Tinh J f

A. 2. B. 4. C. 8. D. 16.
Loi giai
Chon D

1 2
Ta co J.szx)dx:8<:>J‘Lx)xdx:16.
_11+2 _21+\/§

~_— THAY VIET & 0905.193.688



g Ba D6n — Quang Binh TICH PHAN HAM AN

R P o L R L
21+4+/2 2 1+4/2 2 1+

2 f(x) -2 /ZXf(x) 2 2
Suyra2l=|——-*-dx+ | ——>dx= x)dx = dx.Va d 16 .
Y '[1+\/5x +'z[ 1+\/§x J;f( ) '([f< ) YIf o

Vidu 43: Cho f(x ( ) 12 ham s8 chan lién tuc trong doan [ -1 1] va I f dx 2.Kétqua

Izjf()

e dx bang
A I=1 B.1=3 C.I=2 D.1=4
Loi giai
Chon A

uA wRIYSuwenIyuainy/:sdyy o

I= jﬂdx=i f(x) dx+j-1f_fx2 dx=1+I,

X
“1+e s 1+e

f(x '
Xét Ilzj%dX.Dét x=—t=dx=-dt doican: x=0=t=0, x=-1=t=1
1+ ’

Suy ra:
1 1 f' t 1 t 1 1_|_e ft 1 1
I=1ﬁ—zzdx:£e1f£t)dt+_l‘{fe)tdx:.([( 1+)et()dt:_([f(t)dt:%[f(t)dtzl.

CHU Y 2: Céach d6i bién nguoc d6i voi ham s& ludn dong bién hodc ludn nghich bién.
Cho ham s& y:f(x) thoa man g[f(x)] =X va g(t)lé ham don diéu (ludn dong

bién hoac nghich bién) trén R . Hay tinh tich phan I = I ’ f (x dx

Cach giai: bat y = f(x) = x:g(y) =dx= g’(y)dy

gy R T

x:a—>g(y):a<:>y:a

2 b ﬁ
Doi ca I= dx = 7
01 can {xb g(y)zb )= Suy ra Lf(x) X L yg(y Y

Vi du 44: Cho ham s6 f(x) lién tuc trén R thoa man f° (x)+f(x) =x, VxeR. Tinh

I :j;f(x)dx

THAY VIET & 0905.193.688 v B2\ S
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

A.1=2. B.I=§. C.I=l. D.I=§.
2 2 4
Loi giai
Chon D
Dat y=f(x):>x=y3+y:>dx:(3y2+1)dy
Do can {x:0—>y3+y:0<:>y:0 Khi dé
x=2->y +y=2cy=1
I= If I (3y +1)dy I(3y +y)dy—

Vi du 45: Cho ham s§ f(x) lién tuc trén R thoa man 2f°(x)-3f*(x)+6f(x)=x, VxeR. Tinh

tich phan [ = if(x)dx
0

C.I:i. D.I=

A. 1:5.
4 12

=]
—~
Il
N | O1
[SHNG; |

Loi giai
Chon B
Dit y=f(x)=>x=2y° -3y’ +6y :>dx=6(y2—y+1)dy.
D6i can: véi x=0=2y° -3y* +6y=0< y=0 va x=5=2° -3y° +6y=5<y=1.
1 1 1
Khi d6 I:If(x)dxzjy.6<y2—y+1)dy :6j(y3—y2+y)dy:;
0 0 0

Vi du 46: Cho ham so f(x) lién tuc trén R thoa man x+ f° (x)+2f(x) =1, VxeR.Tinh

I= [ f(x)dx.
-2
AT=Z. B.1=". c.1=7, D.1=2
4 2 3 4
Loi giai
Chon A

Dat y=f(x):>x=—y3—2y+1:>dx:(—3y2 —2)dy.
Déican: Véi x=2=-y’-2y+1="2cy=1; x=1=-y’ -2y+1=1<y=0.

Khi dé: I=iy(—3y2 —Z)dyzg.
1

CHU Y 3: Bai toan tich phan c6 dang sau:

23 ' THAY VIET & 0905.193.688
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i b-
Bai todn: Cho f(x).f(a+b—x)=k*, khid6 I = _[ +f() 2ka
Chitng minh:
dt =—dx
bit t=a+b—x= f(x)z kK vax=a—=t-b, x=b=>t=a.
f(1)
Khido I = I —I =%£k+f(x)'
f(t)

——Idx—— b u) bz__ka'

== Ik+f X Ik+f (x) Kk

Vi du 47: Cho ham s6 f(x) lién tuc va nhan gia tri dwong trén [O; 1]. Biét f(x).f(l—x) =1 véi

1
dx
Vxe|0;1|. Tinhgid tri [ = | ———
[ ] ~([1+f(x)
A-E- E-l- C. 1. D. 2.
2 2
Loi giai
Chon B

Ta c6: 1+ f(x)= f(x) f(1-x) f(x) > L)1

gy R T

Xét [ = J1+f()
batt=1-x<x=1-t =>dx=-dt.Ddicin: x=0=t=1; x=1=1t=0.
R B I 0 Lf(x)dx
KhldOI__!1+f(1—t)_£1+f( ~([1+f1 ) £1+f(x)
Lf(x)dx  F1+f(x) e Coa o 1
Matkhacj +f() j1+f() ij(t) dx—.([dx—lhayZI—l.Vay I=—.

Vi du 48: Cho ham s6 f(x) lién tuc trén R, ta co f(x) >0 va f(O).f(2018—x) =1. Gia tri ctia

2018 d
tichphan I = | ———
!)- 1+f(x)
A. 1=2018. B.1=0 C. I=1009 D. 4016

THAY VIET & 0905.193.688 v TN S
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Loi giai
Chon C
2018
tacd [ = j T qx=2918=0 1609,
s 1+f(x) 2.1

Vi du 49: Cho ham s8 y=f(x) c6 dao ham, lién tuc trén R va f(x)>0 khixe[0;5] Biét

f( )f(5 x) 1 t1nht1chphanI I

1+f( )
A T=2, B.I=2. cr=2. D. [=10.
4 3 2
Loi giai

Chon C
Dit x=5-t = dx =—dt
x=0=>t=5; x=5=1t=0
o0 A s f(t)dt a1
I= I51+f(5—t)_~[0 ) @)=

:21:]05&:5 :»1:%.

3
Vi du 50: Cho ham s0 y = f(x) lién tyc trén R va thoa man f(4—x) = f(x) Biét Ixf(x)dx =5.

3
Tinh tich phan [ f(x)dx
1

A.g. B.Z. C.g. D.E.
2 2 2 2
Loi giai
Chon A

batt=4-x=dt=-dxvax=1=t=3;, x=3=t=1.
3 3

Khi do: 5 =jxf(x)dx:jf(4—t)f(4—t)dt :j(4—x)f(4—x)dx:I(4—x)f(x)dx.

1 1

Suy ra: 10:j.xf(x)dx+i(4—x dx 4If

I\)IU‘I

s N ——== THAY VIET & 0905.193.688
{ ) . % L

)
S _—



g Ba D6n — Quang Binh TICH PHAN HAM AN
CHU Y 4: Mt s0 bai toan khong theo khuén mau san thi yéu cau hoc sinh phai cé tw duy, ¢6
ki nang bién doi d€ duwa vé dang quen thudc.

Vi du 51: Cho ham s6 y = f(x) cO dao ham lién tuc trén doan [1;4], dong bién trén doan [1;4]

va théa man dang thtc x+2x.f(x) =[f'(x)]2,Vxe[l;4]. Biét rang f(l):g, tinh

4

I:If(x)dx?
1
A 1=11%6 B. =174 c.1=122 p. =129
45 45 45 45
Loi giai
Chon A
Ta co x+2xf( 'x :>\/_af1+2f f ()() Jx, Vxe[14]
1+2f(x
Suyraj dx = I\/_dx+C <:>J dxzjxf;dx+C

1/1+2f x 1f1+2f

22 4}
—xr+—| -1
:>,/1+2f(x)%xZ+C.Méf(1)%:>C§.Véyf(x)(3 SO

4
1186
Vay I = x)dx=——.
iy T=[ fx)dx="p
Vi du 52: Cho ham s§ y = f(x) c6 dao ham trén R théa man ?;f’(x).efs(x)_xz_1 2 0 va

N

N3 B. 12 e p. 37,
3 4 8 4
Loi giai
Chon C
Ta c6 3f’(x).ef3(x)th1 I SN 3f (x).f’(x).ef3(x) —2xe" !

f(x)

Suy ra e/ _ef Mat khéc, vi f(0)=1 nén C=0.
Do d6 e’ =" o f(x ):x2+1<:>f( )=x*+1.

Vay fx.f(x)dx=fx.3x +1dx == I d(x +1) 2[(x2+1)m}

0

§]

g

£(0)=1. Tich phan ! x.f (x)dx bang E
ég

uA wRIYSuwenIyuainy/:sdyy o
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

1
Vi du 53: Cho ham s8 f(x)=x*+4x>~3x" —x+1,VxeR. Tinh I = [ f*(x).f'(x)dx.
0

A. 2. B. 2. C. —Z. Q.Z.
3 3

Loi giai
Chon D
Dit t=f(x)=dt = f'(x)dx. Dican: x=0=t=f(0)=1, x=1=t=f(1)=2.

2 £ 2
Khi dé I:Itzdt:—
) 3

8 1.7
3 3

W

1
Vi du 54: Cho ham s0 f(x) c6 dao ham lién tuc trén khoang (O;l) va f(x) #0, Vxe (O;l). Biét

rang f(%jmz, f[%j:b va x+xf’(x):2f(x)—4, Vxe(O,'l). Tinh tich phan

o https://luyenthitracnghiem.vn

sin® x.cosx +2sin2x

I= dx theoa va b.

AN C——— [N

f*(sinx)
A, =310 B.[=2b*a c.1=30-a p. =34t
4ab 4ab 4ab 4ab
Loi gidi
Chon D

Vx e (0;1) ta co:

x+xf'(x)=2f(x)-4 o x+4=2f(x)-xf'(x) = 2" +4x =2xf (x)—x"f'(x)

<:>x2+4x:ZXJC(J‘C)—XZJC'(?C)<:>x2+4:x:( x’ },.
f(x) f(x) fx) \fx)

sin’ x.cos x + 4 sin x.cos x

f*(sinx)

-2 .
Tinh [ = sin x.c2c>sx+251n2x dx = dx
f (sinx)

o s /s faechnoh.eom/bietgeld

NN C— | N
AN |y

Ve
=3

poe A 1
Dat t =sinx = df = cosxdx, d6i can x=%:>t=—, x:§:>t:—

2-,'\ ' THAY VIET & 0905.193.688
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g Ba D6n — Quang Binh TICH PHAN HAM AN

2
7 ? L\/gj (ljz
2 42 2 |2 2 " _
Tacélzjt+4tdt: t _ 2 3 1 3a-b

% _f(ﬁJ_f(;] “4b 4a  dab

Vi du 55: Cho ham s8 f lién tuc, f(x)>-1, £(0)=0 va théa f'(x)Vx*+1=2x,/f(x)+1. Tinh

£(+3).
A.0. B. 3. C.7. D. 9.
Loi giai
Chon B

. T 1oy x+<:>f’(x):2x
Taco f(x)Vx'+1=2xf(x)+1 o e
N

dx<:>\/f(x)+1‘ =x +1‘ o | f(x )+10

=1

uA wRIYSuwenIyuainy/:sdyy o

= f(ﬁ)n— F0)+1=1s f(\/§)+1=2c>f(\/§)=3.

5
Vi du 56: Cho ham sd f(x)lién tuc trén Rva jf(x)dx=4, f(5)=3, f(2)=2. Tinh
2
2

I=_|-x3f'(x2 +1)dx

1

A. 3. B. 4. C.1. D. 6.
Loi giai
Chon A
bat t=x*+1 =dt =2xdx.
5

x=1=t=2; x=2=t=5.Khidd 1:%j(t—1)f'(t)dt.

2

bat u=t-1=du=d¢; dv=f’(t)dt,chon vzf(t).

gy R T

I=%(t—1)

f(t)z —%z[f(t)dt =%(4f(5)—f(2))—2=3.

f(zﬁ_1)+lnx
= =

Vi du 57: Cho ham s& f(x) lién tuc trén doan [1;4] va thoa man f(x) = . Tinh

4
tich phan I'= [ f(x)dx
3

THAY VIET & 0905.193.688 v ey s\
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

A. [=3+2In’2. B. I=2In?2. C. I=In22. D. I=2In2.
Loi giai
Chon B
b [ (2 - 1) Inx 4f(2\/; 1) tInx

Ta co dx = | ————Fdx+ —dx
. e !{ x ] el
>
§ e
< Xét K = [ ~—=—"dx
5 1
(4]
;‘g DétZ\/;—lzt :J_:%:d—\/;=dt.
=
q>)\ 3 3
§ :K:!f(t)dt =_1[f(x)dx
2.
E tlnx T In® x|

Xét M = Ide [Inxd(Inx) = =2In*2.
9 o 1

Do d6 j-f(x)dx=jif( )dx+21n 2:>J.f dx 2In*2.

> 16
Jx
Vi du 58: Cho ham s6 f( ) lién tuc trén R va théa man j‘cotx f(sm x)dx If(xx)dle
% 1
% Tinh tich pha jf(4x) dx.
T X
g 5
é A. I1=3. B.Izé. C.I=2. Q.I=§.
2 2
Loi giai
é Chon D
S : &
% bat I, —J%cotxf(sm x)dx 1, I, ——Tf( )dle.
i
f 0 Diat t=sin’ x = dt =2sinx.cosxdx =2sin” x.cotxdx = 2t.cotxdx .
z z
i 4 2
/ 1
> 1
T 1 1
i e Lo 11 fW) g, 11/ (%) 11 f(4x)
I = ;[otxf(sm x)dx:!f(t).zdt :E!Tdtzz_l[ » d(4x):§_1[ " dx
4 2 2 8 8

N THAY VIET & 0905.193.688
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g5 Ba POn — Quang Binh TICH PHAN HAM AN
1

Suy ra j@dx =2[ =2
1

8

Dit t=x = 2tdf =dx.

x |1 | 16
E 4 O
16
Jx
I,= jf ) Tf(f 2tdt =2J4’M :2}16(4 jf(4x)dx =3
1 1 t 1 t 1 4 1 X ,_8‘
4 4 &
L f(4x) 1. 1 =
Suyraa[ " dx=§I2=§ %
: =
Khi d6, ta c6 =
1 S
1 1
If(4x)dxzif(4x)dx+If(4 )dx 2+1=§ 0%
1 X 1 X 1T X 2 2 =
8 8 1 o
Vi du 59: Xét ham s6 f (x) lién tuc trén [0;1] va thoa man diéu kién 5
=

1
4x.f(x2)+3f(1—x)zxil—x2 . Tich phan I=jf(x)dx béang;
0

A= B. [= ci==. pD.1=Z.
20

z z
4’ 6

Loi giai
Chon C

Vi f(x) lién tuc trén [O; 1] va 4x.f<x2)+3f(1—x) =+y1-x* néntacé

O Ly

[4x.f(x2)+3f(1—x)}dx:j).\/1—7dx <:>_1.4x.f(x2)dx+j:3f(1—x)dx=j: 1-x*dx
(1).

Ma 'I4x.f(x2)dx :2if(x2)d(x2) —=2 50 f(t)de =21

0

gy R T

1 1 1

va .|.3f(1—x)dx =—3If(1—x)d(1—x) “:—H>3If(u)du =3I

0 0 0

1+c052t)dt zz.

OL_.N\.:‘

1
D‘éngthbij 1-x*dx —=200 _Nl sin tcostdt—jcos tdt —%
0

Do d¢, (1 )<:>21+31_Z hay 1_%

THAY VIET & 0905.193.688 v 5 o\
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

Vi du 60: Cho ham so f(x) c6 dao ham lién tuc trén doan [0'1] thoa man f(l):l,

o https://luyenthitracnghiem.vn

o s /s faechnoh.eom/bietgeld

A

_,\_/‘ ’\_/

[f( )] dx—— va _[f( )dx—— Tinh tich phan I = If

O Ly =

A.I: E.I:

gl w

C.Izé. D.I=
4

B =
Ut | =

Loi giai
Chon B

Dit t=Jx > =x=dx=2tdt . DSicin x=0=1=0; x=1=t=1

Suyra'[f( )dx 2.[tf dt<:>Itf :1 Dodo<:>'f f

U‘ll»—\

Mt khéc [x.f(x)dx =" (x) =[5 f(x)dx :%—jx—f’(x)dx.

1
Suy ra I%zf'(x)dx: 57 E
0

2

Ta tinh duoc j.(3x2) dx
0

6, NN}

1

Do dé I[f( )J dx - 2I3x dx+j(3x )dx 0 <:>I( 3x2)2dx:0

0

& f'(x)-3x" =0 < f'(x)=3x" < f(x)=x"+C.
Vi f(1)=1nén f(x)=x

1 1
1
Vay [ = dx=|x*dx==.
ay ‘([f(x) X '([x X 1

DANG 4: PHUONG PHAP TUNG PHAN

Tich phan titng phan véi ham an thwong ap dung cho nhitng bai toan ma gia thiét

hodc két luan c6 mét trong cac tich phan sau

Iu(x).f'(x).dx J.u (x).f(x).dx

hoac ¢

THAY VIET & 0905.193.688



g Ba D6n — Quang Binh TICH PHAN HAM AN

Vi du 61: Cho ham so y:f(x) c6 dao ham f’( ) lién tuc trén [O 2] va f =3, J.f dx=3.

2
Tinh [x.f'(x)dx
0

A. -3. B.3 C.0. D. 6.
Loi giai
Chon B
2 2 2
Ta co Ix.f'(x)dxzfxd(f ) J. dx 2f =3.
0 0 0

Vi du 62: Cho ham s8 y = f(x) ¢6 dao ham 1a f'(x) lién tuc trén doan [0; 1] va f(1)=2. Biét

1
J. f dx 1, tinh tich phan I = Ix f
0

A.I=1. B. I=-1. C.1=3. D. I=-3.

uA wRIYSuwenIyuainy/:sdyy o

Loi giai
1
Ta co: I :Ix.f'(x)dx
0

bat u=x=du=dx, dvzf'(x)dx chon v:jf'(x)dx=f(x)

= I=xf(x) - [ f(x)dx=1.F(1)-0.£(0) [ f(x)dx=2-1=1

0 0
Chon A

Vi du 63: Cho ham s0 f(x) thoa man j.(x+1)f'(x)dx=10 va 2f(1)—f(0)=2. Tinh
I:_l[f(x)dx

A.1=8. B. I=-8. C.1=4. D.I=-+4.

gy R T

Loi giai

A=

o'—.»-

(x+1)f ( )dx bat u=x+1=du=dx, dvzf'(x)dx chon vzf(x)

1

= A=(x+1).f(x), - [ f(x)dx =2/~ £(0)- jf )dx =2 jf )dx = 10:>jf )dx =8

0

Chon B

THAY VIET & 0905.193.688 v 4 2\
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

Vi du 64: Cho ham s6 f(x) c6 dao ham lién tuc trén doan [0;2] va thoa man f(2):16,

O ey N

1
f(x)dx =4. Tinh tich phan I=[x. f'(2x)dx.
0

Vi du 65: Cho ham s6 f(x) va g( ) lién tuc, c6 dao ham trén R va thdéa man f’(O).f’(Z) =0 va

g(x)f’(x) = x(x—2)e" . Tinh gia tri ctia tich phan I = j.f(x).g'(x)dx ?
0

A.I1=12. B.1=7. C. I1=13. D. I=20.
g Loi giai
_§ Chon B
<
éo . B du=dx
= .
& @ dv=f'(2x)dx U:M
= 2
E
- X.
s Khi d6: I = f( A jfzxdx_f( jf dt—16 L
> 2 4
=
AN
7
£
)
<

A. 4. B.e-2. C. 4. D. 2-e.
Loi giai
Chon C
Ta cé g(x)f’(x):x(x—Z)ex :g(O):g(Z):O (vi f’(O).f’(Z);tO)

=] ) () = ] ) 3) = (1) (4]

= —j(x2 —2x)exdx =4.
0

1
Vi du 66: Cho ham s6 f(x) thoa man I(x+1)f'(x)dx=10 va 2f(1)—f(0)=2. Tinh
0

I:_:[f(x)dx

A.1=8. B. I=-8. C.1=4. D.I=-+4.

o s /s faechnoh.eom/bietgeld

Loi giai

Chon B

A= j.(x+1)f ( )dx bat u=x+1=du=dx, dvzf'(x)dx chon vzf(x)

A\ N —— THAY VIET & 0905.193.688
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g Ba D6n — Quang Binh TICH PHAN HAM AN
1

= A=(x+1).f(x), - [ f(x)dx =2/ D)~ £(0)- jf )dx =2 jf )dx = 10:>jf )dx =8

0

5
Vi du 67: Cho ham s6 y:f(x) thoa man f(x3+3x+1):3x+2, Vx e R. Tinh Izjx.f’(x)dx

A2 B. 1. c 3. D. -1761.
4 4 4
Loi giai

Chon C

Dt 14X du =dx I 50
o= p()ar ™ o= )~ LI )i [F(x)ax
f(5)=5(x=1)
f(1)=2 (x=0)’
dt = (3x2 + 3)dx
f(t)=3x+2
Doican: Véi t=1=1=x"+3x+1<x=0 va t=5=x" +3x+1=5<x=1.

Khi d6 =23 jf )dx =23~ j3x+2 (3x° +3)dxcfo§

5
T f(x3+3x+1)=3x+2:>{ suy ra I:23—If(x)dx
1

uA wRIYSuwenIyuainy/:sdyy o

Dat tx3+3x+1:>{

Chon C

Vi du 68: Cho ham so& f(x) lién tuc trong doan [1;e], biét jf(x) dx=1, f(e)zl. Khi d6
X

e

I:jf'(x).lnxdx bang

1

A I=4. B. [=3. C.I=1. D. [=0.
Loi giai
Chon D
Céch 1: Ta c6 Izjf’(x).lnxdx (x).Inx| jf dx f(e)-1=1-1=0.
1

gy R T

dx
Cachzbat !t d”:?
T |do=f(x)dx ~ f(x '

Suy ra I:jf’(x).lnxdx lnx
1

-1=1-1=0.

THAY VIET & 0905.193.688 v 4 4\
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

Vi du 69: Cho ham s60 y=f (x) c6 dao ham lién tuc trén R thoéa man

f(x)+f(g—xJ:sinx.cosx, voi moi xeR va f(O):O. Gia tri caa tich phan

= LG

x.f'(x)dx bang

A -ZX, B. L. c. X D. -1,
4 4 4 4
Loi giai
Chon D

Theo gia thiét, f(O) =0 va f(x)+f(%—x} =sinx.cosx nén

f(0)+f(gj=0 & f(%j:@.

Suy ra: [ = —fff(x)dx.
0
Mat khac, ta co:

f(x)+f(g—xJ:sinx.cosx:> J?f(x)dx+j§f(§—x}dx:jfsinx.cosxdx:%

Suy ra: Iff(x)dx—jgf(g—dexzé@Iff(x)dx:i

1
f(x)dx =1

O'—.N\?—l

Vay I =-

Vi du 70: Cho ham s8 f(x) théa f(0)=f(1)=1. Biét je" | £(x)+f'(x) |dx =ae+b. Tinh biéu
0

thiee Q=a™" +0™".

A.

Q=8. B. Q=6. C.Q=4. D. Q=2.

Loi giai

A\ N —— THAY VIET & 0905.193.688
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g5 Ba POn — Quang Binh TICH PHAN HAM AN

Vay A=e'f(x)) - A, +A, = f(x), =e.f (1)~ f(0) =e~1
:{a:1 = a4 p" =1+1=2
b=-1

Chon D

Vi du 71: Cho ham s8 f(x) c6 dao ham trén R thoa méan f'(x)-2018f(x)=2018.x"" e véi

uA wRIYSuwenIyuainy/:sdyy o

moi xeR va f(0)=2018. Tinh gi4 trj f(1).
A. f(1)=2019e™".  B. f(1)=2018.e7™"°. C. f(1)=2018e™"°. D. f(1)=2017.e*".

Loi giai

Chon A

Taco: f/(x)—2018f(x) = 201827 ™ e I ()=20185(%) _ 15,00

2018x

£]
e <
1 1
j 220?81}(8f () g - [2018.x*7dx (1) g%
0 0
1 g 1
Xets I=] f)- 220?81,(8f x =[f(x 2"18"dx—j2018.f(x).e2018de .
0 € 0 0 g
1 B . :
Xét I, = [2018.f (x).e ™dx . Dt u=f(x) _ Jdu=f(x)dx
0 dv =2018.e " dx v =—p 2018

1

o+ [ f1(x) e dx =1 = f(1).e"™ -2018

0

Do do I, = f(x).(—e%lsx)

Khi do (1) < f(1)e™* =2018 =x"*|| = £(1)=2019.e"".
Vi du 72: Cho ham s8 y = f(x) véi f(0)=f(1)=1. Biét rémg:jfe" [ f(x)+ f'(x)]|dx=ae+b Tinh
0

THAY VIET & 0905.193.688 v AN S
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

o https://luyenthitracnghiem.vn

o s /s faechnoh.eom/bietgeld

<3

_,\_/‘ ’\_/

Q _ a2017 +b2017

A.

|

Q=2""+ B.Q=2. C. Q=0. D. Q=2""-1.
Loi giai
Chon C
Dt {u :f(x) :{du :f'(x)dx.
dv=e"dx v=e"

j;ex [f(x)+f'(x)]dx:e"f(x)‘f —'(l[e"f'(x)dx+l.exf’(x)dx =ef(1)-f(0)=e-1.
Dodoé a=1, b=-1.

Suy ra Q=a"" +b™7 =17 + (—1)2017 =0.Vay Q=0.

Vi du 73: Cho ham so6 y:f(x) c0 dao ham lién tuc trén doan [0;5] va f(5):10,

xf'(x)dx =30. Tinh j f(x)dx

20 B. 30, C. =20, D. 70,

Loi giai
Chon A

Dit {uzx:du:dx
dvzf’(x)dxjv:f(x)

j;x.f’(x)dx:(x.f(x)) f(x)dx

5—jf(x)clx 30=5f(5)-

O ey U1

@jf(x)dx=5f(5)—30=2o.

Vi du 74: Cho hai ham s6 lién tuc f va g c6 nguyén ham lan luotla F va G trén doan [1;2].

67

2
Biét ring F(1)=1, F(2)=4, G(1)=7, G(2)=2 va [f(x)G(x)dx=_". Tinh
1

3 B. -2 c.-2 . 12
12 12 12 12

Loi giai

' THAY VIET & 0905.193.688



g Ba D6n — Quang Binh TICH PHAN HAM AN

Chon A
" u:F(x) - du:f(x)dx
Da {dvg(x)dx {v:G(x)

_4pq 3 97 11

2 12 12
Vi du 75: Cho ham s& f(x) c6 dao ham lién tuc trén [0;1] thoa man j.x[f’(x)—Zde =f(1).
0

1
Gia tri caa I :J.f(x)dx bang
0

A. 2. B. 2. C. -1. D.1.

uA wRIYSuwenIyuainy/:sdyy o

Loi giai
Chon C

Ta co jx[f’(x)—ﬂdx :jx.f’(x)dx—:[bcdx

0 0

:de[f(x)]—x2

Theo d@ bai j.x[f’(x)—Z]dx =f(1)=>1=-1.

1 1

~[ fx)dx-1=f(1)-T-1.

0 0

:x.f(x)

0

2 2
Vi du 76: Cho ham s6 y = f(x) lién tuc trén doan [1;2] va j(x—l) f'(x)dx =a. Tinh If(x)dx
1

theo a va b= f(2).

A.b—a. B. a-b. C.a+b. D. —a-b.
Loi giai
Chon A

gy R T

bat u=x-1=du=dx; dv:f’(x)dx chon v:f(x).

2

(x—l)f’(x)dx =(x—1)f(x)‘j —J-f(x)dx :f(2)—;if(x)dx =b—:[f(x)

1

= e N

Ta cé j.(x—l)f’(x)dx:acb—if( dx = a@jf x)dx=b-a.

THAY VIET & 0905.193.688 v 88 S
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= Ba Do6n — Quang Binh

“Thanh cdng 1a néi khéng véi ludi biéng”

2

Vi du 77: Cho ham s§ f(x) lién tuc trén R va f(2)=16, [f(x)dx=4. Tinh tich phan

1

I:jx.f’(Zx)dx.

A. 1=13. B. I=12.

L 1 s
Khi dé, I=x.— f(2x)

0 0

bat t=2x=dt=2dx.

o https://luyenthitracnghiem.vn

Voi x=0=1t=0; x=1=t=2.
12
Suyra [=8-— t)dt=8-1=7.
y 4!f()

s

A I=1. B. I=0.

Chon C

Dit {u = f(x) =du= f'(x)dx

dv=sinxdx = v=—-cosx

NN

o s /s faechnoh.eom/bietgeld

S NN

= !;sinx.f(x)dx = (—COS xf(x))

=I=

cosxf()x

o'—.N\kx
o'—.mm

o U=y du =dx
at .
' {dv:f'(2x)dx:> v:%f(Zx)

+

O 0 |y

sinx. f( )dx+cosx.f(x)‘0E

0

C. 1=20. D.I=7.

Loi giai

1

_Ejf(z,c)dx:%f(z)_%jf(zx)dx:8_%If(zx)dx

0

Vi

Vi du 78: Cho ham s8 y = f(x) thoa man fsinx. f(x)dx=f(0) =1.Tinh I = icosx. f'(x)dx
0 0

C I=2. D. -2.

Loi giai

cosx.f’(x)dx .

/4

=1-1=0.

Vi du 79: Xét ham s f (x) c6 dao ham lién tuc trén R va thoa man diéu kién f (1) =1 va

x)+2 f()

x?

f =4.Tinh | = j[

<39\, -
. ’\_/

]dx.

THAY VIET &°0905.193.688



g Ba D6n — Quang Binh TICH PHAN HAM AN

A. J=1+In4. B. J=4-In2. C. ]:an—%. D. ]:%+In4.
Loi giai
Chon D
Cach 1: Ta c6 ]:J%(f'(x)+2_f(x2+1de :Jz‘f!(x)dx_if(f)dﬂi(z_lszx
1 X x 1 X T X XX

du:—lzdx
= x
dv=f’(x)dx L—f(x)

f’(x)+2_f(x)+1de :l'f(x)

X x* X

1
Uu=—
X

S~
Il
ey N

:1+1n4.

:%f(z)—f(l){zlnma2

1

Cach 2: ]:j(f’(x)+2 _f(x)“]dx :j(M%—inx

X x*

-1 =(m+21n‘x‘+%J

1

uA wRIYSuwenIyuainy/:sdyy o

=1+ln4.
2

Cach 3: ( Trac nghiém)

Chon ham so f(x):ax+b. Vi {f(l)i:{ B

Vay | = I(S Sx - 1jdx:(2ln‘x‘—%j

Vi du 80: Cho ham s& f (x) nhan gid tri duwong, ¢6 dao ham lién tuc trén doan [O; 2]. Biét

2

:ln4+1.
2

1

f(0)=1 wva f(x).f(2-x)=e>"*, véi moi xe[0;2]. Tinh tich phan

gy R T

A.Iz—E. E.Iz—E. C.Iz—E. D.Iz—%.
3 5 3 5

Loi giai

Chon B

THAY VIET & 0905.193.688 v 40 S
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

Cach 1: Theo gia thiét, taco f (x) f (2 —x) —e? vy f (x) nhan gid tri dwong nén

ln[f(x).f(Z—x)} =Ine™ " & In f(x)+In f(2-x)=2x" —4x.

Mit khac, véi x=0, tacé f(0).f(2)=1va f(0)=1nén f(2)=1

=3 (%) R T i €9
Xét [ = dx,tacd I =|(x"-3x"). dx
I (i
u=x"-3x" ,
Dit dv:f'(x)dx :{dbil(Bx —6x)dx
f(x) 0= nf(X)

2

—[(3x* —6x).In f(x)dx —i(3x2—6x).lnf(x)dx (1).

0 0

Suyra I = [( —3x? )lnf }

bén day, d6ibién x=2—t =>dx=-dt. Khi x=0—>¢=2 va x=2—->¢=0.

o https://luyenthitracnghiem.vn

Ta co I——J(?;t —6t) lnf 2 t dt = i( 6t) Inf 2 t) t
0
Vi tich phan khong phu thudc vao bién nén I = —j-(sz —6x).lnf(2—x)dx (2) .
0

2
Tt (1) va (2) ta cong v€ theo V€, ta dugc 21 = —I(3x2 —6x>.[lnf(x)+lnf(2—x)]dx
0

Hay I :—%j[(?)xz —6x).(2x2 —4x)dx =—%.

Cach 2 (Trac nghiém)

Chon ham s8 f(x)= e, khi dé:

I=j.(xs_3xz) e (Zx 2)dx=j.(x3—E‘)xz).(Zx—Z)dx=_?16.
0

x2-2x
0

o s /s faechnoh.eom/bietgeld

Vi du 81: Cho ham s6 f (x) cO0 dao ham lién tuc trén doan [0;1] thoa man f (1)=0 va

1

Jlf ()] ax =i(x+1)e"f(x)dx -

0

A [=2—e. B.I=e-2. C.I= D.I:eT_l.
Loi gii

N 7 THAY VIET & 0905.193.688
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g5 Ba POn — Quang Binh TICH PHAN HAM AN
Chon B

Xét A:_j;(xjtl)exf(x)dx. bt {u—f(x) 1) - j{du:f’(x)dx

dv=(x+ e v =xe*

Suy ra A=uxe f ‘ J.xe f dx =—j‘xe"f’(x)dx :jxexf'(x)dxz

1
Xét J.xZez"dx =™ (% x*— 1 X+ lj
0

2 4

0

Ta c 1 dx+2 xef dx+1 e’dx = 0<:> )+xe* "dx =0
0 0

Suy ra f’(x)+xex =0 Vxe[();l] (do (f'(x)+xex)2 >0 ‘v’xe[O;l])

:f’(x)z—xex :f(x):(l—x)ex +C

uA wRIYSuwenIyuainy/:sdyy o

Do f(l):O nén f(x):(l—x)e"

1

=e-2.

1 1

Vay I=If(x)dx=I(1—x)exdx=(2—x)e"0
0 0

Vi du 82: Cho ham s6 f (x) c6 dao ham lién tuc trén doan [1;2] théa man

2

dx=—%, £(2)=0 va [[ f'(x)] dx=7. Tinh tich phan 1=jf(x)dx

»—ll—.,\)
—_
=
|

THAY VIET & 0905.193.688 v et 2\
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

2
Tinh duoc J49(x - 1)6 dx=7
1

2

= [[/(x)] dx _jz.7(x_1)3 £(x)dx +Jj.49(x—1)6 dx=0

1

2 2 3 7(x—1)4

:j[7(x—1)3—f’(x)} dx=0 :f’(x)=7(x—1) = f(x)=

1 4

+C.

Do f(2)=0:>f(x):7

Vay I :j‘f(x)dx =j[wz}dx :—Z.

4 4 5

Vi du 83: Cho ham s6 f(x) c6 dao ham lién tuc trén doan [0;1] thoa man f(1):1,

o https://luyenthitracnghiem.vn

1 1
_[[ ] dx=9 va Ix f :%. Tich phan .[f(x)dx bang
0 0
A2 B. > c.”. D &
Loi giai
Chon B

1) hup//{\w%azébwhwrw/(mgé\d
1
=
S.
=
I O'—'R
Pl g
= —_~~
~— =
N—
(oW
S
1l
Q. N | =
by
Il
~
—_—
=
N—
[oN
=

43\ ' THAY VIET & 0905.193.688
—'\_, ’\_/



g5 Ba POn — Quang Binh TICH PHAN HAM AN
- Cong v& véi vé cac dang thikc (1) , (2) va (3) ta duoc:

1

E|).[[f'(x)]2+18x4.f( x)+81x° }dx 0 <:>I[ x)+9x* de=0

@ﬁ.ﬂf’(x)+9x4]dx=0

0

Hay thé tich khdi tron xoay sinh boi hinh phéng gidi han boi d6 thi ham s6
y=f ’(x)+9x4, truc hoanh Ox, cdc duwong thang x =0, x =1 khi quay quanh Ox bang

0
= f'(x)+9x* =0 = f'(x)=—9x" = f(x ,[f ——x +C.
Lai do f(l):l :C:% Sf(x)z—%xf#%

:j‘f(x)dx: j(—%x‘s +%)d —(—iaf +Ex] =

) ) 100 5 )

5
-

uA wRIYSuwenIyuainy/:sdyy o

Vi du 84: Cho ham s6 y:f(x) c6 dao ham lién tuc trén doan {0;%} va f(%j:o Biét

j‘fZ (x)dx:g, Tf’(x)sin 2xdx:—%. Tinh tich phan I :j.f(Zx dx
0 0 0

£|
A. T=1. B.Izl. C.I=2. Q.Izl. g
2 4 2
Loi giai N
Chon D g\
3 N 7
.[f (x)sm 2xdx:—Z sin2x=u 2cos2xdx =du
Tinh © at = , khi &6
f’(x)dx:dv f(x)zv g
i f’( )sm 2xdx = sin 2x. f ‘4 ZJ f costdx %
0

=sin %f[%) —sinO.f(O)—ZIf(x)costdx = —ZIf(x)COSZxdx .

]
Theo dé bai ta co | f'(x '( )sm 2xdx =—— :> _[ costdx = % :
0

O i~ |y

1
Mat khac ta lai co Icos 2xdx =

THAY VIET & 0905.193.688 v



i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

Do [f(x) - cost]2 dx =

f(x) =cos2x.

V4

O s [ N
O s [ N

[fz (JC)—Zf(x).c052x+cos2 zx]dx :(5_254_%} —0 nén

ya

8 1 8
Taco I= jcos4xdx = Zsin4x
0 0

o https://luyenthitracnghiem.vn

o s /s faechnoh.eom/bietgeld
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g Ba D6n — Quang Binh TICH PHAN HAM AN
BAI TAP
Caul: Chohamsd y= f(x) xdc dinh trén R théa man f(x)>0,vxeR va f'(x)+2f(x)=0.
Biét f(1)=1 tinh f(-1).
A. 3. B.e?, C. e, D. €.
Loi giai

Chon C

Tacé - (X):—Z:flf (X)dx=fl—2dx:_4

f(x) f(x)
Suy ra In(f (1))—In(f(-1))=—4= f(-1)=€".

2 .
, —— khi 0<x<1
Cau2: Chohamsd y=f(x)=1x+1 I X

2x—1 khi 1<x<3

3
. Tinh tich phan [ f (x)dx
A. 6+In4. B. 4+In4. C. 6+In2. D. 2+2In2.
Loi giai

Chon A

Tacé:if(x)dx ‘l[f dx+I x)dx = I—dx+ (2x—1)dx
0 0
=2In|x+1”2+(x2—x)‘::In4+6.

Cau3: Xécdinh s8 thuc duong m d& tich phan [(x—x*)dx c6 gié tri Ion nhat.
0

A. m=1. B. m=2. C. m=3. D. m=4
Loi giai

Dit f(m):m?—m?: f'(m)=m-m*= f'(m)=0<m=0 hodc m=1

0

S

>
prebowyweyeapaolmmay /sy =

Lap bang bién thién
m 0 1 0
f(m) + 0 -
1

THAY VIET & 0905.193.688 v et 6\
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= Ba D6n — Quang Binh

“Thanh cdng 1a néi khéng véi ludi biéng”

Vay f(m) dat GTLN tai m=1.

Cau 4:
xe[0;a], taco f(x)>0 va f(x)f(a-
a

g A. 3 B. 2a.

g

-

=

oT0)

§ Chon D

i a a

:q: Ta co: Izj dx =J. fa-x) dx
= 21 L » fa-x)+1
v f(a—x)

=

g Dat: a—x=t thi dx=-dt.

:é).‘ D6i can

)

< x ‘ 0 ‘a
O 2L

S f() f ()
Ta duoc: | =—£ f(t)+1dt:£ 0 +1

f (x)dx

Do dé: |+|=T dx j

It 1+ (%)

3f (—x)—2f (x) =tan® x(1)
Thay x=-x.(1)=3f (x)-

(1).2+(2).3=5tan’ x=5f (x)
= f (x)=tan’x

AR R

_,\_/‘ ’\_/

e

2f (—x)=tan’(-

j‘-1+f
> 1+ f(x)

(SGD&DT Cao Bang — 2018) Cho f(x) 1a ham lién tuc va a>0. Gia st rang véi moi

a d N
x)=1. Tinh £1+ fX(x) duoc két qua bang:
a
C. aln(a+1). D. >
Loi giai

¢ a
dx=a.Vay: | ==
= ay: =2

0

% Cau5: [KHTN Ha Noi, Lan 3, Nam 2018] Cho ham s6 f(x) lién tuc trén R va
i
g 3f (—x)—2f (x)=tan*x. Tinh .[ f(x)dx.
:
A 1-Z B. Z-1. Cc.1+Z, D.2-Z.
2 2 4 2
é Loi giai
} Chon D
K

X) =tan®x(2)

THAY VIET &°0905.193.688



= Ba D6n — Quang Binh

TECH PHAN HAM AN

K T

4

tan®x dx = 2] tan®x dx = 2_[[(1+tan2x)—1]dx

7
— T
I 4=2——.
0

=2(tan x—x) 5

Cau 6:

313
15"

332
15

A. £2(2)= £2(2)= C. f2(2)=2

Loi giai

Chon B

Ta ¢ _[Oz(x4+x2)dx:

O ey

f'(x).f(x)dx=

O ey N

32

S f? :
uy ra 1

Zj x +X )dx+f (0)=
Cau 7:

ax.f (x?)+3f (1-x) =1~ Tlchpham_jf(x)dx bang:

A =L, B. 1= c.1==. D.
20 16 6
Loi giai
Chon A

Vi f(x) lién tuc trén [0;1] va 4x.f (x?)+3f (1-x)=V1-x* néntaco

O ey

[4x.f (x2)+3f (1—x)]dx :Jl'«ll—xzdx <:>i4x.f (x2

1

Ma _l[4x.f (x*)dx :2} f(x*)d(x*) =52 f (t)dt =2
va Jl.3f (1-x)dx :—3j f (1-x)d(1-x) ”=—“>3j. f (u)du =3I

0 0

O'—:N\N

1
Dong thoi I«/l—xzdx ety Hl sin tcostdt—jcos tdt—%
0
v T
Do do, (1 21 +3l =— hay | =—.
odo, (1)< 21 + 4 hay 1=24

THAY VIET &°0905.193.688

)dx+j3f (1-x)dx = Jl'a\ll— x2dx (1)

1+cos2t)dt =

Cho ham s y = f (x)thoaman f'(x).f (x)=x"+x* Biét f(0)=2 Tinh f*(2).

323
15 °

t*(2)

(Chu Vin An 2018) Xét ham s6 f(x) lién tuc trén [0;1] va thoa man diéu kién

NG

A8

_’\/- f\_/

pa——
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

Cau 8:
s
>
=
9]
o
<=
o1 0]
c
(&}
<
=
oy
<=
whd
s
)
>
=
yo—]
B
»
Q.
=
<=
Cau 9:
E
[ f]
49\

Cho ham s6 f(x) lién tuc trén R\{0;-1} thoa man diéu kién f(1)=-2In2 va
x(x+1) f'(x)+ f (x)=x*+x.Gid tri f(2)=a+bIn3,a,beQ.Tinh a’+b?.

A. § B. g C. § D. E
4 2 2 4
Loi giai
Chon B
Ta co

X(x+1) F(x)+ £ (x) =X +x == F/(x) —1 f(x):ic{if(x)}i.

X+1 (x+1) X+1 X+1 X+1

Lay tich phan tix 1 dén 2 hai vé'ta dugc

2

= (x— In|x +1|)L2

2

ﬂx%l f (x)}' dx= X dx o £ (x)

1 X+1 X+1

1

‘:’% f(2)-3 F(1)=(2-In3)~(1-In2) ‘:’% f(2)+In2=1-In3+In2 & £ (2) =~ In3.

Suy ra a=§ va b=—§.
2 2

2 2
Vay a2+b2:(§j +(—§j _9
2 2 2

[Chuyén Hung Vuwong Binh Dwong,thi Ian 5ndm 2018] Cho ham so f (X) lién tuc
trén doan [0;1] thoa man diéu kién f(x)+2f(1-x)=3x*—-6x, Vxe[0;1]. Tinh tich

1
phan 1 = [ f(1-x*)dx.
0
Al——i B. 1 =1 cl—_i D|_£
. T =1 C. 5 =5
Loi giai
Chon C

bt t=1-x, Vxe[0;1] thi Vt[0;1].

Taco f(x)+2f(1-x)=3x*—6x < f(x)+2f (1-x)=3(x-1)" -3

o f(1-t)+2f (t)=3t"-3 < 2f (x)+ f (1-x)=3x*-3.
f(x)+2f(1-x)=3x*—6x f(x)+2f(1-x)=3x*—6x

Xét hé phuwong trinh: =
2f (x)+ f(1-x)=3x*-3 4f (x)+2f (1-x)=6x*-6

=3f (x)=3x*+6x-6 < f(x):(x+1)2—3, vx e[0;1].

Khi d6 f(l—xz):(Z—xz)z—S =x*—4x* +1.

1
Suy ra I_jf(l—xz)dx='{|j.(x4—4x2+1)dxzi%s—%xs+xjo %

' THAY VIET & 0905.193.688




g Ba D6n — Quang Binh TICH PHAN HAM AN
Phan tich:

+Budc 1: T f(x)+2f (1-x)=3x"-6x ta giai phwong trinh ham tim ham s6 f (x).

+Budc 2: Xac dinh tryc tiép ham f (1— xz) roitinh | = Jl. f (1— Xz)dx .
0

Cau10: [Chuyén Hung Vwong Binh Dwong,thi Ian 5,ndm 2018]Cho ham s6 y = f (x) lién tuc O
e+l :a
véi moi X #1 thoa man f(x—ﬂj:x+3,x¢l. Tinh | = '[ f (x)dx. j=o
x-1 5 3
A l=4e-1, B. l=e+2. C 1=4e-2. D. | =e+3. E
e eoe <

Loi

giai e
-
Chon C E.
=y
<5
b3 tt_x—+1<:>xt t_x+1:>x_E suyra f(t)= L hay 5
x—1 t-1’ t-1 t-1 Ug_
2 =
f(X)=4+—— e
(X) 1 5
<
5

e+l
Tacs | = | (4+ijo|x=(4x+2|n|x—14)‘”l
> x-1 2

=4e-2.

Cau 11: [Chuyén Hung Vwong Binh Duong,thi Iin 5,nam 2018] Cho ham s6 y = f (x) lién tuc

2

véi moi X0 thda man f(x)+2f(%j=3x,x¢0.Tinh I :I@d
1
2

3 9 1
A l=—. B. l=—. == D. | =
- 2 2 ¢ 2

wl s

Loi giai
Chon A

2
Tuong tu ta xac dinh duoc f(x)=—x+ <
2

< f(x) 2 2 3
dx=||-1+— |dx=| - x——| |==
Suyra | '1[ x J.( +ij ( Xj; 5
2

2

gy R T

Cau12: [THPT Chuyén Hung Vwong Phu Tho Lin 4 - Nam 2017 - 2018] Cho ham s& f (x)
lién tuc trén khoang (-2;3). Goi F(x) la mot nguyén ham cua f(x) trén khoang
2
(-2:3). Tinh 1 = [[ f(x)+2x]dx, biét F(-1)=1va F(2)=4.
e
A. 1 =6. B. 1 =10. C. 1=3. D. I =9.

Cau13: Néu j f(tz)dt+

X véi x>0 thihésd a bang

AY VIET & 0905.193. K
THAY VIET & 0905.193.688 / 0



i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

A. 9. B. 19. C.5. D.6.
Loi giai
Chon A
f® f(t)
t2
¢ f(H)dt .
j +6=2Jx = F({t)[ +6=2Vx = F(X)—F(a)+6=2x

1 T _ 1 _
PN lnder: \/;:>f(x) xv/X

%dt_2f| =2x~2Ja=2Jx -6 (gt)

Vay Ja=3=a=9.

Cau 14: [S6 GD & DT tinh Hung Yén, nim 2018 - Cau 39] Cho ham s8 y = f (x) lién tuc va

o https://luyenthitracnghiem.vn

2
thoa man f(x)+2f(1j=3xvo”i XGF;Z]Tinh J.de
X 2 1 X
2

A.E. B. ——. C.g. D. ——.
2 2

Loi giai

1) W/Aw},az&a&hmw
<
<
>
m
1
N |-
o
L 1
—
—
N—
+
N
—
7 N\
N—
w
>
0
-
N—
+
N
.
> > | =
N—
Il
w
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= Ba Do6n — Quang Binh

TECH PHAN HAM AN

Cau 15: Cho f(x) la mdt ham s6 lién tuc trén R théa man

2

tich phan I = [ f(x)dx
A.1=3. B. 1=4. C. I =6.
Loi giai
Chon C
3z 3r
2 0 2
Taco I= [ f(x)dx= [ f(x)d+ [ f(x)dx
3n 3 0
2 2

0

3z

Si 37r 3zz
2

<:>If dx+I X)dx = 2I|smx|dx
0
3l 371' 371'
2

<:>Jf dx+j dx 2I3|nxdx 2]3mxdx<:> I
0

2 2

Cau 16:

man Jl'(2x—1) f'(x)dx =10, f (1)+ f (0)=8. Tinh | =_|l' f(x)dx.

A l1=2. B. | =1. C I=-1.

Loi giai

Chon C
1
Xét I(Zx—l) f'(x)dx.

=(2x—-1) = du = 2dx
bat
dv=f'(x)dx=v=f(x)

THAY VIET 4&°0905.193.688

f(x)+f

dx6

[SO GD VONG TAU-LAN 2-NAM 2018] Cho ham s§ f(x) c6 dao ham f'(x) thoa

(-x)= J2-2c0s2x . Tinh

uA wRIYSuwenIyuainy/:sdyy o

ta co:

—x))dx = j‘ J2—2cos xdx
0

gy R T

52
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Cau 18:

<53\

_,\/‘ ’\_/

Cau 17:

fa 6 10= [(2x-1) f'(x)ch = (2x-1) (x)t—jZf (x)dx
:>10=f(1)+f(0)—'1[2f( x)dx <10=8- jzf x)dx. :>j2f =2

Cho ham s6 f(x) <& dao ham lién tuc dén cdp hai théa man
1 1

[(x*=x) £7(x)dx =10, f (1)+ f (0)=8. Tinh I = [ f (x)dx.

0 0

A.1=-9. B. 1=3. C.1=-3. D. 1=9.
Loi giai

Chon D

Xét jf(x2 —x) f"(x)dx.

u=(x'—x)=du=(2x-1)dx
e
dv=f"(x)dx=v=f'(x)

1

0 E(ZX 1) £(x )dx:—i(2x—1)f'(x)dx.

tacd 10 = j[(x2 —x) f”(x)dx :(x2 —x) f'(x)

o U =(2x—-1)=du, = 2dx
a
dv, = f'(x)dx=v, = f(x)

tacd —10= j(ZX—l) f'(x)dx=(2x-1) f (x)

= -10= f (1)+ f (o)_ﬁf (x)dx.

0

= -10=8- jzf dx:j x)dx=9.

Cho ham s6 f (x) co dao ham f'(x) thoa man

Jl'f'(x2+x)dx:10, f(5)- f(1)=8. Tinh | =f f(x)dx.

A l1=2. B. | =1. C.l=-1. D.1=-2.
Loi giai

' THAY VIET & 0905.193.688
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Chon C

Xét Jl' f’(x2 + x)dx.

Dit t =x* + x = dt =(2x+1)dx

2

:j F/(x* +x)dx = [(2t+1) f'(t)dt =

0

c:*—-—,ho

(2x+1) f'(x)dx =10.

u=(2x+1)= du=2dx
bat
dv=f'(x)dx=v=f(x)

é—j.Zf(x)dx

0

taco 10= i(2x+1) f'(x)dx=(2x+1) f (x)

:>10=f(5)—f(1)—'2[ 2f (x)dx <10=8- jzf dx:>j2f =-1.

0

uA wRIYSuwenIyuainy/:sdyy o

Cau19: [SO GD VUNG TAU-LAN 2-NAM 2018] Ham s f (x)lién tuc trén [1;,2018] va:

2017 2017
f(2018-x) = f () ¥x [L 2018], j f(x)dx=10. Tinh | = j x. f (X)dX.

1 1
A. 1 =10100. B. 1 =20170. C. 1 =20180. D. 1 =10090.
Loi giai
Chon D

bat r =2018—x =dt =—dx.
x=1=1r=2017,x =2017=1 =1

2017

[=- j (2018 —1)f (2018 —1)dt = j (2018 —1)f (¢ )dt

2017

2017 2017

=2018jf(x)dx— j xf (x )dx

1 1

=1=2018.10—-1 = 1 =10090.

b
Cau 20: Ham s6 f (x)lién tuc trén [a;b | va: f(a+b—x)=f(x) vxe[a;b] ; j f(x)dx =a+b Tinh

gy R T

I:jx.f(x)dx.

@)
Il

A. I=(

2
a+b)l . . . a+b). - I:(a+b) .
2 4 4 2
Loi giai

Chon D

THAY VIET & 0905.193.688 v AN S
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Cau 21:

Cau 22:

batr=a+b—x =dt =—dx.

x=a=>t=b,x =b =t =a.

I = —j(a +b—t)f (a+b —t)dt
b
b
=[(a+b—t)f ()t

(@) (o [ xf (o

(a+b)2 '

=1 =(@+b).(a+b)-1 =1 =
Gia sit ham s8 y = f (x) dong bién trén (0;+x); y= f(x) lién tuc, nhan gié tri dwong

trén (0;+00) va thoa man: f (3) =§ va [1/(x)] =(x+1).f (x). Ménh dé nao dudi day

dang?

A. 2613< ?(8)<2614. B. 2614 < ?(8)<2615.

C. 2618< f*(8)<2619. D. 2616 < f*(8) < 2617.
Loi giai

Chon A

Vi y = f(x) lién tuc, nhan gia tri dwong trén (0;+x) va [f’(x)]2 =(x+1).f (x)
= x+1 : dx = [ = x+1dx
)=l ;— =[x+ IZ ;— I3
:1/f(x)=%ﬂ/(x+1)3+C.V‘1 f(3):§:\E:2 C= @:c
= f(x):(V(XH)S +\/g_8] N f2(8):(%]4 ~ 2613,261.

3

Vay 2613< f?(8) < 2614.

[SGD Thanh Héa- KSCL 14/4- Ma dé 101] Cho ham s6 f (X) lién tuc trén R va thoéa

T

2 16 f \/; 1f(a
man Icotx.f (sinzx)dx=j¥dx=1. Tinh tich phan | = (4
: l 5
A.1=3 B.|=§. C.1=2. Q,I:E,
2 2

Loi giai

Chon D

' THAY VIET & 0905.193.688
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DPat t =sin? x = dt = 2sin x cos xdx :g—: = cot xdx

1= [ootx.f (sin? x)dx=j' f (t)gzgf—x)dx:j LI
T 1 1 1
4 2 2 2

2t X X
{tht =dx O
batt=vx=>
X =t =
5 ¢}
16 f X 4 4 4 Ly
T RPN LI Py ST P AT P >
X |t X X 2 L
®
; 2
Dat t =4x = dt =4dx =
1 4 4 1 4 =3
|:'[f(4x)dX:J‘f(t)%:J.f(x)dX:jf X)dX+J-f X)dX:E 5
. X .t 4 9 x X X 2 R
8 2 4 3 2 =
o
Phan tich: E
Dang bai nay la dang bai toan tim tich phan ctia ham f (x) nao d6 khong biét, nhung =

sé cho thém diéu kién, mdi 1 diéu kién 1a 1 doan trong can tich phan can tim, yéu cau
la dwa cac tich phan da biét vé giong dang chua biét.

e? %
Cau 23: Chohamsd f(x) lién tuc trén R va thoa man Ide:l va If(cos X)tan xdx =2.
- XInx 0 §
2
Tinh | ) gy g
X <.
2 N
5
A.3. B.. C.2. D. 1. g
Loi giai
Chon A :
Déttzlnx:dt:d?x g
e? 2 2
1:jf(lnx)dxzjft(t)dtzj-f(x)dx %
e 1 1

Do d6

THAY VIET & 0905.193.688 Y ——=> b6\
= @O
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Cau 25:

N | —) N

() g 1) g, 100

: i :

Isin x. f (x)dx=Z.Tinh I :I f(x)dx?

0 0

A. 0. B. 1. C. 2. D. 3.
Loi giai

K

dx==| x+

o
Mat khéc ta tinh duoc: jcos Xdx = Il+C052x 1( Sln2xj

0

K z

Va j[f(x) dx — 2Icosxf(x)dx+jcos xdx = i[f'(x)—cosx]zdx:o

Suy ra f'(x)=cosx= f(x)=sinx+C.
Do f(0)=0=C=0.

O N [ Ny
o'—.m\a

Vay | =| f(x)dx=|sin xdx——cosx|2 =

Cho ham sd f(x) = ~+bxe*. Tim a va b biétrang f'(0)=-

(x+1)

1
va J.f(x)dx=5.

0
A.a=-2,b=-8. B. a=2,b=8. C.a=8b=2. D.a=-8b=-2

Loi giai

Chon C

-y 3a ‘
Taco f'(x)=— - +b(x+1e

(x+1)

Suy ra f'(0) =—22 < —3a+b=-22 (1)

' THAY VIET & 0905.193.688
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uA wRIYSuwenIyuainy/:sdyy o

1
1 1 a a
Taco | f(x)dx= +bxe* dx=| — +b(x-1e* | ==a+b
reom | 2o oo -t eve-s }
i 3
Theo baira | f(x)dx=5 ©5a+h=5()
0
—-3a+b=-22
Tk (1) va (2) tacd hé < 3 S a:8.
—a+b=5 b=2
8
Cau26: Cho ham s6 y=f(x) la ham 1¢ va lién tuc trén [-4;4], biét I X)dx=2 va
2 4
[f(-2x)dx=4. Tinh I = [ f(x)
1 0
A. 1 =-10. B.1=-6. C. 1=6. D. 1 =10.
Loi giai
Chon B
Vi f(x) lahamlénéntaco f(-x)=—f(x).
0 2 2
Tacoj X)dx =2—=—[ f (t)dt =2 [ f(t)dt=2=[f(x)dx.
2 0 0
2 2 14
f(-2x)dx=—| f (2x)dx—2>-=| f (u)du=4 < | f (u)du=-8< X=-8.

J f(-2x)x=-]f (2x) [twa-se i Jro

Dodé:if(x)dx jf dx+_[ x)dx=2-8=-6.
0 0

£

g
1

Cau 27: Cho ham s6 J- f (x)dx =4, trong dohamsd y = f (X) 1a ham s6 chén trén [—l;l] . Tinh E
]

Lf(x

I X( )dX

2 +1

A. 2. B. 16. C. 8. D. 4.
Loi giai

Chon A

Cach 1.

Patt=—Xx=dt=-dX. Ddicin Xx=-1=t=1; x=1=t=-1.

1 1 -1 1 1 2t 1 2x
Ta duoc: | =j1+2X f(x)dx=—J‘1 - f(—t)dtz_[—f dtz_[ f(x)dx.
-1 1 -1

THAY VIET & 0905.193.688 v / 3\ S
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Cau 29:

T IN = THAY VIET &0905.193.688
s

)
S

) 1 1 1 2)( 1
Do d¢: 2l =J;1+2X f(x)dx+_"11+2X f(x)dx=_‘;f (x)dx=4=1=2.
Cach 2.
2 1> \ A < , b 2 2 ’ 4 2
Chon h(X)zX 1a ham so chan. Ta co: IX dX=§.Dodo: f(X):ih(X)=6X )
-1 -
3
1 1 2
Khi do: IL)()dx:I bx dx=2.
L2 +1 2 2°+1

Loi binh: Vi cach lam nay, chi can hoc sinh ndm ré nguyén tac tim mot ham s8 dai
dién cho 16p ham s6 thoa man gia thiét bai toan 1a c6 thé dé dang tim dugc két qua bai
todn bang may tinh hodc bang phuwong phap co ban véi ham s6 y = f (X) kha don

gian. D3i v6i bai todn nay ta c6 thé chon ham s h(x) =1 cho don gian.

: Choham 8 f(x)thoa man [ (x+3) f'(x)dx=25 va 33f (8)-18f (3)=83.

Gid tri [ f (x)dx la:

A. 1 =83. B. 1 =38. C. I=%. D.

| w

Loi giai
Chon C

Taco [, (x+3)f'(x)dx=25.

Dt u=x+3 du =dx
@ dv:f'(x)dx:> v=f(x)

8

= A=(x+3) f (%) - [ f (x)dx =11f (8)~6f (3) [ f (x)dkx

Ta c6 33.f (8)-18 (3)=83 = 11f (8) —6f (3):8—;.

83 (s \ 8 83 8
Suy ra A:E—L f(x)dx. Ma A=25= [ f(Q)dx="-25=—.

Cho ham s0 y=f (X) duong c¢6 dao ham lién tuc trén doan [0; \/§] biét réng

f/(x)= f (X)X’ +1=0va f (v/3)=¢°. Tinh | :jﬁln[f (x)] dx

0

A. 243 B. 34'—% C. 3J§+§ D.3/3-2

Loi giai
Chon B
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Cau 30:

Cau 31:

Ta co f’(x)—x/x2+1f(x)=0:> f (X): x> +1

f
Dit {u=ln[f(x)] du = ff(x)

=
dv = dx
V=X

Ap dung cong thiic tich phan ting phan ta duoc

S xf ()

& B
= i () Jox =xinf ()]} - [ 5

dx = xIn][ f (x)]‘f—fx«/xz +1 dx
=xIn[ f (x)]‘f—%f«/xz +1d(x*+1)

NG
0

=xIn[ f(x)]

g)ﬁ—:—lg(x2 +1)Vx* +1

7
:3 —_—
V3 3

uA wRIYSuwenIyuainy/:sdyy o

[THPT QUYNH LUU 2_NGHE AN_LAN 1] Cho ham s8 y = f (x) lién tyc trén R va

2
thoa man f°(x)+ f (x)=x vxeR.Tinh I = [ f(x)dx.

0

A. B.

N o

C. ——. D. ——.
4 5

(S RIN

Loi giai
Chon A

Dit t=f(x)=>t°+t=x=dx=(3t*+1)dt

Suy ra | :J-t(3'[2 +1)dt :%.

0

ProboyweryeatpIof mwy /sy =

[THPT QUYNH LUU 2, NGHE AN, I4n 1, 2018] Cho ham s6 y = f (X) ¢ dao ham va
lién tuc trén R thoaman f'(x)+2xf (x)= 2xe™ va f (0)=1.Tinh f(1).

ey c 2. 2,
e & e

A.e. B. D. -

Loi giai
Chon C

f'(x)+2xf (x)=2xe™ e . f'(x)+2xe* . f (x)=2x = (exz.f (x)) = 2X

THAY VIET & 0905.193.688 Y —— 6o\
) \\\ (\—'\f»x_/j
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Cau 32:

Lay tich phan ca hai vé€ ta duoc:

[o(e.F (%)) o= [ 2xdx e (x)‘(l) = x| ef(1)-f(0)=1

sef(l)=2o f(1):§.
(SGD&DT Cao Bz‘?mg -~ 2018) Cho ham s6 y=f (X) c6 dao ham lién tuc trén doan
[0;1] thoa man 3f (x)+x.f'(x)=x** véi moi x[0;1]. Gia tri nho nhat cua tich phan

1
J. f (x)dx bang:
0

AL B.— L . c.— L1 . D.— 1 .
2019.2021 2018.2021 2018.2019 2021.2022
Loi giai
Chon A

Ta c6: 3f (x)+x.f'(x) > x** v6imoi x[0;1].
Nhén thém ca 2 vé&cho x* d& dua vé dang [ f(x).g(x)]'.

Ta duge: 3% f (x)+x° f '(x) = x*

:j[3x2f(x)+x3f ]dx Jl. 2020y
0

0

<:>_[[xf ]dxzj XM= (1) 2o
0

Mat khéc: 3f (x)+x.f'(x)>x**

1 1
0+_(|: f (x)dx+_[x2°18dx

0

1
& [ f(x)dx> %(Tllg — f (1)j 2 %( 20119 B 2;21) - 201912021 '
[ .

: (THPT CHUYEN LUONG VAN CHANH - PHU YEN - 2018) Cho ham s8 f(x) ¢4

dao ham khéng 4m trén doan [0;1] thoa (f(x)'(f'() (X*+1)=1+(f(x)) va
f(x)>0,vxe[0;1]. Biét f(0)=2, hdy chon khing dinh ding trong nhitng khing dinh
dwdi day.

5 5 3 7
A.2<f(l)<§. §.§<f(1)<3. C.§<f(1)<2. D.3<f(1)<§.

Loi giai

' THAY VIET & 0905.193.688
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Chon B

Nhin xét: Ttr gia thi€t bai toan ta bién doi vé cong thitc dao ham va st dung dinh
nghia tich phan.

Phén _ tich: T gia  thist  (f(x)'(f'(0) (¥ +1)=1+(f(x)" va

(f)(f'(x) 1 v A

f(x)>0; f'(x)>0,vxe[0;1] suy ra: —-=———. Lay tich phan hai vé
JLH(F0) e+

trén|[0;1] ta duwoc: I fF2(x) f '(X)

= d
2 L+ F3(X) ‘([\/1+x2 "
2001109 _jd(1+f3(X>)

o 1+ F3(x) J1+ £3(x)
=_,\/1+f (x) = (\/1+f (@) L+ f° (0)) (»\/1+f @ - )

:In(x+\/1+7)

Ta co: I

:In<1+\/§).Tirdé = f(l)z2.6:>g< f(1)<3.

0

O Ly
=

uA wRIYSuwenIyuainy/:sdyy 0

Cau 34: Cho ham s6 f(x) xac dinh, lién tuc va c6 dao ham khong am trén {O;%} thdéa man

f(x) >0, VXG{ ﬂ (f(x) (f'(x))2(1—x2):(f(x))"—+1 va f(0)=1. Chon khang dinh

dung bang:
A.2<f(£)<§. B.§<f(£)<3. Q.§<f(1)<2. D.3<f(£)<z.
2" 2 2 2 2 2 2" 2
Loi giai
Chon C

Tir gia thiét (f(x))"(f'(x) (1-x*)=(f ()" +1 va f(x)>0; f'(x)>0,vx e{o;ﬂ suy ra:

(FO)(F'(x)_ 1
\/1+( f()  N1-x°

. Lay tich phan hai v€& trén{o; %} ta duoc:

gy R T

FOF'(X) 4 _5 1

I\/1+f “(x) !)‘\/1—x2 "

Ta co:

%f(X) lid(l+f2(x) ulfi — 0] [F ]
£1+ ) 2-([ 1+ £2(x) +5( \/ﬁ +f2(2) =2
z :Xde:jdt:%. (X:sint).Tfrdé:f(%)zl.66:>2<f(%)<2_

Cau35: Cho ham s0 f(x) xac dinh, lién tuc va c¢6 dao ham trén R thdéa man

(x*+1) f'(x)+2xf () =xe* va f(0)=1.Giatrj (1) bing:

THAY VIET & 0905.193.688 v y
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A.e. B. 1. C.In2. D. 0.
Loi giai

Chon B

T gia thiét (x2 +1) f'(x)+2xf (x) = xe* = ((x2 +1) f (x))' = xe*

Suy ra

j((xz +1) f (x))’ dx = Jl‘xexdx.

o ((x+1) f(x))‘z :jxdex =2f@)-F(0)=xe'|, —jexdx

e2f@-f(0)=e-¢| = fO=1

: [S6 Bac Ninh Lin 2-2018] Cho ham s§ f (x) lién tuc va c6 dao ham tai moi x € (0;+x)

dong thoi thdéa man diéu kién:

f(x)= x(sin X + f'(x))+cosx va

mm'—.m\%’

nao?

A. (6;7). B. (5;6). C. (12;13). D. (11;12).
Loi giai

Chon B

Tir gia thiét: f(x)=x(sinx+ f'(x))+cosx < f(x)=xsinx+x f'(x)+cosx
< f'(x)x=x.f(x) =-xsinx—cosx < f'(x).x—x.f(x)=(cosx)'x—x"cosx (*).
Vi x &(0;+0), ta chia 2 vé& cta (*) cho X* ta dugc

F'(x)x=X.f(x) _(cosx)'x—x'cosx @(f(x)j:(cosx)' - f(x) cosx

NG x? X X X X

f—

< f(x)=cosx+cx.

Mt khaclaicé | f(x)sinxdx=—4.

N\a‘—.m“g;’

3 o

Xét | f(x)sinxdx =

_ [cos’x
2

2 2
(cosxsinx+cxsin x)dx =—I cos xd (cosx)+cj Xsin xdx
V4 T

N\N'—»N‘é’f
N\N'—nN‘.%)

2 2
3z
H o
+c(xcosx+sinx) 2 =-2c.
2

NN

“Thanh cdng 1a néi khéng véi ludi biéng”

f (x)sinxdx =-4.Khi d6, f(z) nam trong khoang

THAY VIET &°0905.193.688
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2
Ma _[ f(x)sinxdx=-4 < -2c=—4 <c=2 = f(x)=cosx+2x.
2

Ta co: f (7[) =-14+27 =5,28.

Téng quat:

Gép nhitng bai toan ma gia thiét cho dang a(x).f (x)+b(x).f'(x)=g(x) (1)

Ta sé nhan mot lwong thich hop dé€ dwa (1) vé dang u’(x).f (x)+u(x).f'(x)=h"(x) (2)

. U(X a(x ~, T Y \ o ; A A \
Véi ) Q, két hop vdi gia thiét ta tim dwoc u(x) suy ra biéu thitc nhan thém la

u(x) b(x)
u(x

——= . Khi cd (2) ta sé tim duoc f(x).

b(x)

Cau 37: (Dé HK2 S6 GD Nam Dinh - 2018) Cho ham s& y= f (x) c6 dao ham lién tuc trén

—

uA wRIYSuwenIyuainy/:sdyy o

i g
doan {o,—} va f(%j 0. Biét Ifz(x)dx:%, If’(x)siandx:—%. Tinh tich phan
0 0
s
I :_[ f (2x)dx
0
A=t B.l=2. C.1=2. D. 1=1
2 4
Loi giai
Chon B

N
SN

f (x)dsin2x

O'—.-b\ﬁ

"
Ta ¢ If’(x)siandx:IsinZde(x)=[f( S|n2x]‘
0 0
"
=f (%jsin(z%j— f (O)sin(2.0)—2_[ f (x)cos 2xdx
0
N :
- f(—j—zjf x) cos 2xdx = j X) c0s 2xdX .
0 0

Do d6 2| f (x)cos2xdx =

Oty

hlk)

gy R T

T

A 3
Mat khac: J’cos2 2xdx=%j 1+cos4x dx = G x+%sin 4xj
0 0

z
4

0
Bai vay:
T

f2(x)dx—2

O [y
O |y

4
f (x)cos,2xdx+‘fcos22xdx:£—£+z
8 4 8

THAY VIET & 0905.193.688 v



i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

0

[fz(x)—Zf (x)c052x+00522x]dx:0

[f (x)—cost]2 dx=0=> f (x)=cos2x.

0

Ot h [N Oy

|y

z
8

N

0
Nén: | :jf jcos4xdx _—sm 4x
0 0

0

Cau 38: [THPT Chuyén Hung Vuong Phut Tho Lan 4 - Nam 2017 - 2018] Cho ham s6 y = f (X)

4

T 2 . s 2—1
xac dinh trén [O;E} thoa man I[fz(x)—Zﬁ.f(X)Sln(x—zﬂdx=—. Tinh
0

o https://luyenthitracnghiem.vn

2
2
[ £ (x)dx.
0
AL B.O. C.1. D.Z.
4 2
Loi giai
Chon B
A 2 Vd 2 1. V/d 2 T—2
+) Ta co stm X—— |dX= Il cos| 2x—Z | |dx =| x—=sin| 2x-Z =—.
5 4 9 2 2 2)], 2
+) Ttr d6

O N |

{fZ(x)_zﬁ.f (x).sin(x—%ﬂdxzz_Tﬂ-

a

2
fz(x)—Z\/E.f (x).sin x—%ﬂdx+'f23in2(x—%jdx:2_—ﬂ+7[—_2
0

2

_f (X)_ﬁsi”(x_%j_ dx =0.

0 {f (x)—ﬁsin(x—%ﬂz >0, w{o;%} nén ﬂf (x)—ﬁsin(x—%ﬂz dx>0.

Déng thitc xay ra khi va chi khi f (x)=+/2sin (x —%j.

o Yo/ JacchoehueomAteiged
[S) im INn o im Iy

+) Vay j‘ f(x)dx= ﬁisin(x—%jdx = —«/Ecos(x—%)

Nhén xét: d&€ dam bao tinh kha tich, ta can thém diéu kién “y = f (x) lién tuc trén

=0.

0
T 72 A \ e . J4 VN [N Y74 . 7 A A ~
{O; E} 0 dé bai. Khi d6 diéu kién “xac dinh” khong can nira.

/?.5\ = THAY VIET &°0905.193.688
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= Ba Do6n — Quang Binh

TECH PHAN HAM AN

, L 9(1-¢?)
Cau39: Cho ham s§ y=f(x) lién tuc trén [0;1] thoa man [[ f*(x)-6.f ( ]dx_T.
0
1
Tinh [(x+1) f (x)dx.
A.e-1. B. 2e+5. C.e. D. 3e.
Loi giai Q
Chon D =
+) Ta c6 »-é"
L 9(1-¢?) =
[[7(x)-6.F (x)e" Jdx= =
° 3
1 9(1-¢*) 1 =3
& [[F7(x)-6.1(x) ]dx+j9e2de_ ( )+j9e2de =
) 2 4 =
| :
< || f(x)=3e* | =
JL7(0-2] i
< f(x)=3¢" g
1 1 <
+) Vay I(x+1)f(x)dx I3(x+1) “dx =3xe*| =3e =
0 0
Cau40: Cho ham  sO y=f(x) lién  tuc  trén {—%,%} thba  man
1 1
2 2
T (02 (x).(3-x)ax=-222 inh [T g
4 12 Y x -1 I
2
A. Inz. B. In§. C. Inz. D. In§. g
9 9 9 9 NS
Loi giai g
Chon A
+) Ta co
109 ¢
I[f (B=x)Jox == g
1 1 1 '
& [[F2(0)-2.F (x).(3-x) ]+ [ (3-xPax =22+ | (3-x)?ax
1 1 12 1
2
1
2
& [[F(x)-(3-x)] dx=0< f(x)=3-x
4
1 1 1
2f(x), #3-x a1 2 T2
+) Vay ! 1dx=£X2_1dx=!(X—_l—x—ﬂjdx=(In|x—]4—2|n|x+1|)‘§ =Ins.

THAY VIET 4&°0905.193.688
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

Cau 41: Cho ham s§ y= f(x) c6 dao ham duong lién tuc trén [0;1] thoa man f(1)-f(0)=1

o https://luyenthitracnghiem.vn

o s /s faechnoh.eom/bietgeld

G

_,\/‘ \_/

Cau 42:

Véj.f’(x)[fz +1]dx<2j./ x)dx. Tmhj[f (x)] dx.

0
A3 B,Sf_—ﬂ, . 53 D 5V33+54
2 18 18 18
Loi giai
Chon C

Tacol.f’ () £2( +1]dx=l'f’(x)f2(x)dx+l.f’(x)dx

I
O —
—h
-
—_
~
—h
—~~
~
o
X
+
—h
~~~
N
—h
—~~
o
N
O t—
—h

2 x)dx+_1.dx:_1.[f'(x)fz(x)+1]dx.
l.f’(x)[fZ(x)Jrl]dngJ:' f'(x) f(x)dx <:>J1.[f( +1 dx — ZJ.,/ Xx)dx <0

@ﬂ (%) (x)—lexSO = JE()f(x)=1= f'(x) f2(x):1:»§ £2(x)=x+C

= f*(x)=3x+C <= f(x):\3/3x+C va f(x)>0,vxe[0;1]=C>-3.

Ma f(1)-f(0)=1=3C+3-YC=1=3-3YC+33C(YC+3-3C)=1

=3ic+3yc == @cz+3c:—%=o@cz_27i5*/§ cs o ~27+5V33

18 18

1 1
Suy ra '([[f (X)]3 dx = _([(3x+ 2! Jlr:@}dx = 533 :

18

Cho ham s6 y=f(x) nhan gid tri khong am va lién tuc trén [0;1]. Dat

g(x)=1+ ZJ t)dt. Biét g(x [f ]3 voi moi xe[0;1]. Tim gid tri 16n nhat cua

ﬁ[g (x)]2 dx.

O Ly

A. 2. B.Z. C.g. Q.E.
3 3 3
Loi giai.
Chon D
Cach 1.

V THAY VIET & 0905.193.688
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g5 Ba POn — Quang Binh TICH PHAN HAM AN

Ta cé g(x) 1+2'[ t)dt :{g/
g

Do g(x)2[f(x)] :Q(X)Z{glgx)} = 39;((1)) <2.

vt e[0;1] ta cd .:[\/; S.:[ EQ, _2X| [\/[g ] \/[g }<2t
Qgsl[g(t)]z £2t+g o3 [g(t)]2 £§t+1 <:>:[3 [g(x)]zdxs:[(gx+1jdx:g.

Cach 2.

Goi F(x) lamot nguyén ham caa f (x) thoa F(0)=0.Tacod F'(x)=f(x).

Ta c6 g(x) 1+2j t)dt =1+2F (x)> £*(x), véi moi x[0;1].

uA wRIYSuwenIyuainy/:sdyy o

=1+2F (x)2[F'(x)], VXe[O;l]:%(FX)(X)—lﬁo, vxe[0;1]

Dat h(t)—j[Lx)lex = h(t):%[3 [1+2F (x)] 1—x|; :%3 [1+2F ()] —t—%

0| 3L+ 2F (x)

la ham s& nghich bién trén [0;1], vi h'(t) = %lt:)()—lé 0.
31+ t

=h(x)<h(0), vxe[0;1] =~ ,/ 1+2F (X <x+% vx €[0;1].
1 1 5
:>J x+1 vx e[0;1] :>'|.3[g j( x+1jdx_—
0 0 3

Cau43: Cho ham s§ y=f(x) lién tuc trén doan [O;%}. Biét f'(x)cosx+ f(x)sinx=1,

B

gy R T

O v | N

VXE[O;E:| va f(0)=1.Tinh I = | f (x)dx.
N E.%. c.%. D.@.
2 6 2 2 2
Loi gidi
Chon B

Tt gia thiét: f'(x)cosx+ f (x)sinx=1= f (X)+ f(x)zslnx: 12
COS X cos’X  Cos® X

THAY VIET & 0905.193.688 v e 3\
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= Ba Do6n — Quang Binh

“Thanh cdng 1a néi khéng véi ludi biéng”

o https://luyenthitracnghiem.vn

o9

_,\/‘ ’\_/

Cau 44:

o e E R P
f(x)

COS X
Do f(0)=1=C=1= f(x)=sinx+cosx.

= =tanx +C = f (x)=sinx+C.cosx.

f (x)dx=|(sinx+cosx)dx=(-cosx+sinx)

Vay

V3,1, 3-8
22

Ot o0 [N
o'—.m\n

z
6
0

Cho ham s6 f(x) 6 dao ham lién tuc trén [0;1] thoa

1 1 1
f(0)=1 | [f'(x)]2:3—10, | (2x—1)f(x)dx:—3—1o. Tinh tich phan [f (x)dx bing:
0 0 0

A. E B. i C. 1—1 D. E
30 30 4 12
Loi giai
Chon D

Ta ¢6 j(2x—1)f(x)dx: jf(x)d(xz—x)=(x2—x)f(x)‘z— j(xz—x)f’(x)dx=;_;,
= _(l[f’(x)(xz—x)dx:g—l0

Ma i(xz—x)zdx=% nén suy ra j([f’(x)]z—2f’(x)(x2—x)+(x2—x)2)dx=o

0

3 X2

[ F0-(¢-x)] dx=0 & f'(x)=x—x <:>f(x)=%—?+c

O ey

3

. X3 x?
Vi f(0)=1=C=1= f() =2

+1.

1
Vay [f0odx= % Chon D
0

X 1
cac diéu kién sau: g (x) =1+ 2018j f (t)dt; g(x)=f*(x). Tinh J.,‘fg(x)dx.
0 0

a2 B. 122, c. 28 D. 505.

2 2 2
Loi giai

Chon A

man

: Cho ham s6 y = f (x)>0xdc dinh va c6 dao ham trén doan [0;1] dong thoi thoa man

' THAY VIET & 0905.193.688



iy Ba D6n — Quang Binh TICH PHAN HAM AN
Theo gia thiét ta c6 g'(x)=2018f (x)=2f"(x).f (x). Vi f(x)>0trén doan [0;1]

= f'(x)=1009 = f (x)=1009x+C va g(x)=(1009x+C)’.

Mt khac g(0)=1va f(x)>0trén doan [0;1] suy ra C =1.

Vay H X)dx = j1009x+1d 10211.

X341

2017
Caud6: S8 diém cyctrj cia ham s3 1 (x)= [ (V& +12-4)  dt I
1

A. 1. B.O. C.3.
Loi giai

S
N

Chon D

Gia stt la mot nguyén ham cta g (t) =( ez 12 _4)2017 _ F’(t) 4 (t) |

uA wRIYSuwenIyuainy/:sdyy o

Khi do f(x)=F(x*+1)-F (1) = £'(x)=[ F ( +1)] =3:g(x +1)
= f'(x):3x2( (x3+1)2+12—4j2017

=0

f'(x)=0=
(x) [(

X +1) +12=4

(X3+1)2+12:4<:>(X3+1)2:4<:>[X3+1=2 @{le

X} +1=-2

Bang xét dau:

S'(x) + o - 0 - 0 +

Vay ham s6 c6 2 diém cuc tri.

§

o

$
(b S G780

Cau47: Cho ham so f(x) c6 dao ham dén cap 2 lién tuc trén R va thoa man

1
f(0)=f'(0)=1, f(x)+2f'(x)+ f"(x)=x>+2x* v6i VxeR. Tich phan _[f(x)dx bang.

A 107 21 g, 107 _12 c 17,2 p, 107 12
12 e 21 e 12 e 21 e
Loi giai
Chon A

THAY VIET & 0905.193.688 v y



i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

o https://luyenthitracnghiem.vn

o s /s faechnoh.eom/bietgeld

Cau 49:

A

_,\/‘ ’\_/

Taco: (€°.F(x)) =e*f'(x)+e"f (x)

( f(x)" =2¢" 8 (x) "1 (x) "1 (x)
—e((x)#26/(x)+ 1(x)) =€ (x +2¢))

X)) = [(*+2x" prdx=(x* = x* +2x—2)e* +C,

Lai c6: (eX f(
I((x3—x +2x—2 e +C1)dx
3

e.f(x)=
=e".f(x) (x 4x2+10x—12)ex+C1x+C2 *)
1=-12+C C, =4
f'(o):f(o):b{ T :{1
2=-12+10+C, _ |C,=13
4x+13

= f(x)=x>-4x* +10x-12+ -

Bam may ta cé két quala A

: [S6 GD & DT tinh Hung Yén, nam 2018 - Cau 49] Cho ham s6 f(x) c6 dao ham lién

/4

2
tuc trén [0;%] thoa man f(0)=0, I[f '(X)dx== va [sin X.f(x)dx:%. Tich phan
0

i
4

O N | N

f (x)dx bang:

O o[y

AL B.1 C.2. D. Z.
4 2
Loi giai
Chon B
: z 4 : _
Ta co jsin X. T (xX)dx =—cosx.f(x)|2 +_[cos x.f'(x)dx = _[cos x.f'(x)dx = 7 ta tinh dwoc
0 O 0 0

T
cos? xdx ==

. 6 [ [f 'OFdx 2. j cos x. f '(X)dx + j cos? xdx =0

O N | N
O'—oN\N

= |[f'(X)—cosx]*dx =0 = f '(x) =cosx f(x)=sinx+C vi f(0)=0 nén C=0. Vay

o'—.N\N

Va

2
f(x) =sinx suy ra| f(x)dx =Isin xdx =1.
0

O o[ N

[So GD&PT Ha Tinh - Lan 1 - nam 2018] Cho

2 1
[(2=2x)F(x)dx =3f (2)+ f (0)=2016.. Tich phan | = [ f (2x)dx béng
0

0
A. 4032. B. 1008. C.0. D. 2016.
Loi giai

' THAY VIET & 0905.193.688



g5 Ba POn — Quang Binh TICH PHAN HAM AN

Cau 50:

Cau 51:

Chon B

Ap dung cong thiic tich phan timng pHén ta co:

2 2
[(1=2x)F(x)dx = (1-2x). +2j x)dx ==3f(2)—f(0)+2 f (x)dx.
0 0

2
Ma [(1-2x)F(x)dx=2016 va 3f (2)+ f (0) = 2016 nén
0

2 2
2] f(x)dx =2x2016 = [ (x)dx=2016.

0 0

1 1
Mat khac | =I f (2x)dx ;I f(2x)d(2x)==| f(t)dt (O day d6i bién t = 2x).
0 0

I\)IH
O ey N

, 1 1
Vaylza.!f(t =E£f (x)dx :—><2016 1008.

[S6 GD&DT Phia Tho, 1an 1 nam 2018] Cho ham s6 f(x) cé dao ham lién tuc trén

doan [0;1] thoamanjx f(x)dx_—%, f(1)= 1j[f ()] dx = 28. Tinh I_J'[f(x)]

uA wRIYSuwenIyuainy/:sdyy o

A= B 1= cr=-2 D.1=2.
9 9 5 5
Loi gii
Chon A
1 3 2 2
Tuszf(x)dx?l:ﬂ.f(x) LT (0 dx =2 = (%) £ (x)dx=2 (1)
) 37 3 o3 34

Ta c6 C[(x)3 f '(x)dx} s.:f(x)6 dx.j‘[f '(x)]2 dx=%.28=4:>—2£:[(x)3 f'(x)dx<2.

Do d6 tir (1) suy ra ddu déng thirc xay ra= f'(x)=k.(x)’. Thay vao (1) tinh duwoc
k =14.

Tir &6 f(x)=%(x)4+C. Ma f(1)=1:>C=—Z:> f(x)=£x“—g

gy R T

[Chuyén PH Vinh Ian 2 - 2018] Cho ham s6 y = f (x) lién tuc trén [0; 1] thoa man

J. xf (x)dx=0 va r[Tgal)](‘ ‘ 1. Tich phan | —J-e f (x)dx thudc khoang nao trong cac

khoang sau day?

THAY VIET & 0905.193.688 v y



i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

o https://luyenthitracnghiem.vn

Cau 52:

o s /s faechnoh.eom/bietgeld

Cau 53:

S

J

3 5.3
B.|—;e-1]. Cl—= =] D. (e—1 +o0).
Fea} elRd) e
Loi giai
Chon B
Chd y réng € >1+Xx véi x>0. That vy, xét ham s6 f(x)=e"—x-1 véi x>0, ta cé
f'(x) =e*~1>0 nén ham dong bién, do d6 f(x)> f(0)=0, suy ra e* >1+x.
Vi rgg%|f(x)|:l nénsuyra f(x)+1>0 va f(x)-1<0.

Ta cé

e f (x) e —x+xf (x)+ f (x)-1<e*—x+xf (x)

. (ex—x—l)(f(x)—l)go suy ra ,do do
p X 1 x 1/« 3
I:l‘e f(x)dxsjo(e — X+ xf (x))dx:jo(e —x)dx :e—5z1,21828.
o (6" —x-1)(f (x)+1)>0 suy ra e f (x)= x—e"+xf (x)+ f (x)+1>x—e"+xf (X),do 4

1
X X X 3
I=£e F (x> [[(x—e*+xf (x))ox = [ (x—e Jox=> e~ -1,21828.

[Chuyén Lé Hong Phong - TP HCM - nam 2018] Cho ham s6 f (x) c¢6 dao ham trén
R thoa (x+2) f (x)+(x+1) f'(x)=e* va f(O):%.Tinh f(2)?

A. f(2)= B. f(2)= C. f(2):§. D. 1(2)=

w| o
o»| o

Loi giai
Chon D
Taco f(x)(x+2)+f'(x)(x+1)=€" <e*f(x)(x+2)+e*f'(x)(x+1) :(ex)2

2

@[f(x)(xﬂ)eX] :(ex)z.

Do d6 :[[f (x)(x+1)e* ] dx:_z(ex)z dx = f (x)(x+1)e’] :_(z[e“dx

=31 (2)- (0= = 1(2)=5

Cho ham s8 f (x) c6 dao ham trén R thoa [(2x+1).|n 2+2] f(x)+(2x+1) f'(x)=2" va
f(0)=1.Tinh f(3)?

9 30
A. f(S)ZE B. f(B)ZE

N ———= THAY VIET & 0905.193.688



g5 Ba POn — Quang Binh TICH PHAN HAM AN

Ct@)=-2 1 p @)= 3
56In2 56 28In2 28
Loi giai
Chon D
Ta co:

[(2x+1).In2+2] f (x)+(2x+1) f'(x) =2"
< 2°[(2x+1).In2+ 2] f (x)+2" (2x+1) f*(x) =(2")

o[ f(x)(2x+1)27] =2

:zizzxdx

1

Do d¢: i[f (x)(2x+1)2 ] dx = izZde < f(x)(2x+1)2"

23 _ 921
2 -2 = f(3)= 15 +i.
2In2 28In2 28

56 (3)-61 (1)=

Cau 54: Cho ham sO y="1 (X) lién tuc trén R {0; _l} thoa:

uA wRIYSuwenIyuainy/:sdyy o

X(x+1) £'(x)+ f (x)=x* +x, vx = {0; -1} va f(1)=-2In2. Bidt
A S B. 33 ct D. 2.
4 4 2 2
Loi giai

Chon D

Ta cd x(x+1) f'(x)+ f (x)=x(x+1)

2

=(x—|n|x+]4)‘l2

)
—
N
>
~
+
>
—~| =
X [~
+ | X<
= |~
~
ﬂ\
0
—
—~
Na
>
—+ [ X<
H
—_
X —
+ |
Nl Ra
()
Il
>
+ | X<
=
'PWBD“. y'we?"tﬂﬂfp?n%““““y/ Wd’m‘ |

. x Y . X X
Do d6 f| f(x).——=|dx=[—=dx=| f(x).—
X+1 1 X+1 X+1

N f(2).§— f (1).%:1+In§<:>%(a+b|n3)—%(—2ln2):l+ln§

1

<:>§a+§bln3=1—ln3:> 2 :>a2+b2=g.

THAY VIET & 0905.193.688 R —= s\
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i Ba D6n — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”

Cau55: Cho ham s6 y=f(x) c6 dao lam lién tuc trén doan {0;%} va f(4j 0. Biét

jfz(X)dX=£, jf'(x)siandx=—Z. Tinh | =i f(2x)dx.

0 8 % 4 )

A. |=%. B. |=%. C.1=2. D.I=1.
Loi giai

Chon B

Cach 1

Ta thdy

/4

sin2xd[ f(x)]=[sin2x.f (x)]‘oZ -

o'-—..h\kl
O t—n N

"
I f'(x)sin2xdx = NI
0

f (x)2cos2x dx = LN
4 4

f 20052xdx—— =

o https://luyenthitracnghiem.vn

<2

>

n
/_\\
u

O
O'—;#\N
S

f (x)costdx=%.

NG

4

i i i i
Do jcosz(ZX)dx:% nén: If (x)dx— ZI f (x).cos(Zx)dx+jcosZ(2x)dx:O.
0 0 0

T

IEN j[f(x)—cos(Zx)]zdx:O = f(x)=cos2x+C.
0

Do f(%)=0:>czo,nén f (x)=cos2x.

Vay I =| f(2x)dx=1=

o'—.mm

cos(4x)dx %

O 0 | N

Cach 2: Dung bat dang thitc Holder.

([ 1000 <[ 1 (0o

Dau bang xay ra < f(x)=k.g(x), keR.

o s /s faechnoh.eom/bietgeld

Theo cach th nhat, ta da co:

Ot [

f(x)cos(Zx)dx:%.

2
T

64

oIS

V3 2 V3 T
UO“ f (x).cos(2x)dx} SJ‘OZ fz(x)dx.jfcosz(ZX)dx :%.
/%\ ‘-——* THAY VIET & 0905.193.688
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g5 Ba POn — Quang Binh TICH PHAN HAM AN
D4u bang xay ra < f(x)=k.cos2x, k eR.

Véi f(x)=k.cos2x, keR :jj(k.cost.cost)dx=%

Cau 56: (PTNK-HCM LAN 1) Cho hai ham f(X) va g(x) c0 dao ham trén doan [1; 4] va

—_ 4
thoa man hé thic {f(l)w(l)_, _ - Tinh 1= ([ (x)+g(x)]dx.
g(x)=—x.f'(x); f(x)=—xg'(x) 1
A. 8In2 B. 3In2 C.6In2 D. 4In2
Loi giai
Chon A

Tacd F(X)+g(x)=—x[f'(X)+g'(X)] :>j [f(X)+g(x)]dx= j x[ F'(x)+g'(x)]dx.

:—x[f(X)+9(X)]+I[f(x)+g(x)]dx =—x[f(x)+g(x)]=C = f(x)+g(x):_%

Vi f()+g()=—C=>C=—4

4 44 _
:I[f(x)+g(x)]dx=Jl‘;dX—8|n2.

1

Cau57: Cho ham s y= f(X) c6 dao ham lién tuc trén doan [0;1] va f(0)+ f (1)=O. Biét

1 1
Ifz(x)dx:%, f'(x)cos(ﬁx)dx:%.Tinh _[f(x)dx
0

O ey

A . B.l. Q.E. D. —.
T T

Loi giai
Chon C

Taco _[f )cos(zx)dx = Icos zx)df (x) = f (x)cos(zx)

gy R T

1
t+7z-([ £ (x)sin (7x) dx
1

=—f(1)-f (O)+7rf f (x)sin(zx)dx = 7Z'J. f (x)sin(7zx)dx :%:

0

O ey

f(x)sin(ﬂx)dx=%.

b Z
Ap dung bat dang thiic [I f } I J. x)dx ta co:
1 1 _ . 1
If )sin( Ifz desm (7x X:EIde:l(z—smhxj 1
) 5 29 2 2\ 2 4 0 4
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Cau 59:

S

_,\/‘)’\_/

Cau 58:

Dau bang xay ra khi va chikhi f (x)=ksinzx.
Tt d6 ta co:

1
0

j X)sin zxdx = Iksm X )dx = kIMdXZE(X_Sm;nxj

:5:>k:1.
2 2 2

Suy ra f(x)=sinzx.

1
0

COS X

2
=,

1 1
Do dé6 J.f(x)dx='|.sin7zxdx=—
0 T

0

[Thi thét THPT Gia Binh - Bic Ninh] Goi . 1a gia tri 1on nhat caa a dé bat phuwong
n

trinh f X — 1 \j_ \F
ey

Pay \ m \ A A~ Ao .2 7 .7 . .« A? 7
nguyeén duwong va — la phan s6 toi gian. Tinh gia tri bieu thitc P =22m+n.
n

TX| ~ A N Y \ ~ ~
c6 it nhat mot nghiém, & dé6 m,n 1a nhitng s6

sin—

A. 46. B. 38. C. 24. D. 35.
Loi giai
Chon B

biéu kién: x #1. Bién d6i twong duong bat phuong trinh ta dwoc

Ja_a(x_l)4_da_35in%x(x_1)z+ a<0
@((‘/a_B(x—l) —%sm”—x

a —Esin2 (”—Xj <0
4 2

Néu a> E thi \a - ZSIn ( ZXJ >0, VX nén bat phuong trinh vd nghiém.

2

Néu a= % thi bat phuong trinh tr thanh

1

@(X V-3

7TX
sin—

, -
+1 1-sint X <0 = 2
2 4 2 1 2
g(X—l)

Vay a- % 13 gid trj 16n nhét d& bt phuong trinh 6 nghiém.

Suyra m=Ln=16=P=22m+n=22.1+16=38.

(THPT Quang Xwong - Thanh Hoa - Lan 2 - Nam 2018) Cho ham s8 y = f (x)>0 x4c

dinh, c6 dao ham trén doan [0;1] va thda man:

' THAY VIET & 0905.193.688



iy Ba D6n — Quang Binh TICH PHAN HAM AN
g(x)= 1+2018j (t)dt, g (x) ). Tinh H X )dx.
a2 B. 122 c. 28 D. 505
2 2 2
Loi giai
Chon A
Tacé g(0)=1
g(x)=1+2018] f ()t
0
=g'(x)=2018f (x) = g(x) 2018:>I ) o= 2018jdx

\/_

J_

=2(\fg () 1) = 2018t :\/ﬁzmogtu:!\/@dt:%“.

Cau60: Cho ham s6y=f(x)xdc dinh trén  doan [0; %} thba  man

O o |y

B. 0. C. 1.

Loi giai

+) Dat Izjg{fz(x)—zx/ff(x)sin x—gj dx. Ta co

I
O N

1
O N [N
1
—h

s

2 P
+) Co jzsinZ(x——jd
) 4

+HMa | = 27

THAY VIET 4&°0905.193.688

suy ra

: : L v .
:I(l cos[Zx——Dd :J'(l sin 2x)dx = (x+—0032xj|2:
0 2 0 2 0

o'—.l\)‘N

{f (x)—ﬁsin(x—%ﬂzdx =0 (1).

2
{fZ(X)_Z\Ef (X)Sin[x—zﬂdx—% Tich phan I x)dx bang

p. Z.
2

N ‘
N

uA wRIYSuwenIyuainy/:sdyy o
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S

_,\/‘ \_/

Cau 61:

b
+) Ap dung két qua: Néu f (x)lién tuc va khong am trén doan [a;b] thi J f(x)dx>0.

a

D&u "=" xay ra khi f(X)zO véi moi Xe[a;b].

Tir (1) suy ra f(x)—ﬁsm(x—zj 0 hay f(x)= ﬁsin(x—%).

2 2 .
+) Do d6 If(x)dx=j\/§sin x—2 |dx = —/2cos| x—Z ||2 =0. Chon B
0 0 4 4 )lo

(Dé tham khao cia BGD ndm 2018) Cho ham s6 f (x) c6 dao ham lién tuc trén

1
doan [0;1] théa man f(1)=0, E[[f ] dx=7 va .[X f dx—§ Tich phan J-

bang
A.Z. B. 1. C.Z. D. 4.
5 4
Loi giai
Chon A

+)Dét{u:f(x) :{dUZf’(X)d khi d6 IBxf x)dx = x°. f()‘ _l[x3f’(x)dx

dv = 3x* dx V=X 0

1 1
+)Tacd 1= f(l)—J‘X3 f'(x)dx suy ra IXS f'(x)dx=-1.
0

0

b

f (x)g(x)dx} ST fz(x)dx.jgz(x)dx. D&u

a

+) Ap dung bat ding thikc tich phan phan (

) O —

=" xay rakhi f(x)=kg(x) véi k 1a hang sd

1

=1. Ddu "=" xay ra khi

Ta 6 1= Uxf dx] <jx dxj[f )]de=7x77

f'(x)=kx® véi k 1a hdng s6. Ma IX f'(x)dx=-1 hay_[kx6 dx=-1suyra k=—

0

+) Vay f'(x)=-7x’ nén f(X)=—£X4+C ma f(1)=0 nén f(X)=£(1—X4) suy ra

h 7
J.f (X)dx=g. Chon A

0

V THAY VIET & 0905.193.688
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Cau 62: Cho ham s8 f(x) c6 dao ham lién tuc trén doan [0;1] thoa man f(0)=1 va

Cau 63:

Zl.,/f’(x)f(

A. § B.

4

Chon D

b
+) Ap dung bat dang thtrc tich phan phan I f2(x)dx

x) dx 23.:[[ f'(x)f

N | w

2(x)+ 9}dx Tich phan If x)dx bang

C.

o] o

Loi giai

=" xay rakhi f(x)=kg(x) véi k 1a hang s6.

+) Ta c6 jdx.j f'(x) f
0 0

Zj\/if zi

dx{u—

D.

(x) Jox+2 >3(N_ dxj +=

o

J (1) nén tt gia thiét suy ra

uA wRIYSuwenIyuainy/:sdyy o

hayBU,‘/ X——J <0= J.,‘f dx—— vadau "=" & (1) xay ra, tcla ta

Chon D
Cho ham s6 y=f(x) c6 dao ham lién tuc trén [0;1] thoa man f(1)=3,
1 4 1 7 1

' 20y Ty 4 I e P \
'([[f ()Fdx = va !x f(x)dx = Gid trj cua .([f(x)dx 1a
A B. & c 2.

11 21 7

Loi giai

Chon C

! u
Cdchl: Xét A= J‘ x* f (x)dx, Dat {
0

1

1
A==xf(x
5()

1

Lai cé J‘dex =— nén:

0

THAY VIET 4&°0905.193.688

=k =3 Tt d6 tinh duoc f (x)

1 1
—Z [ XfXdx=—==—=
0 5[ ) 5 54

1

dv = x*dx >

—f(x) <@{du = f(x)dx

V==X
5

7 3 17
11

7 -
Xf'(X)dx=—< | Xf'(X)dx=—
()dx =72 f ()dx =7

X+3 s
:,3’ 3 suyraE[f (x)dx

2

pa——

_!

gy R T

N
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O Sy

1 1
(£ o+ 45 £ 1(x)dx+ 4] X°dx =0
0 0

@j(f (0 +2x) dx =0 f(x) =-2x°

6

PN f(x):%+C:>C:%(do f (1) =0)

Cdch 2: Trac nghiém

f'(x) dx_ .

f'x)f' *ldx =0.
5 2:>[ (x)[ (x)+2x]x 0
xf(x)dx_—

T -

/
I

o https://luyenthitracnghiem.vn

—x% 10 23
Chon f'(X)=-2x"= f(x)= X+—:>I:—.
on f'(x) (x) 3 3 Z

X+ x* -1

Cau64: Cho f(x)#0biét f'(x)= 2 f2(x) va f(1)=—%. Cho biét gid tri cta

8f(1)+f(2)+f(3)+.+f (2017):%(2— j, véi g la phan s0 tdi gian. Tinh a+b.

A. 4070307 . B. 4070308. C. 4066273. D. 40662241.
Loi giai

Chon B

=3x? +1—% :>I () dx:j(sz +1—%)dx

) W/A\w%azébwhwnv/(m@\d
Jadne
v§’<°
+
>
|
L
v
=

X2 f2(x) f2(x)
—f(lx)_x +x+X+C
4
f(1)——£:>C=O:>— 1 ey loxexd
3 f(x) X X
f X 1 2% 1 (x —x+1)—(x2+x+1)
- (X)__x +x2+1 _E'(X +1)2 2 (* =x+1).(X* +x+1)

/fn\ ' THAY VIET & 0905.193.688
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2017
o_ Zf ( 1 1 1 N S j

12+1 Ol+1 23+1 1.2+1 2017.2018+1 2016.2017+1

1 1 1 b
=l =214
2 2017.2018+1) 2 a

—=a=2017.2018+1, b=1=a+b=4070308.

Cau 65: Cho ham s8 f(X) cé dao ham trén R thoa man f'(x)—2018f (x) =2018.x*"" e véi
moi XxeR va f(0)=2018. Tinh gia tri f(1).
A. £(1)=2019¢*®. B. f(1)=2019e™®. C. f(1)=2018¢""°. D. f(1)=2017e""°
Loi giai
Chon A
f'(x)—2018f (x)

2018x
€

Tac6 f'(X)—2018f (x) = 2018.x° 2 & = 2018.x2

2018X

j 09 = 20181 (), jzols.xz"”dx (1).

0

uA wRIYSuwenIyuainy/:sdyy o

1 1 1
Xét | = M) ng}Sf(X)d = [ £(x).e ™ dx - [2018.f (x).e ™"
0 0 0
u=f(x) du = f'(x)dx
Xét I, =|2018.f (x).e " dx . Dat =
! ! ) ' {dv=2018.e2°lgxdx {v:—e2018X

Do d6 I, = f(x).(—e™"*

1
)(l) + [ 1007 dx =1 = f (1).e™* - 2018.
0
Khi d6 tir (1) suy ra | = f ())& ™ ~2018= x| = (1) = 2019, K

Cau 66: Cho ham s6 f(x) ¢ dao ham duong, lién tuc trén doan [0'1] thoa man f(0)=1 va g

L N
SJ{f'(X ] += }dx<2.[,/ x)f (x)dx. Tinh tich phan '[ )]de. g

0
Al 5. 5. c.2. n.1. ”g

2 4 6 6
Loi giai -

Chon D g
Ap dung BDT Holder ta c6: %

9“ ( roaLteol %M ) 4“ JH0of (x)dXJ < 4@ 0020

=9 j(f’(x)fz(x)+%jdx} —4j £1(x)f2(x)dx <0

R 1] , 1
<9 l‘f (x)fz(x)dx—g} <0= f (x)fz(x)=§:> =§X+C

THAY VIET & 0905.193.688 v y
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Cau 67:

o https://luyenthitracnghiem.vn

o s /s faechnoh.eom/bietgeld

Vi £(0)=1nén c::%. Khi dé fs(x):§x+1.

vay [ (x)]%x:j@xﬂjdx =%.

[ Pham Minh Tuén, Ian 3, nim 2018- Cau 49] Cho ham s8 f(x) dwong va c6 dao ham

lién tuc trén [0;1] thoa maén f(O):4f(l):%, f'(x)<0vxe[0; 1] va

1 13 [f (X)T 1 1
[(x+1)° dx:-,j;zdx:a.ﬂnhtichphan [ £ (x)dx.
0 0 f! 0
AL B. L. cl p. 1.
24 32 8 4
Loi giai
Chon B
Ta co

Vi f(x)>0, f'(x)<0vxe[0; 1] nén [[:’(();))]]2 >0; —(x+1) f'(x)>0 vxe[0; 1]

L 2 1 f(X) 2 ' 2
=] (1) F (e = | === || (x+1) JLF'(x)]" Jdx
16 '([ '([ 3[f’(x)] ( j

sﬁ%dx.d@—(xﬂ)g f’(x)de2 =§/g,@=%

Mzk(xﬂ)s f'(x) < f’(X)=i 11 @In[f(x)]:iln(x+l)+c

RES fx) Fx Yk
Do f(0)=5, f(f)=:c nén In%,%:—Z:ﬂ( )z(x+11)2 :>l.f(x)dX=3—12.

THAY VIET &°0905.193.688
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Cau 68: [THPT PANG THUC HUA LAN 1- 2018] Cho ham sd f(x) c¢6 dao ham lién tuc trén

1 1
[0; 1] thoa man f(1)=1, f'(x)<0vxe[0; 1] va '([[f’(x)]zdx:%!f(\/;)dxzé Tinh
1
tich phan 1 = f (x)dx .
0

A.I:§. B. I = C.l=- D.I:E.
5 5

1
N 7
Cau 69: (THPT Chuyén Lé Quy DPon - Lin 1 - 2018) Cho hai ham f (x) va g(x) c6 dao ham

trén doan [1;4] va thoa man hé thirc hé thiic sau v6i moi x €[1;4]

=
el
e
=
=
f(1)=29(1)= . 3
' 1 1 . 2 1 .Tinh I =|[f(x).9(x)]dx =3
P g (gt LT =l 00] g
XaX 9(x) xa/x F(X) =
A. 4In2. B. 4. C. 2In2. D. 2. §
o ae Qe
Loi giai =
Chon B 'BD
T gia thiét ta co f'(x)g(x)—i va g'(x) f(x)——i suy ra §
g . Tx ) Ix y
1 : 1
F'(X).0X)+g'(X).f(X)=———, hay [ f(X).g(X)| =———=.
(X).9(x) +g(x).f(x) dx y [f(x).9(x)] i

Do d6 f(x).g(x)= jX\/_ \/_+c Laico f(1).9(1)=2.1=2 nén C=0.

4 4 2
= =Jl'[f(x).g(x)]dx=.1[ﬁdx:4.

Cau70: Cho ham s§ f(x) c6 dao ham lién tuc trén doan [0;1] thoa man f(1)=0 va

1 1 1

I[f’(x)]zdx=I(x+1)eXf(x)dx=eT_1 Tinh tich phan | = [ f (x)dx.

0 0 0

A l=2—¢. B.l=e-2. c.1=2, o Py
2 2

Loi giai

gy R T

Chon B

1
Xét A= j(x+1)exf (x)dx
0

bt {u = (x) :{du = f'(x)dx

dv =(x+1)e*dx v = xe*

THAY VIET & 0905.193.688 v et 4\
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a Don — Quang Binh “Thanh cdng 1a néi khéng véi ludi biéng”
1 1 1 1 1_e2
Suy ra A= xe"f (x)‘0 —J.xexf’(x)dx :—J.xeX f'(x)dx :jxexf'(x)dx: 2
0 0 0
1 1 2
Xét Ixzezxdx =e” [1)@ —£x+1] _e-t
0 2 2 4, 4

Ta co: j[ f '(x)]2 dx+2J1.xeX f ’(x)dx+j'x2ezxdx =0 j.( f ’(x)+xex)2 dx=0
0 0 0 0

Suy ra f'(x)+xe*=0,vxe[0;1] (do (f’(x)+xex)2 >0,vx e[0;1])
= f'(x)=—xe*= f (x)=(1-x)e*+C
Do f(1)=0nén f(x)=(1-x)e"

Vay | :_1[ f (x)dx:_[(l—x)exdx:(2—x)eX

0

=e—-2.

1
0

Cau 71: (THPT Nguyén DPiang Dao - Bic Ninh Ian 3-2018) Cho ham s6 f(x) lién tuc, c6 dao

1 1
ham dén cdp 2 trén R va f(0)=0, f'(1) = % j [f '(X)]Pdx = 3749, j (X% +x) f "(x)dx = g Tinh
0 0

2
tich phan | = j f (x)dx.
0

A. E B. 14. C. Z
3 3

S
N

Loi giai
Chon D
2 Yy . 9 9
Chon f(x)=ax“+bx, f(0)=0; f '(x) =2ax+Db, f (1):§:>2a+b:§ (1)

[f'(X)] = (ax+Db)? :>.lf(ax+b)2dx=%az+2ab+b2 =37? )

1 1
C o emron 2 " _ p ~%a__Sa b5 3
Lai co: f (x)—2a:>£(x +x)f (x)dx_2a£(x == 2=C=a=2 ()

Thay (3) vao (1) ta dwoc b :g T day thay a,b vao (2) ki€m chiing (2) ding.

2 2
Vay ta tim duoc f(x):g(x2+x).Véy | =If(x)dx:gj(x2+x)dx:7
0 0

g5\ = THAY VIET & 0905.193.688
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Cau 72: Choham sd f(x) lién tuc trén R* théa man f'(x)> X+1,VX eR" va f(1)=1. Tim gia
X

Cau 73:

tri nho nhét caa f(2).

A. 3. B. 2. C. g+|n 2. D. 4.

Loi giai

Chon C

.2 . A/, 12 1 + A . 4 A . n 7. n \ ~
Theo gia thiét f'(x)>x+=,¥xeR" nén ldy tich phan hai v&€ véi can tir 1 dén 2 ta

X

2 2 1 3
du)oc:'ff’(x)dxzj[x+—jdx:—+ln2.
1 1 X 2
2
Ma [ f(x)ax=f ()] = (2)- f (1) = f (2)-L nén f(2)—12§+|n2.
1
5
Suy ra f(2)25+ln2.

Dang thtic xay ra khi va chi khi f'(x)= X+ 2 x>0,
X

2

Suy ra f(x)=x?+|nX+C, ma f(1)=1nén C=%.

2
Do d6 f(x):%+ln x+%.

2

Vay gia tri nho nhat ctia f(2):g+ln2 khi f(x):%+lnx+%.

F(-9(1)-11(2)s(2)- ()

Cho ham s6 f (x) va g(x) théaman , ' ., 1., Vx #0
(x) va 9 (x) 1- £(x)g (x)=g(x).{f (9+ 11 (x)}
2
Tinh tich phan | = [ f (x)g'(x)
1
A. I:§+lln2 B. I=—§+1In2 C. I=§—lln2. D. |=_§_1|n
4" 2 4" 2 4 2 4 2
Loi giai
Chon D
! ! 124 1 !
-1 (0g (=0 () 1" ()+2 ()|

THAY VIET 4&°0905.193.688
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x)[xf'(x)]' +xf’

(x)g'(x)=x
x)g(x)] =x

X2

<:>xf'(x)g(x)=?+C

<:>[xf'(

2

Do '(1)=g(1)=1 nén xf’(x)g(x)=x7+% hay f'(x)g(x)=

Lay tich phan can tir 1 dén 2 ta duoc

£ f(x)
VxeR". Tinh tich phan | = I —
X
:
A |:§. B. |:§. C.1=4In Z—E.
2 8
Loi giai
Chon A
bat: t== :>x—1:>dx——i2dt
X t t
Da6i can
X l 2
2
e |2 | L
2
)
2 N 2 2
t)1 1,.(1 1.(1
l=|—<=dt =|=f|=|dt=|=f]|=|dx
! 1t !t @ !x (x)
2t 2 2
2f X 2 2 2
=3l ZILdXJrIEf(Ejd jl{u()n(lﬂdx:ji
T X 1 X X 1 X X 1 X
2 2 2 2

x 1
__|__
2 2X

D. | —4|n2+%.

THAY VIET &°0905.193.688
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1
2

2018

Cau75: Cho ham s§ f(x) c6 dao ham lién tuc trén R thoa man 3f (x)+xf'(x)=x"",

1
vxe[0;1]. Tinh | = [ f(x)dx.
0

Al=—— . Bl=—2> . Cl=e—t . D=t _
2019.2021 2018.2019 2018.2020 2019.2020 |

Loi giai

Chon A

Nhén xvao hai vé ctia gia thiét ta duge 3x* f (x)+x°f '(x) =x*® & [x.f (x) ] =x™,

uA wRIYSuwenIyuainy/:sdyy o

' 2021 X2018 C
Suy ra j[x3.f (x)] dx =Ix2°1°dx =x’f(x)= 2021+c = f(x)= 2021+F'
2018

Chon f (x)= ta co

2021
1 1 2018 2019 [
If(x)dx: X dx=—2 | = ! .
) J2021  2019.2021|, ~ 2019.2021
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