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Cau 1. Chon khéng dinh dang trong cac khing
dinh sau:
A.Néuham sd f(x) thda man f(—x) = —f(x)
thi f(x) la ham s3 chin.
B. Ham s6 chan 13 ham s8 ¢é d6 thi ham s6 ddi
xtng qua tryc tung.

ax+b

C.Néuhamsd y= véi a,b,c,deR cb2

cx+d

duong tiém can la x=m;y=n thi d6 thi ham s&

d6 c6 tam d6i xtng 1a I(n;m) .
D.Néu f'(x,)=0 thichdcchdnham f(x) dat

cuctritai x=1x,.

Cau2.Hamso y = Ja-x* 6 may diém cuc tiéu?
A.0 B.1 C.2 D.3

Cau 3. Phuong trinh tiép tuyén véi do6 thi

(C):y=2x"—6x" +3 c6 hé s6 géc nho nhat 1a?
A. y=6x+3
C. y=-6x+5

B. y=-6x+7
D. y=6x+5
Cau 4. C6 bao nhiéu ham s6 dong bién trén tap
xac dinh ctia chung trong cac ham sd sau?
_2x-1,

2x+1’
(3):;,:@; (4):y=x3 +x—sinx;
(5):y=x"+x"+2 .

A.2 B.3 C.4 D.5

Cau 5. D6 thi ¢ hinh bén 1a d6 thi cia ham sé nao
trong cac phwong an sau:
A

(1):y=%x3—x2+3x+4; (2):y

y

A 4

l ol 1 x

A y=x"-3x-2

B. y=x"-3x"+2

C.y=x"-3x+2 D. y=—x"-3x*+2

PE THI THU THPT QUOC GIA NAM 2017
Mon: Toan
Thoi gian lam bai: 90 phat

Cau 6. Tong caa GTLN va GTNN cua ham sd
y=x"+3x" —9x+35 trén doan [—5;21 la:
A. -1 B. 102 C.92 D. 82

Cau 7. Ong Nam c6 mot manh dat hinh tron ban
kinh 15m. Trén manh dat nay, 6ng Nam mudn
dé€ danh ra mét phan dat canh tac hoa mau cd
hinh dang mot tam giac can ndi tiép duong tron.
Mdi mét vudng hoa mau, vao mtia thu hoach éng
Nam lai duoc 5 triéu dong. Hoi sO tién 16n nhat
ma 6ng Ndm c6 thé ¢ sau mdi muia thu hoach la
bao nhiéu?

A. 1,46 ty dong. B. 1,54 ty dong.
C. 2,01 ty dong. D. 1,32 ty dong.
Cau 8. Véi gia tri nao ctia tham s6 m thi ham s6
y=(m—-3)x> —2mx* +3 khong c6 cuc tri:
A. m=3
C. m=0

B. m=3vm=0
D. med
Cau 9. Cho ham sé’y:x—;+(m—2)x2 +(2m+3)x+1 .
Gia tri nguyén 16n nhét caa m d€ ham s6 da cho
nghich bién trén [0;3} la?
A. -1 B. -2 C.1 D.2
Cau 10. Mot anh nong dan vay 100 triéu dé lam
von va tra gép ngan hang véi 1ai suat 0,5% mdi
thdng, moi thang tra mot sd tién nhw nhau trong
vong 3 nam. Vi s6 tién vay dugc anh mua mot
con bo véi gia 30 triéu dong. Sau 1 ndm anh ban
duoc 50 triéu dong va ti€p tuc mua mot con bo
khac véi gia 70 triéu dong. Tron 3 nam ké tir thoi
diém vay ngan hang, anh ban con bo d6 va thu
vé 90 triéu dong. Hoi anh 1ai duwoc bao nhiéu tién
sau khi hoan tra hét ng?
A. 30 triéu 450 nghin. B. 30 triéu 480 nghin.
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C. 30 triéu 120 nghin. D. 30 triéu 690 nghin.
-2 -1

Cau 11. Cho (a-1)3 <(a—1)3 . Khi d6 ta c6 thé
kétluan vé a la:
a<l a<l1
A. B.
az2 az2
Cau 12. Tap nghiém cua bat phuong trinh
371 -10.3" +3<0 la:

C.1<a<2 D.a>2

A. xe[-1;1] B. xe(-1;1)
C. {xg_l D. x>1
x=>1

Cau 13. Cho phuong trinh:
log, x.log, x=log, x +log, x .

Khang dinh nao sau day dung ?

A. Phueong trinh c¢6 nghiém dung v6i moi x>0

B. Néu x la nghiém cua phuong trinh trén thi x
nguyén

C. Phuong trinh v6 nghiém

D. Phrong trinh c6 2 nghiém htru ti va 1 nghiém
vo ti
Cau 14. Tim gia tri nho nhat trén tap xac dinh cua
ham s6: f(x) =2"" 437"

A.2 B.4 C.8 D.1
Cau 15. Chobiétham s y =2* ¢6 d6 thi nhw hinh

vé bén.

1

./

A
>
O X

Khi d6 d6 thi ham s6 y=

2°-1| 1a d thi nao
trong s6 cac d6 thi duoc néu tir cdc phuong an A,

B, C, D sau day?

A A

Yy Y

\ 4
\ 4

yA ]/A
1
N —— >
(@) x’ (@] X
C. D.
Cau 16. Tim dao ham ctia ham s0 sau:
e +e”
f(x)_ex_e—x :
4 ' x
A. f'(x)z 2 B f(x)z . 2
(ex_e—x) (ex_efx)
C. f'(x)=¢"+e™ D. f'(x)= >

(e =e7)
Cau 17. Phuong trinh 2Inx +In(2x - 1)2 =0 c6s6
nghiém la:

A.2 B.3 C. 4 D.1

a3 _
Cau 18. Biét 1=jx4221nxdx=%+1nz . Gia tri
1 X

caa a la:

A.3 B.2 C.In2 D.

1

K

3
Cau 19. Tinh tich phan J.dex =an+b . Phan
0 COS” X

nguyén cta tong a+b 1a?

A.0 B. -1 C.1 D. -2
Cau 20. Cho f(x),g(x) 1a ham s lién tuc lan
lwot co F (x),G(x) la nguyén ham. Xét cac ménh
dé sau:
(D: F(x)+G(x) la mot nguyén ham cua f(x +g(x)
(II): k.F(x) la mot nguyén ham caa kf(x) (k € ]R)
(III): F(x).G(x) la mot nguyén ham cua f(x).g(x).
Ménh dé nao 1a ménh dé dung ?

A.Chil B.Ivall

C. [ IIvalll D.Chill
Cau 21. Tinh dién tich hinh phéang gi6i han boi
dudng cong (C):y =‘x2 —4x+3‘ va (d):y=x+3

NI T RS 1 B
6 6 6 7
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Cau 22. Nguyén ham F(x) cuia ham so
f(x)=2x" +x’ —4 théa man dieu kién F(0)=0 1a?

A. 3x* +4x B. 2x° —4x*

4
C. x—+zx3 —4x
4 3

D. x° —x* +2x

Cau 23: Goi S, 1a dién tich hinh phang duoc gisi
han béi cac duong y= \/;,Ox,x =1,x=a. Dong
thoi S, 1a dién tich hinh phang duwoc gi6i han boi
cacduong vy = \/;,Ox,x =a,x=4.X4c dinh gia tri

cia a d& S, =S,?

A
Y
O 1 2 3 4 x’
3
A.azg\/g B.a=3~’</§
2 2

3
C.a=5\/g D.a:2\/5

3

Cau 24. Cho s6 phic z théa man
(3+ z')z —iZ=7—6i . Mddun cta s8 phtic z bang;

A. 25  B.25 C.5 D. V5
Cau 25. Cho s0 phtc 2z théa man:
2|z—2+3i|=[2i ~1-2z|. Tap hop diém biéu dién
cho s6 phtic z la:

A. 20x-16y—47=0 B. 20x+16y+47 =0

C. 20x+16y—47=0 D. 20x—16y+47 =0
CAau 26. Goi A, B,C Tan luot 1a cac diém biéu dién
cho cac s6 phttc z, =—1+3i;z, =-3-2i;z, =4 +1i.
Chon két luan dang nhat vé tam giac ABC:

A. Tam giac can B. Tam gidc vuong can
C.Tam giac vuéng  D. Tam giac déu
Cau 27. Goi z;z, la cdc nghiém phtc cua
phuong trinh z> ++/3z+7=0. Tinh: A=z*+z.

A.23 B.\V23 C.13 D. 13
Cau 28. Cho chop t& gidc déu S.ABCD c6 canh

day bang a , dwong cao ctia hinh chép bang #.

Goc gitta mat bén va mit ddy bang:

A. 30° B. DBap s6 khéc

C. 45 D. 60°
Cau 29. Cho khoi da dién déu. Kh:fmg dinh nao
sau day la sai.

A. S8 dinh ctia khdi 1ap phwong bang 8

B. S8 mit ctia khdi tit dién déu bang 4

C. Khdi bét dién déu la loai {4;3}

D. S8 canh ctia khdi bat dién déu bang 12
Cau 30. Cho hinh lap phwong ABCD.A'B'C'D'.
I1a trung diém BB'. Mit phing (DIC') chia khéi
1ap phuong thanh 2 phén c6 ti s6 thé tich phéan bé

chia phan 16n bang;
A. 1 B. A C. 4 D. 1
3 17 14 2

CAau 31. Cho tit dién ABCD. Goi M,N lan luot la
trung diém ctia AB, AC. Khi d6 ti s0 thé tich cua
hai khoi chép AMND va ABCD la:
N A T A T
2 4 8 5
Cau 32. Cho hinh ldng tru ABC.A'B'C" c6 day
ABC la tam gidc vudng can dinh C, canh goc
vudng bang a, chiéu cao bang 24 . G la trong tam
tam giac A'B'C'. Thé tich khéi chop G.ABC la:
A. i B. E C. i D. a°
3 3 6
Cau 33. Cho hinh nén dinh S, duong cao SO. Goi
A va Blahai diém thudc duong tron ddy caa hinh
nén sao cho khoang cach tir O dén AB bang 2 va
X£SA0=30"; £SAB=60". Tinh dién tich xung
quanh hinh nén?
A. 4mf3 B 372/5 C.2mf3  D.3m2
Cau 34. Cho mot hinh nén sinh béi mot tam gidc

déu canh a khi quay quanh mot dwong cao. Mot
khdi cau c6 thé tich bang thé tich ctia khdi nén thi
c6 dién tich bé mit bing;

12 . a’mi/9 a*nil12 )
A. B. C. D. a"nv12
4 16 16

Cau 35: M6i hinh duéi day gom mot s6 hitu han

da giac phang (ké ca cac diém trong ctia nd).

—~ D A R
AW e

S6 da dién 16i trong cac hinh vé trén la:

A
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A. 1l B.2 C.3 D.4
Cau 36. Ban kinh ctia mat cau tam [ (3,' 3; —4) tiép
xtc véi truc Oy bang:

A. 5 B. 4 C.5 D.g

Cau 37. Cho mit phang (OL) :4x-2y+3z+1=0
va mat cau (S):x2 +y* +2° —2x+4y +6z=0.Khi
dé ménh dé nao sau day la ménh dé sai:

A. (oc) cét (S) theo mot dwong tron

B. ((x) tiép xuc voi (S)

C. (OL) c6 diém chung véi (S)

D. (OL) di qua tam cua (S)
Cau 38. Trong khong gian vdi hé toa do Oxyz,
tam gide ABC c6 A(1;0;0),B(0;2;0),C(3;0;4).
Toa d6 diém M trén mit phang Oyz sao cho MC

B. M| 0;2;- 1
2'2 22

c. mfo-2;1 D.[0-2;-1
2" 2 22

Cau 39. Trong khong gian vdi hé toa dd Oxyz, xac

vuong goc voi (ABC ) la:

(o)

dinh céc cdp gia tri (l;m) dé cac cap mat phéng
sau day song song voi nhau: 2x+1y+3z—-5=0;
mx—6y—6z—2=0.
A.(-33) B.(3-4) C.(43) D.(3-3)
x-1_y- 2 _z-3
2 4 1

va mit phing (P):x+y+z+1=0. Khéng dinh

Cau 40. Trong duong thang ( )

nao sau day la dang?
A. (d)//(P)
B. ( ) ct (P) tai M(l;—l;—l).
C. (4)=(P)
D. (d) cdt (P) tai M(-1;,-2;2).
Cau 41: Biét rang khi a e (—1;0), cac diém cuc tri

(x—1)3+a+1

X

cta do6 thi ham s6 y= ludn nam

trén mot parabol ¢ dinh y =mx* + nx +p . Khi d6
gia tri cia A=mmnp la bao nhiéu?
A. 27 B. -54 C. -81 D. 9

Cau 42: Trong khong gian voi hé truc toa do
Oxyz cho cac diém A(l;O;O),B(O;O;m),C(—%;%;O].

Goi D lahinh chi€u ctia goc toa dd O trén duong
thang AB. Chtng minh rang khi m thay ddi
nhung luon khac 0 thi duong thang CD ludn tiép
xtic voi mot mét cau cd dinh. Tinh ban kinh ctia

mat cau do.
A.R:% B. R=1 C.R:% D. R=+2

Cau 43: Gia st ham chi mitc san xuat cia mot
hang DVD trong 1 ngay la q(m;n) = mgn%, trong
dé m,n Tan luot 1a s6 luong nhan vién va s®
lwong lao dong chinh. Mdi ngay hang phai san
xudt duoc 40 san pham dé dap ing nhu cau cta
khach hang. Biét rang tién luwong cho mdi nhan
vién 1a 16 USD/ngay va ctia mdi lao dong chinh
la 27 USD/ngay. Tinh chi phi nho nhat dé tra cong
trong 1 ngay cta hang.

A. 1250 USD B. 1440 USD

C. 1500 USD D. 1920 USD
CAu 44: Biét rang tich phan:

j.xln(1+x)dx a—b+lnc

X

o e e
Khi d6 gia tri cua a+b+c 1a?
A.4 B.5 C.6 D.7
Cau 45: Cho s0 phtic z thoa man |z| =1.Goi M
va m Tanluot la gia tri lon nhat va gid tri nho nhat
cua |z+1+ ‘zz -2+ 1‘ . Tinh gia tri ctia bi€u thize Mm.

12421 _ 156 72 - 1343

A. B. C. .
7 7 3 4
Cau 46: Trong khong gian vdi hé truc toa do Oxyz
cho diém A(O; 0;1) duong thang A2 +1 ]i i

va mit phang (P) :x+2y+z—-1=0. Trén duong
thang A ton tai hai difm B va C sao cho tam
gidc ABC vudng tai A va c6 trong tim G nam trén

mat phang (P) Toa d6 trung diém M cua BC 1a?

1) g (i1
2 2'27 2

11) (111
22 2272

ol

I\Jlr—\ I\Jlr—\
N | =

. (-
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Cau 47: Cho s6 phtic z thoa man ‘(1 —i)z+ 2‘ =1.

A ; . A . X n , z N
Tap hop cac diém biéu dién s6 phttc — la
—1i

duong tron c6 ban kinh bang bao nhiéu?
1 1 J2

A.R=_ B.R=— C.R=1 D.R=">

N 6
Cau 48: Mot chiéc dng ctia phan vat thé gidi han
bdi hai mat phang x=0 va x=1, c6 thiét dién bi
cat boi mat phang vuong goéc véi truc Ox tai
diém c6 hoanh d¢ x (0<x<1) la mot hinh phing
c6 dang parabol v6i cac kich thedc nhw hinh vé
bén. Tinh thé tich cua chiéc 6ng.

B.V :g (dvtt)

D.V :% (dvtt)

Cau 49: DBau trwong La Ma (Anfiteatro Flavio)
duwoc xday dung tt nhitng nam 70 sau Cong
nguyén duwdi thoi hoang dé& Titus Flavius
Vespasianus va la mot trong cac ky quan ctia thé
gioi.

D

y (m)

20 (m) x (m)
A B C

bé xay dung khu vuc khan dai cho mét dau
treong c6 hinh dang cua mot nra vat thé tron
xoay, can s6 luong dat da c6 thé tich gan voi gia
tri nao nhat (theo don vi m’) trong s6 cac dép an
dudi day biét rang thiét dién qua tam cta vat tron
xoay d6 cat vat thé dudi hinh tam gidc BCD c6
cac kich thudc nhu hinh vé trén dong thoi tong
cac gia tri ctia x va y la 100m.

A. 195000 B. 217000 C. 433500 D. 337000
Cau 50: Goi a,b,c la cac s6 thye khéac 0 thay doi
nhung thoa man diéu kién: 3" =5’ =15".

Tim gia tri nho nhat cta biéu thic:
P=a’+b*+c* —4(a+b+c).
A. -3-log,3 B. -4

C. 2-+3

D. -2-log,5
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PAP AN
1.B 6.C 11.D 16.A 21.A 26.B 31.B 36.C 41.B 46.C
2.A 7.A 12.A 17.D 22.C 27.A 32.A 37.B 42.C 47.A
3.C 8.C 13.B 18.B 23.A 28.D 33.A 38.C 43.B 48.B
4.A 9.B 14.B 19.B 24.D 29.C 34.A 39.B 44.C 49.B
5.C 10.B 15.B 20.A 25.A 30.B 35.B 40.D 45.D 50.B

HUONG DAN GIAI CHI TIET
(Puogc thyc hién boi thidy Podn Tri Diing - facebook.com/toanthaydung - 0902.920.389)

Cau 1. Pap an B.

Asaivi f(x) phaila ham s&le

C sai vi tam d6i xtig phaila I (m;n)

D sai vi theo nhu cau 1 van ton tai treong hop
f'(x)=0 nhung x=x, lai khong phai la diém
curc tri.

Cau 2. Dap an A.

/ V4—x*
dai tai x=0.Nhu vay ham s khong c6 cuc tiéu.
Cau 3. Pap an C.

Nhéc lai kién thizc: Phuong trinh tiép tuyén tai
diém M (x0 ;yo) ctia d6 thi ham s6 (C) cho trudce

;¥'=0<x=0. Suy ra ham s6 dat cy

la y= V() (x—x0)+ Y, (*)
Suy ra hé s6 goc cuia phuong trinh tiép tuyén la
Yy =65 —12x=6(x—1) ~6>6
Hé s6 goc tiép tuyén caa do6 thi
(C):y=2x"-62"+3 datnho nhétla —6 khi x=1
Thay vao (*) ta dwoc phuong trinh tiép tuyén can tim.
Cau 4. Dap an A.
Céic ham s6 1;4
Cau5. Pap an C.
Cau 6. Dap an C.
Luu y bai todn bat tim tong GTLN va GTNN chir
khong phai tong gid tri ciec tiéu va gid tri cwec dai, cin
chil y diéu nay dé’tranh sai sot khong ding co.
Tacd y'=3x"+6x-9.
Phuong trinh

' ) {x=—3&[—5;2]
y=0=3x"-6x-9=0<

x=1e[-52]

Tinh céc gia tri

y(fs) =30; y(%) =62; y(l) =30; y(z) =37

So sanh cac gia tri ta suy ra GTLN la 62 va GTNN
la 30

Tong can tim 1a 92.

Cau 7. Dap an A.

Pit BE=x. Khi d@6 ta co: IE=+/225-x" . Do d6
ta c6 hai treong hop sau:

Truong hop 1: I nam gitta A va E. Khi dé: Dién
tich trong hoa mau la: S= x(15 ++/225 - x? ) = Su

dung may tinh ta dwgc dién tich dat 16n nhat
khoang 292 mét vuong.

Truong hop 2: E ndm giita A va L. Khi dé: Dién
tich trong hoa mau la: S = x(15 —~/225 %7 ) = S

dung may tinh ta dugc dién tich dat 16n nhat
khoang 225 mét vuong.

Vay ro rang s0 tién 1on nhat dng Nam c6 thé thu
duoc khoang: 1,46 ty dong.

Cau 8. Dap an C.

Pon gian véi diéu kién khong co cuc tri:

b* —3ac<0. Chon dap an C.

Cau 9. Pap an B.

y'=x"+2(m-2)x+2m+3<0

©2m(x+1)<—x* +4x-3

—x* +4x-3

cms 2(x+1)

Vxe[0;3]
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—%. Gia tri nguyén lon

nhat ctia m thoa man diéu kién la dap an B.
Cau 10. Pap an B.

Ta c6 cong thirc vay tra gop:
(1+7%) -1

P(1+7%)" = 7

do do trong 36

thang tra gép, mdi thang sd tién anh ndng dan
Pro(1+1%)’ _0,5.1,005%
(147%) -1 1,005° -1

Do d6 so tién lai anh thu dwoc sau 36 thanh tra

cantrd la: a=

gop két hop vdi s6 tién ban bo la:

36
100-30+50-70+90 - 36(3’3’1’#51] = 30480000

7

Cau 11. Pap an D.
biéu kién a =1
-1

Ta c6 thé viét lai (a- 1)?2 <(a-1)3

1 1 43’(61—1 *>3a-1
= < & 1

§/(a_1)2 a-1 —>0
@{(a_l)z 2,1_1@{(51—1)(01—2)20@‘122.

a>1 a>1

Két hop diéu kién suy ra a>2 .

Sai lam thwong gip: Khong dé' y dén diéu kién
1
Ja-1

Cau 12. Dap an A.
Dit 3" =t >0 suy ra 3t* -10t +3<0

>0 khi bién doi twong duong.

<:>(3t—1)(t—3)£0<:>%£t£3

©371<3" <3 o-1<x<1

Cau 13. Dap an B.

Tt phuong trinh da cho ta suy ra:
log, x 0
log, 3

1
< log, x(log3 x—1- log. 3} =0

log, x.log, x —log, x —

<> log, x(log3 x—log,3~log, 5) =0

log, x=0 {le

< log, x.log3£=0 = x &
15 Iog3E=0 x=15

Vay dap an B la dap an chinh xac

Nhan xét: S dung chirc nang SHIFT SOLVE ciia
mdy tinh ta c6 thé’dé dang tim ta nghiém x=1 do dé
c6 thé'logi ludén 2 ddp dn A va C.

Cau 14. Dap an B Ap dung BDT C6 si ta c6:

2r 20 [
== +Z23 =2J4=4.
=752

D4u “=" xay ra khi 22—X=2—3<:>22" =2'=>x=2
Cau 15. Bap an B.

B:?mg su hiéu biét ctia d6 thi ham trj tuyét ddi ta
biét thira rang dap an chi c6 thé'1a B.

Cau 16. Dap an A.

O dang bai todn tim dao ham, ngoai cach dat but
ra nhap va tinh dao ham thi ta cling c6 thé th
truc tiép bang may tinh. Cach thtr 1a ta sé tinh gia
tri cua f'(x) tai 4 dap an va gid tri dao ham f(x)
tai cung mot gia tri. Vi du tai gia tri x=1.

Bam may tinh i[e +€Vj
dx\ e’ —e

cho két qua

x=
~0,724061661

Tinh gia tri tai cac dap an:

Dép an A f'(1)=-0,724061661
Dép an B f'(1)=0,4920509139
Dép 4n C f'(1)=3,08616127
Dép anD f'(1)=-0,9050770762
Cau 17. Dap an D.

bDiéu kién

e(O;+oo)\{%}. Phuong trinh

21nx+ln(2x—l)2 =0
©2Inx+2In2x-1|=0< 1n(x.|2x—1|) =In1

2
x(1- 2x):
<:>x|2x—1|=1<:>

x(2x - 1) =1

Nhin xét: O bai toin nay vidc chuyén
In(2x-1) =2lnPx-1|  néi b nkim  thanh
(2x —1)2 =2In(2x-1) khong gdy dnh huéng téi két qud.
Tuy nhién 0 mot s6 bai todn twong tw, trong viéc pha
binh phirong o logarit chiing ta cin chii y la cin cé
ddu gid tri tuyét doi dé’tranh sai [im khong ding cé.
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Cau 18. Dap an B.

Néu véi phuong thirc thi tw luan, day c6 thé la
cau gay kho dé véi nhiéu thi sinh, tuy nhién véi
phuong thitc thi trac nghiém ta c6 thé don gian
thir tieng dap an dé€ cé duoc két qua nhanh nhat.
Cau 19. Bap an B.

Dai voi bai toan nay, chung ta st dung phuong
phap nguyén ham tirng phan.

U=x du=dx
bat dx = sinx
dv= 5 v=tanx =

cos” x Ccos X

Ap dung cong thtec tich phan timg phan ta cé:

T
=i =(xtanx) 3 +1n(cosx) 5 =l—ln2 .
0

0 V3

Suyra a= ;b=-In2.

1
3

Téng a+b=—=—In2~~0,1157969114.

Na)

Luu y khai niém phan nguyén cta x 1a s6 nguyén
16n nhét khong vuot qua x, vay dép an dang la
dap an B.

Nhan xét: Bai todn trén doi hoi kha ning bién doi ciia
thi sinh va nhdc lai kién thirc vé khdi niém phin
nguyén, sé co thi sinh khi di thi da tim ra két qua phin
tich nhung ling ting trong viéc lya chon ddp dn vi
khong nhé ro khdi niém phin nguyén.

Cau 20. Dap an A.

Cau 21. Pap an A.

Phuong trinh hoanh d¢ giao diém:

‘xZ —4x+3‘=x+3

i xXe (—00;1] U [3; +oo)

{ X' —4x+3=x+3 [x:S

{ xe(1;3)

x*—4x+3=-x-3

o

X —4x+3‘ xX— 3}0! =

Cau 22. Dap an C.

Ta c6 ha nguyén ham cua f(x)=2x"+x"-4 la
.[f dx——x +Z4—4x+C

Vi F(0)=0 nén C sé nhan gia tri 0, nguyén ham
can tim la F(x):xz4+2—§—4x

Sai lim thuong gdp: Thi sinh doc khong ki dé bai

nhim ldn chon dao ham ciia ham di cho didn dén lwa
chon dap dn A.
Cau 23. Dap an A.

J\/de:
1

3
<:>a\/;—1=8—a\/a_<:>a\/_=%<:>a=3\/€

2

Cau 24. Dap an D.

Viéc st dung may tinh Casio trong bai toan nay
duy nhat chi c6 thé ¢ budc thir lai dap an. D€ giai
quyét bai toan chiing ta can giai phuong trinh da
cho theo phuwong phép “c6 dién”:

bat z=a+ bi(a;b € R) . Phuwong trinh da cho
teong duong: 3z + i(z —E) =7-61

< 3(a+bi)+i(2bi)=7—6i

) . 3a-2b=7 a=1
<3a—-2b+3bi=7-6i < =
3b=-6 b=-2
Suy ra md dun s6 phtc z 1a |z| —J12+22 =5
Cau 25. Dap an A.
Ngoai cach bién d6i thong thuong la dat
z=a+bi(a;b eR) sau d6 bién d6i twong duong,
ta cling c6 thé thir cac dap 4n bang cach chon mot
diém trén moi duong roi sau d6 1ay s8 phitc z ma
diém d6 biéu dién thay vao dé bai kiém tra lai.
Cau 26. Pap an B.
Ta ¢6 toa dd cac diém lan lwot la A(-1;3); B(-3;-2);
C(4;1)
Tiép theo ta tinh cac vecto tao thanh tir 3 di€ém
trén: AB= (—2;—5);TC = (5;—2);&5 = (7;3)
Dé dang thdy ring ABAC=0 va
AB=AC=+2*> +5% =29 . Do d6 tam gidc ABC
vuong can tai A
Cau 27. Dap an A.
St dung chitc nang tim nghiém trén may tinh ta
3 5. _-\3 5

tinh dwoc z, ——+ i}z, =————1
2 2 2
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Tuy nhién may tinh khong thé tinh duwoc lity thita
bac bon cua mdt s6 phirc nén ta sé phai tinh lan
lwot.

T2V
2

Ta cé zfz( > >

£+Ei]2:_11 5J§
2

=2z

1 - \*~1 N

2 2

2 2

(2] z[_n 5\/51.]2 23 533,

Tuwong tu thi z, :?——i =

Cau 28. Dap an D.

T o , |SHLCD
Goi H la trung diém ctaa CD ta co
OH 1CD

Suy ra géc SHOla goc gitta mat bén (SCD)Vé\
day (ABCD)

Ta co: tanSHO:£=£:12>SHO=6OO
OH 2 2
Cau 29. Dap an C.

Cau 30. Dap an B.
D’ C’

A

Coi nhu khéi 1ap phuong c6 canh bang 1.

Dé€ giai bai toan nay, ta phai xac dinh dang thiét
dién cat boi mat phing (DIC')

Lay M la trung diém AB thi IM 1a duong trung
binh tam giac ABB’ nén IM//AB'/ /DC'

Suy ra bon diém I,M,C'D cung thudc mot mat
phang (C 'ID)

Thiét dién cat béi mit phang (DIC') la t&x giac
C'DMI

Phan c6 thé tich nhé hon la khoi da dién
C'IBMDC

Dé thuan tién tinh toan ta chia khoi trén thanh 2
phan la t& dién IMBD va hinh chép DIBCC'.

1 11 11,1 1
Vs =3B Syon =5 5 IBDAMB=—- 1. =
1 1 1 ‘
Vouce =5-DCSpce :g.DC.E.(IB+CC )-BC

S E RN
2 2\2 4
Suy ra thé tich khéi cd thé tich nho hon la
1 1 7
+V o =—+—+—
DIBCC 24 4 24:

Thé tich phéan 16n hon 1a

V.=V,

IMBD
7

24 24
Vaytilé cantimla V :V,=7:17
Nhan xét: Ddy la mot bai toan khi khé doi hoi kha
nang dwng hinh va xdic dinh diém phu hop cia thi

V=V v =1

ABCDA'B'C'D' ~ 'n

sinh. C6 mot s0"ban xdc dinh dung thiét dién nhung
Qdp kho khan trong viéc tinh thé’tich cdc phin vi chua
chia dweoc khéi thé'tich thanh cdc hinh nhé hon dé’tinh
cho phit hop.

Cau 31. Pap an B.

C

Vi day la cac khoi tit dién nén ta c6 thé ap dung

cong thikc tinh ti 1€ thé tich:

Vo _AM AN AD 11, 1
Vi, AB ACAD 22 4

Cau 32. Dap an A.

a2

Dién tich tam giac ABC: S, . = %.CA.CB =

Ge(A'B'C')=dq, 1) =24 - Suy ra the tich can

ﬂ3

2
timla V :l.a—.Za:—
3 2 3
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Cau 33. Dap an A.

o
A
GoiIla trung diém cta AB thi
Ol L AB;SI L AB;OI =2
AO=5A.cosSAO = SA.%

Al =SA.cosSAI = %

Lai c6

T détaco AL - L.
AO 3
Mit khac
Jo 2
3

Al _ 05140 = sin1A0=Y0 -2 _0a=\s
AO OA

Ma SA= oA =\/g.£=2\/§. Dién tich xung

cos30 3

quanh céan tinh 1a: 5, =m.OA.SA = 4n3

Nhan xét: Diéin mau chot ciia bdi todn nam & viéc 1dy
thém diém I

Cau 34. Dap an A.

Hinh nén sinh béi mot tam giac déu canh a khi
quay quanh mot duwong cao thi sé c6 chiéu cao

aV3.
2 7

bang chiéu cao cua tam giac do, ticla h=

duong kinh bang canh tam gidc =2r=a < r :%

Thé tich ctia khdfi nén dé 1a V = %.n.rz.h - %
Goi R 1a ban kinh kh6i cau cé cung thé tich véi
Khéi nén trén thi ta c6 V = £ rr? = T3

3 24
=R = 6133—2\/3 < R= @ = Dién tich khoi cau

3 2 _3
13 §=4nR? = 4mg? V12 _ 412
16 4

Cau 35. Dap an: B.
Chi c¢6 hai hinh dau va cu6i la da dién 16i.

Cau 36. Dap an C.
x=0

Phwong trinh truc Oy la: {y =t c6 vecto phap
z=0

tuyén U= (0;1;0)
Goi M(O; t;O) la hinh chiéu caa I trén Oy
= IM=(-3;t-3;4)
IMu=0=t=3=IM=(-3;0;4)= IM=5
Ban kinh mét cau chinh la khoang cach tir I dén
Oy hay IM
Cau 37. Dap an B.
Mit cau (S):x% +y* +2° —2x+4y +62=0
o (x-1) +(y+2) +(z+3) =14
Suy ra mat cau (S) c6 tam [ (1; -2; —3)
Khoang cach tir I dén (a):4x—2y+3z+1=0 1a
n [4.1-2.(-2)+3.(-3)+1] »

N

Vay madt cau (S) khong tiép xac voi (OL),' (oc) di

qualva (oc) cat (S) theo mot duong tron

Cau 38. Pap an C.

Nhan th&y rang néu MC vuong géc véi (ABC) thi
MC sé vudng goc voi cac duong ndm trong mat
phang (ABC). Tir d6 ta sé c6 2 phuwong trinh la
CM.AB=0;CM.AC =0

Goi M(0;b;¢)= CM =(-3;b;c—4)

D& dang tinh duge AB=(-1,2;0); AC=(2;0;4);
CM.AB=0;CM.AC =0

y_ 3

31+42b=0 ) 311

M| 0;==;—

Tls244(c-4)=07 ] _m " [ 22
2

Cau 39. Pap an B.

Hai mit phing song song véi nhau khi vecto
phap tuyén ctia ching ti 1é véi nhau.

Hai mt phang da cho déu da biét hé s6 ctia z nén
ta c6 thé dé dang tinh ti 1& ctia 2 vecto phap tuyén

1a k:%6:—2.Dod(’):

=22 1= =3 )= (39)

Cau 40. Pap an D.
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Ta cd ua = (2;4;1);;1,, = (1;1;1) :>;ld-;lp #0.

Vay (d) cat (P), loai dép an A va C

Thtt hai gia tri diém M ¢ hai dap an B va D ta thay
dap an D théa man yéu cau dé bai.

Cau 41. Dap an B. Day la bai toan da dugc néu tir
mot cong thirc trong dé 4: cuc tri cia ham y = L

[

'

lubn nam trén d6 thi ham sé y:u— Do d6

AR

2 —
parabol d6 1a: y = W .
Cau 42. Pap an C.
B
D
0
¢ / E F
A

Goi E la trung diém AO, goi F [% ;% ;Oj 1a diém

doi xing cua C qua E. Khi d6 vi tam giac ODA
vudng tai D nén DE=EO=EA=EC=EF=%
vay tam giac CDF vudng can tai D ma

FD =EF? + ED? = g

Vay ta mat cau d6 tam F ban kinh R = la mat

V2
2
cau cO dinh can tim.

Cau 43. Dap an B.

Chi phi mdi ngay la: C=16m+27n USD trong

2 1
do: q(m;n)=m3n3 240 n> 640?0.

m
Do vay: C>16m+ 1728900 =8m+8m+ 1728900
m m
> 3§/(8m)(8m)[1728?00j =1440 USD.
m

Cau 44. Dap an C.

1 1
Ixe’x 1r1(1+x)dx =—J‘xln(1+x)de”‘
0 0

1 ¢,
O+‘(|).e {ln(1+x)+1i}lx

=—xe ™" 1n(1+x) +x

=—xe " ln(l + x)

1 ¢, -

0+£e ln(1+x)dx+.(|;e ﬁdx
1 1 1
O—!ln(1+x)de’x +_[e”‘

0

=—xe " 1n(1+x) dx

1+x

B 1 1 +..1 Foox
=—xe’f1n(1+x)0—e’fln(l+x) +J‘e“—dx+.[ex—dx

0 ¢ 1+x o 1+x
B 1 1 1
:—xexln(1+x)0—exln(1+x)0+_[e*dx
0
=—xe " ln(1+x) (1)—3"‘ ln(1+x) é—e”‘ :)
:1_1+ln4
e

Cau 45. Dap an D.
bat z=a+bi va t=|1+z|.Khi do:

2 _ o 2 o _t-2
t —(1+z)(1+z)—1+|z| tz4+z=242a=a= >

Ta co:

‘zz —z+1‘=‘a2—b2+2abi—a—bi+1‘

=\/(a2 —b? —a+1)2 +b2(2a—1)2

o2 —z+1‘:\/(2a2 —a) +1*(2a-1)
:|2a—1|:‘t2—3‘

Vay |z+1]+|z* =z +1|=t+|f* - 3|. Chu y réng:
t=[1+2]= (a+1) 0 =v2¥2a e[0:2] vi @ <1.
Xét ham s6 f(t):t+‘t2 —3\ véi te[0;2]. Ta cé:
Truong hop 1:

te[0:3]= f()=t+3-#

:>f'(t)=l—2t=0<:>t=% '
Vi 0)=3 ()= 3 )

do d6 max=%mm=\/§.

Truong hop 2:
te[VB3i2]= f(t)=t+£ 3= f(t)=2t+1>0.
Ham dong bién.

min = f(+/3) = V3;max= f(2)=3

K&t lugn: Gid tri lon nht 1a % Khi va chi khi

15

z=-La3D;
8 8
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Gi4 tri nho nhat 1a /3 khi va chikhi z=—+

e

1
2
Cau 46. Dap an C. Goi

B(b—l;b;b),C(c—1;c;c):G(b+§_2;bgc;b+g+lj
Tam gidc ABC vudng tai A do d6

ABAC =0 3bc—2(b+c)+2=0.

G nam trén mit phang (P) do d6 b+c=1. Vay
giai ra ta duoc B(O;l;l),C(—l;O;O).

Cau 47. Dap an A.

1< —21—+2 1

—i

—+2

‘(1—i)z+2‘=1<:>‘(1—1 —

Dit %:eryi.Khi do:
—1

‘—2i(x+yi)+2‘=1<:>‘(y+1)—xi‘=%<:>x2+(y+1)2 -

Cau 48. Dap an B.
Cong thirc dién tich ctia parabol:

S= %x 1—x? . Thé tich can tim:

1
=J.§X\/1—x2dX=§ (dvtt)
0

Cau 49. Dap an B.

y AN
a+20 o
g(x)
Wk === =2
|
0 b x

Dé tién cho viéc tinh toan ta thay x,y lan lwgt boi
a,b . Chon hé truc toa d6 Oxy nhw hinh vé trén.
Tacoy=f (x) =a+20. Con phuong trinh duong
thang y= g(x) =x di qua hai diém A(b; 20) va
B(0;a+20) la:

Ez(—b;ﬂ):mﬁb(y—a—ZO):O

@yzg(x)z—%x+a+20

N

Thé tich phan khan dai cua ddu treong La Ma la:

Tci[(wzo)2 —(—%X-HH-ZOTJdX

0

b
nJ. 2 X a+20)——x dx=m —b+10ab
b* 3
0

Thay a=100—-b ta duoc:

V:

N | =

I\JI»—\

V= %n(zf — 23002 + 13000b) Kkhi dé:

V':%n(sz —460b+13000) =0 cb:% 1%
Tt day ta co:
V(0)=0;V(100)= o;v(% “139} ~216799 .

Cau 50. Dap an B.
bat 3 =5" =15° =k.

1 1 1
Khi d6: 3=k*;5=k?;15=k <. Vi 35=15 do dé:
11 1
kakt =k ¢
VI S | 1 .
Khi day: —+E=——<:>ab+bc+ca=0. Do vay:
a c
(a+b+c)2 =’ +b* +c* +2(ab+bc+ca)
<:>(u+b+c)2:az+b2+c2
<:>P:(a+b+c)2—4(a+b+c):(u+b+c—2)2—42—4
Vay gia tri nho nhat cua biéu thic P 1a —4 khi
a,b,c 1a cac s6 thuc khac 0 thay d6i nhung luon
a+b+c=2
thoa man:<ab+bc+ca=0
3°=5"=15"
a+b+c=2
< -a’log,3log, . 3+a(2-a)=0
b=alog, 3;c=—alog, 3

2
1+ log, 3log . 3

2log. 3

~1+log, 3log,.3
2log,. 3
1+log, 3log, .3
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