NGUYEN VAN HUY PE HK2 — KHOI 12 — THPT VIET PUC, HA NOI

SO’ GD & PT HA NOI PE KIEM TRA HOC KY II - NAM 2016 - 2017F
TRUONG THPT VIET PU'C Mén: TOAN - Khéi 12
PE CO HUONG DAN GIAI Thoi gian 1am bai: 90 phit, khéng ké thoi gian phat dé
Cau 1. Giai bai toan tinh dién tich hinh phéng gidi han bdi cac duwong y=2, y=e”, x=1. Bon

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

ban An, Bao, Can va Diing cho 4 cong thitc khac nhau. Hay chon cong thitc dung

1 In2
A.Can S = [ (2—e")dx. B.Bao S = [ (¢ ~2)dx.
In
nz !
dx. D.AnS=I(eX—2)dx.
In2
Tim nguyén ham F(X) caa ham s f(x)=2sin3x.sin5x thoa F(%j=g
A. F(x)== (25|n2x sin8x)+3. B. F(x)_4(25|n 2x—sin8x)-1.
C. F(x):—(4sin 2x—sin8x)+2. D. F(x):%(4sin2x—sin8x)+1.
Nguyén ham F(x Icot3xdx la
A. F(x):—%cot x—In|sinx|+C. B. F(x):—%cot2x+ln|sinx|+c.
C. F(x)=%cot2x—ln|sinx|+c. D. F(x):—%cot2x+ln|cosx|+C.

Cho hai dudong thing gom d c6 phuong trinh x=y=z, d’ 6 phuong trinh
x=y-1=z+1. Ta c6 khoang cach giita d va d’ bang

Al B. 2. C. 2. D. V3.

Thé tich V khi quay (E): x* +4y’—4=0 quanh truc Ox bang

A B. 47. c. 2z p. %7
3 3 3

Viét phuong trinh mat cau (S) di qua hai diém A(3;-%-2), B(112) va cd tdm thudc truc
Oz

A X4y +(z- ) B. X’ +y*+2*-2z-10=0.

C. xX*+y +( ) D. x*+y*+2°+2z-10=0.

Giasuw | —ISIn 3xsin2xdx = \/_ vOi — . 81 phan s6 t6i gian. Ta ¢6 gid tri cia a+b 1a

A. 8. B. 15. C. 10. D. 13.

Tap hop cac diém trong mit phang phttc biéu dién s§ phitc z thoa man diéu kién
lz-i|=11a

A. Mot duong tron.  B. Hai duong thang. C. Hai duwong tron. D. Mot duong thang.
Trong khong gian v6i hé truc toa dd Oxyz, cho hinh chép t& giac déu S.ABCD, day
ABCD 1a hinh vudng nam trong mat phang Oxy, ACNDB=0 (O la gdc toa d9),
A( V2

—7;0; OJ, dinh S(0;0;9). Ta c6 thé tich khéi chép S.ABCD bang
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Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

A. 3 (dvtt). B. 342 (dvtt). C. 4 (dvtt). D. 9 (dvtt).
9
Biét rang f(x) 1a mot ham s& lién tuc trén R va J.f(x)dX:Q. Khi d6 gia tri cua
; 0
j f(3x)dx 1a
0
A. 3. B. 2. C. 4. D. 1.
Cho s8 phttc z=a+bi (a, beR). Ta cé phan &o ctia s8 phitc z° -2z +4i béng
A. ab—-b+2. B. 2ab—-2b+4. C. 2ab—-2b—-4. D. 2ab+2b—-4.
Trén mat phang phitcc, M va N 1a cac diém biéu dién cta z,, z,, trong d6 z,, z, 1a hai

nghiém ctia phuwong trinh z° +4z+13=0. D¢ dai MN 1a

A.12. B. 4. C.6. D. 8.

Trong khong gian Oxyz, cho tam gidc ABC c6 A(5; 0; 0), B(l; —l;l), C(—3; 3; 4). Mat
phéng (P) diqua A, B va cach C mot khoang bang 2 cé phuong trinh la

A. X+2y+2z-5=0. B. x-2y+2z-5=0. C. x-2y-2z-5=0. D. x+2y-2z-5=0.
Tim s6 phue lién hop cta s phic 2 =2i(2-3i).

A. Z=6+4i. B.Z=6-4i. C. Z=-6+4i. D. Z=-6-4i.

Trong khong gian Oxyz cho cac diém A(l;l; —1), (2 0; 1) ( -1;2;-1), D la diém sao
cho ABCD la hinh binh hanh. Ta c6 toa do D la

A. D(-2-33). B. D(2-3,-3). C. D(2;3,-3). D. D(-2;3-3).
4
Néu f(1)=12, f'(x) liéntucva [ f'(x)dx=17.Gié tri ctia f (4) bing
1
A. 9. B. 5. C. 29. D. 19.
Cho s6 phttc z e C thoa |z—4+3i[=3. Tim s6 phtic z c6 médun nhé nhat?
A. z_§—§| B. z:—§+§i. C. z:§+§i. D. z:—§—§i.
5 5 5 5 5 5 5 5
y =tanx
Goi (H) 1a hinh phéng giéi han béi cac duong |Ox . Quay (H) xung quanh
x=0,Xx= z
4
truc Ox ta duoc khéi tron xoay c6 thé tich bang
2 2
A 1= (av). B. 7 —aldw).  Cx-"(dw).  D.z*(aw).
Nguyén ham F( I 37 %dx la
2X+2
A. F(x)= ¢, B. F(x)=3""?In3+C.
2In3
32X
C. F(x)=3""+C. D. F(x)=?+C.
Trong khong gian v6i hé truc Oxyz cho hai diém A(L2;-3),B(0;1,-5), goi | la diém

trén doan thing AB sao cho IA=2IB. Gia st toa d6 ctia diém I (a;b;c) thi a+b+c

bang
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Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

A. -4, B. -5. c.-8 D. -
3 3
1 1 .
Tinh tich phan ! 530X bang
A.llni B.llng. C.i. D.llnz.
23 25 20 2
dx
Neuyén ham F(x)=|— la
guy (x) I(3_2X)5
A. F(x):—;ﬁc. B. F(x):%+c.
8(3-2x) 2(3-2x)
1 1
C. F(xX)=——————+C. D. F(x)=—————+C.
) 4(3-2x)* ) 8(3-2x)*
Nguyén ham F(x) = I\/BX +1dx la
A. F(x)=§ (3x+1)’ +C. B. F(x)=%1/(3x+1)3+c.
C. F(x):% (3x+1)° +C. D. F(x):§\/3x+1+c.

Trong mat phang phtcc C, goi A,B,C Ian luot 1a ba diém biéu dién cac s& phiic
2, =-3+4i; z,=5-2i; z, =1+3i. S§ phitc bidu dién boi diém D d& ABCD 14 hinh binh
hanh la

A, —7-i. B. 1-9i. C. 1+9i. D. -7+0i.

b
Biét [(2x—4)dx=0.Khi d6 b nhan gid tri bing

0

b=1 b=0 b=0 b=1
A. . B. . C. . D. :

b=2 b=4 b=2 b=4

2 2

Dién tich hinh phang gi¢i han boi hai Parabol y = XZ vay= —X? +3x la
A. 12dvtt. B. 8dvtt. C. 4 dvtt. D. 16 dvtt .
Trong khong gian Oxyz cho duong thang d:x=y =2, goi d' 1a hinh chiéu vuong géc
cua d lén mat phéng toa do (Oyz). Ta c6 phuong trinh d’ la:

x=0 X=t x=0 X=
A.Jy=t. B. (y=t. C.Jy=2+t. D.(y=t.

z=2t z=t z=1+t Z=t

1
Tich phan | =jxe’xdx —a-2 Khidé a+2b bang
e
0
A. 5. B. 6. C. 7 D. 3.
1+| 2017
Phén 4o ctia s6 phtic z = (1—j la
—i
Al B. 1. C. i D. —i.
9

Cho | :J'xi“/l—x dx.Pbat t=31-x.Tacod
0
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Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Al :3'1[(1—t3)2t2dt. B. | :3'2[(1—t3)t3dt.
) 1
C. | :3j(1—t3)t3dt. D. = j(l—ts)tSdt.
) -2
Trong khong gian v6i hé toa hé truc Oxyz, cho hai duong théng d: X+3 _Y —1 S 2

2 4
va A:x-3=y-1=2z-5. Trong bon duong thang Ox, Oy, Oz va A, duong thang d
tao véi duong thang nao mot goc 16n nhat?

A. Oy. B. A. C. Ox. D. Oz.

Tim tap hop cac diém biéu dién s§ phitc z, biét s phitc z° ¢6 diém biéu dién nam
trén truc hoanh

A.Duong thang y = Xx. B. Truc tung va truc hoanh.

C. Truc tung. D. Truc hoanh.

Trong khong gian véi hé truc toa dd Oxyz, cho mat phang (P):3x+4y—5z+10=0 va

duong thang d di qua 2 diém M (-10;2), N(3;2;0). Goi a la géc gifta duong thang
d va mit phang (P). Ta c6

A. a=90°. B. o =45°. C. a=60°. D. =30°.
Nguyén ham F(x)= j xe¥dx la
A. F(x)=(x-1)e*+C. B. F(x)=xe*-x*+C.
C. F(x)zlx.egx—le3x+c. D. F(x)zlx.egx+1e3x+c.
3 9 3 9
Phuong trinh z* +(1-i)z-18+13i =0 ¢4 hai nghiém la

A. 4-i;-5-2i. B. 4-i; -5+2i. C. 4+i;5-2i. D. 4-i; 5-2i.
Trong khong gian voéi hé truc toa d6 Oxyz, cho hai mit phang (P):x+z-3=0 va
(Q):2y+2z+3=0. Ta cé goc gifta hai mit phing (P) va (Q) bang

AZ B. 2. cz. D. .
2 4 3 6
Trong khong gian véi hé truc Oxyz, cho hai diém A(L2;5),B(-15;5). Tim diém
C €0z sao cho tam giac ABC c6 dién tich nho nhat?
A. C(0;0;6). B. C(0;0;5). C. C(0;0;4). D. C(0;0;2).
Nguyén ham cta ham s& F(x)= I x*e ™ dx 12
4 x4 x4
A F(x):-x‘j1 +C. B. F(x)=-2—+C
1 . e‘XA
C. F(x):—ze +C. D. F(x)= 2 +C.

Trong khong gian v6i hé truc Oxyz cho hai diém A(3;41), B(2-1-4). Hay viét
phuong trinh mit phing (P) di qua A, B va vudng goc véi mit phing
(Q):2x—y—3z+4=0.

A. 5x+13y+2z2-29=0. B. x-13y+5z+5=0.

C. x-13y+5z+3=0. D. 3x+12y-2z-2=0.
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Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47

Cau 48.

Cau 49.

In2

Cho | = I\/ex—ldx:a—%.Khi d6
0
A. a<b. B. a=b. C. ab=1. D. a>b.
Cho mit phing (P):x+y-z-3=0 va diém A(L2;-3), hinh chiéu vudéng géc ctia A
1én (P) ¢ toa ddla
A. (1,1,2). B. (0;1,-2). C. (1,2;0). D. (2;1,0).
Cho zeC, 7(1+2i)=7+4i.Khid6 [2z+1 Ia
A. /65. B. \/61. C. 8. D. 5.
Cho a>0 va a=1, C lahang s6. Phat biéu nao sau day ding?
A. Iazxdx=azx Ina+C. B. Iazxdx=a2X+C.
2x
C. jaxdx:ax Ina+C. D. _[azxdx: 2 .c
2lna
1 1
Cho f(x) la mdt ham s& lién tuc trén R thoa mén I f(t)dt=3 va I f (u)du=-2. Khi
]

0
0

d6 [ f(x)dx bing ?

-1

A. 5. B. 5. C. 1. D. 1.
Cho mit cau (S):x*+y*+2° —4x—2y+4z=0. Viét phuong trinh mat phang tiép xic
vOi mét cau tai diém M (3,-10).
A. x+2y+22+3=0. B. x+2y-2z+1=0. C. x+y=0. D. 2x+y-1=0.
2

Nguyén ham F (x)= [ %de I

2
A. F(x):%+4x—7ln|x—2|+c. B. F(x):(x2+4x)ln|x—2|+C.
C. F(x)=x*+2x-In|x-2/+C. D. F(x)=x*+4x+7In|x-2/+C.

. Trong khong gian Oxyz cho diém A(-111),B(-3;5 7). Goi (S) la tap hop diém

M (X; y; z) thoa man MA? + MB? = AB?. Chon két luan dung

A. (S) 1a mit cau c6 phuong trinh (x+1)° +(y—3)* +(z—4)" =56.

B. (S) 1a mit phang trung truc cua doan AB.

C. (S) la mat cau c6 phuong trinh (x+2)° +(y—3)" +(z—-4)" =14.

D. (S) la dudng tron c6 phuong trinh (x+1)° +(y-3)" +(z-4)" =14.

sin x
Nguyén ham F(x)=|————dx 12
guyén ham F(x) J.3—2cosx x la
A. F(x):—%ln|3—2cosx|+c. B. F(x)=%ln|3—2cosx|+c.
C. F(x):%ln|3—2cosx|+c. D. F(x)=—%ln|3—2cosx|+C.
I 1 1 a a
Cho -!(H_ﬁ_?)dx =% vOi ™ 1a phan s t8i gian. Khi ¢6 a—b béang
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A. 140. B. 39. C.9. D. 31.
2 -
Cau 50. Dién tich cta hinh phang (H) gi6i han boi {y ZyJ x=0 bang
X+Yy=
A. z dvdt. B. za dvdt. C. 9 dvdt. D. 9 dvdt.
2 4 2 4
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A ; ADP A

1 2 3 4 5 6 7 8 9 10
D | D B C Al D|D|A] A A

11 12 13 14 15 16 17 18 19 20
B C B B C C A A A C

21 22 23 24 25 26 27 28 29 30
A D A D B B D A C C

31 32 33 34 35 36 37 38 39 40
C B C C B C B C B B

41 42 43 44 45 46 47 48 49 50
B A D A B A C B D C

HU'O'NG DAN GIAI
Cau 1. Giai bai toan tinh dién tich hinh phéng gidi han bdi cac duwong y=2, y=e”, x=1. Bon
ban An, Bao, Can va Diing cho 4 cong thitc khac nhau. Hay chon cong thitc dung

1 In2
A.Can S = [ (2—e")dx. B.Bao S = [ (¢ ~2)dx.
In
2In2 11
C. Diing S=jeX+2\dx. Q.Ans,:j(eX—z)dx.
1 In2
Hwong ddn giai
1
Ta co: e =2< x=1In2.Do d6 dién tich can tim 1a S = I (e*—2)dx (vi € >2 khi x>1In2).
In2
Cau 2. Tim nguyén ham F(x) ctia ham sd f(X) =2sin3x.sin5x thoa F(%jzg
1 . . 1 . .
A. F(x):z(23|n2x—sm8x)+3. B. F(X)=Z(28In 2x—sin8x)-1.
1, . . 1, . .
C. F(x):§(4sm 2x—sin8x)+2. D. F(x):§(4sm2x—sm8x)+1.
Huwong ddn giai
Ta c6 F'(x):(%(4sin 2x—sin8x)+1j =C0S 2X —C0S8X = 2sin5x.5iN 3X .
Va F(£j=§.
4 2
Cau 3. Nguyénham F(x)= [cot’xdx 1a
A. F(x):—%cotzx—ln|sin x|+C. B. F(x):—%cot2 x+In|sinx|+C.

Trang 7
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C. F(x)=%cot2 x—In|sinx|+C. D. F(x):—%cot2 x+In|cosx|+C .

.[cot3xdx -[(sm X—1jcotxdx Ism Xcotxdx—J'cotxdx

Hudng dan giai

cot xdx — ICOSde I cot xdcotx — j—d (sinx) = —%cot2x+ln|sinx|+c.

:Isinzx sin X sin X
Cau 4. Cho hai duong thang gom d c6 phuong trinh x=y=z, d’ c6 phuong trinh
x=y-1=z+1. Ta c6 khoang cach giita d va d' bang
A. L. B. 2. C V2. D. 3.
Hudng dan giai
d:x=y=z qua O(0;0;0) va cé VICP a=(L11).
d':x=y-1=z+1 qua A(0;1;-1) c6 VICP a=(L11).
@\:(0;1;—1); [@; 5}:(2;—1;—1).

‘[@\;5]‘ \/22+ 1) +(-
Ogd =d/d' =d(d;d")=d(0;d)=——= =42.
) O )= T
Cau 5. Thétich V khiquay (E): X’ +4y?-4=0 quanh truc Ox bing
A. 8—7T B. 4r. C. 4—7[ D. 16—7[
3 3 3
Hudng dan giai

Chon A. Ay
2
(E):X2+4y2—4:O:>X7+y2: 1
2 2 x2 -2
Thé’tichV=7sz2dx:7zj 1-— |dx. o) 2 x
) e 4
Bam may tinh tich phan nay, ta duwoc V = 8?7[ -1

Cau 6. Viét phuong trinh mét cau (S) di qua hai diém A(3;-L-2), B(L12) va cd tam thudc truc

Oz
A. x2+y2+(z—1)2:10. B. x*+y*+2°-2z-10=0.
C. x2+y2+(z—1)2 =12. D. x*+y*+2z*+2z-10=0.

Huéng dan giai

Goi 1(0;0;c) €Oz la tdm ctia mit cau (S).
(S) qua A, B= 1A= IB= IA? = IB?
=3 +(-1) +(-2-c) = +1+(2—¢c) =@c=-1.

Vay, tam 1(0;0;—1); bén kinh R = 1A= 3 +(~1)" +(-2+1)" =I1.

Trang 8
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Cau 7.

Cau 8.

Cau 9.

Cau 10.

Phuong trinh mét cau (S): x* +y? +(z+1)’ =11 x>+ y* +22+22-10=0,

: : a o @y A e \
Gia st | = [sin3xsin2xdx =—+/2, véi ™ la phan so toi gian. Ta co gia tri cua a+b la

Ot~y

A. 8. B. 15. C. 10. D. 13.

Huwonhg dan giai
T
Ta co: | = Isin 3xsin 2xdx =
0

1( . 1. j
=—| sinX——sIn3x

2 5 .
Vay taco: a=3, b=10 nén a+b=13.

Tap hop cac diém trong mat phang phtic biéu dién s phitc z thoa man diéu kién
lz—i|=11a

A. Mot duong tron.  B. Hai duong thang. C. Hai duong tron.  D. Mot duong thang.

Huwong ddn giai

bat z=x+yi vdi x,yeR.

Ta co: |z—i|:1<:>|x+yi—i|:1<:>1/x2+(y—1)2 1o x? +(y—1)2 =1.

Vay tap hop diém bi€u dién s& phtic z 1a dudng tron tdm 1(0;1), ban kinh 1a R=1.

(cos x—cos5x) dx

N |-
BN e n |y

Trong khong gian véi hé truc toa do Oxyz, cho hinh chdp t giac déu S.ABCD, day
ABCD 1a hinh vudng nam trong mat phang Oxy, ACNDB=0 (O la gdc toa dd),

A(—%;O; Oj, dinh $(0;0;9). Ta c6 thé tich khéi chép S.ABCD bang
A. 3 (dvtt). B. 32 (dvtt). C. 4 (dvtt). D. 9 (dvtt).
Hwong ddn giai

Ta c6: SO la duong cao ctia khoi chop.
SO=9.

AO:%: AB:AO\/_:%.\/E:L

\ 1 1
Vay Vi psco = 550 S uc0 = 9.1=3 (dvtt).

9
Biét rang f(x) 1a mot ham s6 lién tuc trén R va If(x)dX:g. Khi d6 gia tri cua
0

B o

f (3x)dx la

B. 2. C. 4. D. 1.
Huwong ddn giai

Trang 9
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3
| :j f (3x)dx.
0

bat 3x=t=3dx=dt.
D6ican: x=0=1t=0.
X=3=t=9.
t dt 17}
f(t),—==|f(t)dt=3.
=121

0 0
Cau 11. Cho s8 phtic z=a+bi (a, beR). Ta cé phan &o cta s6 phttc z° -2z +4i bang

A. ab-b+2. B. 2ab-2b+4. C. 2ab-2b-4. D. 2ab+2b—4.

Hudéng dan giai.
Ta c6: 2% —2z+4i=(a+bi)’ —2(a+bi)+4i = a®—b*+ 2abi — 2a— 2bi + 4i
=(a’*~b* —2a)+(2ab—20b+4)i. Vay phan 4o 1a 2ab—2b+4.
Cau 12. Trén m4t phang phitc, M va N 1a cac diém biéu dién cta z,, z,, trong d6 z,, z, 1a hai
nghiém ctia phuong trinh z* +4z+13=0. D6 dai MN 1a
A 12. B. 4. C.6. D. 8.

Huéng dan giai.

) B 7=-2+3i
2°+47+13=0<

. Gidst M va N cétoaddla M(-2;3), N(-2; —3)

=-2-3i
= MN (0; ~6) = [MN| = 6.
Cau 13. Trong khong gian Oxyz, cho tam gidc ABC c6 A(5;0;0), B(L-L1), C(-3;3;4). Mt
phéng (P) diqua A, B vacach C mot khoang bang 2 cé phuong trinh la
A. X+2y+2z-5=0. B. x-2y+2z-5=0. C. x-2y-2z-5=0. D. x+2y-2z-5=0.

Huéng dan giai:
Goi (P): Ax+By+Cz+D =0 voi A*+B*+C* 0.
5A+D=0 D=-5A
=
A-B+C+D=0 B=C-4A
[-3A+3B+4C +D|
2s =
VA’ +B?+C?
; C=2A
< 332A° -248A+41=0<
166A-41C =0
+Vo6i C=2A,chon A=1,C=2 nén B=-2, D=-5 :>(P):x—2y+22—5=0
+V6i 166 A—41C =0, chon C =166, A=41 nén B =2, D =-205
= (P):41x+2y+166z — 205
Cau 14. Tim s8 phtc lién hop cta s8 phite z=2i(2-3i).
A. Z=6+4i. B. Z=6-4i. C. Z=-6+4i. D. Z=-6-4i.
Huéng dan giai:

Ta cé: A,Be(P) nén :>{

Ma d(C,(P))= 26 [7C ~20A|= 2,/ A +C? +(C - 4AY

Trang 10



NGUYEN VAN HUY PE HK2 — KHOI 12 — THPT VIET PUC, HA NOI

Cau 15.

Cau 16.

Cau 17.

2=2i(2-3i)=6+4i =7=6-4i

Trong khéng gian Oxyz cho céc diém A(L1-1), B(2;0;1), C(-12;-1), D la diém sao
cho ABCD la hinh binh hanh. Ta c6 toa &0 D la

A. D(-2,-3,3). B. D(2,-3,-3). C. D(23;-3). D. D(-2;3,-3).

Huéng dan giai
Ta c6 ABCD la hinh binh hanh nén
Xg — Xy = Xc —Xp 2-1=-1-x, Xp =2
AB=DC 1Yy~ Va=Yc—Yp &10-1=2-y, <1y, =3 =D(23-3).
ZB - ZA = Zc - ZD 1—(—1) =-1- ZD ZD =-3

Néu f(1)=12, f'(x) lién tucva | f'(x)dx=17. Gid tri ctia f (4) bang

P C—

A. 9. B. 5. C. 20. D. 19.

Hudéng dan giai

Ta c6 17=i t/(x)dx=f(x)[ = f(4)- F(1)= f(4)=14+f (1)=17+12=29.

Cho s6 phttc ze C thoa lz—4+3i|=3. Tim s6 phtic z ¢c6 moédun nho nhat?
A. z:g—gi. B. z:—§+§i. C. z:§+§i. D. z:—g—gi.
5 5 5 5 5 5 5 5

Huéng dan giai
Goi =x+yi c6 diém bifu dién la M(xy) , gt <[x-4+(y+3)i=3 <
(x—4)* +(y+3)" =9 do d6 tap hop diém M 1a dudng tron (C) tam | (4;-3) ban kinh
R=3.
Mobdun [zl=0OM nho nhéat khi M 1a giao diém cua (C) va doan Ol (gan gdc O nhat)
Ma PT dt Ol :3x+4y =0 (dt qua 2 diém O(0;0) va I(4;-3))

y 32 8
2 2 = — -
Giaine [ ) =9 qiocd 5 hayl B
3Xx+4y=0 y:_ﬁ y:_§
5 5
8
X:_
, N 5 N 8 6.
Tinh do dai OM ta chon 6.Vay z:g—gl
yz—g

Trang 11
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Cau 18.

Cau 19.

Cau 20.

y =tanx
Goi (H) 1a hinh phéang gi6i han bdi cac duwong | Ox . Quay (H) xung quanh
x=0,x= z
4
truc Ox ta duoc khdi tron xoay ¢ thé tich bf”mg
2 2
A. l—%(dvtt). B. %—ﬂ(dvtt). C. ﬂ—%(dvtt). D. 7% (dvtt) .

Huéng dan giai

s

4 z
Thé tich V :Itan2 xdx I(l+tan x) dx — jdx =tan x|¢ —x|¢ =1 ——(dvtt)
0

0

T

SN

y

S~
ISEE]

/.

Nguyén ham F(x)=[3""dx 1
2X+2
A. F(x):3 +C. B. F(x)=3""?In3+C.
2In3
2X
C. F(x)=3""?+C. D. F(x):%+c.

Hudéng dan giai

Theo cong thitc tinh nguyén ham cua ham hop I a”*Pdx =

ax+p

alna
Suy ra ddp an Adung.

Trong khong gian v6i hé truc Oxyz cho hai diém A(L;2;-3),B(0;,-5), goi | la diém
trén doan thdng AB sao cho IA=2IB. Gia st toa d cua diém I (a;b;c) thi a+b+c
bang

A. 4. B. 5. g.—g. D. —%

Hudéng dan giai

Vi | thudc doan thing AB va IA=2IB=>IA=-2IB
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IA=(1-a;2-b;-3-c), IB=(-a;1-b;-5-¢)

Vi IA=-2IB nén ta cé hé:

1
a==
1-a=-2.(-a) 3
2-b=-2(1-b) b:% Sa+bic=-0
-3-c=-2(-5-c) 13
-3
l N
Cau 21. Tinh tich phan I dx bang
A.llng B. —Ing C. i D.llnz.
2 3 2 5 20 2
Huéng dan giai
Ta c6: I :—In|2x+3| (In5 In:%):ilnE
2X+3 2 3
dx
Cau 22. N éen ham F(x)= I
guyén ham F(x) ‘[(3—2x)5 a
A F(x)=— 1 _+cC. B. F(x)=—~ +C
8(3-2x) 2(3-2x)
C. F(x)=— 1 -+C. D. F(x)= 1 ¢
4(3-2x) 8(3-2x)
Huéng dan giai
Ta co: F(X):j :——I 3 2X _—14 +C=;4+C
(3 2xY’ (3-2x)°  2{4(3-2x) 8(3—-2x)
Cau 23. Nguyén ham F(x):J.\/3x+ dx la
A. F(x):g (3x+1)’ +C. B. F(x):1 (3x+1)’ +C.
C. F(x)=§ (3x+1)’ +C. D. F(x)== \/3x+1+C

Hudéng dan giai

3

2
Ta cod F(x) = I\/3x+ dx——I(3x+1)2d(3x+l)_1% ng (3x+1)3+C.
2

Cau 24. Trong mat phang phttc C, goi A,B,C Ian luot 1a ba diém bidu dién cac s6 phtic
z,=-3+4i; z, =5-2i; 7, =1+3i. S8 phttc biéu dién bdi diém D d&¢ ABCD la hinh binh
hanh la
A —7-i. B. 1-9i. C. 1+9i. D. —7+9i.

Huéng dan giai

Trang 13
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Tacé A(-3;4), B(5,-2)va C(13)
= AB =(8;-6); FC=(1—XD;3—yD).
T gidc ABCD Ia hinh binh hanh khi va chi khi:

— 1-x,=8 Xp =—1 ,

AB=DC < & .Do d6 D(-7,9).
3- Yo =— Yo = 9

Vay s6 phttc bidu dién boi diém D d€ ABCDIa hinh binh hanh 1a: —7+9i

b
Cau 25. Biét j 2x—4)dx=0.Khi d6 b nhan gi4 tri bing

A. B. . C. . D. .

Huéng dan giai

b=0

b
'([(ZX 4)dx = O<:>(x —4x)‘0—0<:>b2—4b20<:{b=4

2 2

Cau 26. Dién tich hinh phang gi6i han bdi hai Parabol y = XZ vay= —X? +3x la
A. 124vtt. B. 8dvtt. C. 4 dvtt. D. 16 dvtt .

Hudéng dan giai

. , A e XX x=0
Phuong trinh hoanh d¢ giao diém: 7-"7 +3X & y

o<flo (5] -

Cau 27. Trong khong gian Oxyz cho dwong thang d:x=y =2, goi d’ la hinh chiéu vudng géc

ctia d 1én mat phang toa d6 (Oyz) . Ta c6 phuong trinh d’ 1a:

x=0 X=t x=0 x=0
A.qy=t. B. Jy=t. C.y=2+t. D. y=t.
z2=2t z=t z=1+t z=t

Huéng dan giai:

Ta c6: phuong trinh mat phang (Oyz) 1a x=0. Goi A 1a giao ctia d véi mat phang
(Oyz) thi A(0;0;0)
Lay M(1;11) e (d). Goi H la hinh chiéu vudéng goc cia M 1én (Oyz)
Phuwong trinh MH di qua M (1,1;1) va nhan vecto i(1;0;0) lam pvt.
X=1+t
PTMH y=1 toado diém H la giao ctia (Oyz) va duong thang MH nén H(0;12)
z=1
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Cau 28.

Cau 29.

Cau 30.

Cau 31.

Phwong trinh (d') = AH di qua A(0;0;0) va nhan AH = (0;1,1) lam vpt
x=0

(d):cy=t
z=t1

1
Tich phan | = j xe “dx =a—2 . Khi d6 a+2b bang
e
0

A. 5. B. 6. C. 7. D. 3.

Huéng dan giai:

u=x du =dx 1 _ _
Dé’f{ :>{ , khido: | =—xe™ [ +Ie*de=—1—e*X |%):_2+1
5 e e

dv =e *dx V=—e"

T désuyra:a=1b=2nén a+2b=>5.
1—|—| 2017
Phén 4o ctia s6 phtic z = (1—j la
—1
A. 1l B. -1 C. i D. —i.

Hudéng dan giai

T 2017
Ta CC,) 7= — — i2017 — i504.4+l — i504.4.i :ll — |
1-i
9

Cho | :jxs/l—x dx.Patt=31-x.Tacé
0

A. |=3j(1—t3)2t2dt. B. I:3j.(1—t3)t3dt.
-2 1

C. 1 =3J1'(1—t3)t3dt. D. I=j.(1—t3)t3dt.
-2 -2

Hudng dan giai
Pit t=31-x < t* =1-x = 3t%dt = —dx.

P0Oican: Véi x=0=t=1 x=9=t=-2.
| =f|ix\3/1—x dx:—_f(l—t3).t.3t2dt =3j.(1—t3) t3dt.
0 -2

1

PE HK2 — KHOI 12 — THPT VIET PUC, HA NOI

x+3 y-1 z-2

Trong khong gian véi hé toa hé truc Oxyz, cho hai dwong thang d:

va A:x-3=y-1=2-5. Trong bén duong thang Ox, Oy, Oz va A, duong thang d

tao véi duong thang nao mot goc 16n nhat?
A. Oy. B. A. C. Ox. D. Oz.

Huéng dan giai

d c6 vecto chi phuong 1a u, =(12;4) .

Trang 15
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Cau 32.

Cau 33.

Cau 34.

VAN HUY PE HK2 — KHOI 12 — THPT VIET PUC, HA NOI
4 T
Ox ¢6 vecto chi phuwong la i =(1;0;0) va c6 cos(Ox,d =a‘ =
P g ( ) ( ) ‘i T, J21
Oy ¢6 vecto chi phuong 1a ]:(0'1'0) va c6 cos(Oy,d)= }@ _2
i us|  ~21
0z ¢é vecto chi phuwong la R—(O'O'l) va c6 cos(0z d)— ‘Rq __4
phong i AT
A c6 vecto chi phuong 1a u, =(L11) va c6 cos(A,d)= QE‘ —
» =t D] v

Do d6, duong thang Ox tao véi (d) mot géc 16n nhat.

Tim tap hop cac diém biéu dién s§ phitc z, biét s phitc z° ¢6 diém biéu dién nam
trén truc hoanh

A. buong théng y=X. B. Truc tung va truc hoanh.

C. Truc tung. D. Truc hoanh.

Huéng dan giai
Dit z=x+Vi,(x,yeR). Ta c6: z°=x*-y*+2xy cé diém biéu dién ndm trén truc

hoanh nén z° 1a mot so thuec.

Viy xy=0< { 0 hay tap hop diém biéu dién s& phtic z 1a truc hoanh va truc tung.

Trong khong gian véi hé truc toa dd Oxyz, cho mit phing (P):3x+4y—-5z+10=0 va
duong thang d di qua 2 diém M (-10;2), N(3;2;0). Goi a la géc gitta duong thang
d va mit phang (P). Ta c6

A. a=90°. B. o =45°. C. a=60°. D. a=30°.

Huéng dan giai.
Mt phéng (P) c6 vecto phap tuyén la n=(3;4;-5) .
Puong thing di qua 2 diém M,N c6 vec to chi phuwong 1a u=MN = (4,2;-2).

nd  pard2+(-5)(-2)| 3

Tacd: Sinag=——— = =— = a=60°
‘nHu‘ R4 45242 422402 2
Nguyén ham F(x)= J. xe¥dx la
A. F(x)=(x-1)e*+C. B. F(x)=xe*-x*+C.
C. F(x):lx.egx—1e3X+C. D. F(x):lx.egx+le3x+c.
3 9 3 9

Hudng dan giai.
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pat{
a = 1
du = e*dx v=§e3X

Khi d6: F(x Ix e>Xdx = = x.e** —Jée"‘xdx = % x.e3* —%.e” +C

Cau 35. Phuong trinh 7° +(1—|)Z—18+13i =0 c6 hai nghiém la
A. 4-i;-5-2i. B. 4-i; -5+2i. C.4+i;5-2i. D. 4—i; 5-2i.

Huéng dan giai

A=(1-i)*—4(-18+13i)=(9-3i)’

—(-i)+9-3i
X= =4—i
Phuong trinh da cho c6 hai nghiém phuc la _ 2
—(1-i)-9+3i :

Cau 36. Trong khong gian véi hé truc toa dd6 Oxyz, cho hai mat phang (P):x+z-3=0 va
(Q):2y+2z+3=0. Ta cé goc gifta hai mit phing (P) va (Q) bang
B. Z. cz D. Z.
4 3 6
Hudéng dan giai

A.

Mt phéng (P)cé mot vecto phap tuyén la n, =(10;1).

N

Mit phing (Q)co mét vecto phap tuyén la % =(0;2;2).
\n _[0+02+12 1

oos((P)(Q)) = e = e

Vay géc gitta hai mat phang (P)va (Q)bang %

Cau 37. Trong khong gian voi hé truc Oxyz, cho hai diém A(1;2;5),B(-15;5). Tim diém
C €0z sao cho tam giac ABC c6 dién tich nho nhat?
A. C(0;0;6). B. C(0;0;5). C. C(0;0;4). D. C(0;0;2).

Huéng dan giai
CA(L2;5-1)

Do diém Ce0z=C(0;0;t) =< __
CB(-155-t)

J —— _ _ 1= =7 1 ; 7
Ta c6 [ CA,CB |=(-3(5-1):2(5-1);7) = Syusc =§‘[CA,CB]‘ =§1/13(5—t) +492 7.
Vay tam giac ABC c6 dién tich nho nhat bang g, dat khi t=5=C(0;0;5)

Cau 38. Nguyén ham ctia ham s F ( .[ x*edx 1a

A. F(x)=-
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¢ +C.
4

C. F(x):—%e‘x4+c. D. F(x)=

Ta dit t=—x* = dt = —4x°dx = x’dx = —%dt

Hudng dan giai

x):jXBe’XAdx:—E.[etdt:—le‘+C __Llevic

4 4 4

Cau 39. Trong khong gian véi hé truc Oxyz cho hai diém A(3;1;1), B(2;—l; —4). Hay viét
phuong trinh mit phing (P) di qua A, B va vudng goc véi mit phéing
(Q):2x—y—3z+4=0.

A. 5x+13y+2z2-29=0. B. x-13y+5z+5=0.
C. x-13y+5z+3=0. D. 3x+12y-27-2=0.

Huéng dan giai
Tacé AB=(-L-2-5), VIPT cua (Q) la g =(2-1-3).
VTPT cta (P) la n=| AB,n,, |=(3-135).
Phuong trinh mp (P):1(x—3)—-13(y-1)+5(z-1)=0< x-13y+5z+5=0.

In2

Cau 40. Cho | = jJeX-ldx:a-%.Khi do
0

A. a<b. B. a=b. C. ab=1. D. a>b.

Huéng dan giai

Ditt=ve'-1=>t’ =" 1= e* =t +1= e*dx = 2tdt:>dx—2t?t— thtl'
e +
Dbicin: x=0=t=0, x=In2=t=1.
1 t2 1 1 1 1
Khi d6 | =2 —2j( . jdt=2—2 ~dt=2-2J.
o I +1 oL T+l o 17 +1

- Dat t:tanu:>dt:(1+tan2u du.

3

*Poican: t=0=u=0, t=1:>u:z.

4 1+tan u du

i
-Khidé J = jdu
C1+tan’u 5

'—o

vay 1=2-2Z2=2-Z o a=p=2.
4 2

Céau 41. Cho mit phang (P):x+y-z-3=0 va diém A(L2;-3), hinh chiéu vuéng géc caa A

1én (P) c6 toa dd la
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A. (1,1,2). B. (0;1-2). C. (1,2;0). D. (2;1,0).

Huéng dan giai
Xx=1+t

Phuong trinh duong thang d diqua A va L(P) la: {y=2+t ,(teR)
z=-3-t

Goi H 1a hinh chiéu vudng goc cia A 1én (P)

H (1+t;2+t;—3—t)<:>{H (0;1,-2)
Xy + Yy —2,—3=0 t=-1
Cau 42.Cho zeC, 7(1+2i)=7+4i.Khid6 |[2z+1 1a

A. \65. B. \/61. C. 8. D.5.
Hudéng dan giai
7+4i

Taco: Z(1+2i)=7+4ie 7= =3-2i.Vay z=3+2i
1+2i

Khi d6 [22+1=[2(3+2i)+1=|7+4i|=7? + 47 = /65

Cau 43. Cho a>0 va a#1, C la hang s8. Phat biéu nao sau day dtng?

<:>H=dm(P)<:>{

A. Iazxdx:azx Ina+C. B. Iazxdx:a2X+C.
2x
C. Iaxdx:ax Ina+C. D. jazxdx: a2 ,c.
2lna

Huéng dan giai

4 2x _1 2X 1 a2 X aX

Ta co fa dx—EIa d(2x)= >Ta ja dx_Ina
1

1
Cau 44. Cho f(x) la mot ham s6 lién tuc trén R thoa man I t)dt=3 va j f (u)du=-2. Khi

0

+C.

0
d6 [ f(x)dx bing ?
-1

A. 5. B. 5. C. 1. D. -1

Hudng dan giai

Tacoj t)dt= 3:>j xdx:3:>'(ff(x)dx:—3.
1

Lalcoj. du-—2:>.|. X=-2

-1

0

:>I dx+j X)dx =-2+( 3):—5:>If(x)dx=—5.
-1

Cau 45. Cho mjt cau (S).X +y%+2> —4x—2y+4z=0. Viét phuong trinh mt phang tiép xtc
vOi mit cau tai diém M (3,-10).
A. x+2y+22+3=0. B. x+2y-2z+1=0. C. x+y=0. D. 2x+y-1=0.
Trang 19
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Huéng dan giai
Ta co: Mat cau (S) c6 tam 1(2;1,-2). Mt phang (o) tiép xtc voi mat cau (S) tai
M (3-1%0) qua M (L-10) vanhan MI = (1,2;-2) lam vecto phép tuyén.
Phuong trinh mét phing («):x+2y-2z+1=0.

X2 +2x-1

Cau 46. Nguyén ham F(x)= Ide 1a
A. F(x):%+4x—7ln|x—2|+c. B. F(x):(x2+4x)ln|x—2|+C.
C. F(x)=x*+2x-In|x-2|+C. D. F(x)=x*+4x+7In|x-2+C.

Huéng dan giai

2
Ta c6: F(x):jxi—z);_ldx:j(x+4+£jdx_?+4x 7In|x-2/+C.

Cau 47. Trong khong gian Oxyz cho diém A(-111),B(-3;5 7). Goi (S) la tap hop diém
M (X; y; z) thoa man MA? + MB? = AB?. Chon két luan dung

A. (S) 1a mt cAu c6 phuong trinh (x+1)" +(y—3)° +(z-4)" =56.

- (8)

)

)

S
S) 1a duong tron c6 phuong trinh (x +1)2 +(y —3)2 +(z —4)2 =14.

1a mat phang trung truc ctia doan AB .

la mat cau cé phwong trinh (x+ 2)2 +(y—3)2 +(z —4)2 =14.

Huéng dan giai

Ta c6 MA? + MB? = AB®> = AMAB vudng tai M (dinh li dao Pitago).
Suy ra tap hop diém M la mat cau tam | dwong kinh AB (véi | la trung diém AB).
AB(-2; 4;6)=|AB|=214 = R =14 va 1(-2 3 4).
Vay mat caula (S):(x+2) +(y—3) +(z-4) =14.
sin x

Cau 48. Nguyén ham F (X) = J.mdx la

A. F(x):—%ln|3—2cosx|+C. B. F(x):%ln|3—2cosx|+c.

C. F(x)=%ln|3—2cosx|+c . D. F(x):—%ln|3—2cosx|+C.
Huéng dan giai

F(x):J.Side:1 M=E|H|B—ZCOSX|+C.
3-2c0s X 27 3-2c0sX

4
Cau 49. Cho J.(X-i‘i—ijdx = E voi — . 2 1a phan s6 t&i gian. Khi d6 a—b bang
1

A. 140. B. 39. C. 9. D. 31.
Hud6ng dan giai
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b 1 1 x> 1
Ta cé: = ldx=| 22X+ =
a co J(X#—\/; ij X (2+ X+X]

1

35

4
1

S a 35:>a bh=31
uy ra. —0D=
M

2
2 2 = 3
Cau 50. Dién tich ctia hinh phéng (H ) giéi han boi {y yg *=0 bing
X+y=
A. 27 dvdt. B. 2r dvdt. C. o dvdt. D. 9 dvdt.
2 4 2 4
Huéng dan giai
2 _ 2
Ta cb: {y 2y +X Oj{x y +2y
X+y=0 X=-Y
S
Phuong trinh tung d6 giao diém: -y’ +2y=-y < y*-3y=0< § _3

Dién tich hinh phéng can tim la:
3

3 3 5 . , .
S:”‘y‘(‘yz+2y)\dy=ﬂy2—3y\dy=f(3v—y2)dy=[§y2—§ =5
0 5 ’
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