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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
CHU DE 4. HINH NON, MAT NON, KHOI NON

A. KIEN THUC CO BAN CAN NAM

1. Dinh nghia mat non

Cho duong thang A . Xét mot duong thang d catA tai O va khdng vudng goc

vGi A (Hinh 1).

Mt tron xoay sinh béi duong thang dnhu thé khi

quay quanh A goi la mat nén tron xoay (hay don

gian la mat non).

A goi la truc cia mat non.

d goi la dwong sinh ctia mat nén.

O goi la dinh ctia mat non.

Néu goi B goc gittad va A thi 2 goila gbc &

Hinh 1

dinh ctia mat non (OO <2B< 1800).

2. Hinh noén tron xoay

Cho AOIM vuong tai I quay
quanh canh gbéc vuong OI thi
duong gdp khtic OIM tao thanh
mot hinh, goi la hinh nén tron
xoay(goi tat 1a hinh nén) (hinh
2).

Duong thang OI goi 1a truc, O
la dinh, OI goi 1a duong cao va Y,
OM goi la duwong sinh ctia hinh Hinh 2
non. Hinh tron tam I, ban kinh

r=IM la day cta hinh non.

3. Cong thirc dién tich va thé tich ctia hinh nén

Cho hinh nén c6 chiéu cao la h, ban kinh day r va duwong sinh la ¢ thi co:
Dién tich xung quanh: Sxq=rt.r.]

nr2

Dién tich ddy (hinh tron): Sa =
Dién tich toan phén hinh tron: S=S; +S

1
V=- 7rr2 .h
Thé tich khoi non: 3

4. Tinh chét
Néu cit mat nén tron xoay boi mit phing di qua dinh thi c6 cac treong hop sau xay ra:

Mit phang cit m3t nén theo 2 duong sinh—Thiét dién la tam giac can.
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

Mat phang tiép xdc véi mat non theo mot duong sinh. Trong truong hop nay, nguoi ta goi

d6 1a mat phang tiép dién ctia mat nén.

Néu cit mit nén tron xoay boi mit phiang khong di qua dinh thi ¢6 cac treong hop sau
xay ra:

+ Néu mat phang cat vuéng goc véi truc hinh nén—giao tuyén la mot duong tron.

+ Néu mat phang cat song song véi 2 duedng sinh hinh nén—giao tuyén la 2 nhanh ctia 1
hypebol.

+ Néu mat phang cat song song véi 1 duong sinh hinh nén—giao tuyén la 1 duong
parabol.

B. BAI TAP TRAC NGHIEM

Cau 1. Goi L,LR,h lan lugt 1a dd dai dwong sinh, chiéu cao va ban kinh ddy cua hinh nén.
Dang thitc nao sau day luon ding

A. I?=h?+R? 1 1.1 C. R*=h*+I? D. I?=hR
B. 7=+
I h® R

Hudng dan gii
Ap dung dinh ly Pitago trong tam giac
vudng SOA ta co
SA? =S0O* +0A? hay I’ =h* +R®
Vay chon dap an A.

A

Cau 2. Goi ,R,h lan lugt la d6 dai duwong sinh, chiéu cao va ban kinh day ctia hinh nén
ctia hinh nén (N) la

A. S, =Rl B. S,, =7Rh C. S, =27RI D. S, = 7R%h

(N). Dién tich xung quanh S,
Hudng dan giai

Ap dung cong thitc S,; =7Rl . Vay ta chon dap an A.

Cau 3. Goi I,h,R Tan luet la d¢ dai duwong sinh, chiéu cao va ban kinh day cta hinh nén

(N). Dién tich toan phan S, cia hinh nén (N) la

A. S, =mRI+nR> B. S, =27RIl +27R?

C. S, =7zRl+ 27R? D. S, =zRh +7R?
Hudng dan giai
Sip =Sxq TSa = nR1+7nR?. Vay ta chon dap an A.
Cau 4. Goi I,h,R Tan lwot 1a d6 dai duong sinh, chiéu cao va ban kinh day cua khéi nén
(N). Thé tich V ctia khdoi non (N) la

A.V =zR’h B.vzészh C.V==rl D.V:%;;Rzl

Hudng dan giai
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

. 1
Ap dung cdng thirc V = éﬂth . Vay ta chon dap an B.

Cau 5. Cho hinh nén ¢6 ban kinh ddy la 44, chiéu cao la 34. Dién tich xung quanh hinh nén

la

A. 407a’ B. 207a’ C. 24ra’ D. 1273’
Hudng dan giai

Ap dung cong thitc

2
qu =nRl =mn4a.5a =20ma”.

Vay chon dap an B.

Cau 6. Cho hinh nén ¢é ban kinh day 1a 34, chiéu cao 1a 4a. Thé tich ctia hinh nén la
A. 127a’ B. 367a’ C. 157a° D. 12za’

Hudng dan giai
Ap dung cong thitc

V= % nR%h = %n.9az.4a =12ma’ .

Vay chon dap an A.

Cau 7. Cho hinh nén c6 ban kinh day la 44, chiéu cao la 3a. Dién tich toan phan hinh nén la
A. 38ra’ B. 327a’ C. 367a’ D. 307za’

Huwéng dan giai
Ap dung cong thixc
Sip = Syq +Sg = TRI+ 7R’
= n.4a.5a+ 162 = 36ma’.

Vay chon dap an C

Cau 8. Cho hinh chép tam gidc déu S.ABC c6 canh ddy bang a va géc gifta mot canh bén
va day bang 60°, dién tich xung quanh ctia hinh nén dinh S va day la hinh tron ndi tiép
tam gidc ABCla

13ma’ nazx/g C E D nazx/E

12 C12 12 BENT)

Hudng dan giai

A.
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
Ap dung cong thitc Syq =TRI

Voi

1 a\/_ a«/_

R=OH=1Ap=1 2V
3 372 6

1= SH =+S0? + OH2

2
=\/(A0.tan600) +OH>

[T

12 23
a 3 a\j_ naZ\/_

Vay Sqq = . Vay chon dap an B.

Q\F 12

Cau 9. Cho hinh chép tam giac d&u S.ABC c6 canh day bang a va goc gitta mit bén va day

bang 60°, dién tich xung quanh ctia hinh nén dinh S va day la hinh tron néi tiép tam giac
ABCla

2 2
za a za Sra
. D.

4 6 3 6

Ap dung cong thuc

a\@ a ma’

Vay S Bty et Vay chon dap an B.

Cau 10. Cho hinh chép tam gidc déu S.ABC c6 canh day bang a va géc giita mat bén va
day bang 60°. Thé tich khdi nén noi tiép trong hinh chép la:

Huwdng dan giai
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

Ap dung cOng thuic

V=1nR2h
3

Voi

h = SO = OH tan 60° =%

3
Vay V=ixR?h=1x a3 |a_m’ Viy chon dép 4n B.
3 3 6 |2 72
Cau 11. Cho hinh chép tam giac déu S.ABC cé canh ddy bang a va géc giita canh bén va
day bang 60°, dién tich xung quanh ctia hinh nén dinh S va day la hinh tron ngoai tiép
hinh chép la

A. 3ma? B E C 2ma’ D. 2na’®
e T3

Hudng dan giai

Ap dung cong thire S, =nRI

2 a«/g_a\/g

V6i R=AH=———=——
3 2 3

AH ax/g _ Za\/g

1=SA = =
cos60 1 3
3.—
2
Vav S _na«@ Za\ﬁ B 2ma’
W O Ty 3
Vay chon dap an C.

Cau 12. Cho hinh chép tt giac déu S.ABCD ¢ tat ca cac canh déu b@“mg a. Dién tich xung
quanh ctia hinh nén ngoai ti€p hinh chop la

A. nazxﬁ nazxﬁ C ﬁ D nazxﬁ
4 ) 2

Hudng dan giai

B.
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
Hinh nén ngoai tiép hinh S

chop ti gidc déu c6 dinh 1a S

va day la dwong tron ngoai

tiép hinh vudéng ABCD.
Luc do:
— AH= a2 — QA = D B
R=AH=""= val=SA=a \/
C

Bt

2 2
Cau 13. Cho hinh chép tt giac déu S.ABCD c6 canh day bang a va chiéu cao bang 2a. Dién
tich xung quanh cuia hinh nén dinh S va day la hinh tron ngi tié€p ABCD la

ra? 17 B ra’J15 C ra’ 17 b ra? 17
8 4 "6 4

Hudng dan giai

Vay S, = .Vay chon dap an D.

A.

2 2
1=, [(2a)" +| 2 =ﬂ/4a2+a— A p
2 4
B 17a2_a\jﬁ 0
N4 2 B c

Vay S, :Tti.a 17 = naz\/ﬁ
4 2 2 4

Vay chon dap an D.

Cau 14. Thiét dién qua truc ctia mot hinh ndén la mot tam gidc vudng can c6 canh goc

vudng bang a. Dién tich xung quanh ctia hinh nén 1a

a2 B. 27a’ a2 a2

A. C. D.
2 3 4
Hudng dan giai
Ap dung cong thitc
2

S, =nR1=n.a\/5.a: ™ \/5

q 2 2
Vay chon dap an A

Cau 15. Cho hinh nén c6 thiét dién qua truc la mot tam giac vuodng can c¢6 canh huyén 2a.
Thé tich ctia khdi nén bang
ra’ 2ra’ C. ra’ D. 2za°

A — B.
3 3
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

Huwéng dan giai

Ap dung cong thitc

3
Vzlfchhzln.az.a:E
3 3 3

Vay chon dap an A

Cau 16. Dién tich toan phan ctia hinh nén c6 khoang cach tir tam ctia day dén duong sinh
bang /3 va thiét dién qua tryc 14 tam giac déu la
A. 6rn B. 12n C. 18n D. 167

Hudng dan giai
D3t canh ctia tam giac déu SAB 1a a.

Ta co:
1 1 1 1 1 1
2 T e e 37 SRR
OH“ SO“ OB a\ﬁ a
2 2
1 4 4 1 16
— =t —&—=——=a=4
3 3% a? 3 3a°

Vay S, =n24+m2" =12n .

Vay chon dap an B.
Cau 17. Cho hinh nén cé duong sinh I, géc gitta duwong sinh va mit phang day la 30°.
Dién tich xung quanh ctia hinh nén nay 1a

2 2 2 2
7[\{?' B. ﬂ\fl C. ﬂ\fl D. nfl

Hudéng dan giai

A.

Ta co

0
qu =7nRl=ml.cos30".1=

7t12\/§ |

— -

Vay chon dap an B.

Cau 18. Thé tich V ctia khdi nén (N) c6 chiéu cao bang a va d6 dai duwong sinh bang a\5 1a

B.V =4ra®

A.V:Eﬂa3 C.V=§7ra3 D.V:gzza3
3 3 3

Hudng dan giai
Ta co: R:*\ISaZ—a2 =2a °

Vay V= %n.(Za)z a= 47;213 . aff

Vay chon dap an A.
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

Cau 19. Thiét dién qua truc ctia mot hinh ndén la mét tam gidc vudng can c6 canh goc

vudng bang a. Mot thiét dién qua dinh tao véi ddy mot géc 60°. Dién tich cta thiét dién

nay bang
a’\2 B a’\2 C. 2a’ D a’\2
2 -3 S 4

Hudng dan giai

/, - A \ 1
Dign tich thiet dienla S,y = 5 SH.CD

\/-

Ta c6: AB= a\/_ R=—-—

SO J_ a2

SH =
sin 600 \/F \/_

2 2 2
CD:2CH:2\/R2—OH2:2\/%—(80.tan300) =2 %—(a 2

S = ; a}_ 23, ﬁ;z . Chon dap an B.
Cau 20. Hinh nén c6 dudng cao 20cm, ban kinh day 25cm. Mot mét phang (P) qua dinh cua
hinh nén va c6 khoang cach dén tam la 12¢m. Dién tich thiét dién tao boéi (P) va hinh nén la
A. 450(cm?) B. 500(cm?) C. 600(cm?) D. 550(cm?)

Hudng dan giai

Vay dién tich S

Theo dé:

h=20,R=25,0H=12

Ta cé:
111

= +
OH?> SO* oMm?
1 1 1 1 1 1 1
< 2T an & 2 A2 A2
OM* OH” SO OM-* 12 20° 225
= 0OM=15

SM = y/SO? +OM?2 =202 +15% =25

CD =2CM = 24/R? —OH? = 24/25% 152 = 40
Vay S, qcop = %SM.CD = %.40.25 =500. Chon dap an B.
Cau 21. Khéi nén (N) c6 chiéu cao bang 3a. Thiét dién song song va cach mit ddy mot

N N 64 > 7 2 Ao ’ \
doan bang a, c6 dién tich bang ?ﬁaz . Khi d9, thé tich caa khoi nén (N) la
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
A. 487a’ 25 C. 167a° 16

B. —ra’ D. —ra°
3 3
Huwéng dan giai
Dién tich cta thiét dién S
S = nr? =ﬁna2 =r=-a
9 3
Ta co: L=z:>R=§r=§.§a=4a
R 3 2 23
Vay thé tich khéi chop la:

V= % mR*h = %n. 16a%.3a = 48a° . Vay chon dap 4n A.

Cau 22. M6t khdi nén c6 thé tich bang 47 va chiéu cao la 3. Ban kinh duong tron day cta
hinh nén la

A.2 4 D.1
B. & C. 3
3
Hudng dan giai

Ta co: V=§TER2h=4Tc:>R2 =%=%=4:>R=2. Vay chon dap an A.
Céu 23. Cho khdi nén c6 chu vi dudng tron day 1a 67, chiéu cao bing /7 . Thé tich ctia
khoi nén la
A. 127 B. 9747 C. 377 D. 367
Hudng dan giai
Chu vi duong tron day la: 2nR=6n<R=3 .

9\/?75
3

=37n . Vay chon dap an C.

Thé tich khéi nén 1a: V = % 1.9+/7 =

Cau 24. Cho hinh nén c6 dién tich xung quanh 257z, ban kinh duwong tron ddy bang 5. D
dai duong sinh bang

5
A.5 B.1 C.3 D'E

Hudng dan giai

Ta co: qu:nR1=25n:>l=§=2—55=5 . Vay chon dap an A.

Cau 25. Thiét dién qua truc ctia mot hinh nén 1a mot tam giac vudng can cd canh huyén
bing 2+/3. Thé tich ctia khdi nén nay 1a

A. 373 B. 73 C. 37 D. 372
Huwéng dan giai
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

Ta co:

1:%:«/@@1{:«5

Suy ra: h:x/6—3:\/§.
2
Do d6: V=§n.(\/§) .\/§=TC\/§

Vay chon dap an B.

Cau 26. Thiét dién qua truc cia mot hinh nén la mét tam giac vudng can c6 dién tich béng
4 . Dién tich xung quanh ctia hinh nén la
A. 8r B. 8742 C. 272 D. 472

Hudng dan giai
Ta co:

[ )
Saspg =451 —4o1=242

Va R=2
Suy ra: S, =7Rl=71.2.242 =412

Vay chon dap an D.
Cau 27. Mot khdi nén c6 thé tich bang 307, néu gitt nguyén chiéu cao va tang ban kinh
khdi nén d6 1én 2 Tan thi thé tich ctia khdi nén méi bang

A. 607 B. 1207 C. 40z D. 4807

Hudéng dan giai
1 2 e AN 14 A
Goi V, = Eanzhl la thé tich khoi nén ban dau.

1 4

. 1 2 2 2
Goi V, == mR3h, =§n(2Rl) h, =R,

Nhu vay V, =4V, =120n . Vay chon dap an B.
Cau 28.

Cho hinh nén c6 day la duong tron co duong kinh
10. M3t phang vudng goc véi truc cat hinh nén theo
giao tuyén la mot duong tron nhu hinh vé. Thé tich

cta khoi non co chiéu cao bang 6 la

A.87 B.24rx
C.& D. 967
9
Huong dan giai
Ta co: L=£:>1‘:£R:£_10:4
R 15 15 15
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

Vay thé tich khdi chop la: V= % nr’h, = %n. 16.6 =967 . Vay chon dap an D.

Cau 29.

Cho hinh nén (N) c6 ban kinh day bz‘?mg 10, mat phéng

vudng gbc véi truc ctia hinh nén cat hinh nén theo mot &
duong tron c6 ban kinh bang 6, khoang cach gitta mat 5&&\

phang nay véi mat phang chita ddy cta hinh nén (N) 1a 5.
Chiéu cao ctia hinh nén (N) 1a

A.12,5 B. 10
C.85 D.7
Hudng dan giai
Ta cb: —— = 6 = x=7,5 . Chiéu cao ctia hinh nén la: 7,5+5=12,5
x+5 10
Vay ta chon dap an A.

Céu 30. Cho hinh nén c6 dudng sinh bing a va géc ¢ dinh bing 60° . Dién tich xung
quanh cua hinh noén la

na’ 3ra’ Sma’ na’

A — B. C.
2 2 2 3

Huwéng dan giai

Vi goc & dinh 60° nén thiét dién di qua truc 1 tam giac
déu canh a.

2
a a Ta

Dodé: R=—. Vay S, =nRl=n.—.a=— .
2 W x 24T

Vay chon dap an A.

Cau 31. Cho hinh nén ¢6 chiéu cao h va duwong sinh hgp véi truc mot goc 45° . Dién tich

xung quanh ctia hinh nén la:

N \/E;chz B. \27h? c \/Ezhz b, 3§h2

Hudng dan giai
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

Vi hinh nén ¢6 chiéu cao h va duwong sinh hop véi truc

mot gbe 45° nén goc & dinh hinh nén 1a 90° , nén thiét
dién di qua truc la tam gidc vudng can.
Do dé: R=h. va 1=hy2 .

Dién tich xung quanh ctia hinh nén la:

Syq =RI=nh.h2 = \27h?,

Vay chon dap an B.
Cau 32. Cho hinh chép luc giac déu S.ABCDEF c6 canh bén bang 2a va tao véi day mot
g6c 60° . Dién tich xung quanh ctia hinh nén ngoai tiép hinh chép 1a
A. 2ma’. B. 4ma’. C. 6ma’. D. na’.

Hudng dan giai
Tt gia thiét suy ra mat chéo cua hinh chép
la tam gidc déu. Do d6 hinh nén ngoai ti€p
hinh chép c6é ban kinh ddy R=HA=a va
duwong sinh 1=SA =2a.
Vay dién tich xung quanh cua hinh nén

ngoai ti€p hinh chép la

qu — Rl = 2ma’.

Vay chon dap an A.
Cau 33. Cho hinh chép luc gidc déu S.ABCDEF c6 canh bén béng 2a va tao vdi ddy mot

goc 60°. Dién tich xung quanh ctia hinh nén ngoai tiép hinh chép 1a

2 2 2 2
A BT p, Yom c X D. =
2 4 4 2

Hudng dan giai

a3
2

Ban kinh day ctia khdinénla R=HI=

(Do tam giiacs HDE déu).

Chiéu cao cuia hinh nén

SH =+SE? —HE? = ,}(2a)2 —a2 =a\3.

Vay thé tich khdi ndn la:

2
2
V:%nth=§n.[§] .a\/_: \/gna

4

Vay chon dap an B.
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
Cau 34. Cho hinh 1ap phuwong ABCD.A’B’C’'D’ canh a. Hay tinh dién tich xung quanh cua
hinh nén c¢6 dinh la tdam O cua hinh vuéng A’B’C’'D’ va day 1a hinh tron ndi tiép hinh
vuong ABCD. Dép én la:

«/gnaz na’ \/gnaz na’

A. B. — C. D. —
2 4 4 2
Hudng dan giai
a c B'
Ban kinh ddy hinhnénla R = 5
| 0
[
Duong sinh ctia hinh nén la o /| N
T 7T A
2 2 | / I \\
i (a) 2[5 _ads C N
2 4 2 c 7 ! \
A U
Dién tich xung quanh ctia hinh nén la: L _‘l_ -
|
2 ~ ~ - -
S :anan.&:\/gna D A
x4 2 2 4
Vay chon dap an C.

Cau 35. Cho hinh nén dinh S, duwong cao SO. Goi A va B la hai diém thudc duwong tron day
ctia hinh nén sao cho khoang cach tir O dén AB béng a va SAO =30, SAB=60". Dién tich

xung quanh cta hinh nén la

A. ma’ B. 3ma’ C. 3na2\/§ D. nazxﬁ
Huwéng dan giai

Goi I la trung diém cta AB, ta c6

OI LAB,SI 1L AB, Ol =a,

35

AO =SA.cosSAO = SA.cos30° = 78A

va Al =SA.cosSAI = SA.cos60° = % SA .

Al 1

AO 3

Ex
e
o

Ma % =c0sIAO = cosIAO = 1 = sinIAO =

B 3 OA OA’
Vay on= 32 _ a6
Jo 2
Xét tam gidc vudng SAO, ta cd: SA = OAO:a 6.i:a\ﬁ
cos30 2 \E
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Vay dién tich xung quanh ctia hinh nén dé cho la: S, =m.OA.SA = n.%.a 2 =ma’ 3.
Vay chon dap an D.

Ths. Tran Pinh Cw. Gv Chuyén luyén thi THPT Qudc gia, TP Hué. SDT: 01234332133 Page 16



Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
CHU PE 5. MAT TRU - HINH TRU VA KHOI TRU

A. KIEN THUC CO BAN CAN NAM

I. Mat tru

1. Dinh nghia

Dinh nghia 1: Mit tru 1a hinh tron xoay sinh boi dwong thang 1 khi

xoay quanh duong thang A song song va cach 1 mot khoang R. Lic

do, A duoc goi la truc, R goi la ban kinh, 1 goi 1a duong sinh.

Pinh nghia 2: Mit tru la tdp hop tat ca nhitng diém cach duong

thang A ¢8 dinh mot khoang R khong ddi.

Puong th:fmg A dugc goi la truc cua mat tru, R dugc goi la ban
kkinhs ctia mat tru.

2. Tinh chat

II. Hinh tru

Hinh tru la hinh giéi ban boi mat tru va hai duong tron béng
nhau, 14 giao tuyén ctia mit tru va 2 mat phang vuong goéc voi

truc. i

Hinh tru la hinh tron xoay khi sinh boi bén canh cuia hinh mot

hinh chit nhat khi quay xung quanh mot duong trung binh cia |~ . deTE N
hinh chit nhat do. N
Dién tich xung quanh ctia hinh tru: Sxq = 21.R.1

Dién tich toan phan hinh tru: Sy = 2m.R.1+27m.R?

III. Khéi tru

Khéi try la hinh tru cing véi phan bén trong ctia hinh tru do.

Thé tich khoi tru tron xoay c6 ban kinh R va duong cao hla: V = pR2h.

B. BAI TAP TRAC NGHIEM

Cau 1. Goi I, h, R Tan lwot la d¢ dai duong sinh, chiéu cao va ban kinh day cta hinh tru.

Déng thtec ludn ding la:

A.l=h B. R=h C. I?=h*+R? D. R*=h*+1°
Hudng dan giai

Ro rang | =h . Nhu vay ta chon dap an A.

Cau 2. Goil, h, R Tan luot la d6 dai duwong sinh, chiéu cao va ban kinh ddy cua hinh tru

(T). Dién tich xung quanh S,, ctia hinh tru (T) la

A. S, =7R’h B. S,, =zRh C. S,,=zRl D. S, =27RI
Hudng dan giai

Ap dung cong thiec S,, =27RI . Vay chon dap an D.
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Cau 3. Goil, h, R Tan luot 1a d6 dai duwong sinh, chiéu cao va ban kinh ddy ctia hinh tru
(T). Dién tich toan phan S, ctia hinh tru (T) 1a

A. S, =7RI+7R? B. S, =2zRI+2zR*  C. S, =7RI+27R? D. S, = 7Rh+7zR?
Hudng dan giai

Taco: S =S, +S,; hay S, = 27RI+27R* . Vay chon dap an B

Cau 4. Goil,h,R Tan luot la d6 dai duong sinh, chiéu cao va ban kinh day cta khoi tru (7).

Thé tich V ctia khdi tru (T) 1a

. 3 . 2
A.VI%ERzl B.V =4zR C.V=zRh D.V=§7Z'R2h

Hudng dan giai
Ap dung cong thizc V =Bh =Rh . Vay chon dap an C.
Cau 5. Cho hinh tru ¢ ban kinh day 5 cm chiéu cao 4 c¢m. Dién tich toan phan ctia hinh tru
nay la:
A. 907(cm?®) B. 927(cm?) C. 947(cm?®) D. 967(cm?)
Hudng dan giai
Ta cé: R=5,h=4. Ap dung cong thizc S, =27RIl +27R?
S=275.4+2m1.5% =90 . Vay chon dap 4n A.
Cau 6. Cho hinh tru c6 ban kinh dady 3 cm, duong cao 4cm. Dién tich xung quanh cta hinh
trunay la
A. 247(cm?) B. 227(cm?) C. 207z(cm?) D. 267(cm?)
Hudng dan giai
Ta c6: R=3,h=4=1. Ap dung cong thitc Sq = 2mR1=21.3.4 =247
Vay chon dap an A.
Cau 7. Mot hinh tru ¢6 ban kinh day 6 ¢m, chiéu cao 10 cm. Thé tich cua khéi tru nay la
A. 320z(cm®) B. 3607z(cm?) C. 3407(cm®) D. 3007(cm®)
Hudng dan giai
Ta c6: R=6,h=10. Ap dung cong thitc V =7R*h = 1.6%.10 =360n
Vay chon dap an B.
Cau 8. Thé tich V ctia khéi tru c6 chidu cao bang a va duong kinh day bang av2 la

A' V e 1 72'3.3 B' V e lﬂ,’as C. 27’Ca3 D. V e lﬂas
2 3 6
Hudng dan giai

Ta co: d::zlx/§:>R:%:i ,h=a.

N
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2
Ap dung cong thitc V = nR*h = n.(i) a=le

")

Vay chon dap an A.
Cau 9. Hinh tru (T) dwgc sinh ra khi quay hinh ch&* nhidt ABCD quanh canh AB. Biét
AC=ay2 va ACB=45" Dién tich toan phan S,p cta hinh tru (T) la

A. Stp =4ma’ B. S, =107a’ C. S, =127a° D. S, =8ra’

Hudng dan giai

S,, =27R1+27R> . Nhu vay ta can tim ban kinh va do @_D
dai dweong sinh. I
Tam giac ABC vudng can taiB=>BC=a va AB=a . : \\aﬁ
Nhu vay: : \\

2 2 a_ \
Stp =2na.a+2na” =4mna - .1.1 ~a

BT~ _C

Vay chon dap an A.

. . R .
Cau 10. Cho hinh tru c6 ban kinh day bang R va chiéu cao bang 37 Mt phang (@) song

7. 2 \ \ 7 A 2 M R « A 7 .« A “ A 2 \
song voi truc cua hinh tru va cach truc mot khoang bang > Dién tich thiét dién ctua hinh

tru véi mp (o) 1a:

3R2\/3 2R%\/3 c 3R2\2 2R2\2
2 -3 T2 T3

Hudng dan giai
Theocl‘é’cacéhzﬁ;OH:B ®

Dién dién la hinh cht nhat ABCD

|
|
2 2 -+ ==
Ssgcp =DPC.AB=2HC.AB=2 RZ—(%] .37R:3\€R K_OQ*E
\’ L=

Vay chon dap an A.
Cau 11. Cho lang tru dieng ABC.A’B’C’ ¢6 canh bén AA’ = 2a. Tam gidc ABC vudng tai A co

A.

O\

BC =2a+/3. Thé tich ctia hinh tru ngoai ti€p khoi lang tru nay la:
A. 67a’ B. 4ra® C. 27a’ D. 8za®

Hudng dan giai
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Ta co: R:a\/g va h=2a.
Ap dung cong thitc

V =nR’h = n(a\[) 2a=6ma’.

Vay chon dap an A.

Cau 12. Cho lang tru tam gidc déu ABC.A’B’C’ c6 canh ddy bang a, mat bén la cac hinh
vuong. Dién tich toan phan ctia hinh tru ngoai ti€p khoi lang tru la

2 2 2 2
A. 4ra 5. 2ra 3+1) C. 2rza D, 37;&

Hudng dan giai

A c'
Tacé:R:Aozz.&:& @
3" 2 3 |

sof] ]

Sy = 27R1+ 2nR% = 2.

A jm g — Y
2(1+\E)Tca2 (o279
- 7 B
3
Vay chon dap an B.

Cau 13. Cho hinh chit nhat ABCD c6 canh AB =2a, AD =4a. Goi M, N lan lugt la trung
diém cua AB va CD. Quay hinh cht nhat ABCD quanh truc MN ta dwgc khoi tru tron
xoay. Thé tich khoi tru la:
A. 4ma’ B. 2ma’ C. na’ D. 3na’
Hudng dan giai
Tacé: R=a va h=4a .
Ap dung cong thiic
V =nR’h =ma%.4a =4na’ .
Vay chon dap an A.

CAu 14. C4t mot khdi tru boi mot mit phéng qua tryc cua no, ta duoc thiét dién 1a mot

hinh vudéng c6 canh bang 3a. Dién tich toan phan cta khdi tru la:

A. azn\/g B. 27ma’ C azn\@ D 13a%n
. S

Hudng dan giai
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Tacé:R=3—aVél=3a. @
3 2 h | |
Ap dung cong thirc ) Lo
3a 2 2 L
stp=2n.73a+2n.(3a) =27na’ . J P
T
Vay chon dap an B. %’;—V

CAu 15. Cit mot khdi tru boi mdt mat phéng qua truc ta duoc thiét dién 1a hinh chi nhat
ABCD c6 AB va CD thudc hai day cua khdi tru. Biét AB =4a, AC = 5a. Thé tich ctua khdi
tru la:
A. 16ma’ B. 8na’ C. 4ma’ D. 12ra’

Hudng dan giai
Ta co:
AB=4a,AC=5a=BC=3a=h va R=2a
Ap dung cong thitc
V = nR?h = n.4a%.3a = 12ma’.
Vay chon dap an D.

Cau 16. Cho mot khdi tru c6 chiéu cao bang 8cm, ban kinh duong tron day bang 6cm. Cat
khoi tru boi mot mat phéng song song voi truc va cach truc 4cm. Dién tich cta thiét dién
duoc tao thanh la:
A. 16\/§cm B. 32x/§cm C. 32x/§cm D. 16\/§cm

Hudng dan giai
Dién tich thiét dién

S —BC.CD=BC.2CH=8.2.25=325.

ABCD

Vay chon dap an C.

Cau 17. Cét mot khoi tru bdi mot mit phéng qua truc ta duoc thiét dién 1a hinh ch@ nhat
ABCD c6 AB va CD thuoc hai ddy ctia khéi tru. Biét AD = 12 va géc ACD bang 60°. Thé
tich ctia khoi tru la:

A. 1296 B. C. 24n D. 112x%

Hudng dan giai

Ths. Tran Pinh Cw. Gv Chuyén luyén thi THPT Qudc gia, TP Hué. SDT: 01234332133 Page 21



Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

Ap dung cong thitc V =7R*h 0 3
A
Vi \Z

N\ | I

N\
0 N I
1y r_CD _ADtan30 :12.«@:6\/5 LN
22 N
: z - - e
Vay V=r(613) .12=1296 k-5 )

Vay chon dap an A.

Cau 19. Cho mét khéi tru c6 ban kinh duwong tron day bffmg 6. Cat khoi tru boi mot mat
phang song song véi truc ta duoc thiét dién 1a hinh chit nhat ABCD c6 A, B thudc cung
mot day cua khoi tru. Biét AB = 10. Khoang cach tir truc ctia khdi tru dén thiét dién duoc
tao thanh la:

A 15 B. J11 C. 245 D. 41
Hudng dan giai

Khoang céch tir truc d&n mat phang thiét

dién la
OH=VR?—CH? =6 -5> =11
Vay chon dap an B.

Cau 20. Cho mot khdi tru c6 khoang cach gifta hai day bang 10, biét dién tich xung quanh
cuia khoi tru bf?mg 80m. Thé tich ctia khoi tru la:
A. 160n B. 164n C. 64n D. 144n
Hudng dan giai
Ta co:
hlezl;SXq =2nRI=80n=R =4 .

Ap dung cong thitc V =nR*h=71.16.10=160
Vay chon dap an A.
Cau 21. Cho mot khdi tru c6 do dai duwong sinh béng 10, biét thé tich cua khoi tru béng
907 . Dién tich xung quanh cta khoi tru la:
A. 8lIn B. 60n C. 78n D. 36n
Hudng dan giai
Tacéd: 1=10=h va V=nR’h < 90n=nR*10=R=3.
Ap dung cong thitc Syq = 2mRI=2m.3.10=60 .

Vay chon dap an B.
Cau 22. Cho hinh cht nhat ABCD c6 AB=2AD=2. Quay quanh hinh ch& nhat ABCD lan
leot quanh AD va AB ta duoc 2 hinh tru tron xoay c6 thé tich V,,V, . Hé thitc nao sau day

dung
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A.V, =V, B. V, =2V, C. V=2V, D. 2V, =3V,

Huwéng dan giai
¢ Quay hinh chi* nhat quanh AD thi ta dwoc hinh A ! D
tru co ban kinh R, =AB=2,h =1

=V, =nRth, =4n
¢ Quay hinh ch® nhat quanh AB thi ta dwoc hinh
tru co ban kinh R, =BC=1h, =2

=V, =nR5h, =m.1.2=2n 8 ¢
Vay chon dap an C.
Cau 23. Cho hinh tru tam gidc déu, c6 tat ca cdc canh bang a. Xét hinh tru tron xoay ngoai
tiép hinh tru d6. Xét hai ménh dé sau:
I) Thiét dién qua truc cua hinh tru la hinh vuoéng

na3

IT) Thé tich hinh trula V= =3

Hay chon cau dung

A. Chil) B. Chi (II)
C. Ca 2 cau sai D. Ca 2 cau déu dung
Huwéng dan giai
Xét day cta hinh tru la duong tron cé ban A N c
5
kinh R:L:PQzﬁ,NPza I
\E \E : 1B’ I
|
Nhu vay thiét dién qua truc la hinh ch | : |
nhat MNPQ. o |
MAnh 38T\ d | p! |
Suy ra: Ménh de I) dung. Ac=8=1=w
a’ na’ \\\\9"/0\
% ‘. _ 24 _ aN
Mat khac: V, =nR h—n.?.a—T S

Vay chon dap an B.

R\6

Cau 24. Mot hinh tru tron xoay, ban kinh day bmeg R, truc OO'= - Mot doan théng
AB= R\/E voi A e (O),B S5 (O'). Goc gitra AB va truc hinh try la:

A. 30° B. 45 C. 60° D. 75°

Hudng dan giai
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Goc gitta AB va truc hinh tru BAC

i
Ta co: \F
P COSA=—=—=2—-=—
AB R\/_ 2

Vay chon dap an A.

Cau 25. Mot hinh tru tron xoay ban kinh R =1. Trén 2 duong tron (O) va (O' ) ldy diém A

va B sao cho AB=2 va géc giita AB va truc OO’ bang 30° . Xét hai ménh dé sau:
I) Thiét dién qua truc cta hinh try la hinh vuong

IT) Thé tich hinh trula V =na’ .

Hay chon cau dung

A. ChiI) B. Chi (II)

C. Ca 2 cau sai D. Ca 2 cau déu dung

Cau 26. Cho ABB’A’ la thiét dién song song vdi truc OO’ cua hinh tru (A,B thudc duwong
tron tam O). Cho biét AB=4,AA"' =3 va thé tich ctia hinh tru bang 24n. Khoang cach d ti
O d&n mat phang la:

A.d=\3 B.d=+2 C.d=2 D.d=5V3

Huwéng dan giai

Khoang céch d tir O dén mit phang thiét /@5'
dién 1AOH . N 1

Taco: h=AA'=3 : A :
Ap dung cong thixc : i
V=mR’h=24n=>R>=8=R =22 /_J',_:;B
Ltic d6: OH=+/8—4 =2 (\i;-q

Vay chon dap an C.
Cau 27. Thiét dién qua truc ctia hinh tru (T) la mot hinh vudng c6 canh b@“mg a. Dién tich
xung quanh S, ctia hinh tru (T) la

A. qu = B. S =E7Z'a.2 C. qu =27a’ D. Sx =a

xq 2

Hudng dan giai

Taco: R:% val=a .Nén qu=2nR1:2n.%.a=na2. Vay chon dap an A.
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Cau 28. Mot hinh tru (T) ¢ dién tich xung quanh biang 47 va thiét dién qua truc ctia

hinh try ndy 1a mo6t hinh vudng. Dién tich toan phan cta (T) 1a
A. 67 B. 12x C. 10~ D. 8z
Hudng dan giai

Goi a la canh ctia hinh vuong. Liac d6: R = %,1 =a

Ap dung cong thitc Syq = 4m < 2nRl=4n @%.a =2<a=2
Dién tich toan phén: S, =4n+2n=6n . Vay chon dap 4n A.
Cau 29. Mot hinh tru cé ban kinh 5cm va chiéu cao 7cm. Cat khdi tru bang mot méat phang
song song vodi truc va cach truc 3cm. Dién tich thiét dién tao bdi khdi tru va mat phéng
bang
A. 56cm? B. 54cm? C. 52cm? D. 58cm?

Hudng dan giai
Taco: OH=3, h=7=AA"'va R=5

Thiét dién 1a hinh chit nhat ABB'A’

Luc dé:

Sappar = ABXAA'=2HB.AA'=2.y/52 =32 .7=2.4.7=56
Vay chon dap an A.

Cau 30. Mot hinh tru ¢ chu vi cta duong tron day 47a, chiéu cao a. Thé tich cua khoi
tru nay bang

3 3 3
A. 4ra B. 2za C. 16xa D. %ﬂa

Hudng dan giai
Ta c6 2nR =4ma < R =2a . Ap dung cong thiic V =nR*h=n4da’a=4ma’ .
Vay chon dap an A.
Cau 31. Hinh try c6 ban kinh ddy bang 24/3 va thé tich bang 247 . Chiéu cao hinh tru nay
bang
A.2 D. 6 Cc. 243 D.1
Hudng dan giai
Ta cé: V=nR*h < n.(2\/§)2 h=24n=h=2 . Vay chon dap an A.

Cau 32. Mot hinh tru ¢6 chu vi cua duong tron day la €, chiéu cao ctia hinh tru gép 4 lan
chu vi ddy. Thé tich cua khoi tru nay la

3 3 . 4 3 2
A S D. & C 4 D. £
T T T
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Huwéng dan giai

Ta co: C=271R:>R=i , h=4c .
21

C2 3

Ap dung cong thitc V =nR?*.h= n—.4c= c . Vay chon dap an A
4n T

Cau 33. Mot khéi tru c6 thé tich la 20 . Néu tang ban kinh 1én 2 lan thi thé tich cua khéi tru
mdi la
A. 80 D. 40 C. 60 D. 120
Hudng dan giai
Goi V, 1a thé tich khéi tru ban dau. Ta c6 V, = R7h,
Goi V, 14 thé tich khéi try lic saw. Ta ¢ V, =n(2R, ) h, =4nR?h,
Nhu vay thé tich sé tang 1én 4 Tan. Do d96, vay chon dap an A.
Cau 34. Mot hinh tru ¢6 duong kinh ctia ddy bang véi chidu cao ctia nd. Néu thé tich cta
khéi tru bang 2n thi chiéu cao ctia hinh tru la
A.2 D. 324 C. V2 D. ¥4
Hudng dan giai

2
Ta co: V:nRZh:n.(gj h=2n<h’=8=h=2.Vaychon dp an A

Cau 35. Cho hinh tru c6 truc 0,0, . Mot mat ph:fmg (oc) song song voi truc O,0,, cit hinh
tru theo thiét dién la hinh cht nhat ABCD. Goi O 1a tam cua thiét dién do6, ban kinh duong
tron ngoai tiép hinh chit nhat ABCD béng ban kinh duong tron ddy hinh tru. Gée 0,00,

bang

A. 30° D. 60° C. 45° D. 90°
Hudng dan giai

ABCD la hinh chit nhat ¢6 tam O = O la trung di€ém cua AC. =

Goi M 1a trung di€ém cua AB, ta c6 OM L AB,OM L AB va | D'

theo gia thiét AO=AO,. ! A

= Hai tam gidc vudng MAO va MAO;, c6 MA chung, OI’:(:: 4|H

OA =0,A nén chiing bang nhau. ) ,i J;)gT— —~

= OM=0M (1) M=o, )

A
Ta c6 OM//BC = OM L (0O,AB) = Tam gidc OMO, vudng tai

M (@2
Tt (1) va (2) = Tam gidc OMO, vudng can tai M
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0 0
= 00,M =45" = 00,0, =45 (3)

o < 1= 1 prg—
Goi H la trung diém cua OO, ta c6 MO = EBC ) -0,0,=0,H

= OMO,H la hinh chi* nhat= OH 1. OO, = Tam giac 00,0, cantaiO (4)

Tt (3) va (4) = Tam giac 00,0, vuong can tai O= 00,0, = 90°.

Vay chon dap an D.

Cau 36. MOot hinh tru ¢6 hai ddy la hai hinh tron tdm O va O’, ban kinh r va chiéu cao
h=ry2. Goi A la mot diém trén duong tron tam O va B 1a mét diém trén duwong tron tam
O’ sao cho OA vudng gbc voi O’B. Goi (oc) la mat phéng qua AB va song song vdi OO'.
Khoang céach gitra truc OO’ va (oc) la

Hudéng dan giai

Vi truc OO’ vudng gbéc voi hai day nén m

00' LOA va 0O0' LO'B. \E>B/
|
Vay t iac AOO’ vuong tai O va BO'O
ay tam giac vuong tai O va l: 4
vuong tai O'. I ///
I/
Theo gia thiét ta c6 AOLO'B ma _F 7:7/‘\
. “ h
AO L OO ’\‘Zgi\/\ﬂ/‘
= AO L(00'B) AE=——%
=AO0_L1L0OB

= Tam gidc AOB vuong tai O.

Twong tu, tam gidc AO’B vuong tai O'.

Ta c6 BB//00'=(ABB')//00'

Vay mp (OL) chinh la mat phéng (ABB’) va d(OO',(oc)) = d(O,(oc))

(vi 00"/ ( )) Goi H la trung diém ctua AB’, ta c

OH L AB'
OH 1 BB'

= OH L (ABB') = ()= OH=d(0,(ct)) =d(00",(c

w2

1
Tam gidc AOB’ vuong can tai O va OA=0B'=r nén OH = EAB' ==

o

Vay d(OO',(a)) =——. Vay chon dap an A.
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
Cau 37. Cho hinh tru T c6 ban kinh R va chiéu cao ciing bang R. Mot hinh vuéng ABCD c6
hai canh AB va CD lan lwot 1a hai day cung cua hai duong tron ddy, canh AD va BC khong

phai la deong sinh ctia hinh tru T. B¢ dai canh ctia hinh vudng dé theo R 1a

AR p. R¥S C. R\P D. 2
5 2 2 5

Hudng dan giai

Vé hai duong sinh CC’ va DD’ cta

hinh try, ta ¢6: D'C//DC va

D'C'=DC

ABCD Ia hinh vuoéng nén AB//DC va

AB=DC

= AB//D'C' va AB=D'C'

= ABC'D' la hinh binh hanh.

Ma ABC'D’ ngi tiép duong tron (O)

nén ABC’D’ la hinh chi nhat.

= AC’ la deong kinh ctia (O)

= AC'=2R

Goi a la canh cta hinh vuoéng ABCD, ta c6 AC = a\/E

Tam gidc ACC’ vudng tai C'= AC* = AC?+CC"
< 2a” =4R* +R”* =5R? @a:R\/;

Vay chon dap an C

Cau 38. Cho hinh tru c6 hai ddy 1a hai duong tron tam O va O, ban kinh d4y bang chiéu
cao va bang a. Trén duong tron ddy tdm O 1dy diém , trén duwong tron ddy tam O’ 1y diém
B sao cho AB=2a. Tinh thé tich ctia khoi t¢ dién OO’ AB.

3 a3«/§ 33\/5 33\/5

AZ D. C. D.
12 12 24 6
Hudng dan giai
Vé duong sinh AA’ va goi D la diém
déi xtng cta A’ qua O’, H la hinh A 0 H D
chiéu vuong goc cua B trén A'D , ta A =7
6 BHLAO (vi BHLA'D//AO) va et
BHL100'=BHL(00'A)=BH I s
i/_ -7 |—/ T =<

dwong cao ctia khdi chép B.AOO Yo ____ R

A 0 C

1

Vay Vooas = VB.a00 = EBH'SAAOO'
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

Tam gidc AA’B vudng 0 A’ nén
A'B=vVAB?—A'A2 =1/(2a)2 —a? =af3

Tam giac A’BD vudong ¢ B nén
2
BD=vA'D?>—A'B> :\/(23)2 —(ax/g) —a
a\3

=BD=0'D=0'B=a = Tam giac BO'D la tam giac déu canha= BH = >

Vay thé tich khdi t& dién OO’AB la:

1 1.1 ,
VOO'AB = EBHS AAOO' = EBHEOAOO =

ay3 a’ a3«/§

1

372 72 12
Vay chon dap an B.

Cau 39. Cho mét hinh tru tron xoay va hinh vuéng ABCD canh a ¢6 hai dinh lién tiép A, B
nam trén dudng tron day thit nhat cta hinh try, hai dinh con lai nam trén duong tron day
tht hai ctia hinh tru. Mat ph:?mg (ABCD) tao véi day hinh tru goc 45° . Thé tich ctua khdi

tru la

3 3 3 3
AE D. 2% ¢, Y2m p, H2m
16 16 16 16

Huwéng dan giai
Goi M, N theo tht tu la trung diém cua AB
va CD.
Khi d OM 1L AB va O'N LCD.
Gia st I la giao diém ctia MN va OO'.
bat R=0Ava h=00'. Khi d6 AIOM

vuong can tai O nén:

2
RZ=0A2=AM2+MO?*=| 2| +
2 4 48 8

2
a\/EJ —£+£ 322

=V=nR’h=n.

2 3
3a .a«ﬁ _ 3xlgna (dvtt)
2 16

Vay chon dap an D.
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
© CHUDE6 MAT CAU-HINHCAU VAKHOICAU
A. KIEN THUC CO BAN CAN NAM
I. PINH NGHIA VA CAC KHAI NIEM
Ki hiéu : S(O;R)1a mat cau S tam O, ban kinh R.
1. Dinh nghia mit cau: S(O,R) = {M |OM = R}
2. Cac thuat ngir:
e Bankinh: A € S(O;R) = OA la m6t ban kinh ctia mat cau.
e Duong kinh: A, Be S(O;R) va O, A, B thang hang = doan thang AB la mot duong
kinh ctia mét cau.
e Diém trong: Néu OE <R = E la diém trong ctia mat cau.
e Diém ngoai: Néu OF >R = F la diém ngoai ctia mat cau.
e Mit phang qua tAm mat cau goi la mdt kinh . Giao tuyén ctia mat cau va mat kinh
la dwong tron C(O,R) - goi la duong tron lon.
e Khdi cau S(O;R) hodc hinh cau S(O,R) la tap hop cac diém thudc mat cau S(O,R) va
cac diém nam trong mét cau do.
Ta c6 thé dinh nghia : Khdi cau S(O,R) = {M |OM < R}
3. Yéu td xac dinh mat cau: Biét tdm va ban kinh hodc biét mot dudng kinh ctia mat cau.

Chit y: Mt cau dudng kinh AB: S(AB)={MIMA.MB =0}

IL. VI TRI TUONG POI GIUA MAT CAU VA MAT PHANG
Ki hiéu: d(O, (P)) = OH la khoang cach tir tim mit cau dén mat phang (P).
C(H, r) la dwong tron (C) tam H ban kinh r.

iP) (F)
" L . OH=R=mjt phing ti€p OH<R=matphang cat mat
OH >R = mat phang khong L - " ny 1AL 1 \
xtic voi mat cau cau theo thiét dién la duong

tron tam H ban kinh

r=yR? - OH?
IIL. VI TR TUONG POI GIUA MAT CAU VA PUONG THANG
1. Xét mat cau S(O; R) va duong thang (A). Goi H 1a hinh chiéu ctia O 1én (A) va d = OH.

cat mat cau
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
d>R=d khong cit d=R=d tiép xtic d<R=d cat mat

mat cau véi mat cau tai mot cau tai hai di€ém phan
diém biét
Chu y:
e Duong thang (d) ti€p xtic v6i S(O;R) tai H < (d) L OH .
o C6 vd s8 duong thang tiép xtc véi mat cau tai H va cdc duodng thang nay nam trén
tiép dién cua mat cau tai H.
2. DPinh li: Néu A la diém ngoai cua mat cau thi qua A c6 vo s0 tiép tuyén véi mat cau.
Khi dé:
e D0 dai cac doan thang ndi A vdi cac tiép diém la bang nhau.
e Tap hop cac tiép diém nay la mot duong tron.
IV. CONG THUC
e Dién tich mat cAu: S=4nR?
+ Thé'tich khi cau: V=R’
( R 1a ban kinh mat cau)
V. MOT SO PIEM CAN LUU Y
e Diéu kién d&€ mdt hinh chop c6 mit cau ngoai ti€p la da gidc day ndi ti€p duoc
trong duong tron.
e Hinh ldng tru ditng c6 day noi ti€p dwoc trong dwong tron thi c6 mat cau ngoai
ti€p no.
e Tam cua madt cau ngoai ti€p hinh choép la giao di€ém ctia truc dwong tron ngoai
tiép da giac day va mit phang trung truc ctia mot canh bén.
VL. MOT SO DANG MAT CAU NGOAI TIEP THUONG GAP
DANG 1. Hinh chop c6 cac dinh nhin hai dinh con lai dw6i 1 goc vudng
Phuong phap

Chang han cho tit dién ABCD ¢ ABD=ACD=90",

Luc d6 mat cau ngoai ti€p ABCD c6:

Tam O (O la trung diém ctia AD ) va ban kinh R:%. That
vay, hai tam gidc vuong ABD va ACD c6 chung canh huyén

AD . Nén OA=OB=OC=OD=%.

DANG 2. Hinh chép c6 cac canh bén bang nhau
Phuong phap
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

S

B C

Hinh chép S.ABC... ¢ cac canh bén bang nhau (SA =SB=SC= )
= Veé SO J_(ABC...), SO la truc ctia dwong tron ngoai ti€p tam giac ABC
= Trong mit phang (SOA) , duong trung truc ctia SA cat SO tai I
=1 la tam mat cau ngoai ti€p hinh chép S.ABC...
*  Ban kinh ctia mat cAu ndi trén la R=TIA=1IS va ta co:

SM.SA SA’
SO 2SO0

DANG 3. Mit cu ngoai tiép hinh chép c6 canh bén vudng goc véi day

SA.SM =SO.SI ( Hai tam giac SAO va SIM dong dang), do d6: R=SI=

Phuong phap

Hinh chép S.ABC... ¢
* Mot canh bén vuong géc véi ddy, ching han
SA L(ABC)
* ABC... ndi ti€p dudng tron(O)

» VE truc duong tron ngoai ti€p ABC ...

d6 1a duong thang d qua O va vudng goc véi (ABC) .

* Trong (d,SA) , dudng trung truc ctia SA cat d

tai I = Ila tdm mat cau ngoai ti€p hinh chop S.ABC

2
= Ban kinh mit caula R=IA =yAO> +0OI” =,|AO” + SA

DANG 4. Mit cau ngoai tiép hinh chép c¢6 mit bén vudng goc voi mat day

Phuong phap

Céch xac dinh tam va ban kinh mat cau ngoai tiép hinh chép .

c6 mot mat bén vudng goéc véi mdt day( Gia st la N

(SAB) 1 (ABCD)) ta thuc hién nhw sau: >
» Dung truc A, ctia duong tron ndi ti€p ASAB

Dung truc A, ctia duwong tron ndi tiép tw giac ABCD
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
> Tacé A, va A, cing thudc mat phang trung triee ctia doan thang AB

=A, NA,=0, Olatam mat cau ngoai tiép.
» Trong cach dung ta c6 ASGO vudng tai G va R=0S
B. BAI TAP TRAC NGHIEM
Cau 1. Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh bang a, SA=2ava vuong
goc voi (ABCD) . Thé tich ctia khéi cau ngoai tiép khdi chép S.ABCD la:
A. na3\/g B. 7T_33 C. %naa D. En_a3
V6 3 4o
Hudng dan giai
Goi O la trung diém SC.
Cac ASAC, ASCD;ASBC Ian lwot vudng tai A,D,B.

Ta co:
R=2C_L SA AR +BC - ao
2 2 2

Suy ra: V——T{a‘q na’ /6 .

Vay chon dép an A.

Cau 2. Cho tit dién ABCD c6 DA =5a va vudng goc voi (ABC), AABC vudng tai B va
AB=3a,BC=4a. Dién tich cia mat cau ngoai tiép ti dién ABCD la:
A. 36ma’ B. 25ma® C. 50ma’ D. 100ma’.

Hudéng dan giai
Goi O 1a trung diém cta CD.
ADAC vudng tai A

—OA=0C=0D-= %CD (1)

A DBC vudng tai B = OB = % CD ()

T (1) va (2) ta dwoc :

OA=OB=OC=OD=%CD

& A, B, C, D thude mit cau S(O; % )

Ta cé

cp
2

JAD? + AC? =

R:

Sa\/E
—

% % JAD? + AB> + BC? =% V258> +9a% +162° =
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
Sa\/E ’
2

] =50ma’. Vay chon dap an C

Tk do: S= 4n[

Cau 3. Cho hinh chép S.ABC c¢6 SA = 2a va SA 1(ABC). Tam giac ABC vudng can tai B,
AB=ay/2 . Ban kinh mat cau ngoai tiép hinh chép S.ABC la

A. 2a B & C. 2a\2 D. a2
T2

Hudng dan giai
Goi I 1a trung diém SC
SA LAC nén A thudc mat cau duwong kinh SC
BC 1L SA va BC 1L AB nén BC 1L SB = B thudc mat

cau duong kinh SC. Nhu vy tdm mat cau la trung

diém I ctia SC con bén kinh mit cu la R = % .

Ta cd

AC=+/2a> +2a> =2a
SC=+/SA? + AC? =+/4a’ +4a’ =2a\2 > R =a\[2
Vay chon déap an D.

Cau 4. Cho hinh chép ti& gidc déu c canh ddy bang a, canh bén hop véi ddy mot goc 30°.
Thé tich madt ctia ngoai ti€p hinh chdp la

27
A. %na@ B. ﬁnaz’ C. %nag’ D. —naS
27 27 27

Hudng dan giai
Theo dé
[ SA.(ABCD) |=8A0=30°
Goi M la trung diém cta SA . Trung

truc clia SA cit SO tail = I 1a tAm

mdt cau ngoai ti€p hinh chop.

Ta c6: SLSO = SM.SA = SI= Sl\ggA

V6i AO = %

a .2
AS= A0 _2al2_a2 SO =SA sin30° = & Sgr= N6 V3 _ . 2
cos30° \E 2 ‘E \E 2 3
J6
Do do: V= éna3;\F:§\Fna3 :%na?’
' 3 3V3 9\3 27 '
Vay chon dap an A.
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
Cau 5. Cho hinh chép tam giac déu S.ABC c6 canh day bang 2 va canh bén bang 243.
Tinh ban kinh mét cau ngoai ti€p hinh chép S.ABC

4 36 g 36 o e D, 36
2 4 6 8

Hudng dan giai
b2\3
24/3b% — a2

Ap dung cong thitc giai nhanh: R = voi a=2,b=2+3 taduoc

5] 5 5 o
= . Vay chon dap an B.
2\/3(2\/5 )2 22
Céng thirc tinh nhanh: Cho hinh chép tam giac déu S.ABC c6 canh day bang a va canh
b>\3
2\3b? —a?

R =

bén bang b. Ltic d6 ban kinh mat cau ngoai tiép duoc tinh theo cdng thitc: R =

Chitng minh
Goi O la hinh chiéu ctia S 1én mp(ABC) thi O la tam
ctua duong tron ngoai ti€p AABC.
Mat phgmg trung triec cua SA cit SA tai I va cit SO tai
K. Khi d6 SK = KA = KB = KC va do d6 K la tam cua

mat cau ngoai ti€p .

Hai tam giac dong dang SIK va SOA cho ta:
2
SK _SI_ . _SLSA_SA

—_——_—> =
SA SO SO 2SO

a2

2
Tam gidc vuong SOA: SO?=5A2 - AO?=D? - [#] =b’-—.

3
2 2 2
Suyra:SO=,,b —a—.VéySK=R= b = b*V3
3 2J a’>  243b’ -2

b -
3

Ttr d6 ta suy ra dugc cong thirc tinh nhanh thé tich khoi cau va dién tich mat cau ngoai

ti€p hinh chép déu tam giac canh day la a, canh bén 1a b nhu sau:

3
V= inR3 —in bZ\/g = bé\/gn
3 3 23 —a? ) 203 —a2y
S— ax b* _ 6nb’
- 2 T AaR2 .2
2(b2—%) 3b"—a
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
Cau 6. Cho khdi chop S.ABC c6 day ABC vuodng tai A, AB=a, AC=2a, SA=SB=SC va mat

bén (SAB) hop voi day (ABC) mot goc 60°. Dién tich mat cau ngoai ti€p hinh chép S.ABC
la:

487 48n » B. 2897 22 c. 38

" 489 48

489 3 D 389 .

12

Hudng dan giai

Nhan xét: Tam mat cau ngoai ti€p hinh choép trung véi tam cua dwong tron ngoai tiép cua
tam giac SBC.
Ta c6 SA=SB=SC nén S nam trén truc dwong tron
ngoai tiép tam giac ABC. Goi O la trung diém cta
BC.
Vi tam gidc ABC vudng tai A nén O la tam cuta
duong tron ngoai ti€p tam giac ABC.
Do d6: SO chinh la truc cia duong tron ngoai ti€p
tam gidc ABC hay SO J_(ABC).

Theo dé: [(SAB),(ABC)|=S10=60", véi K la trung
diém cua AB.

4 AC L4 A 4
Ta co OK=7=a. Trong tam giac vuong SKO c¢o

SO=KOtan60° = a\/g
Trong mit phing (SBC), duodng trung truc ctia SC cat SO tai]
= Jla tam cua duong tron ngoai ti€p tam giac SBC.
Mat khac:
JIS=IB=1]C (V‘l J1a tAm dudng tron ngoai ti€p tam gidc SBC)
JA=JB=JC (Vl J thudc truc dudng tron ngoai ti€p tam gidc ABC)
=JS=JA=JB=JC=] 13 tAm clia mit cAu ngoai ti€p hinh ch6ép
Luc d6, ban kinh mat cau ngoai tiép hinh chép la R=SJ.
ASIJ dong dang ASOC (I1a trung diém ctia SC)

IS _SU _ | CSSI_1SC’_180°+0C
Cs SO SO 2SO0 2 SO

2
BC JAB2+AC® a5 302 4 0%
.. Joc=—= = 1 1 1
Vol 2 2 2 =JS=— 4 7a 7\/_31

—R=
2 24
SO=a\3 a3 Sf

Vay dién tich mdt cau ngoai ti€p hinh chép S.ABC la S=4nR* =4n [ 17a j 289m 2.

83 48
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
Cau 7. Cho t& dién déu ABCD c6 canh bz‘ing a. Ban kinh ctia mt cau ndi tiép t dién déu
ABCD 1la

NG B. — C.% D. aV6

12 12

Hudng dan giai
Goi O la hinh chiéu cua D 1én mp(ABC),
O la trong tam cua tam giac déu ABC.
Mat ph:fmg trung trec ctua doan AD cit AD tai E va cit
DO tai K. Ta c6 KD = KA =KB = KC nén K la tam ctia mat
cau noi tiép ti dién déu vi :
d(K,(DAB)) = d(K,(DBc)) = d(K,(DAC)) {
=d(K,(ABC))=0OK

Tacé:AO=§AI=§, OD = «/DAz—AOZ=¥
DK DE a aJ6 <6 a6

Vi ADEK d6ng dang ADOA tacl: —=——==:

DA DO 2 3 4 4
Vay OK = OD - DK = a;{g—ail a;/j Vay chon déap 4n A.

Cau 8. Cho khdi chép t gidc déu S.ABCD c6 canh day bang a, canh bén 2a. Thé tich kh&i
cau ngoai ti€p khoi chép trén la :
448714 g, 448ma’ c na*\14 D. 4487a*\14
1029 1029 - 1029
Hudng dan giai

Taco: SO = - 22 sy & T8 g NI
4 2 2 2

Dung truc duong tron ngoai ti€p hinh

vuong ABCD= SO L (ABCD)

Dung trung triec cia SA = d L SA tai

trung di€ém M. Xét (SAO) c6 d cat SO

tail, tacod:

SI=IA; IA=IB=IC=ID

= IS=IA=IB=1C=1ID

= Mat cau ngoai ti€p hinh chép S.ABCD ¢ tam la I va ban kinh r= SL

SL_SM _ o _ SMSA

ASIM ~ ASAO —> = e
SA SO so = SI=

2av14
-
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

2a+/14 4 4487’14 o
2 . Suy ra V=2n = 227 Chon d4p 4n A
7 3 1029

Cau 9. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vudng canh a, SAB 1a tam gidc déu va
vudng goc voi ddy. Xac dinh ban kinh hinh cau ngoai tiép hinh chép S.ABCD .

ay21 a\E ay21 Za@

B. R= C.R= D. R=

Vay: r=SI=

A. R=

J6 ' 3 6 J6

Hudng dan giai

Goi I Ia tam hinh vudng, G la
trong tam cua tam gidc SAB (
GeSH). Ta dé dang ching
minh dwoc IH L (SAB).

Dung truc A, ctia duong tron
ngoai ti€p hinh vuéng ABCD
(voi A, diqual)

Dung truc A, ctia dwong tron
ngoai ti€p tam giac SAB (véi
A, diqua G)
= A, va A, cling thudc mat phang trung triec cia doan thang AB
{OGAH3{0A=OB=OC=OD

OA=0B=0S
= O cach déu cac dinh cua hinh chép S.ABCD = O la tdm mat cau ngoai ti€p hinh chép
S.ABCD.

21 a\21
6

Ta c6: OS =+/SG* + 0G* :aT. Vay:R= ! . Vay chon dap an C.
Cau 10. Cho hinh chép SABC c6 day ABC la tam giac can AB=AC=SA=SB=a;
SC= b(O <bx< \/ga), (SBC) L (ABC). Ban kinh mat cau ngoai ti€p hinh chép SABC theo a

vab.

2 2 2 2
A.sz— B. R=——— C.R=———— D. R=——

\3a’ —b’ Ja? +3b’ \J3a? + b’

Hudng dan giai
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Goi D 1a trung diém BC = AD L BC (Vi ABC can tai s
A)=AD 1 (SBC). Goi E trung diém SB= AE 1 SB
(ViSAB déu)

= DE L SB (Dinh ly 3 duong vudng gdc)
SC//DE (DE dwong trung binh tam gidc)

= SC L SB. Vay tam gidc SBC vudng tai S

AD la truc duong tron ngoai tiép tam giac SB nén

tam O mat cau ngoai tié€p SABC thudc AD.Mit khac

O céach déu A; B; C nén O la tam duong tron ngoai A

tiép tam giac ABC.

Vay ban kinh R mat cau ngoai tiép hinh chép bang ban kinh dudong tron ngoai tiép tam
giac ABC

BC =+va’+b’> = cosC=—
AC

DC +a*+b> | \3a’> -b’
=2—:>s1nC:2—;
a a

R— A‘B _ a’ .
2sinC \/3a2—b2

Vay chon dap an D.

Cau 11. Cho hinh chép S.ABC c¢6 canh bén SA vudng goc vdi, goc gitta canh bén SB véi

day la 60°. AABC vuong tai B, AB =a+/3, ACB=30". B4n kinh mit cau ngoai ti€p hinh

chop la

\/ia @ C.\2la D J21a
2 4 2

Hudng dan giai

Goi I 1a trung diém canh AC. Trong mp(SAC) ké Ix // SA.

Ta c6 Ix 1a truc dudng tron ngoai tiép tam giac ABC, Ix cat SC

tai O.

Ta ¢6 O la tdAm mat cau ngoai ti€p hinh chép S.ABC.

Ban kinh R=0A.

A. B.

SBA = (SB,(ABC)) = 60°

— SA=AB.tan60° =3a, AC= 2B _2 /3
sin30°

Goi J 1a trung diém ctia SC = AIOJ la hinh chG nhat
—SR=A0=VAIZ+Al* = \/zz_la . Vay chon dap an A.

Cau 12. Cho hinh chép S.ABCD. Hai mat bén (SAB) va (SAD) cung vudng goc voi day.
b4y ABCD la tt gidc ndi ti€p trong duong tron tam O, ban kinh r, SA =h. Ban kinh mat
cau ngoai ti€p hinh chép S.ABCD la
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
A. 241 +h \4r? +h c \4r? +h D. V4r’ +h
2 N Y

Huwéng dan giai

B.

Goi M 1a trung diém cua SA, (oc) la mat phang trung
treee cua SA, A la truc duong tron ngoai ti€p t& giac
ABCD va I=An(a)

leA=IA=IB=1IC=1ID

Ie(a)=IS=1A

=IS=IA=IB=IC=ID nén I chinh la tam mat cau
ngoai tiép hinh chép S.ABCD

Tt giéc MAOI 13 hinh chit nhat nén OI = AM = >2* — g

h? \/rz h? \/4r2+h

IA2=OA2+OIZ=r2+T:R=IA:

Vay chon dap an B.

Cau 13. Trong mat phang (P) cho ntra luc gidc déu ABCD noi ti€p dwong tron duong kinh
AD=2R. Qua A ké dudng thang Ax vudng géc véi (P), trén Ax 18y diém S sao cho goc
gitta hai mit phang (SDC) va (P) bang 60°. Ban kinh hinh cau di qua nam diém S, A, B, C,
Dla

A 23R VIR VR N
A .

B. ——
4 2
Hudng dan giai

Goi O la trung diém doan th:fmg S

AD, ta c6 O la tam duong tron \ X
. oA 7 4 2 \
ngoai tiep ti giac ABCD. Ke Ox \ L ,
s . 4 \ ‘] \
song song voi SA, ta c6 Ox la truc —— e
\ \ . o AN ’ L4 / -
duong tron ngoai tiép tir giac " _-r
ABCD. -7

. A D
Trong tam giac SAD, tir trung diém o
J ctia SA, ké Jy song song vdi AD, ta
cd Jy la duong trung triec cta canh

SA. Goi I la giao diém cua Ox va

Jy.
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
, |[1eOx=ITA=IB=IC=1ID
Ta co
{1 ely=IS=1A
kinh hinh cdu nay la r=1A.

=1 la tdm mat cau di qua nam diém S, A, B, C, D, ban

SCA =((SCD).(P))=60° = AC = AD.sin60° = V3R, SA = AC.tan60° = 3R
Tt gidc AOI 1 hinh chi nhat nén Al=AJ? + AO? = @

JI3R

Vay ban kinh méat caula r= — Vay chon dap an C.

Cau 14. Cho hinh chop S.ABCD c6 ddy la hinh thang vudng tai A va D, AB=AD=a,
CD=2a. Canh bén SD J_(ABCD) va SD=a. Goi E la trung diém ctia DC. Ban kinh mat

cau ngoai tiép hinh chép S.BCE la

A 2la B YU, c M, p. Y11,
NG 4 2

Hudng dan giai

Vi AB=DE=AD=a va
DAB=90" nén ABED la hinh
vuong.

Tam giac BDC co
EB=ED=EC=a nén vudng
tai B BELCD nén trung
diém M cta BC la tam duong

tron ngoai ti€p tam giac BEC.

Duyng A la truc duong tron

ngoai ti€p tam gidc EBC thi A

song song vai SD.

Duyng mat phéng trung truec canh SC, cit A tai L.

biém I 1a tam mat cau ngoai tiép hinh chép S.BCE.

Ké SN // DM cat MI tai N, ta c6 SDMN la hinh chit nhat véi SD=a va
DB>+DC?> BC? AB?+AD?+DC?> EC?+EB?> 5a°

2 a4 2 4 T2

DM?

Ta c6 SI> = SN2 +NI> = SN? +(NM~IM)’ = 22 +(a-M)’
2

2
Ma IC? = IM? + MC? :IM2+% va R=IC=IS nén

2
§a2+(a—IM)2 M2+ e M2
2 2 2
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
Vay ban kinh mét cau ngoai ti€p hinh chép S.BCE la:

2_\/ﬁ
)

R =,[IM? +a? ——a. Vay chon dap an D.

Céau 15. Cho hinh chép S.ABC ¢6 SA L (ABC). Goi M, N Ian lwot la hinh chi€u cua A trén

SB, SC. Biét BAC =a, BC =a. Dién tich méat cau ngoai tiép khdi da dién ABCMN la

4n 4n 27 27
5 a’ B. 5 a’ C. 5 a’ D. > a’
sin” o cos“a cos“a sin“o

A.

Hudng dan giai
Vi tam gidc AMB vudng tai M nén tam
mat cau di qua ba diém A, M, B nam
trén A, la tryc duong tron ngoai ti€p
tam gidc AMB, ttc la trung tric cua
AB (xét trong mp(ABC))

Twong tw tam mat cau di qua A, C, N

nam trén A, la trung trec caa AC
trong mit phang (ABC).

Goi I=A; nA, thiIla tam duong tron ngoai tiép tam gidc ABC va I cach déu tat ca cac
diém A, B, C, M, N nén cac diém d6 nam trén mat cau (S) tdm I, ban kinh R.
BC a
sinA _ sina

Véi R 1a ban kinh duong tron ngoai ti€p tam gidc ABC =R = . Dién tich mat

4
T a2, Vay chon dap an A.
sin” a

cau S=4nR? =

Cau 16. Cho hinh chop déu S.ABC c¢6 canh ddy AB=a, canh bén hgp véi mat day mot goc
60° . Ban kinh hinh cAu ngoai tiép hinh chép S.ABC la

A.R=% B.R:% C.R:2a«/§ D.R=
3

Hudng dan giai
Goi H 1a hinh chiéu ctia S 1én mit phang (ABC), ta c6 H
la tam cua AABC.
Nén SH la truc ctia duong tron ngoai ti€p AABC. Trong

2a
5

ASAH dung duong trung triec Ix cta canh SA. Goi

O=IxnSH

{OeSH:{OA:OB:OC
Oelx OS=0A

ti€p hinh chép S.ABC.

Ban kinh R=S0O.

= O la tam madt cau ngoai
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

Ta co

SAH =(SA,(AC))=60", AH = S 2 AM —% V3 = *[ (M 1 trung diém canh BC)
AH 2«/521
cos60° 3

2
Do ASIO @ ASHA = St _So —SO= SASI _SA” 2a
SH SA SH 2SH 3

— SH = AH. tan 60° =¥.\/§=a, SA =

Vay bén kinh hinh cau ngoai tiép hinh chép la R = % . Vay chon dap an B.
Cau 17. Cho tir dién déu ABCD c¢6 tam mét cau ngoai tiép té dién la O va H 1a hinh chiéu
ctia A 1én mit phang (BCD). Tilé k = % la

A k=2 B. k=3 C. k=4 D. k=5

Hudéng dan giai
Do t& dién ABCD déu nén cac khdi chop O.ABC,
O.ACD, O.ABD, O.BCD c0 thé tich b:?mg nhau.

1 1
Vasep =4Vogep © 3 AHSpep =4. 3 OH.Sgqp

<:>AH=4OH:>k:OA=AH_OH:3OH:3
OH OH OH

Vay chon dap an B.
c

Cau 18. Cho hinh chép tam giac déu S.ABC c6 duong cao SO =h, SAB=45". X4c dinh tam

va tinh ban kinh mat cau ngoai ti€p hinh chép da cho.

A. R=3h B. R=3h 2 3

C.R==-h D.R==h
3 2

Hudng dan giai
Goi O 1a tam duong tron ngoai ti€p tam giac
ABC thi ta c6 SO L (ABC).
Trong mat phang (SOA) dung duong trung
triee (d) ctia SA cit SO tai I thi I 13 tAm mit
cau ngoai ti€p hinh chop.
That vay, 1eSO la truc ctia tam gidc ABC
nén SA=SB=SC
Ie(d)=IA=IS=IA=IB=IC=1IS

ASOA @ ASEI (E 1a trung diém ctia AB)
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

2
SO_SA_ o _o_SASE_1 SA

= — =—,
SE SI SO 2 SO

Tam gidc SAB can tai S c6 SAB =45 = Tam gidc nay vudng can tai S.

D3t SA =x, khi d6 AB=x42, OA:%ﬁzx‘f

Trong tam gidc vudng SOA:

2

2
SA2—0A2:SOZ<:>XZ—6%=h2<:>x _3n2—R—4 307 _3h

“h 2

l\)|—~

Vay chon dap an D.
Cau 19. Cho hinh chép tam gidc déu S.ABC c6 canh bén bang 2a, mat bén tao véi day mot
gbc 60°. Thé tich khéi cau ngoai tiép hinh chép S.ABC la

3
a

4ma’ 4na’ D 4ma’

B. C. —— .
63 63421 63421 J21
Hudéng dan giai
bat AB=x. Goi O la tam ctia ddy, suy ra SO L (ABC)

Goi M la trung diém doan BC, suy ra BC J_(SAM) nén goc

gitta m3t bén va mat day la SMA = 60°

Goi F 1a trung diém cta canh SA, trong méat phang (SAM),
duong trung truc ctia SA cat SO tai L.

Ta c6 Ila tam mat cau ngoai ti€p hinh chép S.ABC va ban kinh
la R=SI.

5 5 e

X2

Trong tam gidc SAO, ta c6: SO* = SA? —AO* =4a* — 3

Ta co: AM_X OA_EAM_X =§AM_X

Trong tam gidc SOM, ta c6: SO =OM.tan 60° —g
2 2 2
Ttr do suy ra: X—:4212—)(—<::>7L=4a2 <:>x—4 ay21
4 3 12 7
2 2
Ta c6 ASFI ASOA, suy ra: SS_/Ix _SF g 5AT 2 d

SO 7 7280 a2l 21
7

4ma’

6321

Vay thé tich khdi cau ngoai tiép hinh chép 1a V = 7R3 =

Vay chon dap an C.
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
Cau 20. Cho hinh chép S.ABCD c6 day ABCD 1la hinh thoi canh a, BAD =60° va cac canh
bén SA=SB=SD, BSD=90". Ban kinh mét cAu ngoai tiép hinh t dién SBCD la

G V6 5 2

A. —a B. —a C. —a D. —a
4 2 4 4

Hudng dan giai
Goi O 1a giao diém hai duwong chéo cta hinh thoi ABCD.
Theo bai ra ta ¢ tam giac ABD la tam giac déu canh a
=BD=a.

Ma tam gidc SBD vuong tai Snén SB=SD = ga, SO = % .

Goi H 1a hinh chiéu ctia S trén mat phang day thi H la tam
duong tron ngoai ti€p tam giac ABD ( do cic canh bén
SA=SB=SD)

Ta co

SH =+/SO? —OH? = %a, SC=+SH2 +HC? = @a

Goi K la tam ctia tam gidc déu BCD thi K 1a trung diém ctia HC, truc duong tron ngoai

tiép tam gidc BCD di qua K va song song véi SH nén 1a trung triec ctia HC cat SC tai I. Ta

c6 I 1a trung diém ctia SC nén IS=1C, do d6 I chinh la tdm mat cau ngoai ti€p hinh t dién

1. 6

SBCD. Ban kinh ctia mat caula R = ESC = Ta. Vay chon dap an B.

Cau 21. Cho hinh chép tam giac déu S.ABC c¢6 canh day béng a, canh bén tao voi ddy mot
goc bﬁmg 45° . Mot mit cau ti€p xtic véi mat phéng (ABC) tai A va ti€p xtic véi canh bén
BS kéo dai tai H. Goi (oc) 1a mat phang di qua tdm I ctia mat cau va trung diém duong cao

BD cuia day. Ban kinh mat cau d¢6 la

a(Z\,E—\E) B. a(Z\/E—\lg)

A.R=—————~

3

a(Zx/E—\/g) a(Zx/E—\/g)

CCR=—— 7~ D.R=——~

2 4

Hudng dan giai
Goi R la ban kinh cta mat cau. H
S
Ta c6: IA L (ABC), BS LTH, IA=TH=R. ©
Goi O 1a tAm ctia d9, ha |
A B
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

IK 1 SO. SBO=45° = SO=0B = a[ ,SB= i Té gisc JAOK la hinh chit nhat nén

N

JA=OK =R: IK = OA_a

w3

SK=SO- IA———R

N

HS=BH-BS=BA-BS= a——

Vi IH? + HS? = IK? + SK? nén suy ra

Sy B

3 2

Vay chon dap an C.

Cau 22. Cho tt dién ABCD c6 AB=AC=AD=a, BAC=120°, CAD=60°, DAB=90°. X4c
dinh ban kinh mgt cau ndi tiép t dién.

A—2 B. d V2a D V2a
1+\E+xﬁ 2(1+\/5+xj§) 1+\/_+«/_ . 2(1+«/§+\/§)

Huwéng dan giai

Ap dung dinh ly cosin cho tam gidc ABC, ta c6:

BC? = AB” + AC” —2AB.AC.cos120° =3a’

= BC= «/ga

Tam giac ACD déunén CD=a.

Vi AABD vudng can tai A nén BC = J2a.

Ta c6: BC? +CD? =3a% = BC* = ABCD vudng tai D.
Goi H la trung diém cua BC thi AH L BC

AH = AB.sin30° = 2. pH=2¢ _ aV3
2 2 2
= AH? + DH? =a% = AD?> = AH 1 HD
Do d6 AH L (BCD) nén AH la duong cao cua tit dién ABCD.
a3\2

12

7 g7 7 «A 1
Thé tich t& dién: V = EAH.S ABCD =

Dién tich toan phan cta t¢ dién:

(1+xﬁ+\/§)a2

2S=S,Apc +Saasp T SaBcD = >
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

Goi r 1a ban kinh médt cau noi ti€p, ta co: r = =

25_2(1+\/5+\/§)'

Vay chon dap an D.
Cau 23. Cho hinh chép tt giac déu S.ABCD c6 canh ddy bang a va ASB = a.. Ban kinh mat
cau noi tiép hinh chop la:

A ay/sina B aJcosa

. . o o . . o o
2| sin— +cos — 2| sin— +cos —
2 2 2 2
C a\/ cosa D a\/sin o,
T a o T a
sin — +cos — sin— +cos —
2 2 2 2

Hudéng dan giai
Ta c6 tam I ctia méat cau ndi tiép thudc
duong thing SH. Goi M la trung diém
ctia AB, ta c6 AB L (SHM) tai M.
Goi I la chan duong phan giac trong cta

géc SMH (I & SH)

Ta c6 I'la tam ctia mat cau ndi ti€p hinh

chop. Ban kinh r=1IH.

Dé tinh ban kinh r ta c6 thé tinh theo

hai cach sau:

Cach 1. Dya vao tinh chat cua duwong phan giac, ta cé:

IS MS SH MS+MH SH.MH

Do 2 T S H=

IH MH IH MH MS +MH

sM=2cotZ, MH=2
2 2 2

a\f cosa

.o o
2| sin — +cos—

Vay ban kinh mat cau ngi tiép la: r=IH =

Vay chon dap an C.

Cach 2. Dya vao cong thttc r = vV .

>.S
aS\ICOSOL

Thé tich khdi chop: V = % SH.S \gcp =
3.2 sin%
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

| a’ (sin+cosj
2
ZSZ4SASAB+SABCD:4'ESM'AB+a = T
sin —

3V a\/ cosa

Ban kinh r==—=
2S .o o
2| sin— + cos —
2 2

Luu y: Cho hinh chép c6 thé tich 1a V va dién tich toan phan la S. Trong hinh chép noi ti€p

mot hinh cau c6 ban kinh r. Chiing minh rang: r = % .

Giai
Goi O la tdm hinh cau ndi tiép hinh chép S.ABCDE.
Hinh cau tiép xtc véi mat ddy va tat ca cac mat bén. Vé OF,
OG, OH ... OK vudng gbc voi mdt ddy va cac mat bén.
Tacd: OF=0OG=0OH=..=0OK=r.
Vay, thé tich hinh chép S.ABCDE bang tong cac thé tich ctia
hinh chép con c6 chung dinh O va c¢6 day lan luot la day
hinh cho6p 16n va cac mat bén.
Ta co:

Vo.ascpe + Vosse + Vosep ++++ Vosas = Vs.ABcDE

1 1 1 1

1
< _(SABCDE +Sgpc +Sscp +"'+SSAB): \

3
= g.S =Vor= %
Cau 24. Cho hinh chép tam gidc déu S.ABC c6 duong cao SO =1 va canh day ctia tam giac
ABC bfang 2\/6 .biém M, N Ian luot la trung di€ém ctia canh AB, AC tuong ting. Ban kinh
hinh cau néi ti€p hinh chép S.AMN la
A—2 — B €= D. V213

2( 2+\/§) 2( 2+\/§) L2+

Hudng dan giai

Ta c6 MN la duong trung binh ctia tam gidc déu nén: S
S _1 _1 ﬁ AB? = ﬁ
Thé tich hinh chép S.AMN:
I 3
VZE'SO'SAMN :7 A c
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
Ban kinh r cta mat cau ndi ti€p hinh chép S.AMN.

, 1443 +9+/2
Ta CO:ZSZSAMN+SSAN+SSAM+SSMN:T\/_
Ma V:%r.zs:rﬁ—v—;.VaychgndépénA.

IS 2 (\/5 3 )
Cau 25. Cho tir dién ABCD, biét AB=BC= AC=BD=a, AD= b, hai mat phé’mg (ACD) va
(BCD) vudng goéc voi nhau. Dién tich mat cau ngoai tiép tit dién ABCD theo a va b la
A 4ma’ B, ma’ C. 4n D. 4na’

3a® - b’ 32 +b? 3a” - b 3a% + b’
Hudng dan giai

Goi I 1a trung diém cua CD, ta ¢c6 BILCD (vi tam giac
BCD can tai B)
(BCD) L(ACD) theo giao tuyén CD, BI<(BCD) va
BILCD
= BI L (ACD)
Hai tam gidc vudng AIB va DIB bang nhau vi c6 canh géc
vuong chung BI, BA=BD

:>AI=ID:>AI=IC=ID=CTD

= Tam gidc ACD vuodng tai A.
Ta ¢ I1a tam duong tron ngoai tiép tam giac ACD va BI L(ACD), suy ra BI 1a truc duwong
tron ngoai ti€p tam giac ACD.
Trong mp(BCD), dudng trung truc ctia BD cat B tai O, ta c:
{OB =0OD (v1 O 61 trean N66eng trung troic cutia BD)
OA=0C=0D (vi OeBI)
=0A=0B=0C=0D
= O la tam mat cau ngoai ti€p t& dién ABCD, ban kinh ctia mat cau nay 1a R=0B.
Ta c6 ABJO ABID (J 1a trung diém ctia BD)

OB—ﬂ<:>OB:

OB DBB] BD* a’
DB BI

a - [
2

Tam gidc ACD vudng tai A =CD? = AC* + AD* =a” +b*

(0<b<a\/§)

a2 2

a
2\/a2 3 a’ +b? \/3a2 —b?
4

=0B=
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

a2

x/3a2 b2

A i o . 4ma’
Dién tich cia mat cau ngoai tiép tx diéen ABCD la: S= 47R? = ﬁ (O <b<a\3 )
a J—

Vay R=

Vay chon dap an A.
Cau 26. Cho hinh chép S.ABC c6 day ABC la tam gidc vudng tai C, SA=SB=a, ASB=a va
mat bén SAB nam trong mat phang vudng goc véi day (ABC). Ban kinh mat cau ngoai tiép

S.ABC la

A.R=—12 B.R=—" C.R=—1 D.R=—2
. a . a [0 a
sin — 2sin— 2cos— cos
2 2 2
Hudng dan giai
S
S
il
2
. |
c @)
B
[
H p - , .
A H B
A
Goi H 1a trung diém cta AB.

= H la tam duong tron ngoai ti€p tam giac ABC (vi tam giac ABC vuoéng tai C) va
SH L AB (vi tam gidc SAB can tai S)
(SAB) L(ABC) theo giao tuyén AB, SH<(SAB) va SH L AB
= SH 1 (ABC) = SH la truc duong tron ngoai tiép tam gidc ABC.
Trong mp(SAB), duong trung triec cia SA cat SH tai O, ta c6:
OS =0A (vi O 60 trean N60eng trung trdic cutia SA)
OA=0B=0C (viOeSH)
= O la tam mdt cau ngoai ti€p hinh chép S.ABC, ban kinh médt cau nay la R=0S=0A-=...

(O ciing la tam duwong tron ngoai ti€p tam giac SAB)
Tam gidc SAH vudng tai H = SH=SA.cos ASH = acos%

2
ASIO @ ASHA = :—O _ ol SO = SASL_SA” (I'1a trung diém ctia SA)

= & =
A SH SH 2SH

a2 a

<S50 = =
2acosg 2cosg
2 2
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

a

Vay mat cau ngoai ti€p hinh chép S.ABC c¢6 ban kinh R =

2cosg
2

Vay chon dap an C.

Cach khac

Ban kinh R ctia méat cau ngoai tiép hinh chép S.ABC ciing 1a ban kinh R dwong tron ngoai
tiép tam giac SAB.

Theo dinh li cosin, ta co:

AB? =SA 1 SB? ~25ASB.cos o= 2a” (1~ cos) =4a” sin® 7

o
2asin—
Theo dinh Ii sin, ta c6: — B =2R<R= AB = 2 __ 4
sina 2sina . a o o
2.2sin—.cos— 2cos—
2 2 2
Cau 27. Cho hinh chép S.ABCD c6 day ABCD la hinh cht nhat AB=a, ADzzaf,
(SAB) L(ABCD) va SA=SB=a. Thé tich kh&i cau ngoai tiép hinh chép S.ABD la
A. 47a° ﬂa3 3_7Ta3 D. 3na’
"3 T4

Huwéng dan giai
Vi tam giac SAB can tai S va (SAB)L(ABCD) nén goi H la
trung diém ctia AB thi SH L (ABCD).
Goi O 1a tam hinh ch® nhat ABCD thi O la tam duong tron
ngoai ti€p tam giac ABD, truc duong tron ngoai ti€p tam
gidc ABD la duong thang A di qua O va song song véi SH.
Goi G la trong tam tam gidc SAB.

, .. B
Vi HO L (SAB) nén tryc dudng tron ngoai tiép tam giac

SAB la duwong théng qua G va song song voi HO, cit A taiIthila tAm mit cAu ngoai tiép
hinh chop S.ABD. Tt gidc GHOI la hinh chit nhat.

Ta co GH=%SH=§a

Nén IA =+IO? +OA2? = [GH? +

Vay ban kinh mdt cau ngoai ti€p hinh chép S.ABD la R=IA nén th€ tich khoi cau la

Y =%nR3 =4?na3 . Vay chon dap 4n B.
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
Cau 28. Cho tt dién SABC c6 canh SA L (ABC), hai mit phing (SAB) va (SBC) vudng géc

voi nhau. Biét SB=av2, BSC=45, ASB=q (0 <a< 900). Ban kinh hinh cau ngoai tiép t&

dién SABC la

A. a B. 2a C. 3a D. 4a
Hudng dan giai

Theo gia thiét, ta c6 (SBC)L(SAB) va (ABC)L(SAB) (vi g

SA L(ABC))

Ma BC la giao tuyén ctia hai mit phang (ABC) va (SBC) nén

BC L (SAB)

= BC L SB=>SAC=SBC=90"

= A va B 6 trén mdt cau duong kinh SC. Do d6 mat cau

ngoai tiép SABC c6 tam la trung diém cua SC va ban kinh la

R=C
2

Tam giac SBC vudng can tai B (vi SBLBC va BSC=45")

=SC=5B\2=a\22=2a

Vay ban kinh ctia hinh cau ngoai ti€p t dién SABCla R= % =a.

Vay chon dap an A.

Cau 29. Trong mat phang (o) cho hinh vuéng ABCD c6 canh bang a. Trén duong thang
Ax vudng goc véi (o) taldy diém S tity y, dung mit phang () di qua A va vudng goc voi
duong thang SC. Mt phing (B) cat SB, SC, SD Ian luot tai B, C, D’. Dién tich mit cu
ngoai ti€p da dién ABCDB’C'D’ 1a

A. 4na® B. ma’ C. 2na® D. 3ra’

Hudng dan giai

Ta co:

1
Be AB} = BC 1 (SAB)=BC L AB'(1)
BC LSA
Talai co AB'LSC )
Tt (1) va (2) suy ra:

AB' L (SBC)=AB' LB'C

Ching minh teong tu ta c6 AD' LD'C.

Vay ABC=AB'C=AC'C=AD'C=ADC=90"

= Nam diém B, B’, C’, D’, D cung n3m trén mit cau duong B
kinh AC.
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
= Bay diém A, B, C, D, B/, C/, D’ cling ndm trén mit cau dwong kinh AC

AC a\/_

2

Goi R 1a ban kinh mat cau, ta co: R=

Dién tich cta mat cau la: S=4nR? = 47{#} =2na’ . Vay chon dap an C

Cau 30. Cho hinh chép S.ABC ¢6 cac mat SBC va ABC la cac tam giac déu canh bang a,
SA=a\2 . B4n kinh mét cau ngoai ti€p hinh chép S.ABC 1a

A2 B & C. a\2 D A

2 "o NO)

Giai

Theo gia thiét, ta cé: .
SB=SC=BC=AC=AB=a va SA=a\2

SA* = AB® +SB? M
- {SAZ = AC? +SC?
= Tam gidc SAB vudng tai B va tam gidc SAC vudng tai C A c
:MB—S?—MA MS va N

B

MCz%zMAzMS

=>MS=MA=MB=MC

= M la tdm mat cau ngoai ti€p hinh chép S.ABC, ban kinh cua mat cau nay la

SA af
2

Cau 31. Cho hinh chép t& gidc déu S.ABCD c6 chiéu cao SH =3a va canh ddy bang a. Ban

kinh m4t cau néi tiép hinh chép la

A 2+x/’§a B 1+ﬁa C —1+«/§a D —2+\/§a

R="— . Vay chon dap an B.

12 12 12 12
Hudng dan giai
P xh
Ap dung cong thirc gidi nhanh: r = —————= v0i h=3a, x=a
X +V4h? + x>
Ta duoc: R= a.3a = _ljjﬁa. Vay chon dap an C.

a+«,4(3a)2 +a’

Cong thirc giai nhanh: Cho hinh chép tit gide déu S.ABCD c6 chiéu cao SH=h va canh
day bang x . Ltc d6 ban kinh mit cau néi tiép hinh chép duoc tinh theo cong thitc:
xh

X +V4h? +x?
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
Chirng minh

Goi H la tam cta hinh vuong canh x, SH = h. Goi I
la trung diém cua BC.

Trong ASHI phan giac cua

SIH &t SH tai O, tt O ké OK LSI, ta c& OK
1(SBC), va OH = OK nén O cach déu mat ddy va
mat bén (SBC).

Twong ty O cling cach déu cac mdt bén con lai.

Vay O la tdm cta mét cau nodi tiép hinh chép va
H IH H IH IH.SH
© Of _ = OH= 5

OH=0OK=r .Taco: —=—=—= =
0S IS 0S IS+IH SI+IH
2
Trong ASHI c6: SI> =SH? +HI*> =h? + 4:>SI— h2+—— \/ +x?
%h
2

Vay: r=0OH=

xh
;+;«/4h2 +x2  x+V4h?+x2

Cau 32. Cho hinh chép S.ABC c¢6 4 dinh déu ndm trén mot mit cdu, SA=1, SB=2, SC=3
va ba canh SA, SB, SC d6i mét vudng goéc. Ban kinh mat cau ngoai ti€p hinh chép la

N g Y14 c 1 b V4
2 4 6 8
Hudng dan giai

A A o eas b’
Ap dung cOng thitc giai nhanh R = u = —x/a +b’+¢

Ta tim duwoc R = %\/12 +2243% = @ . Vay chon dap an A.

Cong thirc giai nhanh: Cho hinh chép S.ABC c¢6 4 dinh déu nam trén mdt mat cau, SA =
a, SB=Db, SC = c va ba canh SA, SB, SC d6i mot vuong goc.

i o 1 fa +b2+c
Ban kinh mat cau ngoai tiép la: R=\[———— ’\/a +b*+¢?

S:n(a2 +b? +c2)
Dién tich mat cau ngoai ti€p:

A2 4 AN e A . - A 1
Thé tich khoi cau ngoai ti€p: V= gn(a2 +b’ +cWa’ +b’ +

Chirng minh
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU

GoiI1a trung diém AB. Ké A vudng gbc véi

mp(SAB) tai I . Dung mp trung tryc ctia SC
cat A tai O = OC =0S (1). I la tam duong
tron ngoai ti€p A SAB (vi A SAB vudng tai S)
=0A=0B=0S (2)

Tt (1) va (2) = OA=0B=0C=0S.

Vay: A, B, C, S thuoc S(O; OA)

2 2 2 2 2
R=</OIZ+AIZ= SC _,_ﬁ Z’m
2 2 4
a’+b’+c? ’
S—4nr — =m(a’+b’ +c?);
3
2 2 2
V:%;{ ’%] =én(az+b2+cz)\/az+b2+c2 .

Cau 33. Cho lang tru tam giac déu c6 day la tam gidc déu cé canh day bang 23 , canh

bén bang J5 . Thé tich mét cau ngoai ti€p khoi lang tru la

A 19273 714273 92273
) 53

B. C.
15 35

913273
54

D.
Huwéng dan giai

3
Ap dung cong thitc giai nhanh: v=—1_ [4212 +3b2) voi a=243 va b=+5 ta duoc:

183
\ =ﬁ.\/{4(2)2 +3(5)2j _ 915373 .

Vay chon dap an D.

Cong thtrc tinh nhanh: Cho lang tru tam giac déu cé day la tam gidc déu cd canh day

bang a, canh bén bang b.

Ban kinh mat cau ngoai ti€p | Theé tich mat cau ngoai tiép A 5 C
AN
2 2 3 \ .
R = V4a”+3b" v=—L_ [4a2+3b2) N
N 183 A
b N
TI
I
I
I
A-‘
Chirng minh
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Chuyén dé: Hinh hoc khong gian Chu dé 456: NON-TRU-CAU
Goi O va O’ la tam cua AABC va AA’B’C’ thi OO’ la truc cua duong tron ngoai ti€p AABC
va AA'B’C’. Goi I la trung diém ctia OO’ thi IA =IB =IC =IA’ =B’ =IC" hay I 1a tam mat
cau ngoai tiép hinh try. Ban kinh mat caula R =IA

Tam gidc vudng AOI c6: AO = gAA1 2a“/_ a\/_ OI—éOO'_%AA'zg
2
= AP 0A2+012_‘1‘—+b—_7‘1l :AI_M
3 4 2\/_
VzinR3=in£_l\/7 a n28\/; Tna \/7 \/_la
3 3 83
ap 24302 a2 e3?
12 23
3 3 -
v=4nr3 =45 a2 +362)2 =1 _ (422 43p%)2 =1 (4a2+3b2j
3 3 83\/_ 183 1843

BDKT va LT THPT Qudc gia M6n Toén
PC: P5. D3y 22. Tap thé Xa tac-Pwong Ngd Thoi Nhdm. TP Hué

Facebook: Tran Pinh Cuw.
Page face:

B4t dau tir ngay 0106/2017. C6 thé goi dién dé dat chd trwdc. Lép hoc chat lwong cao
(Khong qua 20 hoc sinh)
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Chuyén dé: Hinh hoc khong gian

Chu dé 456: NON-TRU-CAU

Dé str dung file word, quy thiy c6 vui 10ng dong gop chut kinh phi dé tao dong luc cho

tac gia ra doi nhitng chuyén dé khac hay hon

STT

TEN TAI LIEU

GIA MA SO

1 Ki THUAT GIAI NHANH TRAC NGHIEM SO PHUC_123

Ting 6 dé word thi thit THPT Qudc gia 2017
(c6 dap an va 10i giai chi tiét) {Dé 1-6}

60K | SO PHUC_123

2 CHU DPE 1_KHOI PA DIEN (26 Trang)

Tang 5 dé word thi tht THPT Quéc gia 2017
(c6 dap an va 10i giai chi tiét) {Deé 7-11}

50K | HHKG_KDD

3 CHU PE 2_THE TICH KHOI CHOP {59 Trang)

Tang 10 dé word thi thit THPT Qudc gia 2017
(c6 dap an va 10i giai chi tiét) {Deé 12-21}

110 | HHKG_TTKC

4 CHU DPE 3_THE TICH KHOI LANG TRU {34 Trang)

Tang 5 dé word thi tha THPT Qudc gia 2017
(c6 dap an va 10i giai chi tiét) {Dé 22-26}

70K | HHKG_TTLT

5 CHU DE 456_NON TRU CAU {56 Trang}
Tang 10 dé word thi thit THPT Qudc gia 2017
(c6 dap 4n va 10i giai chi ti&t) (D& 27-36}

110 | HHKG_NTC

6 CHU PE 7 KHOANG CACH {68 Trang}
Tang 12 dé word thi thit THPT Qudc gia 2017
(c6 dap an va 10i giai chi tiét) {Dé 37-49}

130 | HHKG_KC

7 CHU PE 8_GOC {21 Trang}

Tang 5 dé word thi thit THPT Qudc gia 2017
(c6 dap an va 10i giai chi tiét) {Dé 50-54}

50K | HHKG_GOC

8 CHU PE 9 CUC TRI HINH HOC KHONG GIAN VA CAC

KHOI LONG NHAU {29 Trang}
Tang 8 dé word thi thit THPT Qudc gia 2017
(c6 dap an va 10i giai chi tiét) {Dé 55-63}

80k | HHKG_CT

Hudéng dan thanh toan

Quy thdy c6 thanh todn cho minh qua ngan hang. Sau khi chuyén khoan, minh sé lap tic guri tai

liéu cho quy thay c6.

Néu trong ngay ma thay c6 chwa nhan duoc thi vui long goi dién truc tiép cho minh.
Théy cu. SDT: 01234332133
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Vi du: Nguyén Thi B_nguyenthib@gmail.com_HHKG_TTKC

Luuy:
Thay c6 doc ky file PDF trudc khi mua, tai liéu mua chi dung véi muc dich ca nhéan, khong dwgc

ban lai hoac chia sé cho ngwoi khac.

CHUC QUY THAY CO DAY TOT VA THANH CONG TRONG SU NGHIEP TRONG NGUOI
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