SO GD & PT BAC NINH PE THI THU THPT QUOC GIA NAM 2019 LAN 1

TRUONG THPT YEN PHONG Moén thi : TOAN

(D¢ thi c6 06 trang) Thoi gian lam bai: 90 phit, khéng ké thoi gian phat dé

Ho, tén thisinh: ...
SODAO dANN: ...

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 8.

Trong mit phang v&i hé toa &6 Oxy, viét phuong trinh chinh tic cta Elip c¢6 truc 16n gip doi

truc bé va c6 tiéu cu bing 44/3 .

2 2 2 2 2 2 2 2
Ay g B. 42 —1. c. 242 1. p. 42
36 9 24 6 36 24 16 4

Trong cac ménh dé sau, ménh dé nao SAI?
2018 2017 3
A (V3-1) > (W3- B. 252"
2019 2018
2017 2018
C. (\/5—1) >(\/§—1) . D. 1—£ < 1—£ .
2 2
Cho ham s y = f(x) c6 6 thi (C) nhu hinh v&. Héi (C) 1a d9 thi ctia ham s6 nao?
Y4 /
/
/
P
o /// 1 &
//
14
/
/
A y=x 1. B. y=(x+1)3. C. y=(x—l)3. D. y=x"+1.

M&i dinh cua hinh da dién 1a dinh chung cua it nhét bao nhiéu mat?
A. BOn mat. B. Nam mat. C. Hai mat. D. Ba mat.

3
Biét rang J.xlnxdx:mln3+nln2+p trong d6 m,n,pe Q. Tinh m+n+2p
2

A.é. B.g. C.0. D. —é.

4 2 4
Cho hinh chép S.4BC c6 SA vuéng géc v6i mit phing (ABC), tam gidc ABC vudng tai B.
Biét SA=2a, AB=a,BC =a~/3 . Tinh ban kinh R clia mit ciu ngoai tiép hinh chép.

A. a. B. 2a+/2 . C. a\2. D.x=3;y:%.
Cho hai s6 thuc x, y théa man phuong trinh x +2i =3 +4yi. Khi d6, gia tri cia x va y la:
1 1 1
A, x=3i; y=—. B. x=3;,y=2. C.x=3;,y=—. D. x=3;y=—.
y > y y > y >
\ 2 \ L A 1N 4iA A , A 1s1a £ 1-4x
Puodng thang nao dudi day la tiém cén ngang cua d6 thi ham so y = ?

x—1



Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

A y=2. B. y=-2. C.yzé. D. y=4.
Cho khdi nén c6 ban kinh day r=~/3 va chiéu cao h=4. Tinh thé tich ¥ cua khéi non da

cho.
AV =4r. B.V =1673. C.V=12r. D.V:16’“g.

3

Trong khong gian v6i hé toa d6 Oxyz, cho A(L;-1;2);B(2;1;1) va mat phang
(P):x+y+z+1=0. Mitphang (Q) chita 4, B va vudng goc v6i mit phang (P). Mit phing
(Q) c6 phuong trinh la:

A.3x-2y—-z-3=0. B.x+y+z-2=0. C. —x+y=0. D.3x-2y—-z+3=0.
Tinh dao ham ctia ham sb sau yzﬁL.
sin x —cos x
' -1 ’ 1
A y=——"°—H. B.y=——""75.
(sinx+cosx) (sinx—cosx)
' 1 , -1
C.y=————. D.y=———.
(smx+cosx) (smx—cosx)

xX+y=2 ) .
5 5 5 c6 nghiém.
X y+xy  =4m” —2m

A. {o;ﬂ. B. {—1;%] C. [;+). D. {—%;1}.

Cho mién phing (D) gi¢i han bsi y = Jx , hai dudng thing x=1, x=2 va tryc hoanh. Tinh

Tim tat ca cac gia tri cia m dé hé phuong trinh {

thé tich khéi tron xoay tao thanh khi quay (D) quanh truc hoanh.

A.37. B. 7. c. 2%, D.>.
2 3 2
3 2x—4 3 x+1
Giai bat phurong trinh (—j >(—J .
4 4
A. §=(-0;5). B. S =(-1;2). C. S=[5;+). D. S =(—o0;-1).
Ham s6 y = —x* +2x?+1 dong bién trén khoang nao dudi day?
A. (—;0). B. (1;+). C. (0;+0). D. (—o0;-1).
2 2 .
Gié tri gi6i han lim Vo —x - +] bing
x>0 2x+3
1 1
A. 0. B. —©. C. —. D. —.
2 2
Cho t&r dién ABCD. Trén canh AD,BC theo tht tu léy cac diém M ,N sao cho
MA _NC 1

== — _ . Goi (P) 1a mit phing chira dudong thing MN va song song véi CD . Khi d6
ADCB3.() it phang g thang g song

thiét dién ctia ttr dién ABCD cét boi mit phang (P) la
A. M0t hinh binh hanh.

B. Mot hinh thang v6i day 16n gip 2 lan day nho.

C. Mot hinh thang véi day 16n gap 3 1an day nho.



Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Ciu 29.

D. Mét tam giac.
Cho ham s f'(x) théaman f”(x)=—cosx va f(0)=2019.Ménh d ndo duéi day ding?

A. f(x)z—sinx+2019. B. f(x)=2019+cosx.
C. f(x)=sinx+2019. D. f(x)=2019—cosx.
Cho tam gidc déu ABC canh g =2 . Hoi ménh dé nio sau day sai?

A. BCCA=-2. B. (BC-AC).BA=2.
C.(4B+BC).AC=4. D. (4B.4AC).BC =2BC.

Trong khong gian v6i hé toa d0 Oxyz, cho mat phing (a) :x—y+2z=1. Trong cac duong

thang sau, dudng thing ndo vudng goc véi ().

x=2t
Ad Xyl zog g x vl 2z oy x vl 2 g0
1 -1 2 1 -1 -1 1 -1 -1
z=-1
Tim s6 hang chtra x°y° trong khai trién (x +2 y)6 thanh da thirc
A. 160x°y’. B. 20x°y’. C. 8x’)’. D. 120x°y°.

Khi tinh nguyén ham Ix—_3dx , bang cach dit u =+vx+1 ta dugc nguyén ham nao?
Vx+1

A. j2(u2—4)du. B. I(u2—4)du. C. I(u2—3)du. D. IZu(u2—4)du.

Cho hai s6 duong a, b (a #1). Ménh dé nao dudi day SAI?

A. logga=2a. B. log,a" =a. C. log,1=0. D. alogab:b.

Trong mit phang véi hé toa do Oxy, cho dudng tron (C):(x + 1)2 +(y- 3)2 =4 . Phép tinh tién

theo vecto v =(3;2) bién dudng tron (C) thanh dudng tron ¢6 phuong trinh nao duéi day?

A. (x+2) +(y+5) =4. B. (x—1) +(y+3) =4.
C. (x+4) +(y-1) =4. D. (x—=2) +(y-5) =4.
Bién d6i biéu thirc sina+1 thanh tich.
A. sina+1=2sin g+Z cos a4z . B. sina+1=2cos a+Z sin a—Z .
2 4 2 4 2 2
C. sina+1:2sin(a +1)cos(a—zj. D. sina+1:2cos(g+£jsin(g—zj.
2 2 2 4 2 4
Tap xac dinh cta ham sb y=4x+2Jx-1 +\/5—x2—2 4-x* co6dang [a;b]. Tim a+b.
A. 3. B. —1. C. 3. D. 0.
Cho hinh binh hanh ABCD . Pang thtic ndo sau ddy diing?
A. AC-BD=0. B. AC+BC=4B. C. AC-AD=CD. D. AC+BD=2BC.

Cho s6 phitc z=-2+i.Diém nao dudi day 1a biéu dién ciia s6 phitc w=iz trén mat phing toa
do?
A. M(—l;—2). B. P(—Z;I). C. N(Z;l). D. Q(l;2).

Tap hop tét ca cac gia tri ctia m dé phuong trinh x* + mx —m +1=0 c6 hai nghiém trai dau?



Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

A. [1;+0). B. (1;+0). C. (1;10). D. (-2++/8;+0).

Cho hinh chép tir gidc déu S.4BCD c6 canh day bang 2a va canh bén bang 3qa . Tinh thé tich
V' cta khoi chop da cho.
4\/7 a 4\/7 a’

3 3
A.V=4\/Za . B.V:‘ﬁ“ . C.V-= . D.

3 2 3

2

.z Cs S .
Cho cap s6 cong (u,). Goi S, =u, +u, +...+u,. Bict rang S_p:% v6i p#q, p,qeN .
q
Tinh gié tri biéu thirc 22018
Uzo19
2
. 20182 . B. 4033‘ C. 4035 D. 4037.
2019 4035 4037 4039

Cho ham sé f (x) xac dinh va lién tuc trén doan [-5;3]. Biét ring dién tich hinh phing
S, S,, S, gii han béi do thi ham sé £ (x) va dudng parabol y = g(x)=ax’ +bx+c lan luot

la m,n,p.

YA

3
Tich phan [ £ (x)dx bing
-5

208 208 208 208
A.-m+n-p—. B.m—-n+p+—— Cm-n+p— D.-m+n—-p+—:.
P s PTys T PTs

Cho dudng tron tim O c6 duong kinh 4B =2a ndm trong mit phang (P). Goi I la diém déi
ximg véi O qua 4. LAy diém S sao cho SI vudng goc voi mat phang (P) va SI =2a. Tinh
ban kinh R ciia mit cau qua duong tron tim O va diém S

a~'65 a~'65

B. R= C. R=a\/5. D. R="%

A R= .
4 16 4

Trong khéng gian Oxyz, cho diém A(1;0;-1). Goi (S) 1a mat cdu tam 7, di qua diém A va

J17

gbc toa dd O sao cho dién tich tam gidc OI4 bang - Tinh ban kinh R cia mat ciu (S)
A. R=3. B. R=9. C. R=5. D. R=1.



Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Biét [a;b] la tap tit ca cac gid tri cua tham s6 m dé& bit phuong trinh

log, Nxt=2x+m +4\/log4 (x2 —2x+m) <5 théa man véi moi x thudc [0; 2] .Tinh a+b.
A.a+b=4. B.a+b=2. C.a+b=0. D. a+b=6.

Nha xe khoan cho hai tai xé ta-xi An va Binh mdi ngudi 1an luot nhén 32 va 72 lit xang. Hoi
tong so ngay it nhit 1a bao nhiéu dé hai tai xé chay tiéu thu het s6 xang cua minh dwoc khoén,
biét ring sb lit chay moi ngay ctia A bang nhau, s lit chay mdi ngay cua B bing nhau va hai

nguodi mot ngay tong cong chi chay hét t6i da 13 10 lit xang?
A. 15 ngay. . 25 ngay. C. 10 ngay. D. 20 ngay.

Goi Sla tip tht ca cac gia tri nguyén cua tham s6 m voi m<64 & phuong trinh
log, (x+m)+log(2—x)=0 c6 nghiém. Tinh tong tat ca cac phan tir ciia S .
5

A. 2018. B. 2016. C. 2015. D. 2013.
Cho a,b,x,y 1a cac sd phtic thoa man cic diéu kién a’ —4b=16+12i, x* +ax+b+z=0,
y +ay+b+z=0, |x—y[=243. Goi M, m lan luot la gia tri 16n nhét, gia tri nho nhit cia
|z|. Tinh M +m.

A. M+m=28 B. M +m=63 C. M+m=10 D. M+m=12

Tinh téng S cac nghiém cua phuong trinh (2 cos2x + 5) (sin4 x —cos’ x) +3=0 trong khoang
(0;20187r)

A. 2020.2018~ . B. 1010.20187 . C. 2018.2018~. D. 2016.2018~ .

Cho hinh chép tam gidc déu S.4BC co cac canh bén S4, SB, SC vudng goc voi nhau timg doi

3
A -4 2 s , X , N a ; ; , , . A NIRRT , \ ,
mot. Biet the tich cua khoi chop bang i Tinh ban kinh » cua maét cau ngi ti€p cua hinh chop

S.ABC .
2a

A.r=3+\/§. m D.rzm.

Goi S la tong cac sd thuc m dé phuong trinh z> —2z+1—-m =0 c6 nghiém phtic théa min
|z|=2. Tinh S.

B. r=2a. C.r=

A. S=6. B. S=10. C. §=-3. D. S=7.
Tim tit ca cac gia tri cia m dé bat phuong trinh 2|x - m| +x>+2>2mx thoa man véi moi x.
A m>—/2. B. khong ton tai m.  C. 2 <m<A2. D. m<+/2.
2 2 2
Cho céic s thuc dwong z, y, ». Gid tri nhé nhét cia bidu thire P — —— 2 T2 1
22y + 2yz + 22
A3 B.g C.#. D.1.

Trong mit phang Oxy cho dudng tron (C,): x> + y* =13 va (C,): (x—6)* + y* =25 cat nhau tai
hai diém phan biét 4(2;3), B. Puong thing d : ax+by+c=0 di qua A (khéng qua B) cit ),
2b+c

(C,) theo hai day cung c6 d¢ dai bang nhau. Tinh
a



Cau 45.

Cau 46.

Cau 47.

Ciu 48.

Cau 49.

Cau 50.

2b+c:1 B. 2b+c:1‘ C. 2b+c:_1' D.

1 2b+c  —1
a 3’ a a a 3

A.

Cho hinh 1ap phwong ABCD.A’B’C’D’ ¢6 canh bang 2. Mit phang (P) di qua dudng chéo
BD’ cit cac canh CD, A'B' va tao v6i hinh 14p phuong mét thiét dién, khi dién tich thiét dién
dat gia tri nho nhat, cosin goc tao boi (P) va mit phang (ABCD) bang

Jio V6 J6 V3

A —. B. —. C. — D. —.
4 3 6 3

Cho ham s y = f(x). D6 thi ham sé y = f'(x) nhu hinh v&
[ ] |I

T =
(4] V3

J..._‘l ]'Ill
| O

Cho bét phuong trinh 3.f(x)> x> —=3x+m, (m 1a tham s6 thyc). Diéu kién can va du dé bat
phuong trinh 3.f(x)> x* —3x + m ding véi moi x thugc doan [— V3:43 J la

A. m>3f(=3). B. m<31(3). C. m>3f(1). D. m<37£(0).

Trong khong gian véi hé toa d6 Oxyz, cho cac diém A(l; 0; ()) , B(3;2; O) , C(— 1; 2;4). Goi

M 1a diém thay d6i sao cho duong thaing MA, MB, MC hop véi mit phing (ABC) cac goc

. » L s ) 2 2 2 1
bang nhau; N la diém thay d6i nam trén mat cau (S) : (x — 3) + (y —2) + (z — 3) = 5
Tinh gi tri nho nhat cua d6 dai doan MN .

A.#. B. 2. c.g. D. V5.
Cho ham s y=f(x) dong bién trén (0;+»); y=f(x) lién tyc, nhan gié tri dwong trén

(0;-40) va thoa méin f(3)=g va [ £/(x)] =(x+1).(x). Tinh f(8).

1

A. f(8)=49. B. f(8)=256. C./(8)=1- D. /(8)

e

64
Cho ham s6 y = f(x)=x"—(2m—1)x> +(2—m)x+2. Tap tat ca cdc gid tri cia m dé do thi
ham s6 y:f(|x|) c6 5 diém cuc tri la (%;cj v6i a, b, ¢ 1a cac sb nguyén va % 1a phan sb

t6i gian. Tinh a+b+c.
A. a+b+c=11. B.a+b+c=8. C.a+b+c=10. D.a+b+c=5.

e X . . e m N A ’, <A .
Biét @6 thi ham s0 y=x"-3x+—+3 (m la tham s06) c6 3 diém cuc tri. Parabol
x

y =ax® +bx+c di qua ba diém cyc tri d6. Tinh a +2b+4c
A. a+2b+4c=0. B. a+2b+4c=3. C.a+2b+4c=-4. D. a+2b+4c=1.

Hét




bé khao sat chat lwong Toan 12 nam 2018-2019

THPT YEN PHONG
MA TRAN PE THI

Lop

Chwong

Nhéin Biét

Thong Hiéu

Van Dung

Van dung
cao

bai

iso

Lop
12
(74%)

Chwong 1: Ham So

C3C8C15

C26 C29

C36 C49 C50

C43 C46

Chwong 2: Ham So
Liy Thira Ham S6
Mi Va Ham S6
Logarit

C2 C14

C23

C35 C37

Chwong 3: Nguyén
Ham - Tich Phan Va
U'ng Dung

C5C13C18
C22

C32

C48

Chwong 4: S6 Phirc

C7 C28

C38 C41

Hinh hoc

Chuwong 1: Khéi Pa
Dién

C4

C6 C17 C30

C33 C40C45

Chwong 2: Mat Non,
Mat Tru, Mt Cau

C9

Chuwong 3: Phuong
Phap Toa D0 Trong
Khong Gian

C10 C20

C34 C47

ba

iso

Lop
11
(14%)

Chwong 1: Ham So
Lwong Giac Va
Phuwong Trinh
Lwong Giac

C25

C39

Chwong 2: T6 Hop -
Xac Suat

C21

Chwong 3: Day S6,
Cap S6 Cong Va Cap
S6 Nhan

C31

Chwong 4: Gi¢i Han

C16




Chuwong 5: Pao Ham

C11

Hinh hoc

Chwong 1: Phép Doi
Hinh Va Phép bong
Dang Trong Mat
Phing

C24

Chuwong 2: Puong
thang va mat phang
trong khong gian.
Quan hé song song

Chuong 3: Vecto trong
khong gian. Quan hé
vudng goc trong khong
gian

Pai s6

Lép
10
(12%)

Chwong 1: Ménh Dé Tap
Hop

Chwong 2: Ham S6 Bac
Nhat Va Bic Hai

Chuong 3: Phuong
Trinh, Hé Phuwong Trinh.

C12

Chwong 4: BAt Dang
Thirc. BAt Phwong Trinh

C42

Chwong 5: Théng Ké

Chuong 6: Cung Va Géc
Lwong Giac. Cong Thirc
Lwong Giac

Hinh hoc

Chuong 1: Vecto

C27

C19

Chuong 2: Tich Vo
Huwdéng Cta Hai Vecto Va
U'ng Dung

Chuong 3: Phwong Phap
Toa Do Trong Mat
Phdng

C1

C44

Tong s cau

12

17

18

Piém

2.4

3.4

3.6

0.6




DANH GIA DE THI
+ Mitrc do dé thi: TOT
+ Panh gia so’ lwgc:
bé bao quat cd chwong trinh cip 3.
Mitc d6 bao pht rong khién dé dat di€m cao hoc sinh cin 1dm chic kién thitrc co ban
tot.
Phan loai hoc sinh tot khi s6 ciu héi & cac phirc dd phin bd rat hop ly.
1 vai ciu van dung cao va van dung c6 trong kién thirc 10 + 11

HUONG DAN GIAI CHI TIET
Caul: PapanlaD

2 2
Elip can tim c6 dang: x—2+Z—2=1 (a>b>0).
a

Taco: 2c=43=c=23.
a=2b,a’=b"+c* 4> =b"+12=b'=4=a*=4+12=16.
. x2 y2
Vay elip can tim la: —+-=—=1.
 eip 16 4
Cau2: Papanla A
2018 2017 , . » .
A. (\/5—1) > (\/5—1) . Cung co s6, 0< J3-1< 1, ham nghich bién, s6 mil 16n hon nén
bé hon. Sai
3 / . , , 2 2
B. 2V >2[. Cung co s0, 2>1, ham dong bién, sO mil (\/E+1) :3+2\/§>(\/§) =3 nén
16m hon. Pung
2017 2018 , r ’
C. (\/5—1) > (\/5—1) . Clng co s, 0<~/2 —1<1, ham nghich bién, sé mii bé hon nén

16m hon. Dung.
2019 2018
D. [1—%} <(1—%} . Cung co s6, 0< 1—%<1, ham nghich bién, s6 mil 16n hon

nén bé hon. Pung
Cau3: PapanlaC . ) . )

Cach 1: Nhin vao d6 thi thay x=0 thi y=—1 nén loai B, D. Cling tir 6 thi thay y’=0 co

nghi¢m kép tai x =1 nén Chon C.

Cich 2: Goi phuong trinh ham s6 bac 3 ¢6 dang: y = ax’ +bx* +ex+d = y' =3ax’ + 2bx +c.

Tur 6 thi ta c6:
d=-1 a=1
a+b+c+d=0 b=-3

=

3a+2b+c=0 c=3
b*—3ac=0 d=-1

:>y=x3—3x2 +3x—1=(x—1)3.



Ciud: PapanlaD N ’
Theo tich chat hinh da dién thi moi dinh ctia hinh da di¢n 1a dinh chung cua it nhat ba mat.

Cau5: PapanlaC
1
du=—dx
_ |lu=lnx X
bat =
dv = xdx x°
yv=—
2
3 3 P 3 23
1 X 9 5
——|xdx=—Inx| ——| ==In3-2In2-=.
dx 1 In3-21n2
2 2 ) 4

2

2

3 2
= lenxdx:x—lnx
2 2 2

Suyra m+n+2p=0.

Cau 6: PapanlaC

}:BCL(SAB):BCJ_SB, laico CA L SA.
Do d6 2 diém A, B nhin doan SC dudi mét goc vudng. Suy ra mit cau ngoai tiép hinh chép S.

ABC 13 mit cau duong kinh SC.

Xét tam giac ABC ¢6 AC =~/ BC* + BA* =2a suyra SC =~/SA* + AC* =2a~/2 .

Vay R=a+2.
Cau7:PapanlaD
x=3
, : o Jx=3
Tacod: x+2i=3+4yi & = 1.
2
Cau8:Papanla B
1
24 o (1-4x 8
=-2 va lim = lim =-2
x——o\ 2x—1 X—>—00 2_ -
X

Taco lim 1-4x = lim
X—>+00 2x -1 X—>+00 2
X

Do d6 y =-2 1a tiém cén ngang ctia d6 thi ham so.

Cau9: Pap anla A



2

Taco V =%.h.7zr2 =%.4.7z.(\6 ) =47 (dvtb).
Cau 10: bap z’mEA

Taco AB=(1;2;-1)

Tir (P) suy ra vec to phap tuyén cia (P) 1a np =(1;1;1)

Goi vec to phap tuyén cia (Q) la @

Vi (Q) chira 4, B nén ny, L AB (1)

Mit khéc (Q) L (P) nén ny, Lnp (2)

Tu (1),(2) ta duge @ = [E , ﬁ} =(3;-2;-1)

(Q) diqua A(L,—1;2) va c6 vec to phap tuyén @ =(3;-2;-1) nén (Q) c¢6 phuong trinh 13

3(x—1)-2(y+1)—(z-2)=0 < 3x-2y-z-3=0.
Caull:PapanlaD

. ' . roo. . . 4
Ta o6 y,:( _sinx j :(smx) (sinx—cosx) s1nx2(s1nx cos x) '
sin x —cos x (sinx—cosx)
B cos x(sin x —cos x) —sin x(cos x +sin x) ~ -1

(sinx—cosx)2 (sinx—cosx)2 .
Caul2: PapanlaD

{x+y=2 {x+y=2 {x+y=2
Taco = =

X’y+xy’ =4m’ —2m xy(x+y)=4m2—2m xy=2m’—m

& X,y la nghiém cua phuong trinh X2 —2X +2m* —m, (1).
H¢ phuong trinh da cho c¢6 nghiém < Phuong trinh (1) c¢6 2 nghiém

<:>A'20<:>—2m2+m+120<:>—%ﬁmﬁl.
Caul13: Pap anla B

V:ﬂj.xdx -
1

Caul4:Papanla A
3 2x—4 3 x+1
Ta co: (Z) >(Z) S 2x-4<x+1< x<S.

Caul5:PapanlaD

A 3 ' 2 X
Taco: y'=—4x" +4x =y :0<:>—4x(x —1):0<:>{

Béng xét dau:

= Ham sb dong bién trén (—oo;—l).

Caul6: Pap anla D



1 1
x L
A —x—ax 41 ||( x sz
Ta cd: lim = lim

x—>—0 2x+3

Caul7: Pap anla B

Trén (BCD) ké NP//CDzﬂzﬂzz.
CD BC 3
Trén (ACD) ké mo//icp=Q_AM 1
) CD AD 3
Vay thiét dién 1a hinh thang MONP v&1 NP =2MQ .

Cau 18: Dap anla A
f'(x)=—cosx :jf(x)dxzj(—cosx)dx =-sinx+C
£(0)=2019 < —sin0+C =2019 < C=2019. Vay f(x)=-sinx+2019.
Cau19: Papanla B
A

B~ C
BC.CA=BC.CA.cos120" = 2.2.(-%] =-2.
(%—%).ﬂz(ﬁ#@).ﬂ = AB*> =4 nén B sai.
(4B+BC).AC=.4C.AC=4C* =4,
(4B.4C) BC =(4B.ACcos60").BC =2BC..
Do d6 ta chon dap an A.
Cau20: Pap anla A
Goi VTCP ciia duong thang cin tim 13 a = (a,;a,;a,) v6i a? +a2 +a2>0.
_4 _ 4

Puong thing vuéng goc véi (@) < a cing phuong n < % = 5




Chon g, =1 thia,=~-1 va a,=2.
Cau2l: Pap anla A
S6 hang téng quat trong khai trién (x + 2y)6 la Cé‘.xH.(Zy)k =Cr2 Xyt
S6 hang chira x*y® ung véi k=3 .
Khi d6 sb hang chita x°y* 1a: C2.2° %y =160xy° .
Cau22:Papanla A
bitu=vVx+1 =>x=u’-1=dx=2udu.
2
u —4

u

Khi déj dx treythanhj .2udu=j2(u2—4)du.

x=3
Jx+1
Cau23:Pap anla A
Cau24:PapanlaD
Puong tron (C) c6 tam /(—1;3), bankinh R =2. Qua phép tinh tién theo vecto v = (3;2)
tAm 7 bién thanh /' nén ta cé: II'=v = I'(Z;S) .

Cau25: Pap anla A

a+— a——
.. . LT ) .(a & a
Ta co: sina+1=sina+sin— =2sin 22 cos 22 :2sm(—+—jcos(———j.

Cau26: Pap anla C

I a=1

X2 x>1
= S1<xL2=>
—2<x<L2

Ham s xac dinh khi va chi khi .
4-x*>0 b=2

Vay a+b=3.

Cau27: Pap anla D

D C
Tacé AC+BD :255@(ZE+§6)+(§5+65)=2§6@ 2BC =2BC (ding).
Vay tac6 AC+BD=2BC.
Cau28: Dap anla A
Taco: w=iz=i(-2+i)=—1-2i.
Véy diém bicu dién s6 phitc w =iz la diém M (-1;-2).

Cau29:Pap anla B
Phuong trinh x> +mx —m+1=0 c6 hai nghiém trai ddu < ac <0< m>1.

Cau30: Papanla D



Tacd S 4q* .

ABCD —

Do S.4ABCD la hinh vudng canh 2a nén OD = %BD =av2.

Suy ra SO =+SD> —0D* =/9a> —2a* = a7 .

4\/7a3
T

Do d6 Vy ,pcp :§.4a2.a\/_ =

Cau3l:DPapanlaC
S, pr plu +(p-1)d]  p?
Taco o =0 1 =5 <42 -1)d]=p[2 “1)d
a co Sq q2 & q[zul +(q_1)d] q2 <:>C][ ul +(p ) ] p[ ul +(q ) ]
< 2u(g-p)+(p-q)d =0 d =2u,
Néu ;=0 thi d = 0. Khi d6 S, = 0 v6i moi n, (mdu thuin gia thiét). Suy ra u, #0.
u, +2017.2u, 4035

Do d6: L2 — = .
Uy U +2018.2u, 4037

Cau32:Papanla B
S, =J;[f(x)—g(x)]dxz_‘;f()c)d)c—jg()c)d)c:>J;f()c)dx:S1 +_‘;g(x)dx.

= [[(0)-s)Jor= [ ()ax [ x)ar= [ (x)ax =5+ g ().

0

3 3
Do vay: [ f(xdx=S5,-S,+S;+ [g(x)ix.
-5 -5
3
Tir 46 thi ta thiy j g(x)Mx 1a s6 dwong. Ma 4 dap an chi c6 B 1a phi hop, nén ta chon B.
-5

3
Chui y: C6 thé tinh J. g(x)dx nhu sau:
-5

Tir d6 thi ham s6 y = g(x) ta thiy né di qua céc diém (-5;2), (-2;0), (0;0) nén ta cé:



25a—-5b+c=2

3 3
4a-2b+c=0 3a=£,b=i,c:0. Do do: J.g(x)dx='[(£x2+ix)dx=&,
15 15 ° “\ 15 15 45
c=0
Cau33:Dapanla A
K\\\\
“\._\\\
o L
B . ~—

* Goi J la tim mit cau qua duong tron tim O va diém S = J nam trén dudng trung tryc clia
AB va SA4.

SA=Aa* +4a> =a\/§:AK=$

sinSzﬂzL;tanS—ﬂz
S4 5

- SI
*Ta c6: Goc N va S bang nhau vi cling phu véi goc SAN .

* ASI4 vudng tai I =

1
2

a5
* AAKN vudng tai K = sinN = 40 ey 2 _gin§ = = 4N =% 5 on =12
AN AN Js 2 2
* AOJN vudng tai 0:>£=tanN=tanS=l:>OJ=7—a.
ON 2 4
* AOAJ vudng tai O = R = JA=~JOJ* + 04’ =@.

Cach 2
Gén hé truc toa do Ixy sao cho A, B, O thugc tia Ix, S thudc tia [y va giastra = 1.

Khi do: 4(1;0); $(0;2);B(3;0).
Goi (C):x2 +y* =2ax —2by +c =0 1a duong tron tdm J qua 3 diém 4, S, B

—2a+c=-1 a=2
=>:{-ba+c=-"9< bz%.
—4b+c=-4 =3
Suy ra: J(2;%):>R=JA=% Vay R:a\i%.

Cau34:Papanla A



Goi H la trung diém cua OA, dan dén IH 1L OA.

2

074:(1;0;—1):0/1:«5:0}1:7.

Mt ciu (S ) co tdm [ va qua hai diém O, A nén tam giac 1OA cantai .

1 J17 V7

1
S, =—JHOA=Y"L - IH 2 & IH =
AIOA > > 7 \/5

Xét tam giac JOH vudngtai H ,tacd: R=10=~IH’ +OH" = 1?7+—=3.

Cau3S:PapanlaD

Bit phuong trinh d cho tuong duong log, (x2 —2x+ m) + 4\/log4 (x2 —2x+ m) <5.

bat t=\/10g4(x2—2x+m), t>0.

Bét phuong trinh tro thanh ¢ +4r-5<0 < —5<¢<]1.
Két hop diéu kién ta duge 7 €[0;1].

Khi do: OS\/log4(x2—2x+m) Sl<:>0£log4(x2—2x+m)él S1<x’ -2x+m<4

{mz—x2+2x+l
=

m<—x"+2x+4
+Xétham f(x)=-x"+2x+1=2—(x~1) <2 Vxe[0 2] = max f (x)=2.

+Xétham g(x)=—x"+2x+4=4+x(2-x)>4Vxe[0;2] :>r51;ing(x)=4.

[0:2]
Bét phuong trinh nghiém dung véi moi x thude [O; 2] = (1 ) nghiém dung véi moi x € [0; 2]

mzn(}%xf(x)
PN 2 ©2<m<4. Viy me[24],thc a=2, b=4.Viy a+b=6.
er[glzr]lg(x

Cau36:PapanlaD

Goi a 1a s6 lit xing ma tai xé An chay trong 1 ngdy, sau m ngay thi hét, 0<a <10, me N
Goi b 1a so lit xdng ma tai xé Binh chay trong 1 ngay, sau n ngay thi hét, 0 <b <10,ne N

a+b<10
Khi @6, c6 {ma =32
nb="172

2 12 (W2 (62) | (V2eeva) (a2 +6d2)

Suyra m+n=—
a b a b a+b 10

=20 .



Dau bang xay rakhi a=4, b=6. Chon D.

Cau37:PapanlaC

x<2
Ta c6: log, (x+m)+log,(2-x)=0 < log,(x+m)=log,(2-x) < 2—m-
5 X=—
. . 2-m
Vi x <2 nén 2o m>-2.
Két hop v6i m < 64 . Khi do -2 <m <64 .
Vi meZ nén m={-1;0;1...63} co6 65 gia tri.
e o (<1+63).65
Vay tong S céac gia tri cua m d€ phuong trinh ¢6 nghiém la: § =——=2015.

Cau38: Pap anla C
xX*+ax+b+z=0 (1) , ) 5
Tacoq | = x, y la cdc nghiém cta phuong trinh: t"+at+b +z=0.
yi+ay+b+z=0(2)

U L JXty=-a
Theo hé thirc Viet ta co: .
xy=b+z
Ta co: (x - y)2 =(x er)2 —4xy = a’-4b—4z=16+12i—4zma |x—y|=2\/§ (gb).
Suy ra: |16 + 12i - 42|=12=|4 + 3i - z|=3.
Suy ra tap hop diém biéu dién s6 phirc z 1 dudng tron tam I( 4; 3), ban kinh R = 3.
D¢ thay M = Ol + R; m = Ol - R.
TongM +m=2 OI = 10.
Cau39:PapanlaC
Nhén xét: sin* x —cos* x = (sin2 x —cos’ x)(sin2 X +cos’ x) =—cos2x.
Khi d6 phuong trinh da cho tuong duong véi
cos2x=-3 (VN)

(2c0s2x+5).(—cos2x)+3=0<> —2cos’ 2x —5cos2x +3=0 < 1
cos2x=§

<:>2x=i%+k27r<:>x=i%+k7r (keZ).
+) Véi ho nghiém x =%+kﬂ €(0;20187) < k €{0;1;2;...;2017}
@x€{£;£+ﬂ;...;£+2017ﬂ'}.
66 6
Céc nghiém ndy c6 téng 13 S, = 210 £+(£+20177rj =@(£+2m7nj
2 |6 |6 2 3
+) V6i ho nghiém x = —%Hm e (0;20187) < k e {1;2;...;2018}

& xe {—%+ﬂ';—£+2ﬂ';...;—%+ 20187[}.

6
Céc nghiém ndy ¢ tong 13 §, = 2% (—1 4 ;zj + (— . 201877) - @(— 4 2019;;].
2 6 6 2 3
Do d6 tong cac nghiém ctia phuong trinh d cho la:

S=5+8, = @[201% +20197]=2018.20187 .



Cau40: Pap anla A

- t ~ , k14 \ .y A AL r xz\/§
Cach 1. Ap dung cong thuc: » =— (*) va tam gidc déu canh x co6 dién tich S = I
p
Tir gia thiét S.ABC déu c6 SA=SB=SC. Lai c6 S4, SB, SC d6i mot vudng goc va thé tich
3

khdi chop S.ABC bing % néntacé SA=SB=SC=a.

Suyra AB =BC =CA=a~2 vatam gidc ABC déu canh c6 do dai a2 . Do d6 dién tich toan
phan cta khéi chop S.4ABC 1a

S o)

a
Stp = SSAB + SSBC + SSCA + SABC = 37"' 4 5 .
Thay vao (*) ta dugc:
3

a

) _z_ 3.2 a
S, a2(3+x/§) 3+4/3°
2

Cach 2. Xac dinh tam va tinh ban kinh

Tur gid thit suyra SA=SB=SC=a.

Ké SH 1 (ABC), tacéd H la tryc tam cua tam gidc ABC.

Goi M = AH N BC, dung tia phan gidc trong ctia goc AMB cit SH tai [, ké /E L (SBC) tai
E. D@ thdy E € SM . Khi d6 tacod IH = IE hay d(I,ABC)=d(I,SBC) do S.ABC la chop tam
gidc déu nén hoan toan c¢6 d(I, ABC) =d(l,SAB) = d(I,SAC) tic 1a I 1a tim mit cau noi tiép

khéi chop S.ABC.

Tacob r=IH=1F.

Xét ASAM vuéng tai S, dudng cao SH , tinh duoc SM:B—C:a\/E:i.
2 2 2
2 \/6 SM? 4 a\/g a
AM:\/SA2+SM2:1/a2+a—:a—;MH: 4. -4
2 2 AM 2 2 e
IR R N N SO
SH> SA4* SB> SC° a NE)

Ap dung tinh chat duong phan giac ta co



IH_MH_ IH _ MH __IH__ MH
IS MS IH+IS MH+MS SH MH+MS

g = MHSH _a a a4, a
MH+MS 6 3 6 2 3+3
Vay r=1IH =—2

3+43
Cau4l:Pap anlaD
Ta co: 22—2z+1—m:O<:>(z—1)2 =m (l)
m=1
+)Véimzothi(1)©z=1iM.Do|z|=2©‘1i\/ﬂ=2:{ o (thoa mén)
m=
+) V6i m<0 thi (1) < z =1+iv-m.
Do || =2 & [l +iv=m| =2 1-m=4 < m = -3 (thoa man).
Vay S=1+9-3=7.
Cau42: PapanlaC
2|x—m|+x*+2>2mx Vx <:>(x—m)2+2|x—m|>m2—2 Vix.
Ta co: (x—m)2+2|x—m|20 Vx.
nén (x—m)2+2|x—m|>m2—2 Vr om’—2<0e 2 <x<2.
Cau43: PapanlaC
Phan tich tim hwdng giai: y
- Ta dinh huong danh gia tir theo mau. i o
- Ta tim cach can bang h¢ s6 d¢ lam di€u trén va dong thoi co dau bang xay ra.
- Ta thay x;z binh dang nén du doan dau bang xdy ra khi x==z
- Tham s hoa khi ding BDT C6 si nhu sau:

ax’ +az’ > 2axz
X'+ kY’ > 2kxy
22+ kY = 2kyz
= (a+1)(x* +2°)+2k*y* > 2k(xy + yz) + 2axz

2
=x +z5 + 2k Vv’ Zz—a{k(nyryz)erz]
a+1 a+lla

Ta can phai tim a va k théa man

20> 1+/33
=1 a=

a+l 16

= .
k_, k:1+\/33
a 8

’ Loi giai
Ap dung BDT Cauchy ta co:



1+\/§

2,0
T (x"+2z%)

2
) (1+\/33j 14433
X"+ y 2 1 xy

1+\/§
8 Xz

8

) (1+\/§J2 ) 1+\/§
z"+ y 2

z
8 4 4

2
:>(1+1\é§ +1)x* +(—1+1\é§ +1)z° +2(1+;/§j 2> 1+\/7

(2xy+2zy+xz)

17+\/ N33 sty )>1+\/

X +z7+y’ 4 V33-1
= 2 =

2xy+2zy+xz  1++/33 8

J33-1 _1+J§y
8

MinP = g Sx=z=

(2xy+2zy+xz)

Caud4:Papanla B

(&)
Goi C, D lan luot 1a giao diém cua d véi (C))va(qg).

Gia st D(m; n) # A(2;3) . Theo bai ta c6 A la trung diém ctia CD = C(4—m;6—n) .

o mP+n* =13

Do vay , , .

(m+2) +(n—6) =25
Giai hé ta duoc D(i,é]

55
Twr @6 c6 phuong trinh AD: x-3y+7=0.
Vay 2b+c:—6+7:1‘
a 1

CaudS: Pap anla C
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Miit phang (P) cét hinh lap phuong theo thiét dién 14 hinh binh hanh BID’E.

Hinh chiéu vuéng goc cua binh hanh BID’E xudng mit phang (ABCD) 1a hinh binh hanh
BIDF .

Goi ¢ la goc tao boi (P) va mit phing (ABC’D).

S
Ta c6:cosp = 25

BID'E

bit hinh 1ap phuong vao hé toa d§ nhu hinh vé. B = O; Ox = BA; Oy = BC; Oz = BB’
biat A’E =x.
SB]DF = SABCD _2S301 =4-2x.

[E(2-x;0,2)
Ta co

I(x;2;0)

|BE, BI| = (- 4234 - 2x).
Spmp = [ﬁ,ﬁ]: V8X? —16x+32 =/8(x —1) +24 > /24
Suyra minS,,,, = V24 khi z=1.
Khi d6 S =4—2r=2.

BIDF

SBIDF 2 \/g

vVa COSp=—— = — = —

Sppe \/ﬂ 6

Cau46: Pap anla B

Yéu ciu bai toan twong dwong m <3 f(x) - x° +3x Vx e [—ﬁ;ﬁ ] (1).



Xeét ham sb g(x) =3/ (x) -2 +3x, x e[ V313 ].

Taco g'(x)=3.f"(x)-3x* +3 =3.[f'(x)—(x2 —1)].
V& d6 thi ham s6 y = x> —1 trén cung hé truc toa do v6i do thi ham sé y = f'(x)

x=—3

Suy ra g'(x):0<::>f'(x):x2 —-1<|x=0  (x=01langhiém boi chin).
x=+3

Bang bién thién ciia ham s6 g (x)

T V3 0 V3
dof /| -0 -
7

oo [/ / 3’”%

3f(V3)

/1

Tir bang bién thién ciia ham s g (x)suy ra (1)< m <3£(3).
Cau47: Pap anla C
M

H
C

Ta co: AB =(2;2;0), AC =(-2;2;4)= AB.AC = 0 = AABC suy ra AABC vudngtai 4.
Goi H 14 hinh chiéu vudng goc ctia diém M trén mat phang (ABC ) Ta co:
(MA,(ABC))=(MA, HA) = MAH
(MB,(ABC))=(MB, HB) = MBH
(MC,(4BC))=(MC,HC)= MCH
Theo gia thiét MAH = MBH = MCH = AMAH = AMBH = AMCH (g.c.g)

Do d6: HA=HB=HC nén H la tam dudng tron ngoai tiép AABC .
Suy ra: A la trung diém cia BC = H (1;2;2).

Ta co: [E,R‘] =(8;-8;8), Chon vecto chi phuong cua dudng thing MH 1a u,,, = (L-11).
x=1+¢

Phuong trinh duong thing MH c6 dang:{ y=2-t ,teR
z=2+t

NG

Mit cau (S) c6 tam /(3;2;3) va ban kinh R = -



N

M

Goi K (1+£;,2—#;2+1) 1a hinh chiéu vudng géc clia diém / trén duong thing MH .
Ta c6: IK :(t—2;—t;t—1),% =(L,-1;1)

Do IK 1 MH nén IKu,, =0, tadugc: £ =1. Khidé: K(2;1;3) va IK =2

Do IK > R nén duong thang MH khong cat mat cau.

2

Ta co: Mz\fzd(l,MH)—lN:11<—1N:7
I P .2
Viy gia tri nhé nhat ctia d§ dai doan MN bang -

Cau48: Dap anla A
Ta c6 v6i Vx €(0;+0) thi y=f(x)>0; x+1>0.

Ham s yzf(x) ddng bién trén (0;+oo) nén f'(x)ZO,Vxe(O;+oo).

Do do6 [f'(x)]z z(x+1)f(x)<:>f'(x)= (x+1)f(x) @%: (x+l).

Suyraj%dx:j,/(x+l)dx SWZ%«/(X+1)3 +C.
Vi f(3):g nén C:§—§:—2.

Suy ra f(x)z(% (x+1)3—2] ,suyra f(8)=49.

Cau49: Papanla A
Tap xac dinh D=R.
Tacod f'(x)=3x"-2(2m—1)x+(2—-m).
D6 thi ham s6 y = f/(|x|) 6 5 diém cyc trj
& y= f(x) =x —(2m—1)x2 +(2—m)x+2 c6 hai diém cuec tri ndm bén phai truc tung

< f'(x)=0 c6 2 nghiém duong phan biét



A>0  [(2m=1)=3(2=m)>0 (42 _p_550
S<S5>0 ©<2m-1>0 =

l< <2
P>0 |2-m>0 5

<:>§<m<2:> g;c = 2;2 =a=5b=4,c=2.
4 b 4

Vay a+b+c=11.
Cau50: Pap anla B

p m A s - X ., A L1c 1 £ 13 ‘A , A
Taco y'=2x-3-—. Toadd cac diém cyc tri ctia d6 thi ham s6 1a nghiém cua hé:
X

y=x2—3x+ﬂ+3 y=x"=3x+2x"-3x+3
X

= = y=3x"-6x+3.
m Moy —3x
2x-3-—=0 X

Vay a+2b+4c=3+2.(-6)+4.3=3.



