SO GIAO DUC VA PAO TAO PE THI THU THPTQG LAN II - MON TOAN

TRUONG THPT CHUYEN HA LONG NAM HOQC: 2018 - 2019
MA PE 121 Thoi gian lam bai: 90 phiit

Muc tiéu: Dé thi thir THPTQG lan II mén Todn ciia triecong THPT Chuyén Ha Long gom 50 cdu hoi tric

nghiém néi dung chinh ciia dé van xoay quanh chwong trinh Todn 12, ngodi ra c6 mét sé it cdc bai todn

thuéc néi dung Todn 16p 11, hwong kién thire dwoc phan bé nhuw sau: 92% 16p 12, 8% Iop 11, 0% kién

thue 1op 10. Pé thi duoc bién soan dwa theo cdu tric dé minh hog mén Todn 2019 ma Bé Gido duc va

Pao tao di céng bé tir dau thang 12. Trong dé xudt hién cdc cau hoi khé la nhwe cau 38, 41, 45 nham

phdn loagi 16i da hoc sinh. Dé thi giup HS biét duoc mirc do ciia minh dé cé ké hoach én tdp mot cach hiéu

qud nhat.
Céu 1 (TH): Tinh thé tich V ctia khdi nén chiéu cao £ = a va ban kinh day » = a3 .
3 3
AV =rd’ B. V= ”;’ C.V=3zd’ D. V= ”“3\/5

Cau 2 (TH): Tim tap nghiém S ctuia phuong trinh R

A.S={1} B.S={0;1}. C.S={1;-2}. D.S={1;2}.
Cau 3 (TH): Trong khong gian véi hé toa dd Oxyz, cho tam gidc ABC, véi
A(1,1,2), B(-3,0,1), C(8,2,—6) . Tim toa d¢ trong tm G cua tam gidc ABC.

A. G(2,-1,1) B. G(2,1,1) C. G(2,1,-1) D. G(6,3,-3)
Céu 4 (TH): Tinh dién tich xung quanh S cua khdi tru ¢6 ban kinh day r = 4 va chiéu cao h = 3.
A.S=48r B.S=24r C.S=9r D.S=12rx

Céu 5 (TH): Cho d6 thi ham sé y = log,x . Khing dinh nao sau déy sai ?

A. D6 thi ham s6 nhan truc tung 1a tiém can dung.

B. Do thi ham s cét truc hoanh tai diém 4(1,0).

C. D6 thi ham s6 luén ndm phia trén truc hoanh.

D. D6 thi ham s6 dong bién trén khoang (O.+oo).
Céu 6 (TH): Cho hinh liang try déu ABC.A’B’C’ ¢6 canh day va canh bén cing bang a. Tinh thé tich
khoi lang tru do.

a*J6 a*J6 a3 a*\3

B. C. D.
12 4 12 4

A.

Céu 7 (TH): Him s6 y = §x3 —x* —3x+5 nghich bién trén khoang nao ?

A. (3;+00). B. (-00;+0). C. (-o0;-1). D. (-1;3).
Cau 8 (TH): Bo thi ham sé y = xz— 6 c6 may duong tiém can?
x p—
A. 1. B. 3. C.2. D. 0.

Ciu 9 (TH): Puong cong hinh bén 13 do thi ctia md ham s6 trong bén ham sé duoc liét ké dudi day. Hoi
d6 1a ham s6 nao?
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Ay =-—x+x-1.
B.V = X+ x + 1
Cc.y=-x+x+1
D_yz—x3+x+1
Cau 10 (TH): Tim ho nguyén ham ctia ham s f(x) = e,

3x+1 3x

e

+C . B [f(0)dy=3¢"+C. C.[f(x)dx=e"+C. D.[f(x)dx= +C

. e
A. j fldv=——

Cau 11 (VD) : Cho khéi chop SABC c6 SA, SB, SC d6i mot vudng goc va SA =a, SB =b, SC = c. Tinh thé
tich V cta khdi chop do theo a, b, c.

N p e . yote .= e
6 3 2

CAu 12 (VD): Tim tap xac dinh D cia ham s6 y = log, (xz_ x — 2)_
A. D = (-1;2). B.D = (-0;-1)U(%+®). C.D = (Z+®). D.D = (-o-1).

Cau 13 (TH): Trong khong gian voi hé toa do Oxyz, cho mat
céu(S) X’ +y 427 —2x+4y—4z—-25=0. Tim toa do tdm I va ban kinh R cua mit ciu (S).

A. I(1;-2;2);R=/34 B. I(-1;2;-2);R=5  C. I(-1;4;-4);R=+29 D. I(1,-2;2);R=6
Cau 14 (TH): Tim ho nguyén ham cta ham sb '(x) = cos x —2x.

A. J.f(x)dxzsinx—xvaC . B. If(x)dxz—sinx—szrC .
C. jf(x)dxzsinx—xz . D. J.f(x)dxz—sinx—xz .
Céu 15 (TH): Chohamsé y = f (x) lién tyc trén R va c6 bang bién thién:
X —0 -1 0 1 400
%

- _\H/,z\_l/m

Khang dinh nao sai?
A. x, = 1 1adiém cyc tiéu cia ham sb.
B. Ham s6 dong bién trén khoang (—1;0) va (L+o0).

c M (0;2) 1a diém cyc tiéu cia d6 thi ham sd.
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D. f(-1)la mt gié tri cyc tiéu cia ham sb.
. . 1)?
Cau 16 (VD): Tim so hang khong chira x trong khai trién cua [xz - ;j .
A. -459. B. -495. C. 49s5. D. 495.
Cau 17 (VD): Cho ham s6 y = f(x) ¢6 dao ham f'(x) =(e* +1)(e* —12)(x +1)(x—1)*trén R. Hoi ham s6
y = f(x) c6bao nhiéu diém cyc tri?
A. 1. B. 2. C.3. D. 4.

Cau 18 (VD): Cho khdi ling tru tam giac ABC.A’B’C’ c6 thé tich V . Goi M 1a trung diém CC’. Mit phang
(MAB) chia khdi lang try thanh hai phan. Tinh ti s thé tich hai phan d6 (s bé chia s6 16m).

A2 B.>. c.l D. L.
5 5 5 6
Céu 19 (VD): Tinh thé tich V ctia khdi cAu néi tiép hinh lap phuong canh a.
3 3 3 3
Av="C g c.v="L p.v="2
6 3 3 2

Cau 20 (VD): Cho khéi chép tam giac déu SABCD c6 canh day 1a a, cac mat bén tao v6i day mot goc 60".
Tinh thé tich khdi chop do.

3 3 3 3
NP By -3 c.y=aYP3 D,y =43
2 12 6 3
Cau 21 (VD): Cho ham s6 f(x)thoa man f'(x)=(x+1)e* va f(0)=1.Tinh f(2)
A. f(2)=4e" +1 B. f(2)=2e*+1 C. f(2)=3e*+1 D. f(2)=¢+1

Cau 22 (VD): Viét phuong trinh tiép tuyén ctia d6 thi ham s6 y = x* —3x? +1 biét n6 song song voi duong
thing y =9x+6 .

A. y=9x+26;y=9x-6 B. y=9x-26
C. y=9x+26 D. y=9x-26;y=9x+6
Cau 23 (VD): Tinh d6 dai duong cao cuia tir dién déu c6 canh a.
A 42 B. 0 c. @6 p, 46
3 9 3 6
Cau 24 (VD): Tim tat ca cac gi4 tri thuc ctia tham sb m dé ham s6 y = x* —3x? + mx +2 ddng bién trén R.
A.m>3. B. m>3. C.m<3. D.m<3.

Céu 25 (VD): Cho khéi chop SABC ¢6 SA L (ABC),SA=a, AB =a, AC =2a,/BAC =120° .Tinh thé tich
khdi chop SABC .

a3
3

AV = B.V=d’\/3 C.V

a3 o3
2

D.V =
6

Céu 26 (TH): Cho tam gidc ABC vuong can tai A, duong cao AH = 4. Tinh dién tich xung quang Sy, cla
hinh nén nhan dugc khi quay tam giac ABC quanh truc AH.

A S, =427 B. S, =16v27 C. S, =82z D. S, =32\2x

. 1
Cau 27 (TH): Tinh dao ham ctia ham s0 y = T;(x >0,x#1)
nx
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_Inx-x-1 _xlnx—x-1 _Inx-x-1 D . Xlnx-x-1

' 1

x(Inx)’ T inxy Ty T iy

1

A,y

CAu 28 (VD): Phuong trinh sin’x++/3 sinxcosx =1 ¢6 bao nhiéu nghiém thuge [0;37].

A7 B.6 C. 4 D.5
Cau 29 (TH): Viét Nam la quic gia ndm & phia Pong ban dao Pong Duong thude khu vue Pong Nam A.
V6i dan s6 udc tinh 93,7 triéu dan vao dau nam 2018, Viét Nam 1a qudc gia dong dan thir 15 trén thé gioi va
1a quéc gia dong dan thir 8 Chau A, ti 1¢ ting dan s6 hang nam 1a 1,2%. Gia st ti 1 ting dan s tir nam 2018
den nam 2030 khong thay doi thi dan so6 nude ta dau ndm 2030 khoang bao nhiéu:

A.118,12 tri¢u dan. B. 106,12 triéu dan. C. 128,12 tri¢u dan. D. 108,12 tri¢u dan.

Cau 30 (TH): Diy sb nao 1 cap sb cong?
3n+1
"2

Acu =n+2"(neN*) B.u,=3n+1(neN*) C.u =3"(ne N¥) D.u (n e N*)

Cau 31 (TH): Tim nguyén ham j b .

xvVInx+1
A. %J(lnx+1)3+c B. ViInx+1+C C. %\/lnx+l+C D. 2JInx+1+C

Cau 32 (TH): Trong khong gian v6i hé toa do Oxyz cho hai vecto 5(—2; =3;1) va b(1; 0;1) .Tinh cos(;z;l;) .

A. cos(gz;l;) = il B. cos(Zz;B) = i C. cos(Zz;B) = =3 D. cos((;;l;) = 3

27 27 27 27
Cau 33 (TH): Trong khong gian v6i hé toa dd Oxyz Cho tam gidc ABC vé6i 4(1;2;1); B(—3;0;3);C(2;4;-1)
. Tim toa do diém D sao cho ti giac ABCD la hinh binh hanh ?

A.D(6;-6;3) B. D(6;6;3) C. D(6;-6;-3) D. D(6;6;-3)

A . A ey 1g T SR VT Je X +x+3 N
Cau 34 (TH): Goi M, m lan lugt 1a gia tri 16m nhat va gia tri nhé nhat cia ham s6 y = — trén [-2;1] .
TinhT = M + 2m .

25

A.T=—? B. T=-11 C.T=-7 D. T=-10

Cau 35 (VD): Biét jx—”dx =aln|x—1|+bIn|x-2|+C(a,b e R) . Tinh gid trj bicu thirc a + b
(x-1(x-2)
A.a+b=1 B.a+b=5 C.a+tb=-5 D.a+b=-1

Cau 36 (VD): Tinh tong tit ca cic gia tri cia m biét d0 thi ham s& y = x* —2mx® + (m +3)x + 4 va dudng
théng y=x+4 cit nhau tai 3 diém phéan bi¢t A(0;4), B, C sao cho dién tich tam giac IBC béng 8\/5 voi
1(1;3).

A3 B. 8 C.1 D.5
Cau 37 (VD): Goi S 1a tap hop tat ca cic gid tri ciia m dé do thi ham s6 y = x* — 2mx* + 2m+m* c6 3 diém

cuc tri dong thoi cac diém cuc tri ctia do thi 1ap thanh tam gidc c6 ban kinh dwong tron ngoai tiép bang 1. Tinh
tong cac phan tir ciia S.

1+\/§ 2+\/§ 3+\/§

B. C.0 D.
2 2 2

A.
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Cau 38 (VDC): Cho hinh chép S.ABCD c6 day ABCD 1a hinh thang vuong tai A, D va AB=AD =a, DC =
2a, tam giac SAD déu va nam trong mit phing vudng goc véi day. Goi H 13 hinh chiéu vuéng goc cta D trén
AC va M la trung diém HC. Tinh dién tich mat ciu ngoai tiép chop S.BDM theo a.

2 2 2 2
Tra B. 137za C. 137za D. Tra ‘

9 9 3 3
Ciu 39 (VD): Trong khong gian Oxyz, cho tam giac ABC v6i 4(1;2;0); B(3;2;—-1); C(—1;—4;4) . Tinh tap

A.

hop tat ca cac diém M sao cho MA* + MB* + MC* =52

A. Mit cau tam I(-1;0;-1) ban kinh 7 = 2 B. Miit cAu tam I(-1;0;-1) ban kinh 7 =+/2
C. Mit cAu tAm I(1;0;1) ban kinh =~/2 D. Mit cau tam I(1;0;1) ban kinh 7 =2

Céu 40 (VDC): Cho ham s6 y = f'(x) c6 dao ham trén R va c6 @6 thi ham s6 y = f*(x) nhu hinh bén.

Hamsb y=f (3 - x) dong bién trén khoang nao dudi day?

A. (-2-1) B. (-1;2) C. (2;+x) D. (—o0;-1)
Cau 41 (VDC): Trong mit phang (P) cho hinh vuéng ABCD canh a. Trén dudng thang qua A va vudng goac
voi mit phang (P) 1y diém S sao cho SA = a. Mit cau duong kinh AC cét cac duong thang SB, SC, SD lan
lugt tai M # B, N #C, P # D. Tinh dién tich rr gidc AMNP ?

2 2 2 2
a’\o B."‘E c."ﬁ D.“‘g
2 12 4 6

Chu 42 (VDC): Goi K 1a tap nghiém ctia bt phuong trinh 7> — 7> 4 2018x <2018 . Biét ring thp

hop tit ca cac gia tri ctia tham s6 m sao cho ham s y = 2x* —3(m +2)x* + 6(2m + 3)x —3m +5 dong bién trén

A.

Kla [a—\/g;+oo} véia,blacacsdthuc. Tinh S = a + b

A.S=14 B.S=8 C.S=10 D.S=11
Cau 43 (VDC): Cho tir dién S.ABC c6 ABC la tam giac nhon. Hinh chiéu vuong goc cta S 1én mit phing
(ABC) trung voi truc ram cta tam giac ABC. Khang dinh nao dudi day 1a sai khi n6i ve tir dién da cho ?

A. Cac doan thang ndi cac trung diém céc cip canh doi cta tir dién bang nhau.

B. Tdng cac binh phuong cta mdi cip canh dbi cua tir dién bang nhau.

C. Tén tai mot dinh cua ttr dién c6 ba canh xuat phat tir dinh c6 d6i mot vudéng gbe voi nhau.

D. Tt dién c6 cac cip canh ddi vudng goc voi nhau.
Cau 44 (VDC): Cho ham sé y = f(x) lien tuc trén R thoa man f'(x)+2x.f(x)=e “Vxe R va f(0)=0.
Tinh f(1).
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A f()=¢ B. ()= C. jf(l):ei2 D. fy=1

e e
Céu 45 (VDC): Cho hinh chép S.ABCD c¢6 day 1a hinh vuéng canh 2a. Biét ring ASB = ASD = 90", mat
phing chira AB va vudng goc voi (ABCD) cit SD tai N. Tim gia tri 16n nhat ctia thé tich tir dién DABN.

3 3 3 3
A 2L B. 23a c. ¥ D. 43a
3 3 3 3

Céu 46 (VDC): Cho ham s6 y = x* —3(m+3)x* +3 ¢6 d0 thi (C). Tim tat ca cac gia tri cia m sao cho qua

diém A(-1;1) ké duoc ding 2 tiép tuyén dén (C), Mot tiép tuyén 1a A, : y =—1 va tiép tuyén tha 2 1a thoa
man tiép xuc v6i (C) tai N dong thoi cat (C) tai P (khac N) ¢6 hoanh do bang 3.

A. Khong ton tai m thoa mén B.m=2

Cm=0, m=-2 D.m=-2

Cau 47 (VDC): Cho bét phuong trinh m.9% = — (2m +1)6>* * + ma® <0 . Tim m dé bit phuong trinh

nghiém dung Vx > %

A.m<% B.mS% C. m<0 D. m<0

Cau 48 (VDC): Cho hinh vuéng ABCD canh bang 1, diém M 14 trung diém CD. Cho hinh vuong ABCD (tat
ca cac diém trong ctia nd) quay quanh truc 1 duong thang AM ta dugc mot khdi tron xoay. Tinh thé tich ctia
khdi tron xoay do.

A. @ﬂ' B. ﬁﬂ' C. ﬂﬂ' D. ﬂﬂ'

15 30 30 15

Céu 49 (VD): Trong truyén c6 tich Cay tre tram dét (cac dbt duoc tinh tir 1 dén 100), khi khong vac duoc cay
tre dai tan 100 dbt nhu vay vé nha, anh Khoai ngéi khoc, But 1ién hién 1én, bay cho anh ta : “Con hay ho cau
than chii Xdc sudt, xdc sudt thi cy tre s& roi ra, con s& mang duoc vé nha”. Biét ring cay tre 100 dot duogc tach
ra mot cach ngﬁu nhién thanh cac doan ngén ¢6 chiéu dai 1a 2 dbt (co thé chi c6 mot loai). Xac suat dé co db
doan 3 @6t nhiéu hon s6 doan 5 d6t dung 1 doan gan véi gia tri nao trong cac gia tri dudi day ?

A.0,142. B. 0,152. C.0,132. D. 0,122.
Cau 50 (VDC): Cho ham s6 y = £(x) lién tuc trén R va c6 do thi nhu hinh v&.

yal |'

2t '

o\ '

Y-

1 \

.2 \/

Hoi ham s6 y = f(f(x)) ¢6 bao nhiéu diém cuc tri ?

A. 6 B.8
C.7 D.9
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HUONG DAN GIAI CHI TIET

1.A 2.D 3.C 4.B 5.C 6.D 7.D 8.B 9.D 10.D
11.A 12.D 13.A 14.A 15.C 16.C 17.B 18.C 19.A 20.C
21.B 22.B 23.C 24.A 25.C 26.B 27.B 28.B 29.D 30.B
31.D 32.A 33.D 34.B 35.A 36.C 37.C 38.D 39.C 40.B
41.D 42.A 43.C 44.D 45.A 46.A 47.C 48.B 49.D 50.D

Cau 1:
Phwong phap:

. . 5 1
Theé tich khoi nén c6 ban kinh day r va chieucaoh la: V' = 3 zr’h
Cach gidi:
1 1
Taco. V = gzrrzh = gﬁ(a\/g)z.a =ra’

Chon A.
Ciu 2:
Phwong phap:

Giai phuong trinh mii: o/ = a” S f(x) =m.(0 <a=1).

Cach giai:

0¥ 2 _ 1 sy —3x+2=0<:>{

Vay § = {1;2}
Chon D.
Cau 3.
Phwong phap:
xG=xA+xB+xC
3
: +y,+
G(x43¥452) 1a trong tm tam gidc ABC =4 y,; = yAJ;—ByC
zZ,+z,+zZ
ZG: A 3B [
Cach gidi:
XG:xA+xB+xC :1—3+8:2
3 3
Ta co: < v, zyA+y33+yC = 1+2+2:1 = G(2;1;-1).
ZG:ZA—i-ZB—i-zC =2+l—6=_1
3 3
Chon C.
Cau4
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Phwong phap:

Cong thirc tinh dién tich xung quanh ctia khéi tru c6 ban kinh day r va chiéu cao h 1a: S, = 2xrh .
Cach gidi:

Taco: Sxg= 2zrh = 2743 = 24r.

Chon B.

Caus:

Phwong phap:

Dua vao ly thuyét do thi ham sb y = log x (0 <a=#lx> O).

Cach gidi:

Xét ham s y = logx ta co:

HTXD: D = (0;+00). DS thi ham s nhan tryc Oy lam TCPD.

+)Co a=2> 1 nén d6 thi ham s6 luon ddng bién trén (0;+ o).

+)D0 thi ham s6 ludn di qua diém (1;0) va nam bén phai truc tung.

+)Nhu vay chi c6 déap an C sai.

Chon C.

Cau 6:

Phuwong phap:

Cong thic tinh thé tich khéi lang tru: V' = S,.h

Cach giai:

Khéi lang tru déu la khdi lang tru dimg c6 cac canh bén va cac canh day bang nhau

NG

Viscape =AA"S e = a. 4 4
Chon D.

Cau 7:

Phuong phap:

Hamsd y = f(x) nghich bién trén (a;b) & y'<0,Vx e (a;b).
Cach giai:
Tacod: y = x*— 2x — 3

Ham s6 nghichbién & 3’ < 0 & ¥’ - 2x -3 <0 &-1 <x < 3.

Chon D.

Cau 8:

Phwong phap:

+) Pudng thing x = a dugc goi 1a TCD ciia dd thi ham s6 y = f(x) = % < lim f(x) = oo,
x X—a

+) Puong thang y = b dugc goi 1a TCN ctia d6 thi ham sé y = £(x) < lim f(x) =b

Cach giai:

=1 . .
Ta cod x2—1=0<:>{x . =deéthihams6c62 TCPla: x=1, x=-1.
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1 6
- v 2 3 .
Co 1im 2% = fim = X0 = y = 0 1a TCN ciia d thj ham s5
x>0 x© — X—0 1_72
X

Nhu vay dd thi ham sb ¢6 3 duong tiém can.
Chon B
Chu y khi giai: Hoc sinh c6 thé sir dung may tinh dé lam nhanh cac bai tians vé tim s dudng tiém can.
Cau9.
Phwong phap:
Dua vao dang diéu cua do thi ham sb, nhan xét va suy ra cong thirc dung,
Cach giai:
Quan sat d6 thi ham s6 ta thiy nét cudi cia ham sb di xuéng nén ¢ < 0 = loai dap an B.
Ta thay d thi ham s ct truc tung tai 1 diém c6 tung d6 16n hon 0 nén loai dap an A.
+)Xétdapan Ctacod y'=-3x"-1=0<3x> =-1 = pt VN
=Ham sb khong co cu tri.
Ma quan sat dd thi 6 hai diém cyc tri = loai C
Chon D.
Cau 10.
Phwong phap:
Str dung cong thirc nguyén ham co ban Ie’“dx =% e"+C .
Cach giai:
3x
Taco [e"dv="—+C
3
Chon D.
Cau 11:
Phwong phap:

+) Taco: S4, SB, SC d61 mot vudng goc nén: Vg, = éSA.SB.SC

Cach gidi:

Ta c6: S4, SB, SC d6i mot vudng goc nén: Ve, = éSA.SB.SC = éabc .
Chon D.

Cau 12:

Phwong phap:

Ham s6 y=log, f(x)(0<a #1) xac dinh < f(x)>0
Cach giai:
x>2

Ham sb xéac dinh <:>x2—x—2>0<::{
x<-1

Chon D.
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Cau 13:

Phwong phap:

Cho mit cau (S): x*+y*+z"—2ax—2by—2cz+d =0 thi mit cAu co tim I(a;b;c) va ¢O ban kinh
R=Na’+b*+c*—-d.

Cach giai:

Theo d& bai, mit chu (S) ¢6 tim 7 (1;-2;2) va ban kinh R = /1> +(=2)* +2* +25 =34
Chon A.

Cau 14:
Phwong phap:

2
Str dung cac cong thirc nguyén ham co ban: J.cos xdx=sinx+C ; I xdx = % +C

Cach gidi:

Taco I(cosx—2x)dx = sinx—szZJrC =sinx—x"+C.

Chon A.

Cau 15:

Phwong phap:

Dua vao BBT va cac dap an dé nhan xét va chon dép an ding.
Céch giai:

Dua vao BBT ta théy M ( 0; 2) 1a diém cuc dai cia dd thi ham sb.

Chon C.
Cau 16:
Phwong phap:
Str dung cong thirc khai trién nhj thirc Newton: (a +b)" = Z Cta"*b" .
k=0
Cach giai
1 12 1 ko1 12
Ta c6: [xz ——)12 = ChH(xH** (—) =Y CEXPTH (D T =D () O TR (0<k <12,k e N)
X k=0 X k=0 k=0

Dé c6 s hang khong chira x trong khai trién thi: 24 — 3k = 0 © k = 8

Vay hé s6 can tim la (=1)*CF, = 495 .

Chon C.

Cau 17:

Phuong phap:

Céc diem x = x, dugc goi 1a diém cuyc tri clia ham s6 y = f(x) & x=x, la nghiém boi 1é ctia phuong trinh
' =0.

Céch giai:
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e +1=0

. x=1Inl2
ﬂwéf(@zOCb@X+D@X—DXx+D@—D2=Oc>e —12=0_ x=-1
x+1=0
x=1
x—1=0

Trong d6 ta thdy x = 1 1a nghiém boi hai ctia phuong trinh = x = 1 khong la diém cuc tri ciia ham s6
Viay ham s6 ¢6 2 diém cuc tri.

Chon B.

Cau 18:

Phwong phap:

So sanh ti s dién tich day va ti s chiéu cao, tir 46 suy ra ti sb thé tich.

Cach gidi: A B
l.d (M; (ABC)).S ¢

Ta co —M.ABC _ _ 3 _ 1‘

1
Vipe amc d(C';(ABC)).SMBC 32

| =

Do d6 ti s6 thé tich hai phan (s6 bé chia sb 16n) ma mat
. 1
phang (MAB) chiara la 3

Chon C.
Cau 19:
Phwong phap:

, s 4
Cong thirc tinh thé tich kh6i cau ban kinh R: V' = 3 7R’
Céch giai:

Khdi cau noi tiép hinh 1ap phuong canh a ¢6 ban kinh R = % .

3 3

3 \2 6
Chon A.
Cau 20:
Phwong phap:

Cong thire tinh thé tich khéi chop 7 = %Sd h

Céch giai:

Goi AC N BD = {0} . Khi d6 ta c6 O 1a hinh chiéu cia S trén (ABCD).
Goi M 1a trung diém ciia BC = SM1BC.

= Z((SBC);(ABCD)) = £(SM;0M ) = ZSMO = 60°

Xét aSOM vudng tai O ta co: SO = OM tan 60° = %.ﬁ = % .
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1 lax/g ) a3x/§
VSABCDZESO'SABCDZE‘ 5 a = 6 .

Chon C.

Cau21:

Phwong phap:

+) Ap dung tinh chat: j f(x)dx = f(x)+C

+) Sir dung c4c cong thirc tinh nguyén ham ciia cic ham s co ban dé tim ham f'(x) sau d6 tinh f(2)
Cach gidi:

Tacd f(x)= j(x +1)e*dx = jxe"dx + je"dx =e" + jxe"dx

Tinh I = J.e"dx

{u =X {du =dx
bat =

dv=e"dx v=e
:>I:Ixexdx:xe‘—jexdx=xex—e"+C
= f(x)=¢"+xe* —e"+C=xe" +C
Laico f(0)=1=0e"+C=1=C=1
f(x)=xe*+1= f(2)=2."+1=2e"+1.
Chon B.
Cau 22:
Phwong phap:
+) Phuong trinh tiép tuyén cta d thi ham sb y = f'(x,) taidiém M (x,,,) 1a: y = £2(x,)(x—x,)+ ¥,

, a =d

+) Buong thang y =a,x+b, va y =a,x+b, la hai duong thang song song < {bl b2
1 # 2
Cach giai:
Ta co y'=3x2 —6x
Goi M (x,,,) 1a mot diém thudc d thi ham s6. Khi d6 phuong trinh tiép tuyén ctia do thi ham s6 da cho tai
diém M 1a: y = f’(xo)(x—xO)erO S y= (3x§ —6x0)(x—x0)+x3
Theo dé bai ta c6 dudng thang d //y =9x+6= f'(x,)=6
5 ) x=3=>M(31)
< 3x, —6x, =9 3x, -6x,-9=0<
x=—1= M(-1;-3)

+) Phuong trinh tiép tuyén cta do thi ham s6 tai M(3;1)1a: y =9(x—3)+1=9x—-26 (tm)
+) Phuong trinh tiép tuyén ctia d6 thi ham s6 tai M(—1;-3)1a: y =9(x+1)=3=9x+6 (ktm do = (d))
Chon B.
Cau 23:
Phuong phap:
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Ta 6 cong thuc tinh thé tich khdi chép ¥V = %S h=h= Z—V

d

Cach gidi:
Str dung cong thirc tinh nhanh khdi chop tir dién déu canhala ¥ =

a*\3

4

a’N2
12

Dién tich ctia d4y 14 tam giac déu la: § =

a*\2

3V 3 12 a6
- h == - =
S A 3
4
Chon C
Cau 24:
Phuwong phap

Ham sb da cho dong biéntrén R <y >0 VxeR

Cach giai:

Tacé y'=3x>—6x+m

Ham sb da cho dong biéntrén R <y >0VxeR © A <0< 9-3m<0<m>3
Chon A.

Cau 25:
Phuong phap

Ta c6 cong thic tinh thé tich khdi chop V = %S G
Cach giai

1.1 1 NERRESNE)

Taco: V= lSABC SA =—-SA - ABACsinA=—aala—-=
3 32 6 2 6

Chon C.

Cau 26:

Phuwong phap:

Str dung cong thire tinh dién tich xung quanh cua hinh nén S, = 7rl trong dor, 1 1an Iuot 13 ban kinh day
va d¢ dai duong sinh ctia hinh non.

Cach giai:
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B H

Khi quay tam gidc vuéng can ABC quanh AH ta duoc khdi nén c6 chidu
cao AH = 4, ban kinh ddy BH = AH =4 . Ap dung dinh 1i Pytago trong
tam giac vuong ABH c6 AB = AHN2 =42

Khi d6 dién tich xung quanh cua hinh no6n 1la
S, =7.AH-AB=7.442 =1627

Chon B.

Cau 27:

Phuong phap:

Sir dung cong thirc tinh dao ham ciia thuong (gj _utvev'
v v

Cach giai:

1
lnx—(x+1)~; xlnx-x-1
(Inx)? x(Inx)*

'

y:

Chon B.

Cau 28:

Phuong phap:

Xét hai truomng hop:

TH1: cosx =0

TH2: cosx # 0. Chia ca 2 vé ctia phuong trinh cho cos’x .

Cach giai:

THl:cosx=0<x = %+ kz(k € Z) = sin® x =1, khi d6 phuong trinh tr¢ thanh 1 = 1 (ludn dung)

=>Xx= §+ kz(k € Z) la nghiém cta phuong trinh.

xe[0;37r]:>OS%+kﬁS37r<:>—%SkS%(keZ)<:>ke{0;1;2}

TH2: cosx#0 & x # %+ kz(k € Z) . Chia ca 2 vé clia phwong trinh cho cos’x ta dugc:
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sin’ x \/’SIHX 1

1 V4
5 <:>tan2X+\/§tanx:1+tan2X<:>tanx:—<:>x:—+k7r(keZ)
cos’ X cosx cos’X NE) 6

e[O;37z]:>0§%+k7z§37z©—%£k£%(keZ)<:>ke{0;1;2}

Vay phuong trinh d4 cho ¢6 6 nghiém théa man yéu ciu bai toan.

Chon B.

Cau 29:

Phuwong phap:

St dung cong thuc laikép A, = A(1+r1)" trong do:

A, :Dan s sau n nam.

A: Dan s6 ban dau

r: ti 18 ting dan sd.

Cach giai:

Tl nam 2018 dén nam 2030 14 12 nam.

Dan s6 nudc ta tinh dén nam 2030 voi ti 1é ting dan sb khong d6i 1,2% la:
S=93,7(1+1,2%)"* ~108,12 tri¢u dan.

Chon D.

Cau 30:

Phwong phap:

Xéthiéu u, _, —u, ludén bang hang s6 khong dbi thi diy (un) 1a mot cap sb cong.
Cach giai:

XétdapanBtaco u,,, =3(n+1)+1=3n+4=u,, —u, =3Vne N .

Do d6 day s6 u, =3n+ l(n € N*) 1a mot cap sb cong.

Chon B.
Cau 31:
Phuwong phap:

Sir dung nguyén ham co ban j %dx =2/x +C va cong thirc vi phan f'(x)dx = d(f(x)).
X
Cach giai:

jd(ln”l) 2Winx+1+C

Jx\/lnx+ Vvinx+1

Chon D.
Chii y: Di voi bai toan nay, néu khong quen sir dung vi phan hoc sinh hoan toan c6 thé str dung phuong
phap bién bang cach dat t=+Inx+1 ,khi d6 t* =Inx +1 < 2tdt = dx

X

Nguyén ham tré thanh jztdt —2Idt=2t+C=2\/mx+l+C

Cau 32:
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Phuong phap:

Sir dung cong thirc cos(@;b) = ﬂa'bq
|9

Cach giai:

- ab 241 -1
Ta c6 cos(a;b) === =
al[p| V1442 247

Chon A.

Cau 33:

Phuong phap:

ABCD 12 hinh binh hanh <> AB =DC
Cach giai:
ABCD 4 hinh binh hanh <> AB=DC
Ta c6 AB =(-4;-2;2);DC =(2-xp4-yp—-1-2,)
2-x,=-4 X, =6
AB=DC & {4y, =21y, =6=D(6;6;,-3)
—1-z,=2 zZy,=-3
Chon D.
Chii y: Hoc sinh thuong nhim 14n ABCD 14 hinh binh hanh <> AB =CD. Cha y AB = CD chtt
AB#CD.
Cau 34:
Phuwong phap:
Phuong phap tim GTLN, GTNN cua ham s6 y = f(x) trén [a;b]
+) Giai phuong trinh f'(x) =0 suy ra cac nghiém x; € [a;b]
+) Tinh f(a);f(b);f(x;).
+) Két luan max f(x) = max {f(a);f(b); f(x;)};min f(x) = min {f(a); f(b); f(x,)}.

[a:b]

Cach giai:

TXD: D=R\{2} . Taco y':(2X+1)(X_2)_(2X +X+3):X2—4x25:0 {x=5e[—2;1]
(x-2) (x-2) x=—le[-%1]

M =
f(—2):—%;f(l):—S;f(—l):—lj{m (= T=M+2m=-1-10=—11

Chon B.
Cau 35:
Phwong phap:
x+1 A
(x-1)(x-2) x-1

+) Phan tich biéu thirc +- B 5 (A,BeR)
<
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+) Str dung nguyén ham mé rong j;bdx = l1n |ax + b| +C
ax + a

Cach giai:

, x+1 -2 3

6 = +
x-DH(x-2) x-1 x-2

Do do

Tac

[— dx=j[ 2,3 jdx=—2ln|x—1|+3ln|x—2|+C
(x—-1I)(x-2) x—-1 x-2

a=-2
=aln|x—1|+bln|x—2|+C:>{b_3 —=a+b=1

Chon A.

Cau 36:

Phuwong phap:

+) Tim diéu kién dé phuong trinh hoanh d6 giao diém c6 3 nghiém phan biét.
+) Sur dung cong thic tinh dién tich tam giac

2S

AIBC

1 1
Susc =—=d(;BC).BC =—d(I;d),BC = BC =
ae =5 d(1BC) 5 d(:d) a(L:d)

+) Str dung cong thirc tinh do dai BC = \/(XB - X, )2 +(y5—Ye )2
+) Ap dung dinh 1i Vi-ét tim m.

Cach giai:

Xét phuong trinh hoanh d6 giao diém

X +2mx’ +(m+3)x+4=x+4 < x> +2mx’ +(m+2)x =0
x=0=>y=4= A(0;4)

<:>x(x2+2mx+m+2)=0<:> ,
X +2mx +m+2=0(1)

Pé y=x’+2mx* +(m+3)x +4 va duong thing y = x +4 cit nhau tai 3 diém phan biét thi phuong trinh

m>2
A'=m’-m-2>0 [
=

m+2#0

(1) phai c6 2 nghiém phéan biét khac 0 = { m<-—1

m# -2
X +X. =—2m

Khi do: x;;x. 1a 2 nghiém cta phuong trinh (1), &p dung dinh li Vi-ét ta co {
XpXe =m+2

Ta 66 S e = d(1;BCLBC = d(1:d) BC = BC - _fifld)

1-3+4
Méd(I;d)=| 5 pe 282

72 B

Ta co
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BC? :(XB —xc)2 +(yB —yc)2 :(XB —XC)2 +(XB +4-X. —4)2 :Z(XB —XC)2

& (x—%¢) =128 = (%, +x0 ) —4x,x. =128

S4m’ —4(m+2)=128<>m’ -m-2=32<m’ -m-34=0

Phuong trinh bac hai an m ¢6 2 nghiém phan bigt m,,m, v m, +m, =1.

Chon C.

Cau 37:

Phuwong phap:

+) Tim diéu kién ctia ham s6 ¢6 3 diém cuc tri. Xac dinh cac diém cuc tri A, B, C ctia dd thi ham sb.

+) Tinh dién tich tam giac ABC, str dung cong thuc S, ;. = %d(A;BC) ‘BC .

+) Str dung cong thtrc S, ;. = % trong d6 R 1a ban kinh duong tron ngoai tiép tam giac ABC.
Cach giai:
) 3 x=0
TXD: D=R.Taco y'=4x" -dmx=0<| ,
X" =m

Dé ham s6 ¢6 3 diém cuyc tri thi phuong trinh y'=0 ¢6 3 nghiém phan biét < m >0
x=0=y=2m+m’ :A(0;2m+m4)

Khidotacod: y'=0< x:\/azy:m“—m2+2m:B(\/a;m4—m2+2m)
x=—\/E:>y=m4—m2+2m:C(—x/B;m4—m2+2m)

Ta co d(A;BC) =‘m4 +2m-m* +m’ —Zm‘ =m*;BC = 2Jm .

=S, e = %d(A;BC).BC = %mz.z& —m*Jm.

Taco: AB’ =m+m* =AC’

Goi R 12 ban kinh duong tron ngoai tiép tam giac ABC, khi d6 ta co:

2

AB-AC-BC @mZJa:(m+m4)2“/B

4
- S m+m =2m
AApe 4R 4

S

<:>m(m3—2m+l):0<:> m

~1++/5 { ~1++/5 —1—\6}
=—=S=70;1; ;

2 2 2
—1-+/5

m=

L 2
Khi d6 tong c4c phan tir ctia S 1a 0+1+—1+2\/§+_1_2\/§ —0
Chon C.
Céau 38:
Phwong phap:
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+) Ching minh t& giac ABMD la tir giac ndi tiép dudng tron duong kinh BD, suy ra mit ciu ngoai tiép
chop S.BDM ciing chinh 12 mat ciu ngoai tiép chop S.ABMD.

+) Xéc dinh giao diém I cta 2 tryc cta tir gisc ABMD la SAD. Chimg minh I 1a tim mit cau ngoai tiép
chop S.ABMD.

+) Tinh ban kinh mat cau ngoai tiép R =TA, st dung cong thtc tinh dién tich mat cau S=47R? .

Cach giai:

Xét tam giac vuong ADC co

AD.CD a-2a 2a
DH = = = —
JAD?+CcD?  ai+4a® 5
CD? CD? 43’ 4a
HC = = = —_—
AC  JAD*+CD? a’+4a® 5
~HM=1HC=2%_DH
2 J5

= ADMH vudng can tai H.
= AMD =45°= ABD = Tir gisc ADMB la tir giac ndi tiép = Mait ciu ngoai tiép chop S.BDM ciing
chinh 1a mat cau ngoai tiép chép S.ABMD.
D@ thay tir gidic ABMD noi tiép duong tron dudng kinh BD, goi O 1a trung diém cua BD, ké dudng thing
d L (ABCD) .
Goi G 14 trong tam tam giac déu SAD, qua G ké GI//OK(I e d) (K la trung diém ctia AD).
Taco OK//AB= OK L AD= OK 1 (SAD)= GI L (SAD)
Taco: led=IA=IB=IM=1D
[elG=IS=IA=ID
=IA=IB=IM=ID=IS= I 1 tim mit ciu ngoai tiép chép S.ABMD.

2 2
Ta 6 OK =+ AB =2 = AK = OA = JOK? + AK =‘/a—+a—:&
2 2 44 2
a3 1 a\/g_

Tam giac SAD déu canh a = SK :T =GK= ESK = o Ol

2 2
Xét tam giac vuong IOA co: 1A = 102+OA2=\/[3\6/§j J{a\/zJ zax/i:R

2
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e aen o, A . , . ) 7a®  Tra’
Vay dién tich mat cau ngoai tiép chop S.BDM la S=47R° =4r -3

Chon D.
Cau 39:
Phuong phap:

Str dung cong thirc tinh d6 dai doan thang AB = \/(XA —x,) +(Ya—Vs ) +(z, — 24 ).
Cach giai:

Goi M(a;b;c) taco:

MA® + MB? + MC? =52

S (a-1Y+(b-2)Y+c*+(a-3)>+(b—2)" +(c+1)’ +(a+1)’ +(b+4)* +(c—4)’ =52
<32’ +3b° +3¢’ —6a—6¢c=0

sat+b*+c¢t-2a-2¢=0

Vay tap hop tAt ca cc diém M 1a mit cdu tim I(1;0;1) bénkinh R =+1>+0> +1°—=0 =+/2 .

Chon C.

Cau 40:

Phwong phap:

+) Str dung cong thirc tinh dao ham ham hgp tinh dao ham ctia ham sb g(x)=f(3-x).

+) Ham s6 dong bién trén (a;b) khi va chi khi g'(x) > 0Vx € (a;b) va bang 0 tai hiru han diém.
Cach giai:

bit g(x)=f(3—x) taco g'(x)=—f'3—x)

Xét x e(-2;-1)=3-xe(45)=f(3-x)>0=g(x)<0= ham s6 y = g(x) nghich bién trén (-2;-1)
Xét xe(-1;2)=3-xe(1;4)=>f (3-x)<0< g (x)>0= ham sd y = g(x) dong bién trén (—1;2)
Chon B.

Cau 41:

Phuong phap:

+) Chimg minh SC L (AMNP) .

+) Str dung cong thuc ti s6 thé tich tinh thé tich chop S.AMNP.

+) Str dung cong thirc tinh thé tich Vg, = %SN.S =S BEL/YY .

AMNP AMNP =
SN
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Cach giai:

Goi O=ACNnBD
Do M thudc mit cau duong kinh AC
= AMC =90" = MC L MA
Ta co

BC L AB(gt)
{BC 1 SA(SA 1L (ABCD))
= AM 1 (SBC)= AM 1. SBva AM | SC

— BC L (SAB)=> BC L AM

Ching minh tuong tu ta c6
AP 1L (SCD)= AP LSC;AP LSD.

N thudc mit cau duong kinh AC = ANC =90" = AN L SC

= SC L (AMNP)

Ap dung hé thic lugng trong tam giac vuéng SAC ta cd

SA* SA* a’ a . SN SA’ a’

SN =

1

SC  JSA’+AC’ +a*+2a> V3 SC SC* a’+2a’ 3
2 2

Ap dung hé thuc trong tam gidc vudng SAB ta co SM = SAZ = za - = 1

SB® a"+a” 2

' SP SA?  a? |
Ap dung hé thirc lvong trong tam giac vuong SAD ta c6 — = = _2

paune ae ong frong tam g g SD SD* a’+a’ 2
Ta co6:
Voawn SM SN 11 1 1 1
Vs‘ABc SB SC 23 6 S.AMN 6 S.ABC 12 S.ABCD

SN SP 11 1 1 1

S.ACD :——:——:—:V :_V :—V

VSACD SC SD 32 6 S.ANP 6 S.ACD 12 S.ABCD
1 1 1 11 a®

= Voamn = Vsaun + Vsane = EVSAABCD + EVS.ABCD = gVSAABCD = g : ESA'SABCD = E
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3. — 2
. 1 3V, a’\3
Lai co Vg e = ESN‘SAMNP =S = same 18 _

Chon D.

Cau 42:

Phuwong phap:

+) Str dung phuong phap ham sb tim K.

+) Tim diéu kién dé ham s6 y =2x* =3(m+2)x’ +6(2m+3)x —3m+5c6 y'>0vxeK

Cach giai:

7 _ gl 0018x <2018

& 7 12018x +1009vx +1.< 71 42018 +1009vx +1

Xét ham s6 f(t)=7'+1009t taco f'(t)=7"In7+1009 >0Vt € R = Ham s6 dong bién trén R.

= (*) @ 2x+/x+1 <2+/x+1 = x < 1= K = (—0;1]

Bai toan trd thanh tim m dé ham sé y = 2x® —3(m +2)x* + 6(2m +3)x —3m +5 ddng bién trén (—oo;l] .
Tacd y'=6x>—6(m+2)x+6(2m+3)=0< x* —(m+2)x+(2m+3)=0

A=(m+2)’ -42m+3)=m*-4m-38

THI: A<0<2-2/3<m<2+2y/3 . Himsé da dong bién trén R, théa man dong bién trén (—oo;l] :

m>2423 . AT
TH2: A>0< , khi d6 ham so ¢6 2 diém cuc tri x, <X, . Ta c6 bang xét dau y’:

m<2-243

x |—1 x X -

¥ + 0 - 0 +

Dé ham s6 dong bién trén (—o0;1]=>1<x, <X, .
. X, +X,>2 X, +X,>2
Khi do ta co =
(x,—1)(x,-1)=0 " |x,x, —(X, +x,)+1>0
X, +X,=m+2

Ap dung dinh 1i Vi-ét ta c6
XX, =2m+3

m+2>2 m>0 m>0
= = = <m>0
2m+3-m-2+12>20 m+2=>0 m=>-2

:>m>2+2\/§

. a=2
Két hop 2 truong hop ta c6 2—2\/§§m:>me[2—\/§;+oo):>{ —S=a+b=14

Chon A.
Cau 43:
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Cach giai:
+) Goi AA’, BB’, CC’ lan luot 1a cac duong cao cua tam
giac ABC.

. [BC LAA'
Ta c6 = BC L (SAA')=BC LSA.
BC LSH

Hoan toan tuong tu ta chung minh
duoc AB L SC,AC 1. SB= DPép an D dung.

+) S.ABC la tir dién truc tdm nén tong cac binh phuong
cua moi cap canh ddi cua tir dién bﬁng nhau (tinh chét tir

dién trong tdm) = dap an B dung.

+) Goi M, N, P, Q lan luot Ia trung diém cua SA, SC, BC, AB.

Tacd MN//PQ//AC,MN =PQ = % (tinh chat duong trung binh cia tam giac) = MNPQ la hinh binh
hanh.

MN//AC
Lai c6 {MQ//AC = MN L MQ = MNPQ la hinh chit nhat = MP = NQ

AC LSB

Tuong ty nhu vy d6i véi duong ndi trung diém ciia 2 canh ddi dién con lai 1a AC va SB. Ta ching minh
duogc cac doan thang noi cac trung di€ém cac cdp doi cua tr dién bang nhau = Dap an A diung.
Chon C.

Cau 44:

Phuwong phap:

+) Nhén ca 2 vé véi e . Lay nguyén ham 2 vé sau d6 xac dinh ham s6 f(x) .

+) Tir gia thiét £(0)=0 tinh hang s6 C, tir d6 tinh (1) .

Cach giai:

f'(x)+2xf(x) = e*VvxeR

o e¥ [fi(x)+2xf(x)]=1

e f(x)+2xf(x)e" =1

PN (f(x)~e"z )':1

o f(x)e =x+C < f(x)=(x+C)e™

Ta co f(O)=0<:>C=0<:>f(><)=xe”‘2 =f(l)=1e" 1
e

Chon D.
Cau 45:
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Cach giai:
Goi O=ACANBD va (P) 1a mit phang chira AB va vudng goc
voi (ABCD).

(SA LSB
Ta co — SA L (SBD)= SA L BD
SA 1 SD

— BD L (SAC).

_ (BDLAC
a
BD L SA

Trong SAC ké duong thang OI L AC(I e SC)

Taco
Ol < (SAC)= Ol L BD,OI L AC= Ol L (ABCD) = (P)//(OD) g
Trong (SAC) ké AM//OI(M €SC).

(P) va (SCD) c¢6 diém M chung, AB//CD = (P)N(SCD) = dudng thang qua M va song song véi AB,
CD.
Trong (SCD) k¢ MN//CD(N € SD) . Khi d6 (P)=(ABMN).

, 1 2 2
Ta co VDAABN 3 AABD d(N (ABD)) - AABD d(M (ABD)) - MABd(I (ABD)) = _IOSAMBD

=V o = %10%.4312 = 4%10

Do d6 dé V, ., 16n nhét thi O phai 16n nhét.
Vi SA L (SBD)(cmt) = SA L SO = ASOA vudng tai S.
Piat SA =x(0< x <av2 =0A). Ta cb

OA :%AC :%.231\/5 —av2 = S0 =+JOA? —SA? =/2a% — x>

M

Ké SH L AC(H e AC) tacod

SASO xA/2a> —x?2 X\/2a —x? SO2 B 2a? —x?

SH: = = ’

\/SA2+SO2 \/x2+2a2—x a2 T 0A a2
2a’ —x? 432—x2
CH=0C+OH =22+ =
a2 a2
Ap dung dinh 1i Ta-1ét (O1//SH) ta co:
x+/2a? —x? \/5
E—E:O a2 X\/2a2—x2.a\/§_axxl4a2—2x2
SH CH 4a* —x* 4a* —x* 4a* —x*
a2
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Ap dung BDT C6-si cho hai s6 khong 4m x va v/4a” —2x” ta cé:

2 2 2 2 2
. /7432_2X2Sx +4a” - 2x :4a X

2 2
4a* —x?
f— OI < a% = E .
4a” —x 2
Dau “=" xay ra < x =v4a’ —2x*> < x> =4a’ - 2x* < x* =ga2 & X =%.
43’ a 2a’ 2a°
Vay V, <———=— hay maxV =—.
dY Vpasn 3 5 3 y DABN 3
Chon A.
Cau 46:
Phwong phap:

+) Viét phuong trinh tiép tuyén cua d thi ham sé tai diém c6 hoanh d6 x = X, -
+) Tir gia thiét c6 mot tiép tuyén la: A, 1y =-1 tinh dugc m.

+) Tht lai va két luan.

Cach giai:

TXD: D=R ,tacd y'=3x"—6(m+3)x.

Phuong trinh tiép tuyén ctia @ thi ham sd tai diém c6 hoanh d6 x = X, la:

y= (3X(2) —6(m+3)x0)(x - x0)+ x; —3(m+3)x; +3(d)

C6 mot tiép tuyén 1a A, 1y =—1

3x2—6(m+3)x, =0 X =9
o PN OmEI% =0 a3
X, —3(m+3)x, +3=-1 , 5
X, —3(m+3)x, +3=-1
THI: x, =0=3=-1 (v0 nghi¢m).
TH2: x, =2(m+3) = 8(m+3)’ —3(m+3).4(m+3)°+4=0
& 4m+3’ +4=0=(m+3’ =1leom+3=1m=-2.
Thir lai khi m =—2, phwong trinh duong thang (d) tré thanh
y=(3X(2)—6X0)(X—XO)+X(3)—3X(2)+3(d)
A(=L=1) e (d) = —1=(3x] = 6x, ) (-1-X, )+ X; = 3x; +3
& —1=-3x] +6x, —3x, +6X, + X, —3x; +3

<:>2x3—6x0—4=0©[

Phuong trinh ¢ 2 nghiém phan biét, do do6 tir A ké duoc 2 tiép tuyén dén d6 thi ham s6 khi m =—2 (tm).
Viy m=-2.
Chon A.
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Cau 47:
Phuwong phap:

+) Chia ca 2 vé ciia bat phuong trinh cho 43

2Xx°—x
+) bat (%) =t ,vdi x 2% xac dinh khoang gia tri cta t.

+) Pua bét phuong trinh vé dang m < f(t)Vt € (a;b) & m < I(l’llbl)l f(t)

+) Lap BBT ham s6 y = f(t) va két luan.

Cach giai:

MmO —(2m+1)6> T +md* <0
2x%—x 2x%—x

& m. e -(2m+1) e +m<0

@m[(gj X X] —(2m+1)(§j X 7X+m£0
2 2

2x%—x
. 1 .
bat (% =1vol ng . Xétham so f(x)=2x" —x tacoé BBT

X —00 l l +00
4 2
() - : :
f(x) 400 / 400
0

0
:f(x)ZOVxZ%@tZ(%) =1

Khi d6 bat phuong trinh tro thanh mt* —(2m+1)t+m <OVt > g

Smt® -2+t <Vt 21 m(t -1 -t <0V =1

Khit=1tacé —1<0 ludn ding.

Xetkhi ¢>1=>m< ’12 = f(O)V1> 1 m<min f(1)

(t=1)7—22.t-1) t-1-2t
¢-n" =)

Taco f'(¢t)=

BBT:

0=

-1
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+00

NG

—0o0

Dua vao BBT ciia ham s6 y = f(¢) ta c6 milnf(t)>0:>m30

Chon C.

Cau 48:

Phwong phap:

+) Sir dung cong thirc tinh thé tich khdi non trong do r, h 1an luot 1a ban kinh day va chiéu cao cua khéi nén

+) Str dung cong thirc tinh thé tich khdi nén cut trong do r, 1 1an luot 14 ban kinh 2 day va chiéu cao ctia khdi
nén

Cach giai

Khi quay hinh vuéng ABCD quanh AM ta duogc:

+) 1 khdi nén dinh A, duong cao AN, ban kinh day NB (V).

+) 1 khdi nén cut tim N, P (V,) — 1 khdi noén dinh M, dudng cao MP, ban kinh day PC (V).

1
~Z
Tac6 AABN - AMAD(g.g) = N - AB v 20 _ 1
DM AM 5
12+£j
2
— BN =+ AB* — AN? = 1_l=i
5 5
.y _iﬂ(if 14z
3t ) s 75
1
PC MC MP 1 C=yNB=
TaC(I)AMPC"’AANB(gg)DE:E:E:Ej 1
MP == AN =
2
:>NP=MN+MP=AM—AN+MP=£—L+L=£
2 5 25 5
— v, =Lzpc? +BN? +PCBNNP=Z[ L AL L 2 25 145
3 305 5 Js'5) 5 75

2
vo=Lempper-Z L[ L _sm
3 3725\ 5 150
W 1405 sro 75
-5 + - = T

V=WV, -V, =
75 150 30

Chon B.
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Cau 49:
Phwong phap
+) Goi s6 doan c6 chidu dai 2 d6t 1a x va s6 doan c6 chidu dai 5 dbt 1a y, 1ap hé phuong trinh giai tim x, y
trong trudng hopx — y = 1, suy ra két qua thuan loi cho bién c¢b “sé doan 2 dbt nhiéu hon sé doan 5 dbt
dang 1 doan”.
+) Tinh s6 b s6 (x; ) thoa man 2x + Sy =100 2x + 5y =10 (x,y € N) , suy ra s6 phan tir ctia khong
gian mau.
+) Tinh xéc suét cua bién cb.
Cach giai
Goi s6 doan c6 chiéu dai 2 ddt 13 x va sd doan c6 chiéu dai 5 ddt 1a y, ta cd hé phuong trinh

2x+5y =100 x=15
{x -y=1 “ { y=14
Goi A 12 bién cb sb doan 2 d6t nhiéu hon sd doan 5 ddt dung 1 doan” = n(A4) =1 .

Xét cac bo sd (x,y) thoa man 2x + 5y =100 (x,y € N) ta c6 bang sau:

x 0 5 10 15 20 25 30 35 40 45 50
y 20 18 16 14 12 10 8 6 4 2 0
—n(Q)=11

Vay P(4) = % ~0,09

Chon D.

Cau 50:

Phwong phap

Giai phuong trinh ” = 0 . Luu y tinh dao ham ctia ham hop. S6 nghiém boi 1é ctia phuong trinh chinh 14 s6
cuc trj ctia ham sb.

Cach giai

Dua vao d6 thi ham sb y = f(x) tathéyhém sdco3diémeyctri x = 2, x = X, 6(1;2), X =X, 6(2;3).

f'(0)=0
fx)=2
f@)=xe2)
S(x)=x,€(23)

Xéthamsoy = f(f(x)) coy'= f'(x).f (f(x) =0 &

x=2
Phuong trinh f'(x) =0 | x=x,€(1;2) .
x=x,€(2;3)

Phuong trinh f(x) =2 c6 2 nghiém don phan biét.

Phuong trinh f(x) = x;, € (1;2) ¢6 2 nghiém don phan biét.

Phuong trinh f(x) =x, €(2;3) c06 2 nghiém don phan biét.

Céc nghiém nay khong trung nhau, do d6 phuong trinh y’ =0 ¢6 9 nghiém phan biét (khong tringf nhau),
Céc nghiém déu 1a nghiém don. Do vay ham sé y = f ( f (x)) ¢4 9 diém cuc tri

Chon D.
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Pé khio sat chat lwong Toan 12 nim 2018-2019

MA TRAN DE THI

Lép Chuong Nhin Biét Théng Hiéu Van Dung Van dung cao
Pai s6
C8 C15C34 C17 C22 C24
Chuong 1: Ham S6 C7.C9 €36 C37C40 C46
C50
Chuong 2: Ham S6 Liiy
Thira Ham So6 Mi Va C12 C2C5 C29 C47 C42
Ham So6 Logarit
Chuong 3: Nguyén Ham -
Tich Phan Va Ung Dung C10 Cl4 C31 C21C35 C44
Lép 12 | Chwong 4: S6 Phirc
(92%)
Hinh hoc
ey o C18 C20C23
Chuong 1: Khoi Pa Dién C6 Cl11 25 CM3 C41 C45
Chuong 2: Mat Non, Mt
Tru, Mat Cau Cl C4 C26 C19 C48 C39
Chuong 3: Phuong Phap
Toa B9 Trong Khong C13 C32 C3C33 C39
Gian
Pai s6
Chuong 1: Ham S Luong
Giac Va Phuong Trinh C28
Luong Giac
Chuong 2: T6 Hop - Xac
Lép 11 | Suit 16 €49
(8%)
Chuong 3: Day Sc"),’Cép 30
S6 Cong Va Cap SO Nhan
Chuong 4: Gioi Han
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Chuong 5: Pao Ham

C27

Hinh hoc

Chuong 1: Phép Doi Hinh
Va Phép Bong Dang
Trong Mat Phang

Chuong 2: Buong thing
va mat phang trong khong
gian. Quan hé song song

Chuong 3: Vecto trong
khong gian. Quan h¢
vudng goc trong khong
gian

&
&
(=1
72}
>~

Lép 10
(0%)

Chuong 1: Ménh Dé Tap
Hop

Chuong 2: Ham S6 Béc
Nhét Va Bac Hai

Chuong 3: Phuong Trinh,
Hé¢ Phuong Trinh.

Chuong 4: Bét Dang
Thure. Bat Phuong Trinh

Chuong 5: Théng Ké

Chuong 6: Cung Va Goc
Luong Giac. Cong Thurc
Luong Giac

Hinh hoc

Chuong 1: Vecto

Chuong 2: Tich Vo
Hudng Cua Hai Vecto Va
Ung Dung

Chuong 3: Phuong Phap
Toa Do Trong Mat Phang

15

21

1.6

4.2

1.2
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PANH GIA DPE THI: Dé thi thir THPTQG lan I mén Toén cia truong THPT Chuyén Ha
Long gdm 50 cdu hoi trac nghiém ndi dung chinh cua dé van xoay quanh chuong trinh
Toan 12, ngoai ra c6 mot s6 it cac bai toan thudc nodi dung Toén 16p 11, luong kién thirc
duoc phan bd nhu sau: 92% 16p 12, 8% 16p 11, 0% kién thuc 16p 10. Dé thi duoc bién
soan dya theo ciu trac dé minh hoa moén Toan 2019 ma B Gido duc va Pao tai d cong
b tir dAu thang 12. Trong d6 xuit hién cac cdu hoi kho la nhu cau 38, 41, 45 nham phan
loai t6i da hoc sinh. Pé thi giup HS biét duwoc mirc d6 ctia minh dé c6 ké hoach 6n tip mot

cach hi¢u qua nhat

HUONG DAN GIAI CHI TIET
1.A 2.D 3.C 4.B 5.C 6.D 7.D 8.B 9.D 10.D
11.A 12.D 13.A 14.A 15.C 16.C 17.B 18.C 19.A 20.C
21.B 22.B 23.C 24.A 25.C 26.B 27.B 28.B 29.D 30.B
31.D 32.A 33.D 34.B 35.A 36.C 37.C 38.D 39.C 40.B
41.D 42.A 43.C 44.D 45.A 46.A 47.C 48.B 49.D 50.D
Caul:
Phuong phap:

. . ) 1
Theé tich khoi nén c6 ban kinh day r va chieucaoh la: V' = 3 zr’h

Cach giai:

Tacod. V = %mﬂzh

Chon A.
Cau 2:

Phuong phap:

Giai phuong trinh mii: /) = a” & f(x) =m.(0 <a=1).

Céch giai:

g 3x+2 =1<:>x2—3x+2=0<:>[

Vay S = {1;2}

Chon D.
Cau 3.

Phuong phap:

%ﬂ(a\/g)z.a =ra’

Trang 31/27




%, = X, +Xp+ X,
3
+y,+
G(x43Y532¢) 1a trong tm tam gidc ABC =< y; = yA);—ByC
Z,+z,+2,
zZ,=———
¢ 3
Céch giai:
X, = X, +Xp+x. 1-3+8 5
3 3
+ ¥+ 1 2
Ta o |y, =242 +2+ —1 = G(1;-1).
Zo - Zytzptze _2+1-6 _ 1
3 3

Chon C.

Cau 4

Phuong phap:

Cong thic tinh dién tich xung quanh ciia khdi tru ¢6 ban kinh day r va chiéu cao h 1a: S, = 2nrh .

Céach giai:

Tacod: Sxg= 2znrh = 2743 = 24r.

Chon B.

Caus:

Phuong phap:

Dua vao ly thuyét dd thi ham sd y = log,x (0 <a#l x> 0).
Céch giai:

Xét ham s6 y = logx ta co:

HTXD: D = (0;+00). D6 thi ham s nhan tryc Oy lam TCP.
+)C6 a=2> 1 nén d6 thi ham s6 ludén dong bién trén (0;+ o).
+)P) thi ham s6 ludn di qua diém (1;0) va nam bén phai truc tung.
+)Nhu vay chi c6 déap an C sai.

Chon C.

Cau 6:

Phuong phap:

Cong thuc tinh thé tich khéi lang try: V' = S ,h

Céch giai:

Khéi lang tru déu la khdi lang tru dimg c6 cac canh bén va cac canh day bang nhau

' az\/g a3\/§
VABCA'B'C' :AA 'SABC :a.T: 4 X

Chon D.
Cau 7:
Phuong phap:
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Ham s y = f(x) nghich bién trén (a;b) & »'<0,Vx e (ab).
Céach giai:
Tacé: y = x*— 2x — 3

Ham s6 nghichbién & 3”7 < 0 & ¥’ - 2x -3 <0 ®-1 <x < 3.

Chon D.

Cau 8:

Phuong phap:

+) Puong thing x = a dugc goi la TCD clia @6 thi ham s6 y = f(x) = % < lim f(x) = oo.
x X—a

+) Puong thang y = b duoc goi 1a TCN ciia do thi ham s y = f(x) < lim f(x) =5
Cach giai:

=1 X .
Ta co x2—1:0<:>[x =>déthihams6c62TCPb la: x=1, x=-1.
x

=0 = y = 0 1a TCN cua do thi ham sb

Nhu vay dd thi ham sb ¢c6 3 duong tiém can.
Chon B
Chu y khi giai: Hoc sinh ¢ thé sir dung may tinh dé lam nhanh cac bai tians vé tim sé duong tiém can.
Cau 9.
Phuong phap:
Dua vao dang diéu cta db thi ham sb, nhan xét va suy ra cong thirc dung.
Céach giai:
Quan sat d thi ham s6 ta thay nét cudi cia ham sb di xudngnén a < 0 = loai dap 4n B.
Ta théy dd thi ham s cit truc tung tai 1 diém co6 tung d6 16n hon 0 nén loai dap an A.
+)XétdapanCtacod y'=-3x"-1=0<3x> =—1 = pt VN
=Ham sb khong co cu tri.
Ma quan sat dd thi 6 hai diém cyc tri = loai C
Chon D.
Cau 10.
Phuong phap:
Str dung cong thurc nguyén ham co ban J.e”"dx =% e"+C .
Céach giai:
3x
Tacod _[e”dx =f .c
3
Chon D.
Cau 11:
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Phuong phap:

1
+) Ta co: S4, SB, SC d6i mét vuong goc nén: V., = ESA.SB.SC

Cach giai:
Taco: S4, SB, SC d6i mot vudng goc nén: V- = éSA.SB.SC = éabc .
Chon D.
Cau 12:
Phuong phap:
Ham s y=log, f(x)(0<a #1) x4c dinh < f(x)>0
Céach giai:
Ham s6 xac dinh < x* —x—2 >0<::>{x>2
x<-1
Chon D.
Ciu 13:
Phuong phap:

Cho mit cau (S): x*+y*+z"—2ax—2by—2cz+d =0 thi mit cAu cO tdm I(a;b;c) va ¢6 ban kinh

R="a*+b*+c*—d.

Céach giai:

Theo d& bai, mit cAu (S) ¢6 tim 7(1;-2;2) va bén kinh R = /1> + (=2)* +2° +25 =34
Chon A.
Cau 14:
Phuong phap:
2

Str dung cac cong thirc nguyén ham co ban: Icos xdx=sinx+C ; I xdx = % +C
Cach giai:

, . 2x° . ’
Ta co I(cosx—Zx)dx :smx—T+C =sinx—x"+C.
Chon A.
Cau 15:
Phuong phap:
Dua vao BBT va cac dap an dé nhan xét va chon dép an ding.
Cach giai:
Dua vao BBT ta thly M (0;2) la diém cuc dai ctia do thi ham s.
Chon C.
Cau 16:
Phuong phap:

Str dung cong thirc khai trién nhj thitc Newton: (a+b)" = Z Cta"*b" .

k=0
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Cach giai
k
.. 2_1 _ S k . 2N\12-k __1 _ S k 242k ¢ {\Kk .~k _ o _1\k ok 24-3k
Taco: | x 12=)"Ch(x") = CHX (=D X =D () TR (0<k <12,k e N)
X k=0 X k=0 k=0

Dé c6 s hang khong chira x trong khai trién thi: 24 — 3k = 0 © k = 8
Vay hé sb can tim la (=1)*C’, = 495 .

Chon C.
Cau 17:
Phuong phap:
Céc diém x = x,duoc goi la diém cuc trj ctia ham s6 y=f (x) & x=1x, langhiém boi I¢ ciia phuong trinh
¥y’ =0.
Céach giai:
e"+1=0
x=1In12
, ' X X 2 e —-12=0
Tacd f'(x)=0 (" +D)(e" —12)(x+1)(x—-1)" =0 =|lx=-1
x+1=0
x=1
x—1=0

Trong d6 ta thdy x = 1 1a nghiém boi hai ctia phuong trinh = x = 1 khong la diém cuc tri ciia ham s6
Viay ham s6 ¢6 2 diém cuc tri.

Chon B.

Cau 18:

Phuong phap:

So sanh ti s dién tich day va ti s chiéu cao, tir 46 suy ra ti sb thé tich.

Cach giai: A I
;.d (M;(ABC)).SAABC

Ta Cé M .ABC — —

11
Vigeape  d(C5(ABC)).S e 32

N =

Do d6 ti s6 thé tich hai phan (s6 bé chia s6 16n) ma mat
, 1
phang (MAB) chiara la 3

Chon C.
Cau 19:
Phuong phap:

, s 4
Cong thirc tinh thé tich khdi cau ban kinh R: V' = 3 R’
Céch giai:

Khdi cau noi tiép hinh 1ap phuong canh a ¢6 ban kinh R = % .

Trang 35/27



Cau 20:
Phuong phap:

Cong thire tinh thé tich khéi chop V = %Sd h

Cach giai:

Goi ACNBD = {0} . Khi d6 ta c6 O la hinh chiéu ciia S trén (ABCD).
Goi M 1a trung diém ciia BC = SM1BC.

= Z((SBC);(ABCD)) = £(SM;0M ) = ZSMO = 60°

a3

2

Xét aSOM vuong tai O ta c6: SO = OM tan 60° =%.f=

1 1 ax/7 a3x/§

3
VSABCDZESO'SABCD :E_ B a’ = 6

Chon C.

Cau 21:

Phuong phap:

+) Ap dung tinh cht: j f'(x)dx = f(x)+C

+) Str dung céc cong thic tinh nguyén ham cta cac ham s co ban dé tim ham f (x) sau do tinh f (2)
Céach giai:

Taco f(x)= J.(x +De’dx = jxe"dx + jexdx =e" + jxe"dx

Tinh [ = J.e"dx

u=x du=dx
bat =
dv=e"dx X

v=e
:I:Ixe"dx:xe"—jexdx:xex—e"+C

= f(x)=e"+xe*—e"+C=xe"+C

Laico f(0)=1=0e"+C=1=C=1

f(x)=xe* +1= f(2)=2."+1=2e"+1.

Chon B.

Cau 22:

Phuong phap:

+) Phuong trinh tiép tuyén cta d thi hamsb y = f(x,) taidiém M (x,,y,) 1a: y = £(x,)(x—x,)+ ¥,
a, =a,

+) Buong thang y =a,x+b, va y =a,x+b, 1a hai duong thang song song < {b b
1 # 2
Céach giai:

Tacod y'=3x>—6x
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Goi M (x,,¥,) 12 mot diém thudc d6 thi ham s6. Khi d6 phuong trinh tiép tuyén ctia do thi ham sb da cho tai
diem M la: y = P (%) (x=x))+y, & y= (3»x02 —6x0)(x—x0)+x3
Theo dé bai ta c6 duong thang d //y =9x+6= f'(x,) =6

) ) x=3=>M(31)
< 3x, —6x,=9<3x, —6x,-9=0<
x=—-1=M(-1-3)
+) Phuong trinh tiép tuyén ctia d6 thi ham s6 tai M(3;1)1a: y =9(x—3)+1=9x-26 (tm)
+) Phuong trinh tiép tuyén ctia d6 thi ham s6 tai M(—1;-3)1a: y =9(x+1)—-3=9x+6 (ktm do = (d))
Chon B.
Ciu 23:
Phuong phap:
. A e 2. L o1, 1 R4
Ta c6 cong thire tinh the tich khoi chép V' = ES h=h= 5
d

Céach giai:

3
Str dung cong thirc tinh nhanh khéi chop tir dién déu canha la ¥ = & 1*2/5
a3

Dién tich ctia d4y 14 tam giac déu la: § = 1

a2

I 3—12 - ﬁ
S 33
4
Chgn C
Cau 24:
Phuong phap

Ham sb da cho dong biéntrén R <y >0 VxeR

Céach giai:

Tacé y'=3x>—6x+m

Ham sb da cho dong biéntrén R &y >0VxeR © A <0< 9-3m<0<m>3
Chon A.

Cau 25:
Phuong phap

Ta c6 cong thirc tinh thé tich khéi chop V = %Sdh .

Céch giai

Taco: V=15, .SA=—sA L ABACSsinA = 1 pana 3323
3 3772 6 2 6

Chon C.

Cau 26:

Phuong phap:
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Str dung cong thire tinh dién tich xung quanh cua hinh nén S, = 7rl trong dor, | 1an luot 12 ban kinh day
va d¢ dai duong sinh cta hinh non.

Céch giai: A

Khi quay tam gidc vudng cdn ABC quanh AH ta duoc khdi non c6 chiéu

cao AH = 4, ban kinh day BH = AH =4. Ap dung dinh li Pytago trong

tam giac vuong ABH c6 AB = AHN2 =42

Khi d6 dién tich xung quanh cia hinh nén Ila

S, =7.AH-AB= 7442 =16y2x . . '

Chon B.
Cau 27:
Phuong phap:

, A o s u u'v-v'u
Str dung cong thurc tinh dao ham cta thuong (—j‘ =
\'% \%

Céach giai:

1
' lnx—(x+l)-; xlnx-x-1

YT x| x(Inx)

Chon B.

Cau 28:

Phuong phap:

Xét hai truomg hop:

THI1: cosx =0

TH2: cosx # 0. Chia ca 2 vé ctia phuong trinh cho cos’x .

Cach giai:

THl:cosx =0 x = %-f-kﬂ'(k € Z) => sin’ x =1, khi d6 phuong trinh tr¢ thanh 1 = 1 (Iuén ding)
=>Xx= %+ kz(k € Z) 1a nghiém cta phuong trinh.

V4 1 5
xe[0;37r]:>0S5+kﬂS37r<:>—ESkSE(keZ)<:>ke{O;l;2}

TH2: cosx #0 < x # %+ kz(k € Z) . Chia ca 2 vé cta phuong trinh cho cos’x ta dugc:

) .
sin” x sin X 1 1 V4
- +3 =— o tan’x+V3tanx =1+tan’ x < tanx =— <> x = — + kz(k € Z)
cos’ x COSX COS” X NE) 6

Xe[O;37z]:>0£%+k7r§3iz<:>—éSkS%(keZ)@ke{O;l;Z}
Vay phuong trinh di cho ¢6 6 nghiém thoa man yéu cau bai toan.

Chon B.
Cau 29:
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Phuong phap:

St dung cong thuc laikép A, = A(1+1)" trong do:

A, :Dan s sau n nam.

A: Dan s6 ban dau

r: ti 16 ting dan so.

Céach giai:

Tl nam 2018 dén nam 2030 14 12 nam.

Dan sb nudc ta tinh dén nim 2030 véi ti 16 ting dan s6 khong ddi 1,2% la:
S=93,7(1+1,2%)"* ~108,12 triéu dan.

Chon D.

Cau 30:

Phuong phap:

Xéthi¢u u, , —u, luon bﬁng hﬁng sb khong doi thi day (un) la moét cép $b cong.
Cach giai:

XétdapanBtaco u,,, =3(n+1)+1=3n+4=u,, —u, =3VneN .

Do d6 day sé u, =3n +1(n € N*) 12 mot cap s6 cong.

Chon B.

Cau 31:
Phuong phap:

Str dung nguyén ham co ban J%dx =2Jx+C va cong thirc vi phan f'(x)dx = d(f(x)).
X
Céach giai:

jd(ln“l) 2Winx+1+C

jx\/lnx+ Vinx +1

Chon D.
Chu y: Dbi vai bai toan nay, néu khong quen sir dung vi phan hoc sinh hoan toan ¢ thé st dung phuong
phap bién bang cach dat t=+Inx+1 ,khi d6 t> =Inx +1 < 2tdt = ax

X

Nguyén ham tré thanh j2tdt —2Jdt:2t+C:2vlnx+l+C

Cau 32:
Phuong phap:
: N _ o db
Str dung cong thirc cos(a;b) =——
|9

Cach giai:
ab  —2+1 -1

‘Hb‘ a2 " 27

Ta c6 cos(a; B)

Chon A.
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Cau 33:
Phuong phap:
ABCD la hinh binh hanh <> AB=DC
Cach giai:
ABCD la hinh binh hanh <> AB=DC
Ta c6 AB =(-4;-2;2);DC =(2-xp;4-yp—-1-2,)
2-x,=-4 X, =6
AB=DC & 4-y,=-2 1y, =6 = D(6;6;-3)
—l-z,=2 Zp=-3
Chon D.
Chu y: Hoc sinh thuong nham 13n ABCD 14 hinh binh hanh <> AB = CD. Chi ¥ AB = CD chu
AB#CD.
Cau 34:
Phuong phap:
Phuong phap tim GTLN, GTNN ctia ham sb y =f(x) trén [a;b]
+) Giai phuong trinh f'(x) =0 suy ra cac nghiém x; € [a;b]
+) Tinh f(a);f(b);f(x;).
+) Két luan r[r;%i( f(x) = max {f(a); f(b); f(x, )} ,I[l;llbl]l f(x) =min {f(a); f(b); f(x, )} .

Céach giai:

2x +1)(x—2)— (x> 3 2 _4Ax — = -
TXD: D=R\{2} . Taco y'= o DX—2) (2" +x+3) x -5 _ {x Se[-21]
(x—2) (x-2) x=-le[-2;1]

M=
f(—2)=—%;f(1)=—5;f(—1)=—1:>{m (> T=M+2m=—1-10=-11

Chon B.
Cau 35:
Phuong phap:
x+1 A
= +
x-Dx-2) x-1

+) Phan tich biéu thuc B > (A,BeR)

+) St dung nguyén ham mé rong J.Lbdx = lln |ax + b| +C
ax + a

Céach giai:

, x+1 -2 3

0 = +
x-Dx-2) x-1 x-2

Do do

[— dx=j[ 2,3 jdx=—2ln|x—1|+3ln|x—2|+C
(x-I)(x-2) x—-1 x-2

Tac
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a=-2
:aln|x—1|+bln|x—2|+C:>{b_3 =a+b=1

Chon A.

Cau 36:

Phuong phap:

+) Tim diéu kién dé phuong trinh hoanh d¢ giao diém c6 3 nghiém phan biét.
+) Sur dung cong thic tinh dién tich tam giac

28

AIBC

1 1
Susc =—d(I;BC).BC =—d(I;d),BC = BC =

+) Str dung cong thirc tinh do dai BC = \/(XB - X )2 +(y5—Ye )2

+) Ap dung dinh 1i Vi-ét tim m.

Céach giai:

Xét phuong trinh hoanh d6 giao diém

X +2mx’ +(m+3)x+4=x+4x° +2mx° +(m+2)x =0
x=0=>y=4=A(0;4

<:>X(X2+2mx+m+2):0<:> 5 Y 0:4)
X +2mx +m+2=0(1)

Pé y=x’+2mx’ +(m+3)x +4 va dudng thiang y = x +4 cit nhau tai 3 diém phén biét thi phuong trinh

m>2
A'=m’-m-2>0 {
=

m+2#0

(1) phai c6 2 nghiém phan biét khac 0 = { m < —1

m#-2
C 1y \ A , X . . P | Xp+Xc=—2m
Khi do: x;;x. 1a 2 nghiém cua phuong trinh (1), 4p dung dinh li Vi-ét ta co
XpXe =m+2
2S

Taco Sy = %d(I;BC)-BC = %d(l; d).BC = BC= ﬁ

Ma d(I;d)z#zﬁ:BC:

NG

2.8;/5216

NG

Ta co

BC’ :(XB —XC)2 +(yB —yc)2 :(XB —XC)2 +(XB +4-x, —4)2 :Z(XB —XC)2
& (xy—%¢) =128 = (x, +x0 ) —4x,x. =128

S4m’ —4(m+2)=128m° -m-2=32m° -m-34=0

Phuong trinh bac hai anm co 2 nghiém phan bi¢t m,,m, va m, +m, =1.
Chon C.

Cau 37:

Phuong phap:

+) Tim dicu ki€n ctia ham so co6 3 di€m cuec tri. Xac dinh cac diém cuc tri A, B, C cua do thi ham so.

+) Tinh dién tich tam gidc ABC, str dung cong thic S, , ;. = %d(A;BC) ‘BC .
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AB-AC-BC

+) Str dung cong thtrc S, , ;. = — R trong d6 R 1a ban kinh duong tron ngoai tiép tam giac ABC.
Céach giai:
. 3 x=0
TXD: D=R.Taco y'=4x" -dmx=0<| ,
X" =m

Dé ham s6 ¢6 3 diém cuc tri thi phuwong trinh y'=0 c6 3 nghiém phan biét <> m >0
x=0=y=2m+m’ :A(0;2m+m4)

Khidotacod: y'=0< x:\/a:y:m“—m2+2m:B(\/a;m4—m2+2m)
x=—\/a:>y:m4—m2+2m:C(—x/B;m4—m2+2m)

Ta co d(A;BC) =‘m4 +2m-m* +m’ —Zm‘ =m*;BC= 2m .

= S, .m0 = %d(A;BC).BC = %mz.zx/ﬁ =m?Vm .

Taco: AB’ =m+m* =AC’

Goi R 13 ban kinh duong tron ngoai tiép tam giac ABC, khi d6 ta co:

CAC. +m*)2
o _ABACBC _ ., —_(m+m')2Vm
AABC 4R 4

S m+mt =2m?

<:>m(m3—2m+l):0<:> m=
2 2

—1++/5 145 -1-+/5
2 =S=<0;1; ;

—1-+/5
m=

L 2
Khi d6 tong céc phan tir cia S 1a 0+1+ _”2‘/5 + ‘1‘2‘/5 —0
Chon C.
Ciu 38:
Phuong phap:

+) Ching minh t& giac ABMD la tir giac ndi tiép dudng tron duong kinh BD, suy ra mit ciu ngoai tiép
chop S.BDM ciing chinh 13 mét cau ngoai tiép chép S.ABMD.

+) Xéc dinh giao diém I cta 2 tryc cta tir giac ABMD la SAD. Chimg minh I 1a tim mit cau ngoai tiép
chop S.ABMD.

+) Tinh ban kinh mat ciu ngoai tiép R =TA, st dung cong thtc tinh dién tich mat cu S=47R> .
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Cach giai:
Xét tam giac vudng ADC co
DH = AD.CD _ a-2a :2_a
JAD’+CD?  +a’+4a® 5
CD’ CD? 4a’ 4a
HC = = = —_—
AC  JAD*+CD* at+da? 5
—~ HM=1HC=22 _pH
2 5

= ADMH vuodng can tai H.

= AMD =45°= ABD = Tir gisc ADMB la tir giac ndi tiép = Mait ciu ngoai tiép chop S.BDM ciing
chinh 1a mat cau ngoai ti€p chop S.ABMD.

D@ thay tir gidic ABMD noi tiép duong tron dudng kinh BD, goi O 1a trung diém cua BD, ké dudng thing
d L (ABCD) .

Goi G 1a trong tdm tam giac déu SAD, qua G ké GI//OK(I e d) (K 1a trung diém cta AD).

Taco OK//AB= OK L AD = OK 1 (SAD)= GI L (SAD)

Taco: led=IA=IB=IM=1D

[elIG=IS=IA=ID

=IA=IB=IM=ID=IS=> I I tim mit cau ngoai tiép chop S.ABMD.

2 2
Ta c6 OKz%ABz%zAK:OA:\/OKerAKz a/%ﬁ‘?:%

Tam giac SAD déu canh a = SK = %: GK =%SK =¥ =0l
2 2
Xét tam gide vuong IOA c6: IA =~/10> + OA” = \/[afj J{a‘fJ = a‘/? =R
n den o A . , . 2 7a*>  Tra’
Viy dién tich mat cau ngoai ti€p chop SBDM la S=47R° =4rx E = 3
Chon D.
Cau 39:
Phuong phap:

Str dung cong thirc tinh d6 dai doan thang AB = \/(XA —XB)2 +(¥a —yB)2 +(z, — 2 )2 .
Céach giai:

Goi M(a;b;c) taco:

MA? + MB* + MC* =52

S @a-1Y+(b-2) "+’ +(a=3)+(b—2)" +(c+1)* +(a+1)’ +(b+4)* +(c—4)* =52
< 3a’ +3b° +3¢’ —6a—6¢=0

Sat+b’+¢f-2a-2¢=0

Vay tap hop tit ca cac diém M 1a mit cu tim 1(1;0;1) bankinh R =v1I>+0% +1° =0 =42 .
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Chon C.
Cau 40:
Phuong phap:

+) Str dung cong thic tinh dao ham ham hop tinh dao ham cia ham sé g (x )=f(3-x) .

+) Ham s6 dong bién trén (a;b) khi va chi khi g'(x) > 0Vx e (a;b) va bang 0 tai hiru han diém.

Céach giai:
bat g(x)=f(3-x) tacd g'(x)=—f'3—-x)

Xét x e(-2;-1)=3-xe(45=f(3-x)>0=g (x)<0= ham s6 y = g(x) nghich bién trén (-2;-1)

Xét xe(-1;2)=3-xe(;4) = (3-x)<0 = g'(x)>0= ham sd y = g(x) dong bién trén (-1;2)

Chon B.
Cau 41:
Phuong phap:
+) Chung minh SC 1. (AMNP) .
+) Str dung cong thuc ti s6 thé tich tinh thé tich chop S.AMNP.
+) Sir dung cong thirc tinh thé tich Vg . = %SN.S AMNe = S avp
Céach giai:
Goi O=ACNBD
Do M thudc mit cau duong kinh AC
= AMC=90" = MC L MA
Ta co
BC L AB(gt)
{BC 1 SA(SA L (ABCD))
= AM 1L (SBC)= AM L SBva AM 1L SC
Ching minh tuong tu ta c6
AP 1L (SCD)= AP LSC;AP LSD.

— BC L (SAB)= BC L AM

N thugc mit cau duong kinh AC = ANC =90" = AN L SC
= SC L (AMNP)

Ap dung hé thic lugng trong tam giac vuéng SAC ta cd

_ 3Vsaww .
SN

SA? SA? a’ a . SN SA? a’ 1

SN: = = :—Va—:—2:—2 2:_
SC  JSAZ+AC? +Ja?+2a2 V3 SC SC? a*+2a® 3

, SM SA? a’ 1
Ap dung hé thirc trong tam giac vuong SAB ta co = = ==
P A e g 8 8 SB SB?’ a’+a’ 2

SP SA’ a’

Ap dung hé thuc lugng trong tam giac vuéng SAD ta c6 D =

Ta co:

1
SD®>  a*+a’ 2
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VSAMN SM SN 11 1 1 1
VS.ABC SB SC 23 6 SAMN =~ VSABC T 5 VS.ABCD
VSACD SN SP 11 1 1 1
VS.ACD SC'SD 32 6 SANP = VSACD T 5 YSABCD
1 1 1 11 a’
= Vsamn = Vsann + Vsane = 12 Vs apep + 12 Vs aep = gVS,ABCD = g : ESA'SABCD = 18

3-—
. 1 3V, 1 2’3
Lai cO Vg e = gSN‘SAMNP = Sane = ;;;ANP - a b= 6

Chon D.

Cau 42:

Phuong phap:

+) Str dung phuong phap ham sb tim K.

+) Tim diéu kién dé ham s6 y =2x* =3(m+2)x* +6(2m+3)x -3m+5c6 y'>0vxeK

Céach giai:

7P g2l 0018x <2018

< 7 12018x +1009Vx +1 < 77 +2018+1009+/x +1

Xét ham sd f(t)=7'+1009t tacéd f'(t)=7'In7+1009 >0Vt e R = Ham sb dong bién trén R.

= (5) < 2x+/x+1 <2 +/x+1 & x < 1= K = (-5 1]

Bai todn tré thanh tim m dé ham s6 y =2x —3(m+2)x* +6(2m+3)x —3m+5 ddng bién trén (—oo;1] .
Tacod y'=6x>—6(m+2)x+6(2m+3)=0 < x> —(m+2)x+(2m+3) =0
A=(m+2)"—42m+3)=m’—4m-38

THL: A<0<2-23<m<2+23 . Hamsb da dong bién trén R, thoa man dong bién trén (—oo; 1] .

m > 2+2\/§ . , A . A . r 5 r A
TH2: A>0& , khi d6 ham s6 ¢6 2 diém cuc tri x, <X, . Ta c6 bang xét dau y’:
m<2-23
x | -0 x x; +0
¥ ] + 0 - 0 +

D¢ ham so dong bién trén (—oo;1] = 1<x, <X, .

L X +Hx,>2 X, +X,>2
Khi do6 ta co

(x, —l)(x2—1)20© XX, —(X,+x,)+1=0

] o X, +x,=m+2
Ap dung dinh 1i Vi-ét ta co
XX, =2m+3

m+2>2 m>0 m>0
Rt = <m>0
2m+3-m-2+1>20 m+2=>0 m=-2
:>m>2+2\/§
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A \ . a=2
Keét hop 2 truong hop ta co 2—2\/§Sm:>me[2—\/i;+oo):>{b_12:>S:a+b:14

Chon A.

Cau 43:

Cach giai:
+) Goi AA’, BB’, CC’ lan luot 1a céac duodng cao cua tam
giac ABC.

BC L AA"
{BC 1 SH

4

Ta c6 = BC L (SAA')=BC LSA.

Hoan toan tuong tu ta chung minh
duoc AB L SC,AC L SB= Dép an D dung.

+) S.ABC la tir dién tryc tim nén tong cic binh phwong

cua moi cap canh ddi cua tir dién bﬁng nhau (tinh chét tir
dién trong tam) = déap 4n B dung.

+) Goi M, N, P, Q lan luot 14 trung diém ctia SA, SC, BC, AB.

Taco MN//PQ//AC,MN =PQ = % (tinh chit duong trung binh cta tam giac) = MNPQ la hinh binh

hanh.
MN//AC

Lai c6 {MQ//AC = MN L MQ = MNPQ la hinh chir nhat = MP = NQ
AC 1L SB

Tuong ty nhu vy d6i véi duong ndi trung diém ciia 2 canh dbi dién con lai 1a AC va SB. Ta ching minh
duogc cac doan thang noi cac trung diém cac cdp doi cua tr dién bang nhau = DPap an A ding.
Chon C.

Cau 44:

Phuong phap:

+) Nhén ca 2 vé véi e . Lay nguyén ham 2 vé sau d6 xac dinh ham s6 f(x) .

+) Tir gia thiét £(0)=0 tinh hang s6 C, tir d6 tinh (1) .

Céach giai:

f'(x)+2xf(x) = e ¥ VvxeR

o ¥ [fi(x)+2xf(x)] =1

o et fi(x)+2xf(x)e =1

PN (f(x)-e"z )'=1

o f(x)e’ =x+C o f(x)=(x+C)e ™

Taco f(0)=0=C=0<f(x)=xe ™ = f(1)=1e" 1
e

Chon D.
Cau 45:
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Cach giai:
Goi O=ACANBD va (P) la mit phang chira AB va vudng goc
voi (ABCD).

(SA LSB
Ta co — SA L (SBD)= SA L BD
SA 1 SD

— BD L (SAC).
BD L SA

Trong SAC ké duong thang OI L AC(1eSC)

. {BD LAC
a

Taco
Ol c (SAC)= OI L BD,OI L AC= OI L (ABCD) = (P)//(OI)
Trong (SAC) ké AM//OI(M € SC).

(P) va (SCD) ¢6 diém M chung, AB//CD = (P)N(SCD) = dudng thang qua M va song song voi AB,
CD.
Trong (SCD) k¢ MN//CD(N € SD) . Khi d6 (P)=(ABMN).

2

Ly 2
Ta 0 Vi pox =5 Sunu d(N5(ABD)) = 28,5, d(M; (ABD)) = 78,,,,d(15 (ABD)) = 2108 5,

=V o = %10%.4312 = 4%10

Do d6 dé V, ., 16n nhét thi O phai 16n nhét.
Vi SA L (SBD)(cmt) = SA L SO = ASOA vudng tai S.
Piat SA =x(0< x <av2 =0A). Ta cb

OA :%AC :%.231\/5 —av2 = S0 =+JOA? —SA? =/2a% — x>

M

Ké SH L AC(H € AC) ta co

SA.SO xA/2a% —x? X\/2a —x? 802 B 2a* —x?

SH = - - :0

JSA?+S0*  x2+2a2—x’ a2 T0A a2
22 22
CH=0C+OH =ay2 + 22 X 48 —x
a2 a2
Ap dung dinh 1i Ta-1ét (OI//SH) ta co:
xv2a’ —x’ a[
O _0C_ ) _ a( _ xv2a’ —xz.a\/E \/ -2x’
SH CH 4a* —x* 4a* —x* 4a* —x*
a2
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Ap dung BDT C6-si cho hai s6 khong 4m x va v/4a” —2x” ta cé:

2 2,2 2 2
Xmgx +4a” -2x :4a X

2 2
43 —x*
:>OIS3%:E
4a” —x 2
A3 2 2 2 2 2 2 , 4, 2a
Dau“="xayra @ x=+/4a"-2x" o x"' =4a -2x" ©x =—a o x=—7.
3 NE)
. 4a® a 2a’ 2a’
Vay VDABN STE:T hay maXVDABN ZT.
Chon A.
Cau 46:
Phuong phap:

+) Viét phuong trinh tiép tuyén cta d6 thi ham sé tai diém c6 hoanh d6 x = X, -
+) Tir gia thiét c6 mot tiép tuyén la: A, 1y =-1 tinh dugc m.

+) Thir lai va két luan.

Céch giai:

TXD: D=R ,tacéd y'=3x"—6(m+3)x.

Phuong trinh tiép tuyén ctia @6 thi ham sd tai diém c6 hoanh d6 x = X, la:

y =(3x) —6(m+3)x, ) (x =X, ) + x5 =3(m+3)x; +3(d)

Co mot tiép tuyén 1a A, 1y =—1

5 X, =0
{3){0 —6(m+3)x,=0

, R X, =2(m+3)
Xy, —3(m+3)x, +3=-1 ; .
X, —3(m+3)x,+3=-1

THI: x, =0=3=-1 (v0 nghi¢m).

TH2: x, =2(m+3) = 8(m+3)’ —3(m+3).4(m+3)°+4=0

& 4m+3’ +4=0=(m+3’ =leom+3=1m=-2.
Thir lai khi m = -2, phuong trinh dudng thang (d) trd thanh
y= (3x(2) —6x0)(x—x0)+ x; —3x; +3(d)

A(-L-1) e (d)= —1=(3x] —6x, )(-1-x,)+x; = 3x; +3
& —1=-3x] +6x, —3x, +6x; +x, —3x; +3
X, =2

<:>2xf)—6x0—4=0©[

X, =-1

Phuong trinh ¢ 2 nghiém phan biét, do d6 tir A ké duoc 2 tiép tuyén dén d6 thi ham s6 khi m = -2 (tm).
Vay m=-2.

Chon A.

Cau 47:
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Phuong phap:

+) Chia ca 2 vé clia bat phuong trinh cho 43
(3 N o
+) bat 5 =t , vl x> 5 xac dinh khoang gia tri cta t.

+) Pua bét phuong trinh vé dang m < f(t)Vt € (a;b) & m < I(l’llbl)l f(t)

+) Lap BBT ham s6 y = f(t) va két luan.

Cach giai:

MmO —(2m+1)6> T +md* <0
2x%—x 2x%—x

= mE—Qm + 1) 42)(27)( +m<0

@m[(gj X X] —(2m+1)(§j X 7X+m£0
2 2

2x°—x
. 1 .
bat (%) =tVv0l x = 5 Xétham so f(x)=2x"—x tacd BBT

€T — — —_

Sia) - +

Iix) S 0

0
:f(x)ZOVxZ%@tZ(%) =1

Khi d6 bat phuong trinh tro thanh mt* —(2m+1)t+m <OVt > g
oSmt’-2t+)—t<0Vt>1om(t—1)> -t <0V >1
Khit=1tacé —1<0 ludn ding.

7 =

Xeétkhi 1>125m < ’1) = /()91 > 1 m < min £ (1)
(t-1)°-12.0-1) t-1-2 0

Taco f'(¢)= D )

=Str=-1

BBT:
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¢ — 0o —1 1 +o00
£(2) - 0 - —
l 400
f(t)
0 —oC 0

Duya vao BBT ciia ham s6 y = f(¢) ta co milnf(t)>0:>mSO
>

Chon C.

Ciu 48:

Phuong phap:

+) Sir dung cong thic tinh thé tich khdi non trong do r, h 1an luot 1a ban kinh day va chiéu cao cta khéi non

+) Sir dung cong thirc tinh thé tich khdi nén cut trong do i, 1 1an luot 14 ban kinh 2 day va chiéu cao ctia khdi
nén

Cach giai

Khi quay hinh vuéng ABCD quanh AM ta duogc:

+) 1 khdi nén dinh A, duong cao AN, ban kinh day NB (V).

+) 1 khdi nén cut tim N, P (V,) — 1 khdi non dinh M, dudng cao MP, ban kinh day PC (V).

Lz

AN 4B 1
Tacd AABN —AMAD(g.g) = —— =" = AN=—2 =
DM~ AM IINE
12+[j
2
s BN =\JAB —AN” = JI-L = 2
5 45
jV_l,r(ij L _4sn
V3T s) s 75
1
PC MC MP 1 C=3N=F
Taco AMPC ~ AMNB(g.g) =~ o == —=—"=_= : 51
MP =— AN = ——
2 2.5
:>NP:MN+MP:AM—AN+MP:£—L+—1 25
2 J5 25 s
v, =izpc? + BN +PeBNNP =T L AL L 2 295 145
3 30 5 55) s 15

255 150

2
VF%;:MP.PcZ:% ! (LJ _\5r
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W 1405 sro 75
= + - = Vs

75 75 150 30

V=Vl

Chon B.
Cau 49:
Phuong phap
+) Goi s6 doan c6 chidu dai 2 d6t 1a x va s6 doan c6 chidu dai 5 dbt 14 y, 1ap hé phuong trinh giai tim x, y
trong truong hgpx — y = 1, suy ra két qua thuan loi cho bién c¢b “s6 doan 2 dbt nhiéu hon sé doan 5 ddt
dang 1 doan”.
+) Tinh s6 b6 sb (x;y) thoa man 2x + 5y =100 2x + 5y =10 (x,y € N) , suy ra s6 phan tir ciia khong
gian mau.
+) Tinh xac suat ciia bién cd.
Céach giai
Goi s6 doan c6 chiéu dai 2 ddt 13 x va sd doan co chiéu dai 5 ddt 1a y, ta 6 hé phuong trinh
2x+5y=100 x=15
{x -y=1 < { y=14
Goi A 1a bién ¢6 s doan 2 d6t nhiéu hon s doan 5 d6t dang 1 doan”=> n(A4) =1 .

Xét cac bo sd (x,y) thoa man 2x + 5y =100 (x,y € N) ta c6 bang sau:

x 0 5 10 15 20 25 30 35 40 45 50
y 20 18 16 14 12 10 8 6 4 2 0
—n(Q)=11

Vay P(4) = % ~0,09

Chon D.

Cau 50:

Phuong phap

Giai phuong trinh 3’ = 0 . Luu y tinh dao ham ctia ham hop. S6 nghiém boi 1¢ ctia phuong trinh chinh 14 s6
cuc tri ctia ham sb.

Céach giai

Dua vao db thi ham sb y = f(x) tathéy ham s c6 3 diémeuctri x = 2, x = X, 6(1;2), X =X, 6(2;3).

f'(x)=0
fx)=2
f)=xe2)
f(x)=x,e(23)

Xéthamso y = f(f(x)) coy'= f'(x).f (f(x) =0

x=2
Phuong trinh f'(x)=0< | x=x, €(1;2) .
x=x,€(2;3)

Phuong trinh f(x) =2 c6 2 nghi¢ém don phan biét.
Phuong trinh f(x) = x; € (1;2) c6 2 nghiém don phéan biét.
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Phuong trinh f(x) =x, €(2;3) c6 2 nghiém don phan biét.
Céc nghiém nay khong trung nhau, do d6 phuong trinh y’ = 0 ¢6 9 nghiém phan biét (khong tringf nhau),
Céc nghiém déu la nghiém don. Do vay ham sé y = f ( f (x)) ¢6 9 diém cuyc tri

Chon D.
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