Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do- thi ham 56

Chu dé 1.2. CU’C TR| CUA HAM SO

A. KIEN THUC CO BAN
1. Dinh nghia: Cho ham sO y = f(x) xdc dinh va lién tuc trén khoang (a;b) (cé thé a 1a —0; b 12
+oo) va diém x, € (a;b).
> Néu ton tai s6 £>0 sao cho f(x)< f(x,) véimoi xe (x,—h;x,+h) v x# x, thi tanéi ham
sO f(x) dat cue dai tai x, .
> Néu ton tai sd £>0 sao cho f(x)> f(x,) v6i moi xe (x,—h;x,+h) va x# x, thi ta néi ham

sO f(x) dat cure tiéu tai x,.

2. Diéu kién dii dé ham sé c6 cwc tri: Gia sir ham s6 y = f(x) lién tuc trén K = (x, —h; x, +h) va c6
dao ham trén K hodc trén K \{x,}, véi h>0.
> Néu f'(x)>0 trén khoang (x,—h;x,) va f'(x)<0 trén (x,;x,+h) thi x, 12 mot diém cuc
dai ciia ham s6 f(x).
> Néu f’(x)<O0 trén khoang (x, —h;x,) va f'(x)>0 trén (x,;x,+h) thi x, 1a mot diém cuc
tiéu cia hamsd f(x).
Minh hoa bz"mg bing bién thién

X x,—h X, X, +h X xX,—h X, X, +h
f/(x) + - f(x) N N
Jep
f(x) f(x)
/ \ \ fCT /
w Chii y.

¢ Neéu ham s6 y = f(x) dat cuc dai (cuc tiéu) tai x, thi x, dugc goi 1a diem cwe dai (diém
cuc tiéu) cua ham so0; f(x,) dugc goi 1a gia tri cwe dai (gia tri cwe tiéu) cia ham so, ki
hiéu la f.,(f.; ), condiém M (x,; f(x,)) duoc goi la diem cwe dai (diém cwc tiéu) cua do
thi ham s0.

¢ C4c di€ém cuc dai va cuc tiéu dugc goi chung la diém cuwe tri. Gid tri cyc dai (gid tri cuc
tiéu) con goi la cue dai (cwe tiéu) va dugc goi chung 1a cure tri ciia ham so0.

B. KYNANG CO BAN

1. Quy tac tim cuc tri ciia ham so

> Quy tic 1:

Buwéc 1. Tim tap xéc dinh ctia ham sb.

Buéc 2. Tinh f’(x) . Tim céc diém tai @6 f’(x)bang 0 hodc f’(x) khong xdc dinh.
Budc 3. Lap bang bién thién.

Buwéc 4. Tir bang bién thién suy ra cic diém cuc tri.

> Quy tic 2:

Budc 1. Tim tap xdc dinh ctia ham $0.
Buwéc 2. Tinh f’(x) . Giai phuong trinh f’(x) va ky hiéu x, (i =1,2,3,...)1a cdc nghiém cia no.

Buéc 3. Tinh f"(x) va f"(x,) .
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Buréc 4. Dya vao diu cua f”(x, ) suy ra tinh chét cyc tri cia diém x, .
2. Ky niing gidi nhanh cdc bai todn cuc tri ham sé bic ba y = ax® +bx* +cx +d (a #0)

Ta c6y’ =3ax’+2bx+c
> D6 thi ham s ¢6 hai diém cuc tri khi phurong trinh y"=0 ¢6 hai nghiém phan biét
2¢ 2b° j bc

& b* —3ac>0 . Khi d6 duong thing qua hai diém cuc tri d6 1a : yz(?—g— x+d—9— :
a a

> BAm mady tinh tim ra dudng thing di qua hai diém cyc trj :

b .
ax’ +bx* +cx+d —(3ax2 + 2bx+c)(§+9—jL>Ai+B = y=Ax+B
a
y/'y//
18a
» Khoang cich gitra hai diém cuc tri ctia dd thi ham s6 bac ba 1a:

/ 3 2
AB = 4e+16e Vi e:b 3ac
a 9a

3. Ky nang gidi nhanh cdc bai todn cwc tri ham trung phwong.
Cho ham s6: y=ax* +bx* +c¢ (a#0) ¢6 dd thila (C).
x=0
Y =dax’ +2bx; y=0&| | b

X =——
2a

Hodc str dung cong thuc y—

(C)co ba diém cyuc tri y'=0c6 3 nghiém phén biét < —2£ >0.
a

, ) A A )
Khi d6 ba diém cuc tri la: A(0;c), B —‘f—i;—— ,C ‘}—i;—— voi A=b*—-4ac
2a  4da 2a  4a
A e s 2 b* b b
D¢ dai cdc doan thang: AB=AC = ~——,BC=2,[-—.
16a” 2 2a

Cic két qua can ghi nhé:
> AABC vudng cin & BC?> = AB*> + AC?

4 4 3 3
N (A L L A P [ PN A )
a 16a~ 2a 16a” 2a 2a 8

» AABC déu < BC?=AB?

4 4 3 3
b z—i(:) b 2+%=0@£ b—+3 =O(:)b—+3=0
a 16a- 2a 16a~ 2a 2a\ 8a 8a
3
— +
» BAC=q« ,tacé: cosax= S Sa@tang:—g—?
b’ —8a 2 b
b? b
> S =, [——
e =N 2a
~ , \ < 4 N b3—8a
» Ban kinh dudng tron ngoai tiep AABC 1a R = W
a
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4IaIV
/_7 4|a|+~164* —2ab*
16a 2a

2 A
> Phuong trinh dudng tron ngoai tiép AABC la: x* + y* — (———+ cj y+ c(———j =0
b 4a b 4a

> Ban kinh dudng tron ndi tiép AABC 1a r=

4. Ky nang gidi nhanh cdc bai todn cuc tri ham phdn thirc.
Cong thic tinh nhanh dao ham
a b

N (ax+bj’_ c d‘ _ad—bc
cx+d (cx+d)*  (cx+d)?

> [ax2+bx+cj _ amx® + 2anx +bn—cm

mx+n (mx+n)*
a c b c
) , 1 1 x2+2 1 x4+ 1 1
> (alx +b1x+clj _la, b, a, ¢, b, ¢,
2 2
X" +bx+c, (a2x2+b2x+cz)
2
N \ 2 .2 U U £ ax“+bx+c 2ax+b
Phuong trinh dudng thang qua 2 di€m cuc tri cia do thiham s y=— la y =
mx+n m

C. KY NANG SU DUNG MAY TINH

Vi du 1: Tim duong thing di qua hai diém cyc trj cia d6 thi ham sb: y=x* +3x* —x+2
B4m mdy tinh: MODE 2
X 4+3x7—x+ 2—(3x2 +6x—1)(£+ljx—_i>z—§l = y= —§x+Z

3 3 3 3 3 3
Vidu 2: Tim duong théng di qua hai diém cuc tri ( néu c6 ) cua dd thi ham s:
y=x"=3x"+m’x+m
B4m mdy tinh: MODE 2

X =3x +m’x+m— (3x2 —6x+m> )(f _lj veim=a=1000 1003000 N 1999994 ;
3 3 3 3
. 1003000 1999994 . 100000043000 2000000—6. m’+3m 2m*—6
Ta c6: + i= i i = N .
2_ 2
Vay dudng thing can tim: y = m3 6 L "3'3’"
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D. BAI TAP TRAC NGHIEM

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau7.

Cho ham s§ y = f(x) c6 dd thi nhu hinh v&:

'y v

Do thi ham s6 y = f(x) c6 méy diém cuc tri?
A. 2. B. 1. C.0. D. 3.
Cho ham s§ y = f(x) c6 bang bién thién:
X —o0 2 4 +oo
y’ + 0 - 0 +
3 oo
y \
oo -2
Khing dinh nao sau diy 1a ding?
A. Ham sb dat cuc dai tai x=2. B. Ham sb dat cuc daitai x=3.
C. Ham sb dat cuc daitai x=4 . D. Ham sé dat cuc dai tai x=-2.

Cho ham sé y = x*—3x*+2 . Khang dinh nao sau ddy 1a diing?
A. Ham sb dat cuc dai tai x=2 va dat cuc tiéu tai x=0.

B. Ham sd dat cuc tiéu tai x =2 va dat cuc dai x=0.

C. Ham sb dat cuc dai tai x=—-2va cuc tiéu tai x=0.

D. Ham sd dat cuc dai tai x=0va cuc tiéu tai x=-2.

Cho ham sé y = x* —2x*+3 . Khang dinh nio sau day 1a ding?

A. Ham s6 ¢6 ba diém cyec tri. B. Ham s chi ¢6 ding 2 diém cuyc tri.
C. Ham sd khong c6 cuc tri. D. Ham sd chi ¢6 didng mot diém cuc tri.
Biét d6 thi ham s§ y = x* —3x+1 c6 hai diém cuc trj A, B . Khi d6 phuong trinh dudng
thing AB la:

A, y=x-2. B. y=2x-1.
C. y=-2x+1. D. y=—x+2.
. . . . y . *+3x43 . o
Goi M ,n lan luot la gid tri cuc dai, gié tri cuc ti€u cia ham s6 y = % . Khi d6 gia tri
X+
ctia biéu thirc M > —2n béng:
A. 8. B.7. C.o. D. 6.

Cho ham s6 y = x* +17x* —24x+8 . Két luan ndo sau ddy la ding?
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A. x., =1 B. x., =§. C. x., =-3. D. x., =-12.

Cau8. Chohamsd y=23x*—6x>+1 . Két ludn nao sau ddy la diing?
A yop =—2. B. y,, =1. C. y,=-L D. y., =2.

Cau 9. Trong cdc ham sO sau, ham s ndo dat cuc dai tai x=% ?
A. y=%x4—x3+x2—3x. B. y=+v-x"+3x-2.
[4.2 x—1
C. y=+4x"—-12x-8. D. y=

_x+2'

Cau 10. Trong cdc ham so sau, ham so nao chi cé cyc dai ma khdng c6 cuc tiéu?

A. y=—10x"-5x>+7. B. y=—17x +2x" + x+5.
- +x+1

C.y=x 2. D.y:L.

x+1 x—1

. 2 413x+1 , . . s .
Cau 11. Cho ham s6 y :w . Puong thang di qua hai di€m cuc tri cia d6 thi ham s6 c6
X+

phuong trinh la:
A. 5x-2y+13=0. B. y=3x+13.
C. y=6x+13. D. 2x+4y—-1=0.

Cau 12. Cho ham sé y=+/x*—2x . Khing dinh ndo sau day 12 ding
A. Ham s6 ¢6 hai diém cuc tri. B. Ham sd dat cuc tiéu tai x=1 .
C. Ham sb dat cuc dai x=1 . D. Ham sd khong c6 cuc tri.
Cau 13. Cho hamsd y=x’ —x° . Khing dinh nao sau diy la diing
A. Ham s6 ¢6 ding 1 diém cuyc tri. B. Ham s ¢6 ding 3 diém cuc tri .
C. Ham sb ¢6 ding hai diém cuec tri. D. Ham s6 ¢6 ding 4 diém cuyc tri.
Cau 14. Cho hamsd y= f(x) c6 dao ham f’(x)= (x+1(x—2)*(x—3)*(x+5)* . H6i ham s
y = f(x) c¢6 may diém cyc tri?
A. 2. B. 3. C. 4. D. 5.

1

Cau 15. Cho hamsd y=(x*—2x)? . Khing dinh ndo sau day 1a ding?
A. Ham s6 dat cyc tiéu tai x=1. B. Ham sb dat cuc daitai x=1 .
C. Ham s6 khong c6 di€m cuc tri. D. Ham s0 c6 ding 2 di€m cuyc tri.
Cau 16. Cho ham sd y =—x*+3x” +6x . Ham s6 dat cuc trj tai hai diém x,,x, . Khi d6 gid tri ciia
biéu thirc S = x? +x7 bang:
A. -10. B. -8. C. 10. D. 8.
Cau 17. Cho hamsd y = f(x) c6 dao ham trén R . Khang dinh nao sau ddy 1a diing?
A. Néu dao ham d6i ddu khi x chay qua x, thi ham sb dat cuc tiéu tai x, .
B. Néu f’(x,) =0 thi ham s6 dat cyc tri tai x, .

C. Néu ham s6 dat cyc tri tai x, thi dao ham d6i ddu khi x chay qua x, .
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Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

D. Néu f’(x,) = f"(x,) =0 thi ham s} khong dat cyc tri tai x, .

Cho ham sb y = f(x) xéc dinh trén [a,b] va x, thudc doan [a,b]. Khéng dinh nao sau day la
khing dinh ding?

A.Hams6 y = f(x) dat cuc tritai x, thi f"(x,)<0 hodc f"(x,)>0 .

B. Hams6 y = f(x) dat cuc tri tai x, thi f'(x,)=0 .

C. Hamsb y = f(x) dat cyc tri tai x, thi né khong c6 dao ham tai x, .

D. Néu ham sb dat cuc tri tai X, thi ham $6 khong ¢6 dao ham tai x, hodc f'(x,)=0 .
Cho ham s§ y = f(x). Khing dinh nao sau day 1a ding?

A.Néu hamsd y = f(x) c6 gid tri cuc dai la M , gid tri cyc tiéu la m thi M >m .

B. Néu ham s6 y = f(x) khdng c6 cuc tri thi phuong trinh f'(x,)=0 v6 nghiém.

C. Hamsd y= f(x) c6 ding hai diém cyc trj thi ham s d6 1a ham bac ba.

D. Hamsd y=ax*+bx*+c¢ v6i a#0 ludn cé cuc tri.

Ham sb béc ba c6 thé ¢6 bao nhiéu diém cuc tri?
A. 0 hoac 1 hoac 2. B. 1 hoac 2. C. 0 hoac 2. D. O hoac 1.

Cho ham s6 y = f(x) =|x" —2x—4| ¢6 do thi nhur hinh vé:

Ham sé y = f(x) c¢6 miy cuc tri?
A. 4. B. 1. C.3. D. 2.

Cho ham s6 y= f(x) . Himsd y= f'(x) c6 dd thi nhu hinh v&:

-1 4

/AN |
0 /1 2\/3 4

Khing dinh nao sau diy 1a khiang dinh diing?
A. Do thiham s y = f(x) cit truc hoanh tai ba diém phan biét.
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Cau 23.

Cau 24.

Cau 25.

B. D6 thi ham s§ y = f(x) ¢6 hai diém cuc tri.
C. Do thihamsd y = f(x) c6 ba diém cuc tri.

D. D6 thi ham s6 y = f(x) ¢6 mot diém c6 mdt diém cuc tri.

Cho ham s6 y= f(x) . Hims§ y= f'(x) c6 dd thi nhu hinh v&:

[

Khing dinh nao sau diy la khiang dinh diing?

A. Hamso y= f(x) dat cuc daitai x=1 .

B. D6 thi ham s§ y = f(x) c6 mot diém cuc tiéu.
C. Hamsd y= f(x) dong bién trén (—oo;1) .

D. D6 thi ham s6 y = f(x) ¢6 hai diém cuec tri.

Cho ham s6 y =l x> —=3x—21 ¢6 d0 thi nhu hinh v&:

S

-2 1 0 1 2 3

Khing dinh nao sau diy 1a khiang dinh ding?

A. D6 thi ham s6 y = f(x) chi c6 diém cuc tiéu va khong ¢ diém cuc dai.

B. D6 thi ham sé y = f(x) c¢6 mdt diém cuc tiéu va mot diém cuc dai.
C. D6 thi ham sd y = f(x) ¢6 bdn diém cuc tri.

D. Do thihamso y = f(x) ¢6 mdt di€ém cuc dai va hai diém cuc tiéu.

Ham s6 nao sau day c6 ding hai diém cuyc tri?
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Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

A y=x+—m. B. y=x+3x"+7x-2.
C. y=—x"-2x"+3. D.y=x——.

Ham sb nao sau day khong c6 cuc tri?
2 +1
A y=2x+—. B. y=x"+3x". C.y=—x"+2x>+3.D. y= Al
x+1 x=2

Trong céc khang dinh sau ddy, khang dinh nao 1a khang dinh sai?

A. Ddthihamsb y=ax’ +bx* +cx+d,(a#0) ludn c6 cyc tri.

B. D6 thi ham sé y = ax® +bx* +¢,(a #0) ludn c6 it nhit mot diém cuc tri.
ax+b

C.Hamsb y= ,(ad —bc # 0) Tudn khdng c6 cyc tri.
cx+d

D. D6 thi ham s6 y = ax® +bx* +cx+d, (a #0) c¢6 nhidu nhat hai diém cuc tri.

Piém cyc tiéu cia hAm s6 y=—x" +3x+4 la:

A. x=-1. B. x=1. C. x=-3. D. x=3.
Ham sd nao sau day dat cyc daitai x=1 ?
A. y=x"-5x*+5x-13. B. y=x'—4x+3.
C. y=x+l. D. y=2\/;—x.
X

Ham s6 nao sau day c6 cuc tri?
_ 2x-1
3x+2

A. y=x"+1. B. y=x"+3x"+2. C. y=3x+4. D. y

Do thi ham s6 y = x* —3x% +5 ¢6 bao nhiéu diém cuc tiéu?
A 1. B. 0. C. 2. D. 3.

Tim tat ca cdc gid tri cua tham sb m dé ham s& y=x’—mx*+(2m—3)x—3 dat cuc dai tai

x=1.
A. m=3. B. m>3. C. m<3. D. m<3.
Do thi ham s6 y= Al ¢6 bao nhiéu diém cuc tri?
x+
A. 3. B. 1. C. 2. D. 0.
Do thi ham s6 y = x* —2x% + x+3 ¢4 toa d6 diém cuc tiéu 1a:
1 85
A. (3;)). B. (-1;-1). C.|—— . D. (1;3).
(3D ( ) (3 27) (L;3)

Ham sd y=x*+2(m—2)x> +m* —2m+3 c6 ding 1 diém cuc tri thi gid tri cia m 1a:
A.m>2. B. m<2. C. m>2. D. m=2.

. 1 . N .2 R S N
Cho haim s6 y = —§x3 +4x* —=5x—17. Goi hoanh d6 2 diém cyc tri ctia d6 thi ham s6 1a x,,x, .

Khi d6, tich s6 x,x, c6 gid tri 1a:
A. 5. B. -5. C. —4. D. 4.
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Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cho ham s y=3x*—4x>+2. Khéng dinh nao sau day la ding:
A. Ham s6 khong c6 cuc tri.

B. Ham sd dat cuc tiéu taix=1.

C. Ham sb dat cuc dai tai x=1.

D. Ham s dat cuc tiéu tai x=0.

N £ . .. T e e
Ham s60 y=asin2x+bcos3x—2x (0<x<2x) dat cuc tri tai x=5;x=7£. Khi d6, gid tri cua

biéu thic P =a+3b—3ab la:
A. 3. B. 1. C. 1. D. -3.

Ham s§ y=—4x’ —6x*—3x+2 c¢6 miy diém cuc tri?
C. 1. B. 2. C. 0. D. 3.

Hamsd y=x*—3x> +mx—2 dat cuc tiéu tai x=2 khi?
A. m>0. B. m=0. C. m=0. D. m<O0.

Do thi ham s6 y = x* —6x* +9x—1 ¢6 toa do diém cuc dai 1a:
A. (3;0). B. (1;3). C. (1;4). D. (3;1).

Cho ham s6 y = (m—1)x* —3x* —(m+1)x+3m> —m+2 . Dé ham sb ¢6 cuc dai, cuc tiéu thi:
A. m=1. B. m#1. C. m>1. D. mtuy y.

Khing dinh nao 1a diing trong céc khing dinh sau:

A.Hamsd y=ax* +bx* +c¢ c6 thé c6 2 diém cyc tri.

B. Ham s6 béc 3 ¢6 thé ¢6 3 cye tri.

C.Ham s y=ax* +bx>+c¢ ludn c6 cuc tri.

D. Ham phéan thirc khong thé ¢6 cuc tri.

Gid tri cyc tiéu cia ham s6 y = x* —2x* +5 L
A. 5. B. 4. C. 0. D. 1.

P4 thi ham sé y=—-33/x> +2 ¢6 bao nhiéu diém cuc dai?
A. 2. B. 0. C. 1. D. 3.

Cho ham s& y=-3x"+4x* —2017 . Khing dinh nao sau diy Ia ding?

A. Ham s ¢6 1 diém cuc dai va khong c6 diém cuc tiéu.

B. Ham s khong c6 cuc tri.

C. Ham sb ¢6 1 diém cuc dai va 2 diém cuc tiéu .

D. Ham s6 ¢6 2 diém cuc dai va 1 diém cuc tiéu.

Ham sb nao sau day khong c6 cuc tri?

A. y=x+3x% B. y=x"—x. C.y=x"'-3x*+2. D.y=x".

Cho ham s6 y = x’ —6x” +4x—7. Goi hoanh d¢ 2 diém cuc tri cia d6 thi ham s6 1a x,,x, . Khi
d6, gid tri clia tong x, + x, la:
A. 6. B. —4. C. 6. D. 4.

Hiéu sb giira gid tri cuc dai va gid tri cuc tiéu cia ham sé y = x* —3x* +4 la:
D. 4. B. 2. C.2. A. 4.
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Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Néu dd thi ham s& y = ax® +bx* +cx+d ¢6 2 diém cyc trj 1a gbe toa do va diém A(-1;—1) thi
ham sb c¢6 phuong trinh Ia:
A, y=2x-3x". B. y=-2x"-3x".
C. y=x"+3x +3x. D. y=x"-3x-1.
Ham sb nao duéi day c6 cuc tri?
A y=x"+1. B. y=x+x>+2x-1.
x+1
C.y=2x-1. D. y= .
Y T
Diéu kién @ ham s y =ax* +bx* +¢ (a#0) c6 3 diém cuyc tri 1a:
A. ab<O. B. ab>0. C. b=0. D. ¢=0.
, 1 A yl
Cho ham s6 y = §x3 —2mx* +(4m—1)x—3. Ménh dé nao sau diy diing?

A. Ham s6 ¢6 cuc dai, cuc tiéu khi m < %
B. V&i moi m , ham s6 ludn ¢6 cuc tri.

C. Ham sb ¢6 cuc dai, cuc tiéu khi m # %
D. Ham s6 ¢6 cuc dai, cuc tiéu khi m > 1.

Ham sb y=—x*+4x>+3 ¢6 gid trj cuc dai 1a:

A. 2. B. 3. C. 0. D. 7.

Trong cdc ham sé dudi day, ham sd nao c6 ding 2 cuc tri?

A, y=x"+3x"+2. B. y=x"-5x"+7.
2 —

c.y=2271 D. y=2017x° +2016x".
3x

Diém cuec tri ctia d6 thi ham s6 y=+/1+4x—x* c6 toa do 1a:

A. (1;2). B. (0;1). C. (2;3). D. (3;4).

Biét d6 thi ham s§ y = x* —2x> +ax+b c6 diém cyc tri la A(1;3) . Khi d6 gid tri cia 4a—b la:

A. 1. B. 2. C.3.

D. 4.

Cho ham s6 y=x’—3x*—2. Goi a,blan luot 12 gid tri cuc dai va gid tri cuc tiéu ctia ham s6

d6. Gia tri ctia 2a* +b la:
A. 8. B. 2. C.2.

D. 4.

Cho ham s6 y = x* —5x* +3 dat cyc tri tai x,,x,,x,. Khi d6, gid trj ciia tich x,x,x, la:

A. 0. B. 5. C. 1.
Hamsd y=x*—3x+1 dat cuc dai tai diém:

A. x=2. B. x=1. C. x=0.
Tim gid tri cuc dai y,, ciahamsd y=—x*+2x"-5
A. 4. B. -5. C. 2.
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Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

Cau 68.

Cau 69.

N A 1 z [N <R .
Hamso y= §x3 —2x*+4x—1 c6 bao nhiéu diém cuc tri ?

A. 1. B. 0. C.2. D. 3.

Cho ham sb y= x* —3x + 2. Khang dinh ndo sau diy dung :

A. Ham sb ¢6 cuc dai, cuc tiéu . B. Ham s khong c6 cuc tri.

C. Ham sb ¢6 cuc dai , khong c6 cuc tiéu. D. Ham sd ¢6 cuc tiéu khong c6 cyc dai.

Cho ham s§ y = f(x) c6 bang bién thién nhu sau

X X X X too

y -+ o - +

Khi @6 ham s6 da cho ¢6 :

A. Mot diém cuc dai, mot di€m cuc ti€u.

B. Mot diém cuc dai , hai di€ém cuc ti€u.
C. 1 diém cuc dai, khong c6 di€m cuc tiéu.
D. 2 diém cuc dai, 1 di€ém cuc tiéu.

Tim tit ca céc gid tri thuc ciia m dé ham sé y =mx* —(m+1)x* +2m—1 ¢6 3 diém cyc trj ?

m<-—1
A{ ) B. m<-—1. C. -1<m<0. D. m>-1.
m>0

Tim tit ca céc gid tri thuc ciia m dé ham sé y = x* —2x* +(m+3) x -1 khong c6 cuc tri?

A.m2—§. B.m>—§. C.mz—é. D.mé—§.
3 3 3

A 5 , ., . 5 A A LN A 1 .
Tim tat cd cic gid tri thuc cua tham soO m dé ham so y =§x3 —mx? +(m+1)x—1 dat cuc dai

tai x=-2 7
A. —1. B. Khong ton tai m. C. 2. D. 3.
Cho ham s6 y = f(x) lién tuc trén R c6 bang bién thién .
—c0 1 3 +o0
y — 0 + 0 —
+o0 1
3 —o0
Trong céc khang dinh sau, khing dinh nao 1a diing?
A. Ham s6 nghich bién trén khoang (1;3). B. Ham sd dat cuc tiéu tai x=3.
. ) 2 1 FETIR L .
C. Ham s6 c6 gid tri cyc tieu la _5' D. Ham s6 khong c6 cuc tri.

N Ao 2 2 s , Je A 1. Je m . . X .
Tim tat ca céac gid tri thyc ctia tham s6 m dé ham s6 y = ?x3 +2x* +mx+1 ¢6 2 diém cuc tri

thoéa man x., < x.; .
A. m<?2. B. 2<m<0. C. 2<m<?2. D.O0<m<?2.
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Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

Cau 77.

Cau 78.

‘ P . p 1 3 2
Tim tat ca cac gia tri thyc cua tham so m d¢ ham so: Y =§X +mx +(m+6)x+m co cuc
dai va cuc tiéu .

D. 2<m<3.

m=>3

m<-2 m<=2
A. 2<m<3. B. . C. .
m>3

Tim tit céc gid tri thuc cia tham sdm dé hams6 y = (m+2)x’ +3x* +mx—6 ¢6 2 cyc trj ?
A. me (-3;1)\{-2}. B. me (-31).
C. me (—o0;=3)U(1;+e). D. me [-3;1].
4 . . 5 A A LN A 1
Tim tat c4c gi4 tri thuc cia tham s6 m dé ham so y =§x3 +(m+3)x* +4(m+3)x+m’ —m dat
cuc tritai x,,x, thbamin —1< x, <x,.

7 m<-3 7
A, ——<m< 2. B. 3<m«<]. C. ) D. ——<m<-3.
2 m>1 2

A 5 ~ ., . 5 A A N A 1
Tim tat ca cdc gid tri thuc cia tham s6 m dé ham s6 y = §x3 +(m*—m+2)x* + (3m2 + l)x dat

cuc ti€u tai x=-2.

=3 -_3
A. {m . B. m=3. C.m=1. D. {m .

m=1

L3 . 5 A A N A 1 1 . .
Tim céc gid tri ciia tham so m d€ ham so: y =§m)c3 —(m—=1x* +3(m—2)x+g dat cuc tri tai

X, X, thoaman x, +2x, =1.

2

A. 1—£<m<1+£. B.|" "3,
2 2

m=2

C. me [1—£1 */_J\{o} D. m=2.

Tim céc gid tri ctia tham s6m d€ ham s0 y = mx* +(m—1)x*>+m chi c6 ding mot cyc tri.

m<0 m<0
A.0<m<l1.. B. ) C. D. 0<m<l1.
m21 m21

Tim céc gid tri ciia tham s6 m dé ham sb y=mx*+ (m2 —4m+ 3) x> +2m—1 ¢6 ba diém cuyc tri.
A. me (—;0). B. me (0;1)U(3;+c0).

C. me (—o;0)U(L;3). D. me (1;3).

Tim céc gid tri ciia tham sém dé dd thi ham sb: y=x*—2m’x* +1 ¢ ba diém cuc tri 1a ba

dinh cia mt tam gidc vudng can.
A. m=-1. B. m#0. C. m=1. D. m=+1.

Tim céc gid tri clia tham s0m dé d6 thi ham so: y =x*—2(m+1)x*> +m’ c6 ba di€m cyc tri la

ba dinh ciia mgt tam gidc vudng can.
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Cau 79.

Cau 80.

Cau 81.

Cau 82.

Cau 83.

Cau 84.

Cau 85.

Cau 86.

Cau 87.

m=0
. D. m=-1.

A.Khong tontaim. B. m=0. C. {
m=-—1

Tim cdc gid tri cia tham sdm dé d6 thi ham sé: y = x* —2mx* +2m+m* c6 ba diém cuc trj 1a
ba dinh ctia mot tam gidc déu.
\ ) m=0
A.Khong tdn taim.  B. . C. m=33. D. m=+3.
=43
Khoang céch gitra 2 diém cuc tri cia d6 thi ham sé y=x* —3x la:

A. 4/5. B.2. C.2+5 . D. 4.

1 U A T |
Cho ham so y = ZX4 —2x*+3 c¢6 dd thila (C) . Dién tich tam gidc c¢6 cic dinh 1a cic diém cuc

tri ctia dd thi (C) 1a:
A. m=38. B. m=16. C. m=32. D. m=4.

3

N A 5 ~ .z c . A A LN A 1 , .
Tim tat ca cac gid tri cua tham s6 m d€ hamso y = gx —mx?+ (2m—-1)x—-3 c¢b cuc tri.

A.m#1. B. Vi . C. m<l1. D. m>1.

Tim tét ca cédc gid tri thyc cua tham s6 m dé ham sb y=mx* + (m2 —9))c2 +10 ¢6 3 diém cuc

tri.

O<m<3 O<m<3
A. B. m<-3. C.0<m<3. D. )
m<-3 m<-3

N A 5 ~ .z . 5 A A N A 3 9 2 < A
Tim tat ca cac gid tri thyc ctia tham s6 m d€ ham s6 y = (m+1))c4 —mx® +§ chi c6 cuc tiéu

ma khong cé cyc dai.
A. m<-1. B. -1<m<0. C. m>1. D. -1<m<0.
Tim tit ca cdc gid tri thuc cta tham sb m dé ham s6 y = x* —=3mx? +(m —1)x +2 ¢6 cuc dai, cuc
tiéu va cdc diém cuc tri caa do6 thi ham sb ¢6 hoanh do duong.
A.0<m<1. B. m2>1. C.m=0. D. m>1.
Tim tét ca cdc gié tri thyc cua tham s6 m dé dd thi caa ham s6 y=—x"+3mx+1 c6 2 diém cuc
tri A, B sao cho tam gidc OAB vudng tai O (voi O la géc toa do ).

3 1 1
A.m=—. B.m=——. C. m=1. D. m=—.

2 2 2
Tim tat ca cdc gid tri cia tham s6 m dé @6 thi ham sb y=x> —=3(m+ Dx? +12mx-3m+4 (C) ¢

hai diém cyc tri 12 A va B sao cho hai diém nay ciing véi diém C (—1;—%} 1ap thanh tam gidc

nhan géc toa do O lam trong tam.

A.m:%. B. m=-2. C. m=2. D.m:—l.
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Cau 88.

Cau 89.

Cau 90.

Cau 91.

Cau 92.

Cau 93.

Cau 94.

Cau 95.

Cau 96.

A 5 ~ ., . 5 A A A . N A 2 2 2
Tim tat ca cdc gid tri thuc cia tham s6 m dé d6 thi hamso y = §x3 —mx? —2(3m2 —1)x+§ cé

hai diém cuec tri ¢6 hoanh d x,, x, sao cho x.x, +2(x +x,)=1.

A. m=0. B.m:—z. C.m:g D.m:—l.
3 3 2

Goi x,,x, la hai diém cyc tri ciia ham s6 y=x"—3mx’+3(m* —1)x—m’ +m . Tim tit ca cdc
gid tri ctia tham s thuc m dé&: x* +x2 —x,x, =7

A.m=+2. B. m=12. C. m=0. D. m=+1.

Cho ham s6 y=(m—1)x*—3mx* +5 . Tim tat ci cdc gid trj cia tham s thyc m dé ham sb c6
cuc dai ma khong c6 cuc tiéu

A. me (—o0;0]U[1;4e0). B. me [0;1].

C. me (0;1). D. me (—o0;0) U (1;400).

Cho ham 6 y=ux"—2(1-m’)x* +m+1 . Tim tit ca cdc gid tri cia tham s6 thyc m dé ham s6
c6 cuc dai, cyc ti€u va cic diem cyc tri cua do thi ham s6 1ap thanh tam gidc c6 dién tich 16n

nhét .

A.m:—%. B. m=—. C. m=0. D. m=1.

Tim céc gid tri cia tham s§ m dé dd thi ham sb y = 2x’ +3(m—3)x* +11-3mc6 hai diém cuc
tri. Dong thoi hai diém cyc tri d6 va diém € (0;~1) thang hang .

A. m=4. B. m=1. C. m=-3. D. m=2.

Tim tét ca cdc gid tri ciia tham s6 thue m dé dudng théng qua 2 diém cuc tri cua do thi ham sb:
y=x’—3mx+2 cit dudng tron tim 7 (1;1) bén kinh bang 1 tai 2 diém A, B ma dién tich tam

gidc IAB 16n nhét .

72 5

A.m=1t—. B.m=1x—.
2 2

C. m=1i§. D. mzli%.

Tim tt ca cdc gid tri thyc ciia tham s6 m dé d6 thi ham s6 y=2x’ —3(m+1)x* +6mx c6 hai
diém cyc tri A, B sao cho dudng thing AB vudng géc v6i duong thing : y=x+2.

A. {m:%. B. {m:—Z' C. {m:O D. {m:O .

m=2 m=3 m=2" m=-3

Cho ham s6 y=x’—6x" +3(m+2)x—m—6. Tim tit ca cdc gid trj thuc ciia m dé ham sb c6

diém 2 cyc tri va gid tri 2 cyc tri cung dau .

A._—23<m<2. B._—15<m<2. C._—21<m<2. D._—l7<m<2.
4 4 4 4

Cho ham s& y=2x*—9x? +12x+m . Gia sir &6 thi ham s6 ¢6 hai diém cyc tri 1a A, B ddng thoi
A, B cling véi gbc toa dd O khong thing hang. Khi d6 chu vi AOAB nhé nhit bang bao nhiéu ?
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Cau 97.

Cau 98.

Cau 99.

Cau 100.

Cau 101.

Cau 102.

Cau 103.

Cau 104.

A V1042, B. V10 ++/2. C. 20 -+/10. D. V3+42.

Cho ham s6 y = x* —2mx* +m—1. Tim tit ca céc gid tri ciia tham sb thuc m dé d6 thi ham sb
¢6 ba diém cyc tri tao thanh 1 tam gidc nhan géc toa dd O lam truc tam .
A.m=4. B.m=2. C. m=3. D. m=1.

Tinh theo m khoang cich gitta di€ém cyc dai va diém cuc ti€u ( n€u cé) cua do thi ham

£ 1
so:y=§x3—mx2—x+m+l .

2 4
A. g\/(m2+l)(4m4+5m2+9). B. 5\/(2m2+1)(4m4+8m2+13). C.

g\/(m2+l)(4m4+8m2+13). D. \[(4m® +4)(4m* +8n* +10).

Tim cdc gid tri clia tham sém dé d6 thi ham s6: y =2x"+3(m—1)x*>+6m(1-2m)x c6 diém

cuc dai va diém cyc tiéu nam trén dudng thang c6 phuong trinh: y=—4x (d) .
1 1
A. me {1}. B. me {0;1}. C. me {0;5;1}. D. me {5}

Tim céc gid tri cua tham sdm dé dd thi ham sb: y = x> +mx® +7x+3 c6 dudng thang di qua

diém cuc dai va diém cuc tiéu vudng géc voi dudng thiang cé phuong trinh : y =3x (d) .

/ =0 /
A.m==* ﬁ B. " . C.m=2. D. m=% ﬂ
2 m=1 2

Tim cdc gid tri ciia tham sém dé do thi ham sb: y=—x"+3x +3(m” —1)x—3m’ -1 c6 diém

cuc dai va di€m cuyc ti€u cung voi goc toa do tao thanh tam gidc vudng tai O.

m=-1 JE

m=*—

A. m=1. B. J6 - C. 2. D. m=%1.

Tim cdc gid tri ciia tham sém dé do thi ham sd: y = x> —3x* —mx+2 ¢6 diém cuc dai va diém
cuc tiéu cich déu dudng thang c6 phuong trinh: y=x—1(d) .

m=0 9
A. m=0. B. 9. C.m D. m=——.

m=—-—— 2

2

Il
N

Tim cic gid tri ctia tham sém dé dd thi ham sé: y=x*—2mx*> +m—1 c6 ba diém cuc tri .
Pong thoi ba diém cyc tri d6 1a ba dinh cia mot tam gidc c¢6 ban kinh dudng tron ngoai tiép
bang 1.

—1++/5

A. _1+\/§. B. _1+\/§. C. m== . D. m=1.
m== m= > 2
2

Tim céc gid tri cta tham sém dé dd thi ham sb: y=x* —2m*x* +m* +1 c6 ba diém cuc trj .
Pong thoi ba diém cuc tri d6 cling v6i gde O tao thanh 1 tr gidc ndi tiép.
A. m=%l1. B. m=1. C.Khong tdntaim. D. m=—1.
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Cau 105.

Cau 106.

Cau 107.

Cau 108.

Cau 109.

Cau 110.

Cau 111.

Cau 112.

Cau 113.

Tim cdc gid tri cua tham sém dé dd thi ham sb: y = x* —8m’x* +1 ¢6 ba diém cyc tri . Pong
thoi ba diém cuc tri d6 12 ba dinh cia mdt tam gidc c6 dién tich biang 64.

A.Khong tdntaim.  B. m=32. C. m=-32. D. m=+3/2.

Tim céc gid tri ciia tham sém dé dd thi ham s6: y = x* —2mx> +m c6 ba diém cuc trj . Pong
thoi ba diém cuc tri d6 12 ba dinh ctia mot tam gidc c6 ban kinh dudng tron ndi tiép 16n hon 1.
A. m<-1. B. m>2.

C. me (—o0;—1) U(2;+0). D. Khong ton tai m.

Tim cdc gid trj cia tham sém dé dd thi ham sb: y = x* —(3m—1)x* +2m+1 c6 ba diém cyc tri.
Dong thdi ba diém cyc tri d6 ciing v6i diém D(7;3) ndi tiép dwoc mot dudng tron.

A. m=3. B. m=1.
C. m=-1. D. Khong ton tai m.

Tim c4c gid tri ctia tham som dé do6 thi ham s6: y=—x*+2mx* —4m+1 c6 ba diém cyc tri .

Pong thoi ba diém cuc tri d6 cling v6i gdc toa do tao thanh 1 hinh thoi.

1
mzz
A. Khong tontaim.  B. : C.m=-1. D. m=1.
2442
m= >

Tim tét c4 cdc gid tri thuc cta tham s6 m dé ham s6 y=—x"+3x" +3(m’ —1)x—3m> -1 c6

cuc dai, cyc ti€u va cc diém cuec tri cia do thi ham s6 cich déu goc toa dd O.

A.m:il. B.m:l. C.m=-1. D. m=+1.
2 2

Tim tit ca cic gid tri thuc cia tham sé m dé dd thi ham sé y = x> —3mx*+3m’® ¢6 hai diém
cuc tri A va B sao cho tam gidc OAB c¢6 dién tich béng 48.
A. m=2 hoac m=0. B. m=2. C. m=-2. D. m=3%2.

Cho ham s§ y=x*~2(m+1)x*+m (C) . Tim tit ca céc gid tri thuc clia tham s6 m dé do thi
ham sb (C) c6 ba diém cuc tri A, B, C sao cho OA=BC: trong d6 O la géc toa do, A la
diém cyec trj thudc truc tung, B va C 1a hai diém cuc trj con lai.

A m=2+22. B.m=2+2v2. C.m=2-242. D.m=+#1.

N A 5 ~ P93 . 5 A A A [T A 3 2 3 . ~ < A
Tim tat ca cdc gid tri thyc ctia tham s6 m dé d6 thi ham s6 y =x" —3mx” +4m’” c6 cac dieém

cuc dai va cyc tiéu d6i xirng nhau qua duong thing (d):y = x.

V2 V2

A m=—. B.m=——.
2 2

2

C. m=0hoac m:TZ. D.m=+t—.

Tim tat ca céc gia tri thuc ctia tham s6 m d& ham s6 y = x° —3mx” +3(m*> —)x—m’ +m c6 cuc

tri déng thoi khoang céach tu diém cuc dai cta do thi ham sb dén géc toa do O béng J2 lin
khoang céach tu diém cyc tiéu cta dd thi ham s dén géc toa dd O.
A. m=-3-2J2hoic m=-1. B. m=-3+2/2hodc m=—1.
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Cau 114.

Cau 115.

Cau 116.

Cau 117.

Cau 118.

C. m=-3+2J2hoic m=-3-22. D. m=-3+22.

Tim tat ca cdc gid tri thyc cua tham s6 m dé dd thi ham sb y= xt=2m*x* +1 (C) c6 ba diém
cuc tri 1a ba dinh ciia mdt tam gidc vudng can.

A. m==1. B. m=1 hoiac m=0.

C. m=-1 hoac m=0. D. m=-1.

Tim tt ca céc gid tri thuc ciia tham s& m dé dd thi ham sé y = mx® —3mx* +3m—3 c6 hai diém
cuc tri A, B sao cho 2AB* —(0OA* + OB*)=20( Trong d6 O 1a gbc toa do).

A.m=-1. B. m=1.

C. m=-1 hodc m:—%. D. m=1 hoidc m:—%.

Cho ham s y = x* —3x* (C).Tim tat ca céc gi4 tri thyc tham s m dé dudng thang di qua 2

<A P A . e \ < A e <A 4
diém cuyc tri cua do thi (C) tao voi duong thang A: x+my+3 =0 mdt géc « biét cosa = .

A. m=2 hoac m=——. B. m=-2 hoac m=——.

11 11

C.m=2h0écm=l—21. D.m=2.

Tim tt ca cdc gid tri thyc cla tham sb m dé d6 thi ham s§ y=x*'—4(m—1)x*+2m—1 c6 3

diém cuc tri tao thanh 3 dinh ctia mot tam giac déu.

3 3

A. m=0. B. m=1. C.m=1+—. D.m=1——.

2 2
Tim tat ca cic gié tri thyc cua tham s6 m dé diém M (2m*;m) tao véi hai diém cuc dai, cuc tiéu
ciia dd thi ham s& y=2x>-32m+Dx*+6m(m+1)x+1 (C) mdt tam gidc c6 dién tich nho

nhét.
A.m=2. B. m=0. C.m=1. D. m=-1.
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E. PAP AN VA HUONG DAN GIAI BAI TAP TRAC NGHIEM
I- PAP AN 1.2
2|13 |4 6 | 7|89 |10/11 (12|13 |14|15|16 |17 18|19 |20
AIA|B/IA|IC|B|D BIB/A|IC|D| C/A|C|D|C|D|D)|C
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8182 83/84 858687 8889 90/91[92/93/94 95|96 97|98 |99 |100
A{/A/IA B/ DIDIDIC/B/B|]C/IA[B|C|D B/D|C|AJA

101|102 | 103|104 | 105|106 | 107 | 108 | 109 | 110 | 111 | 112 | 113 | 114 | 115|116 | 117 | 118
DIAIB/AIDIBI[A/IB/IAIDC/D|C/IA/D|/AC|B

II -HUONG DAN GIAI

Caul. ChonA.
Cau2. ChonA.
Cau3. ChonB.
x=0
x=2
Lap bang bién thién ta dugc ham sb dat cuc dai tai x =2 va dat cuc tiéu tai x=0
Cau4. ChonA.

y'=3x2—6x=0<:{

x=0
y'=4x’—4x=0|x=1
x=-1
y(0)=3; y(1)= y(-1)=2 nén ham sb c6 hai cuc tri.
Caus5. Chon C.
. 5 x=1
y'=3x"-3=0
x=-1
= A(1;-1),B(=1;3) = Phuong trinh AB:y=-2x+1
Pl}uO’ng phép tric nghiém:
Bam mady tinh:
Buée 1: Bim Mode 2 (CMPLX)

Buéc 2 : x3—3x+1—(3x2—3)(§j

Buéc 3: CALC x=i

Két qua : 1-2i = phuong trinh AB: y=1-2x
Cau 6. Chon B.

X +4x+3
(x+2)*

X2 +4x+3 {x=—3
=0
X

'

=0 ——m——=
Y (x+2)*
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Cau7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Ham sb dat cuc dai tai x=-3 va Yep =3
Ham sd dat cuc tiéu tai x=—1 va Ver =1
=>M>-2n=17

Phwong phap tric nghiém:

B4m mdy tinh:

d(x2+3x+3j‘
Buéc 1: );:2 (100+2)" — 1004003 =1000* + 4000+ 3 = x* + 4x +3

x=1000

. X2 +4x+3
T (x+2)?
] e {xz—l—)A
Buwdc 2: Giai phuong trinh bac hai : x"+4x+3 <
x=-3—B
Buwdc 3: Nhap vao may tinh M
x+2
Cacl x=A—>C
Cacl x=B—D
Bugc 4: Tinh C*-2D=7
Chon D.
x=-=12
y'=3x"+34x-24=0¢& 2
73

Lap bang bién thién ta théy ham s6 dat cuc dai tai x=—12 .
Chon B.

x=0
y'=12x-12x=0&= | x=-1

x=1

Ham sb dat cuc dai tai x=0 va Yep =1 .
Chon B.

A 2~ ' =2 +3 N V3R A ATINR T non .
Hamso y=+-x*+3x-2 c6 y'= al va y' doidau tur "+" sang "—" khi x chay

2V-x*+3x-2

3 . o 3
quaz nén ham so dat cuc dai tai x=§.

3
U :O
y(ZJ
3
"=1<0
’ (2j
Chon A.

Ham sb y=—10x"—=5x>+7 ¢6 y'=—40x’—10x=0< x=0 v y"(0)=-10<0 nén ham sb

N . R [T A B . 3
Dung casio kiém tra: thi ham so dat cuc dai tai — .

dat cuc daitai x=0 .
Chon C.
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x_—9+\/ﬁ

3x% +18x+20 3
(x+3) x_—9—\/ﬁ
3

1

— Phuong trinh duong thing di qua hai diém cuyc tri

ciia dd thi ham s 1a y=6x+13 .
Phwong phap tric nghiém:

Tai diém cyec tri ciia d6 thi ham s6 phan thuc , ta c6: —— =

Vay phuong trinh dudng thing di qua hai diém cuc tri ctia d6 thi ham s6 1a

(3x” +13x+19)
y= & y=6x+13

’

(x+3)
Cau 12. Chon D.
TXD: D =(—o0;0]U[2;+00) .
oox—1
- Vx'=2x
y' khong dbi diu trén cac khoang xdc dinh nén ham $6 khong c6 cuc tri.
Cau 13. Chon C.

=0 x=11) .

x=0
y'=7x"=5x" =x*(1x* -5 =0 5 .

x==%,|—
7

y" chi d6i ddu khi x chay qua i\/g nén ham s6 c6 hai diém cuyc tri.
Cau 14. Chon A.
f'(x) dbidéukhi x chay qua —1 va 3 nén ham sO ¢6 2 diém cuc tri.
Cau 15. Chon C.
TXD D = (—o0;0) U (2;+0)
1 2
y':§(x2 -2x) *(2x-2)

y' khong ddi diu trén cac khoang xdc dinh nén ham $6 khong c6 cuc tri.
Cau 16. Chon D.

D=R
y'==3x*+6x+6
Phuong trinh y'=0 Iudn c6 hai nghiém phan biét x,,x, va y' d6i ddu khi x chay qua x,,x,
nén ham sb dat cuc tri tai X, X, .
S=x'+x;=(x +)c2)2—2x1x2 =8
Phwong phap tric nghiém:

i . . . ) x=1+3>A
Buwdc 1: Giai phuong trinh bac hai : -3x"+6x+6 &

x=1-3-5B

Buwéc 2: Tinh A>+ B> =8

Cau 17. Chon C.
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Cau 18. [Chon D.
Cau19. ChonD:
Cau 20. Chon C.
Ham s6 biac ba: y=ax’ +bx* +cx+d,(a#0) ¢c6 TXD: D=R
y'=3ax*+2bx+c
A'=b*-3ac
Néu A'<0 thi y' khong d6i ddu trén R nén ham sb khong c6 cuc tri.
Néu A'>0 thi phuong trinh y'=0 ludn c6 hai nghiém phéan biét x,,x, va y' doi du khi x
chay qua x,,x, nén ham s6 dat cuc tri tai X, X, .
Cau 21. [Chon C.
Cau 22. [Chon C.
Cau 23. Chon B!
Cau 24. ChonD.
Cau 25. [Chon'A.
Ham'sé y=x+—— ¢6 TXD: D= R\{-1}
x+1
=1 0 {x =0
y =]|— = Lt
(x+1) x=-2
y' d6i ddu khi x chay qua —2 va 0 nén ham s di cho c6 hai diém cuc tri.
Cau 26. ChonD.
Ham sé y = x+; o6 TXD: D=R\{2}
x—
y'=— 3 ><0,Vxe D nén ham ) khong c6 cuc tri
(x-2)
Cau 27. Chon'A.
Cau 28. [Chon'A.
TXD D=R
] 2 X= 1
y'=-3x"+3=0
x=-1
y' ddi dau tir =" sang "+" khi x chay qua —1 nén ham s6 dat cuc tiéu tai x=-1 .
Cau29. ChonD.
Hamsé y=2x—x ¢c6 TXD D =[0;+)
Y =0 ,
1 nén ham so dat cuyc daitai x=1 .
y"(l)= S <0

Cau 30. Chon B!

+ A. Ham s6 tring phuong ludn ludn c6 cyc tri.

+B. y=x"+1

Tacéd: y'=3x>= y'>0Vxe R.

Do d6, ham s ludn déng bién trén R. Ham sd nay khong c6 cuc tri.

+ Ddi v6i phuong 4n C va D, ddy 1a ham sé bac nhét va phén thirc hitu ti bac nhat/bic nhat. Pay
12 2 ham s6 ludn don diéu trén timg khoang x4c dinh cua ching, do d6 2 ham sé nay khong ¢
cuc tri.
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Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

+ Day la ham s6 trung phuong c¢6 ab =-3 <0nén ham s6 nay c6é 3 diém cuc tri. Mat khac, c6
a=1>0nén ham so c6 2 diém cuc tiéu va 1 diem cuc dai.

+ Dé ham sb dat cuc dai x=1thi {

+ Ham phan thirc hitu ti bac nhat/ bic nhét luon don diéu trén cdc khoang xdc dinh cua ching,

y'1)=3.1>=2m.1+2m-3=0
y'(1)=6.1-2m <0

Sm>3

do d6 ham nay khong c6 cuc tri.

+Tacé: y'=3x" —4x+1.
1
y'=0e3x’-4x+1=0 1
3

Ham s6 dat cyc tiéu tai x=1= Ver =3

+ Ham tring phuong ¢6 1 diém cuc trikhi ab>20© m-2>20<m=2.

+Tacé: y'=—x"+8x-5.

x,, X, 12 hai nghiém ctia phuong trinh: y'=0 & —x* +8x-5=0.
Khi d6, theo dinh ly Viet, ta cé: x,x, =5

+Tacé: y'=12x" —12x> =12x*(x—1).

Xét y'=0e 122 (x~1) :O(:{ii?

Lap bang bién thién, ta théy ham sd dat cyc tiéu tai x=1.
TXD: D=R
+ Taco: y'=2acos2x—3bsin3x—2.

N £ cL T A L 1A <
Ham so dat cuc tritai x= E;x =7 nén ta c6 h¢ phuong trinh:

v & =—2a+3-2=0 |¢7!
2 S b—4
y(7)=2a-2=0 =3

Do d6, gid tri ciia biéu thirc P =a+3b—3ab=1.
+ Pay 12 ham s6 bac 3 ¢6 b* —3ac=6>-3.3.4=0. Do d6, ham s ludén don diéu trén R .
Ham sb nay khong c6 cuc tri.
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Cau 41.

Cau 42.

Cau 43.

Cau 4.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

y'=3x"—6x+m

y"=6x—06

Ham sd dat cyc tiéu tai x =2 khi:
y'(2)=3.2"-6.2+m=0

{y"(2)=6.2—6>0

Chon B.

y'=3x>-12x49.

S m=0

y'=0<:>3x2—12x+920<:>{x

X
Ham sb dat cuc daitai x=1= Yep =3.
Chon B.

m#1

. \ 2 9+3(m—-1)(m+1)>0
+ Ham s0 ¢6 cuc dai, cuc tiéu khi {b 3ac>0@{ (m=D(m+1) S

az0 m—1#0

Chon C.

+A.Ham s trung phuong Iudn cé cuc tri do dao ham cta né la mot da thirc bac 3
lu6én c¢6 nghi¢m thyc. Nén ddp dn nay ding.

+ B. Ham sb bac 3 ¢6 tbi da 2 cuc tri. Nén dap an nay sai.

+ C. Ham s6 tring phuong chi c6 thé ¢6 1 hodc 3 diém cyc trj. Nén ddp 4n nay sai.
+ D. Dap 4n nay sai.

Chon B.

y'=4x’ —4x =4x(x* 1)

0
1

y':O<:>4x(x2—1)=O<:>{x
X

Ham sd dat cuc tiéu tai x=+1 va Ver =4.

Chon C.

+Tacé: y'= —%. D& dang nhan thiy x=0 la diém t6i han ctia ham s, va y'd6i dau khi di
qua x=0.Nén x=0 la cyc tri cia ham s6. Hon nita, ta ¢6 ham s6 déng bién trén (—o0;0) va
nghich bién trén (0;+c0). Do d6, x=0 1a cuc dai ctia ham sd.

Chon D.

+ DPay la ham so trung phuong c¢6 ab=-3.4<0 nén ham so nay cé 3 diém cuc tri. Hon nita,
ham sd ¢6 a =-3< 0nén ham sd ¢6 2 diém cuc dai va 1 diém cuc tiéu.

Chon D.

+A.C6 y'=3x*20Vxe R. Do d6, ham sé nay ludn dong bién trén R . Hay néi cach khéc,
ham s nay khong c6 cuc tri.

+ B. Pay 1a ham s6 bac 3 ¢6 b* —3ac =3>0. Do d6, ham sb nay c6 2 cuc tri.

+ C. Ham s6 tring phuong ludn c6 cuc tri.

+D. Pay la ham s6 bac 3 ¢6 b> —3ac =9 > 0. Do d6, ham s6 nay c6 2 cyc tri.

Chon D.

y'=3x"-12x+4.

y'=03x" —12x+4=0.

X, X, la hai nghiém cua phuong trinh y'=0.
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Khi d6, theo dinh 1y Viet, tacé: x,+x, =4.
Cau49. Chon A.
y'=3x" —6x=3x(x—2)

y'=0<:>3x(x—2):O<:{x
X

Yep = Yer = ¥(0)=y(2)=4.
Cau 50. Chon B.
y'=3ax*+2bx+c
+ D0 thi ham s6 ¢6 diém cuyc tri 1a géc toa do, ta co:
{y 0)=0
y(0)=0
+ DA thi ham s6 ¢6 diém cuc tri la A(-1;-1), ta c6:

{y'(—1)=0 {3a—2b:O {a:—Z
= =

Se=d=0

y=)=-1 b—a=-1 b=-3
Vay ham s6 Ia: y =—2x° —3x7.
Cau 51. Chon A.
+ A. Ham s6 tring phuong ludn c6 cyc tri.
+ B. Pay 12 ham s6 bac 3 ¢6 b* —3ac =-5<0. Do d6, ham s6 nay khong c6 cuyc tri.
+ C. Ham s6 bac nhit don diéu trén R . Do d6, ham sé nay ciing khong c6 cuc tri.
+D. Ham sd phan thuc hitu ty bac nhét/bac nhat ludn don diéu trén cdc khoang x4c dinh cua
no.
Do d6, ham s6 nay khong ¢6 cuc tri.
Cau 52. Chon A.

+ Nhu ta da biét, diéu kién dé ham s tring phuwong ¢6 3 diém cyc tri 1a —23 >0. O day lai c6,
a

a#0 nén diéu kién tré thanh ab <0 .
Cau 53. Chon C.

Ham s6 bac 3 ¢6 cuc dai, cuc tiéu thi b* —3ac >0 < 4m* —(4m—1)>0
& (2m-1)? >O<:>m¢%.

Cau 54. Chon D.
y'=—4x" +8x=—4x(x’ —2)

x=0

x=42

Ham sb dat cuc dai tai x= +/2 = Yeop =7

Cau 55. Chon B.
+ A. Pay 1a ham sb bac 3 ¢6 b* —3ac =25>0. Do d6, ham sb ¢6 2 cuc tri.

y'=0 -4x(x*-2)=0

+B.Hamsd y=x*+3x>+2 ¢6 1 cuc tri.

2x° +1 . N :
); — >0Vxe R\{0}. Do d6, ham so nay dong bien trén timg khoang xéc dinh
x

+C.Co y'=

ctia né. Ham sé nay khong c6 cuec tri.
+D. C6 y'=2017.6x" +2016.4x> . Xét y'=0< x=0. Do d6 ham sb nay c6 ding 1 cuc trj.
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Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.
Cau 65.

Taco y'=

Tacod y'=3x"—4x+a

2-2x°

VI+4x—x*

Yy =0 x=1=y(1)=2

Db thi ham s6 ¢6 diém cuc tri 1a A(1;3), ta c6:

y1)=—l+a=0 a=1
=

y()==1+a+b=3 b=3
Khi d6 ta c6, 4a—b=1.

y'=3x"—6x
=0
y'=0<:{x
x=2

Tacé:a=y(0)=-2;b=y(2)=-6=2a’+b=2.

+ Ham sd trung phuong ludn dat cuc tri tai x=0. Do d6: x,x,x, =0.

[Phwong phap tu luin]
. 5 x=1
y'=3x"-3=0 &
x=-1

Lap bang bién thién = Ham sd dat cuc dai tai x=—1

[Phwong phap tu luin]
, 3 x=0
y'=-4x"+4x=0 &
x=x%1

Lap bang bién thién . Suyra: y,, =—4

[Phwong phap tu luin]
y'=x'—4x+4=(x-2)"20,Vxe R

Ham s6 khong c6 cuc tri

[Phwong phap tu luin]

x=0 . )
5 Vay ham s6 c6 2 cyc tri .
x:

y'=3x"-6x=0 <:{

[Phuwong phép tw lun]: y'=4mx’ —=2(m+1)x=0
5 x=0
<:>2x(2mx —m—1)=0<:> 5
2mx” =m+1
m<-—1

Ham sb cé3diémcuctri(:>m(m+1)>0(:{ 0
m>
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Cau 66.

Cau 67.

Cau 68.
Cau 69.

Cau 70.

Cau 71.

Cau 72.

[Phwong phap tric nghiém] : D6 thi ham s6 y = ax® +bx? +¢ ¢6 3 cuc tri khi va chikhi a va
b trdidau , tic 1a: ab<0
m<-1
Suyra: m(m+1) >O(:{
m>0

[Phwong phap tu luin]
y'=3x"—4x+m+3

Ham s6 khong c6 cyc tri S Ay 30@4—3(m+3)30@m2—§

[Phwong phap tu luin]
y'=x"—2mx+m+1
y'=2x-2m
Ham sd dat cuc dai tai x=—2 khi:
y'(2)=0  (4+4m+m+1=0 (m=-1
= =
y"(—2)<0 —4-2m<0
[Phwong phap tu luin]
y'=mx’+4x+m
A'y~>0 4—m*>0
s
m>0

ycbt(:){ S0<m<?2

y =x>+2mx+m+6
Ham s6 ¢6 cyc dai va cuc tidu < ¥ =0 c6 hai nghiém phén biét.
m<-2

<:>m2—m—6>0<:{
m>3

Yy =3(m+2)x* +6x+m

Ham s6 ¢6 2 cyc tri < y =0 c6 hai nghiém phan biét.

m#-2 m#—2
&9, & o me (-3;1)\{-2}
m- +2m—-3<0 3<m<l1

y'=x2+2(m+3)x+4(m+3)

Yéu cau cua bai todn < y' =0 c6 hai nghiém phén biét x,, x, thda man: —1< x, <x,.
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m<-3
m>1

(m+3) —4(m+3)>0  [(m+3)(m—1)>0
S (x+1)(x,+1)>0 Sixx+(x+x)+1>0 m>—%<:>—%<m<—3

X +x,>-2 X +x,>-2 m<—2

Cau 73. Chon B.
y =x*+2(m* —m+2)x+3m* +1
V' =2x+2(m* —m+2)
Ham sd dat cyc tiéu tai x =2 khi:

y'(-2)=0 -m’+4m-3=0

{ V(=2)>0" {

Cau 74. Chon B.
y'=mx2—2(m—1)x+3(m—2)

) Sm=3
m-m>0

Yéu cau cua bai todn <> y =0 c6 hai nghiém phén biét x,;x, thoa man: x, +2x, =1.

0 m#0 m#0
m#
2 1—£<m<1+£ 1—£<m<1+£
(m—1)"-3m(m-2)>0 > > 2 >
3(m-2) 3m—4 3m—4
S XX, =— S =— eiy="r—
m m m
2(m-1) _2-m 2—m
X1+X2: Xy, =— X, =—
m m m
x+2x,=1 3(m-2) (3m—4j(2—mj 3(m—-2)
XX, =——-> =
m m m m
m=2
= 2
m=—
3

Cau 75. Chon C.
Truong hop 1: m=0
Ta c6 ham sé: y =—x7, ham s nay ¢6 1 cyc tri. VAy m =0 thoa man.
Truong hop 2: m#0
y' =4mx’ +2(m—-1)x

N AL oas . m—1 m=>1
Ham s6 ¢6 ding 1 cuyc tri (:)—20(:{

m m<0
£ N . |m<0 -
Két hop TH1 va TH2, ta c6: 51 thoa man.
m2

Cau76. Chon C.
y = 4mx’ + 2(m2 —4m+3)x

TOAN HOC BAC-TRUNG-NAM - loanhocbactrungnamegmail.com 27/ THBTN



Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do- thi ham 56

m#0 m=0
0 { & me (—;0)U(1;3)

Ham s ¢6 3 cuc tri < m2—4m+3< At me (—0;0)U(L:3)

Cau77. Chon D.
y =4x —4m’x
y':O<:>4x(x2—m2):O
Ham s6 ¢6 3 diém cuc trj < m#0
Khi d6 3 diém cyc tri ciia 46 thi ham sé 1a: A(0;1), B(m;1-m*), C(-m;1-m*)
Do tinh chit ddi xung, ta c6 AABC can taidinh A .
, — . m=0
Vay AABC chi c6 thé vudng cin tai dinh A < ABAC=0 -m’+m® =0 { o
m=x
Két hop diéu kién ta c6: m =1 ( thoa min).
3
Luru ¥: ¢6 thé st dung cong thirc é’—+ 1=0.
a
Cau78. Chon B.
y=4x —4(m+1)x
y=0& 4)(()(2 —m—1)=0
Ham s6 ¢6 diém 3 cuc trj < m>—1
Khi d6 3 diém cuyc tri ciia @6 thi ham s6 1 :
A(0:m*), B(—m+1:-2m-1), C(Nm+1:-2m-1)
Do tinh chit ddi xung, ta c6 AABC can taidinh A .
Vay AABC chi c6 thé vudng can tai dinh A < AB.AC =0
m=0
<:>—(m+1)+(—m2—2m—1)2:O<:>m4+4m3+6m2+3m20<:>{ .
m=—
Két hop diéu kién ta c6: m=0 ( thoa min).
Luu y: C6 thé 1am theo cach khéc:
+) Cdch 1: Goi M la trung diém ctia BC, tim toa do diém M, AABC vudng tai dinh A thi
2AM =BC.
+) Cdch 2: Str dung dinh 1y Pitago BC*> = AB* + AC”
+) Cdch 3: cos (ﬂ,B—C) =cos45°

3
+) Hodc sur dung cong thurc §_+ 1=0
a

Cau79. Chon C.
y' =4x —dmx
y'=0<:>4x(x2—m)20
Ham sb ¢6 3 cuc tri & m>0
Khi @6 3 diém cuc tri ctia do thi ham so 1a :
A(O;m4 + 2m), B(—\/%;m“—m2 + 2m), C(\/Z;m“—m2 + 2m)
Do tinh chit ddi xung, ta c6 AABC can tai dinh A .
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Cau 80.

Cau 81.

Cau 82.

Cau 83.

Cau 84.

) X m=0
Vay AABC déu chican AB=BC & m+m' =4m
m=33

Két hop diéu kién ta ¢6: m=-</3 (thoa man).

P S N b (—2m)3 3 3
Luu y: c6 the sir dung cong thirc % +3=0 (:)T+3:O(:>m =3 m=33
a

Chon C.

Tacé: y=x"—3x

Céc diém cuc tri: A(1;—2); B(—-1;2). Néntacé AB = 25.
Chon A.

Ta c6: y:ix“—Zx2 +3
Céc diém cuc tri: A(=2;—1); B(0;3);C(2;-1).

Céc diém cuyc tri tao thanh tam gidc cantai B. H(0;—1) la trung diém cia AC.

Nén S, :%BH.AC :%.4.4 =8.

Chon A.

Taco: y/: x> —2mx+2m—1

Ham sb ¢6 cuc tri & y'=0 ¢6 2 nghiém phan biét < A" =m’ —2m+1>0= m=1 .
Chon A.

Dé ham s6 ¢6 ba cyc tri thi trude hét ham so phdi 1a ham s6 trung phuong tiic m =0 .

m* -9
).
m

Tacé: y'=4mx’ +2(m2 —9)x: Amx(x* +

m*—9

2m

<0

Ham sb ¢6 3 cyc tri khi va chikhi: y' ¢6 3 nghiém phan biét <

) O<m<3
= m(m —9)<O =
m<-3
A e A , . |0<m<3
Vay céc gid trican tim cita m 1a :
m<-3

Chon B.
Ta xét hai truong hop sau day:

TH1: m+1=0 < m=-1.Khidé y=x2+% — ham s chi ¢6 cuc tiéu (x=0) ma khong c6

cuc dai = m=-1 thdéa man yéu cAu bai toan.
TH2: m+1£0 < m#—1.Khi d6 ham sé di cho 12 ham s tring phuong ta c6 :

"=4(m+1)x’ —2mx=4(m+1) x x2—L .
Ham sb chi c¢6 cuc tiéu ma khong c6 cuc dai < y' c6 diing mot nghiém va doi ddu tir 4m sang
4(m+1)>0

duong khi x di qua nghi¢m ndy < m__ g s —-1<m<0.
2(m+1) -

Két hop nhiing gid tri m tim duoc, tacé —1<m<0.
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Cau 85. Chon D.
Tacod y'=3x"—6mx+m—1.
Ham s6 ¢6 cyc dai, cuc tiéu khi va chi khi PT y’ =0 c6 hai nghiém phan biét
Diéu nay twong dwong A'=9m* —3(m—-1)>0 < 3m> —m+1>0 (ddng v6i moi m ).

50 2m >0

Hai diém cuyc tri ¢6 hoanh d6 duong < Sim—-1 om>1
P>0 T>O

Vay cdc gid tri can tim ciam 1a m>1.
Cau 86. Chon D.
Tacé y'=-3x>+3m
y'=0e x"—m=0(*)
D6 thi ham s6 (1) ¢6 2 diém cyc tri < PT (*) c6 2 nghiém phén biét < m > 0(**)

Khi d6 2 diém cuc tri A(—m;1-2m~fm) . B(Nm:1+2m/m)

Tam gidc OAB vudng tai O @O—Aﬁ:0@4m3+m—1:0@m:% ( théa man).

1
Vay m=—.
ay >

Cau 87. Chon D.
Tacéd y'=3x*—6(m+1)x+12m. Ham s6 ¢6 hai cuc tri < y'=0 c6 hai nghiém phén biét

& (m—=1°>0om=1 (*). Khi d6 hai diém cuc tri 12 A(2:9m), BQm;—4m> +12m> —=3m+4) .

242m-1=0

AABC nhan O 13 a
C nhan O lam trong tam < —4m3+l2m2+6m+4—§=0

om= —% (thod (*).

Cau 88. Chon C.
Tacé :y'=2x"—2mx—2(3m* =1) = 2(x" —mx—3m’ +1),
g(x)=x"—mx—3m’+1 Ia tam thitc bac hai c6 A=13m’—4. Do d6 ham s6 c6 hai diém cuc
tri khi va chi khi y' c¢6 hai nghiém phan biét < g (x) c6 hai nghiém phan biét

2313
m>——-

13

(1
iz
13

S A>0

m<-—

. - , N . <y . LB TX,=m
X,, X, la cdc nghiém cua g (x) nén theo dinh ly Vi-ét, ta c6 ,
xx, ==3m" +1
m=0
Do d6 xx, +2(x +x,)=1 & B3m’+2m+1=1 & Bm’+2m=0 < 2.
3

m=

Ao V4 y e <A .« A A 2 2 9 ~ A A N 2
Doi chicu véi diéu kién (1), ta thay chi m = 3 thoa man yéu cau bai todn.

Cau 89. Chon B.
[Phwong phap tu luin]
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Cau 90.

Cau 91.

y'=3x2—6mx+3(m2—1)
Ham sb ludn ludn ¢6 cuc tri véi moi m
) . X +x,=2m
Theo dinh Ii Viet : 5
x.x,=m" -1
X +xi—xx, =7 < (2m) —3(m*-1)=7 © m==22
x=m+1
Cach2:y’=0 <:>x2—2mx+(m2—1)=0<:>{ |
xX=m-—

X +xi—xx, =7 (m+1) +(m-1)" —(m—=1)(m+1)=7

S m=12.
Chon B.
[Phwong phap tu luin]

y'=4(m-1)x’—6mx=0 (*)
TH1 : Néu m=1, (*) trd thanh : y'=—6x=0 hay x=0,y"=-6<0
Vay m=1 ham s6 dat cuc dai tai x=0
TH2 : Néu m#1

x=0
e, 3m

X =—

2(m—1)
m—1<0

Ham s6 ¢6 cuc dai ma ko ¢6 cuc tiéu < 3m <O<:)OSm<1
2(m—1) B

Két hop 2 trudng hop : me [0;1]

Chon C.
[Phwong phap tu luin]
y':4x3—4(1—m2)x
' x=0
y'=0 | |, 5
x"=1-m
Ham s6 ¢6 cyc dai, cyc tiéu khi va chi khi :|m| <1

Toa do diém cuc tri A(O;m+1)
B( 1—m2;—m4+2m2+m)
C(—\/m;—m4 +2m’ +m)
BC =(-2v1-m?;0)
Phuong trinh dudng thang BC : y+m* —2m* —m=0
d(A.BC)=m*-2m*+1 , BC=21-m"
S :%BC.d[A,BC]: 1=m? (m* =2m® +1) =\/(1-m*) <1

Vay S dat gid tri 1on nhit < m=0.
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[Phwong phap tric nghiém)]

Ez(\ll—mz;—m4+2m2—l)
R=(—\/1—m2;—m4+2m2—1)
Khi dé S = %‘E,E‘ = J1-m? (m* —2m* +1) = \[(1-m?) <1

Vay S dat gid tri 1on nhit < m=0.
Cau 92. Chon A.

[Phwong phap tu luin]

y'=6x+6(m-3)x

V=0 & {x =0

x=3-m

Ham sd ¢6 2 cuc tri < m#3
Khi d6 d6 thi ham s6 da cho c6 2 diém cuc tri A(0;11-3m)

B(3—m;m’ —9m* +24m—16)
AB=(3-m,(3-m)') .

Phuong trinh dt AB : (3—m) x+y—11+3m=0

A, B,C thing hang < Ce AB

Hay: -1-114+3m=0& m=4.

[Phwong phap tric nghiém)]

Buwéce 1: Bam Mode 2 (CMPLX)

(6" +6(y—3)x)(12x+6(y-3))
36

Buée 2 : y—%=2x3+3(y—3)x2+11—3y—
Bwéce 3: Cacl x=i, y=1000

Két qua : —2989-994009; . Hay : y =-2989-994009x

Tir d6 : —2989 = —3m+11 , =994009 = —(m—3)’

Vay phuong trinh dt qua 2 diém cyc tri AB 1a : (3—m)’ x+y—11+3m=0

A,B,C thing hang < Ce AB
Hay: -1-114+3m=0& m=4.
Cau 93. Chon B.

[Phwong phap tu luin]
y'=3x"=3m
x:\/g I SN oy
y'=0& . Ham s6 c6 2 cuc trikhi vachikhi: m>0
x=—m

Khi d6 toa d¢ 2 diém cuc tri cia db thi ham s6 la: M (JE - dmIm + 2)

N (—m;2mfm +2) = MN =(=2/m; 4m~lm )
Phuong trinh dt MN : 2mx+y—-2=0
( Hoc sinh c6 thé dung cdch ldy y chia cho y”)
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Taco: S,,; :lIA.IB.sinXﬁi:lsingﬁisl
2 2 2
C — 2 2m—1
Dau bang xay ra khi AIB =90’ :>d[1,MN]:£ @mzl @mzliﬁ
2 Vam*+1 N2 2
[Phwong phap tric nghiém)]
Bude 1 : Bim Mode 2 (CMPLX)
" 6x” —3y)(12x
Buéc2: y—22 =2x3—3yx+2—( )(122)
18a 18

Bwéce 3: Cacl x=i, y=1000
Két qua : 2—2000i . Hay : y=2—2000x
Twr d6 : —2000=-2m,
Vay phuong trinh dt qua 2 diém cyc tri A,B 1a: y=2—2mx hay 2mx+y—-2=0
Giai nhu tu luan ra két qua.
Cau 94. Chon C.
[Phwong phap tu luin]
Tacé: y=6x>—6(m+1)x+6m
V=0 {x =1
xX=m
Diéu kién dé ham sb ¢6 2 diém cuc trila: m#1
Tacé: A(L;3m—1) B(m;—m’+3m’)
Hé sb goc dt AB 1a: k=—(m—1)°
Pt AB vudng géc v6i duong thang y = x+2 khivachikhi k=-1 < {rfn: 02
[Phwong phap tric nghiém)]
Buwéce 1: Bam Mode 2 (CMPLX)

(6x* =6(y+1)x+6y)(12x=6(y+1))
36

Buée 2 : y—%:2x3—3(y+1)x2+6yx—
a

Bwéce 3: Cacl x=i, y=1000

Két qua : 1001000-9980001.i . Hay : y =1001000-9980001.x

Vay phuong trinh dt qua 2 diém cyc tri AB la: y=m*>—m—(m—1)"x

m=0

C6 dt AB vudng géc v6i duong thang y = x+2 khi va chikhi < (m—l)2 =1 (:{ 5
m=

Cau 95. Chon D.
[Phwong phap tu luin]
y'=3x"—12x+3(m+2)

y'=0y'=x"-4x+(m+2)=0

Ham s6 ¢6 2 diém cyc tri x,x, @ A'>0& m<2
Chia y cho y’ ta dugc : y=%y'(x—2)+(m—2)(2x+1)

Diém cuec trj trong Gng : A(x;(m—2)(2x,+1)) va B(x,;(m—2)(2x,+1))
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Cau 96.

Cau 97.

C6: y.y, =(m-2)’ (4xx, +2(x, +x,)+1)
=4
Vi : {x‘ﬂz nén: y.y, =(m—-2)" (4m+17)
XX, =m+2
=17

4 >_
Hai cyc tri cing ddu < y,.y, >0 < (m—2)’ (4m+17)>0 < "

m#2

Két hop dk : —1?7<m<2.

Chon B.
[Phwong phap tu luin]
Tacd: y'=6x>—18x+12

, x=1=y(l)=5+m
y=0&

x=2=y(2)=4+m

A(1;5+m) va B(2;4+m)1a hai diém cuc tri ciia d6 thi ham sd.
OA=(1;5+m) , OB=(2;4+m), AB=(1,-1)

OAB laltamgidic & 4-m+#2 & m#—6

Chu vi cia AOAB la: Zp:\/l+(m+5)2 +\/4+(’”ﬂ“‘4)2 +V2

Sir dyng tinh chat [ii|+[3] 2 |i + 7| voi ii = (,—5—m) va ¥ = (2;4+m)

Tir d6 ta c6 : \/1+(m+5)2 +\/4+(m+4)2 +2 2432 +(=1)" +42=410+42

DAu bang xay ra khi va chi khi i,V cling hudéng < ==m_l w1t
4+m 2
Vay chu vi AOAB nho nhat bang (\/E+\/§) khi m:—%.
Chon D.
[Phwong phap tu luin]
y'=4x’ —4mx
x=0 . 2 )
y=0s| , .Ham s6 c6 3 di€fmcuc tri & m>0
X =m

Khi d6 db thi ham s ¢6 3 diém cyc trj la:

A(O;m—1)

B(\/Z;m2 +m—1)

C(—\/E;m2+m—1)

Vi B,C d6i xtrng nhau qua tryc tung nén BC 1 OA

Do d6 O 1a tryc tam tam gidc ABC < OB 1L AC hay OBAC =0
Voi O—B=(\/Z,m2+m—l),ﬁz(—\/z,m2)

T d6 : —m+m2(m2+m—1)=O

{m=0
=

m=1
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Cau 98.

Cau 99.

Cau 100.

Vay m=1 la gtct .
Chon C.
[Phwong phap tric nghiém)]
Cach 1:
y =x*—2mx—1
AN =m*+1>0Vm, suy ra ham $6 ¢6 2 cuc tri Vm .Goi x;, x, la hai nghiém cua pt y'=0
B4m mdy tinh:
m

lx3—mxz—)c+m+1—()c2—2mx—1)(£——j
3 3 3

weimmamonn_, 2003 2000002
3 3
_2m+3 2mi+2
3 3

2 2
Hai diém cuc tri ciia dd thi ham sb 1a: A[x1;2m+3_2m 2 lj; [ 2.2m+3_2m +2x2j

Xy5
3 3 3 3

AB? :()cz—xl)2+g(m2+1)2 ()cz—)cl)2 :(xz_xl)2 (1+g(mz+1)2j

(4 +4)(1+£(m2 H)zj _ (4m +4)(4m* +8m* +13)
9 9

4e +16¢’ 2
Cach 2: Sir dung cong thirc AB =, /L& Vol e= b” ~3ac
a 9a
2 3
e=m3+1:AB:‘/w:g\/(m2+1)(4m4+8m2+13).
a

Chon A.
[Phwong phap tric nghiém)]
Y =6x>+6(m—1)x+6m(1-2m)

2
= AB 25\/(m2 +1)(4m* +8m> +13)

N A s . 1
Ham s6 c6 2 cyc tri m;tg

B4m mdy tinh:

2x3+3(m—1)x2+6m(1—2m)x—(6x2+6(m—1)x+6m(1—2m))(§+mglj xsiun= A=1000

1997001000 —8994001; = (2.10° —3.10° +10°) - (9.10° = 6.10° +1)i =
=—(9m2 —6m+1)x+2m3 -3m*+m
Puong thing di qua 2 diém cyc tri la: y =—(9m’ —6m+1)x+2m’ —3m’ +m (A)

{—(9m2—6m+1)=—4
A=d &

2m® =3m* +m=0

S m=1.

Chon A.

[Phwong phap tric nghiém)]
y =3x*+2mx+7

Ham sb ¢6 2 cuc tri |m| > \/ﬁ

B4m mdy tinh:
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_ 69731999958
9 9

X +mx’ +Tx43— (327 + 2mx+7)(§+%j x=im=A=1000

__7000-27 (210°-42).  (2m’—42)  Tm—27
9 9 9 9

Tm—27
A
2 (a)

9
2_
ALd@—(¥j3=—1@m2=4—;@m=i,/4—; ( thoa man).

Cau 101. Chon D.
[Phwong phap tric nghiém)]
y ==3x +6x+3(m2 —1)

2 _—
Puong thang di qua 2 diém cyc tri la: y= —[ 2m 42} X+

Ham s ¢6 2 cuc tri m#0 , goi X, X, 12 hai nghiém ctia phuong trinh y" =0

B4m may tinh:

—x +3x +3(m2 —1))(—3m2 -1- (—3x2 + 6x+3(m2 —1))(%—%) —x=tm=AZI00

—2000002 +2000000i = —(2.106 + 2) +2.10% =2m°x—2m* -2
Hai diém cuc tri ciia d6 thi ham sb 1a: A (xl 2m’x, —2m’ — 2); B(x2;2m2x2 —2m* - 2)
AOAB vudng tai O & OA.OB=0
& xx, + (2m2x1 -2m’ - 2)(2m2x2 —-2m’ - 2) =0
& x,x, +4m’*xx, —4m’ (m2 +1)()c1 +)c2)+4(m2 +1)2 =0
& (1-m*)(1+4m* )+ 4(m’ +1)(1+m* —2m*) =0
& (1-m*)(4m' +4m* +5) =0 = m==*1.
Cau 102. Chon Al
[Phwong phap tric nghiém)]
y =3x>—6x—m
Ham sb ¢6 2 cuc tri m> -3 , g0i x;, x,1a hai nghi¢m cta phuong trinh y'=0, tacé:
X +x,=2

B4m mdy tinh:

x3—3x2—mx+2—(3x2—6x_m)(§_%jmm_—W)
—994—2006i——1000_6—2000+6i——2m+6x—m_6
Hai diém cyc tri ciia d6 thi ham s6 Ia: A(X12—2m3+6x1—m3_6j; B( 2;_2m3+6xz_m3—6j

Goi I la trung diém cia AB= [ (,—m)
2m+6
x

Pudng thing di qua hai diém cyc tri [a: y=— 3 3
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. [AldorA=d |-EFO_ |22
Yéu cau bai toan & = 3 = 2
led
-m=1-1 m=0
Két hop voi diéu kién thi m=0 .
Cau 103. Chon B.
z ! 3 2 X:O
Taco: y =4x —4mx=4x(x —m)=0(:) 5
X =m

Ham s d3 cho ¢ ba diém cuc trikhi m>0 (*)
Khi d6 ba diém cyc tri ctia d6 thi ham s6 1a:
A(0;m—1), B(—x/z;—m2 +m—1), C(\/E;—m2 +m—1)

S sase :%|y3 _yA|'|xC_xB|:m2\/E; AB=AC = m4+m, BC:2\/E

4 m=1
poABACEC | (' em)2n | iicoe|
48\ pe 4m*m m=+==
m=1
Két hop diu kién (*) ta c6 J5-1-
"TT
[Phwong phap tric nghiém)]
3 m=1
Apdungc()ngthl’rc:R:bS_Sa(:) :w@m3+1:2m@ —1+5
8|a|b 8(—2m) m=——
2
m=1
Két hop diéu kién (*) ta c6 J5—-1-
m=>"1
2

Cau 104. Chon A.
y=y=4x'—4m’x
Ham s6 ¢6 3 diém cyc trj khi m# 0
Khi d6 3 diém cuc tri 1a: A(0;m* +1), B(—m;1),C (m;1)
Goi I 1a tam dudng tron ngoai tiép( néu c6) cua tir gidc ABOC . Do tinh chét d6i xung , ta co:
A, 0,1 thang hang = AO 1a dudng kinh ctia dudng tron ngoai tiép( néu c6) cua tir gide
ABOC .
A 5D 2 4 m=0
Viy ABL OB < ABOB=0&m —m =0 @{m:il
Két hop diéu kién m =+1 ( thoa mén).
Cau 105. Chon D.
[Phwong phap tric nghiém)]
Ham s6 ¢6 3 diém cyc trj khi m# 0
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2
Ap dung cong thic S aasc =ﬁ, /—; , ta co:
a a

2 4 2
Sope = |- D ea 2O B 35 ( thoa man).
4la|\' 2a 4 2

Cau 106. Chon B.
[Phwong phap tu luin]
Ham sd ¢6 3 diém cuc tri khi m >0

Ba diém cyc tri 1a A(O;m),B(—\/E;m—mz),c(\/z;m—mz)

Goi I 1a trung diém cia BC = [ (O;m—mz)
Suise = %AI.BC =m*m

Chu vi ciia AABC la: 2p:AB+BC+AC:2(\/m+m4 +\/E)

S aasc m*m

Bén kinh dudng tron ndi tiép AABC 1a: r= =
p Nm+m' + \/Z
i mZ\/Z(\/m+m4—\/Z)

le

>
Nm+m* +m m’*
<-1
@x/z(\/m+m4 —\/E)>m2 asNm+m’ >m2+m<:>m2—m—2>0<:>{m

m>?2

Theo baira: r>1 < >l (vim>0)

So sanh diéu kién suy ra m>2 thoa man.
[Phwong phap tric nghiém)]
b’ e 4m® _ m?
4|a|+~16a" —2ab’ 4+4416+16m°  1+1+m’
" m’ (\/1+m3 —1)

Theo baira: r>l& —>1

1+~N1+m’ m’

m<-—1
\/1+m3>m+1<:><:>\/1+m3>m+1<:>m2—m—2>0<:>{ 5
m >

Str dung cong thirc r =

SleVl+m’ —1>m

So sanh diéu kién suy ra m>2 thoa man.
Cau 107. Chon A.
[Phwong phap tric nghiém)]

Ham sb ¢6 3 diém cuc tri khi m >%
Ap dung cong thic:
N . N .k < 2 2 (2 A 2 A
Phuong trinh dudng tron ngoai ti€p AABC la: x +y —| ———+4c |y+c| ——— |=0
b 4a b 4a
Thay vao ta c6 phuong trinh:

[N =27m’ +75m> —m—15 =54m* +75m’ +41-27m—11 _
’ 4(3m-1) 4(3m-1)

D(7;3)e (T)=27m" —=78m’ +92m*> —=336m+99 =0

0(T)

Str dung chirc ning SOLVE , tim ra nghiém duy nhit théa man 1a m=3 .
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do- thi ham 56
Cau 108. Chon B.

[Phwong phap tu luin]

Ham sd ¢6 3 diém cuc trj khi m >0

Ba diém cyc tri a: A(0:1-4m), B(—/m;m® —4m+1),C(Nm;m* —4m+1)

Tt gidc OBAC dic6 OB=0C,AB = AC . Vay i gidc OBAC 14 hinh thoi chi cin thém diéu
kién
OB=AC<s m+(m2—4m+1)2 =m+m' & (m2—4m+1)2—m4 =0

& (m* —4m+1-m)(m’ —4m+1+m*) =0 & (1-4m) (2m* —4m+1)

1
m=—

4 ( thoa man)
242 '
2

m=
Cau 109. Chon A.
Tacé :y'==3x"+6x+3(m’ —1)=-3(x* - 2x—m’ +1).
g(x)=x"—2x—m" +1 1a tam thirc bac hai c6 A'=m’. Do d6: y c6 cuc dai cuc tiéu & y'
c6 hai nghiém phan biét < g (x) c¢6 hai nghiém phan bite A'>0 < m=0.

ey

Khi d6 y' ¢ cdc nghiém la: 1+m = toa dd céc diém cuec tri ciia dd thi ham sd 1a
A(1=m;=2-2m’) va B(1+m;—2+2m").
Tacé: OA(1-m;—2-2m") = OA*=(1-m) +4(1+m’) .
OB(14+m;=2+2m*) = OB =(1+m)’ +4(1-m’) .
A va B cich déu gdc toa do khi va chi khi :
OA=0B & OA*=0B’ & (1-m) +4(1+m*) =(1+m) +4(1-m")
0

m
& —4dm+16m* =0 =

J_rl'
2

A V4 y e A “A A 9 1 9 ~ A A \ e 7
Doi chicu véi diéu kién (1), ta thay chi m = iE thoa man yéu cau bai todn.

Cau 110. Chon D.
y'=3x> —6mx=3x(x—2m)

"0 x=0
= = .
Y x=2m
D0 thi ham s6 ¢6 hai diém cuc tri khi va chikhi: 2m#0 < m=#0. (D)

Khi d6, céc diém cuc tri clia d6 thi ham s 1a A(0;3m’), B(2m;—m’).
Tacé: OA(0:3m’) = O0A=3|m’|. )
Tathly Ac Oy = OA=0y = d(B,0A)=d(B,0y)=2|m|. 3)

Tu (2) va (3) suyra S, =%-0A-d(B,OA)=3m4.
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do- thi ham 56
Do d6: S,,,, =48 & 3m'=48 < m=+2 (théa man (1)).
Cau 111. Chon A.
Ta c6 :y':4x3—4(m+1)x:4x[x2—(m+1)}.

Ham s6 ¢6 3 diém cyc tri khi va chi khi :
y' ¢6 3 nghiém phan biét & m+1>0 & m>—1. (*)
x=0 A(0;m)
Khido,tacéd: y'=0 & {x=—Vm+1 = B(—\/m+1;—m2—m—1),
x=Nm+l C( m+1;—m2—m—1)
(vaitro cua B, C trong bai toan la nhu nhau ) nén ta gia st :
B( m+1;—m2—m—1), C(— m+1;—m2—m—1)).
: BC(2Vm+1:0) = BC=2Jm+1.
Dod6  OA=BC & |m=2ym+1 o m’-4m-4=0 (A'=8)e m=2+2J2 (thoa
man (*)).

Vay m=2+2/2.
Cau 112. Chon D.

y' =3x* —6mx

Tacé :0A(0;m) = OA=|m

x=0

V=0 { DPé ham sb ¢6 cuc dai va cuc tiéu thi m#0.

x=2m
Gié str ham sb c6 hai diém cuyc tri 1a: A(0;4m>); B(2m;0) = AB = (2m;—4m’)
Trung diém ciia doan AB 1a I(m;2m?) .

Diéu kién dé AB d6i xing nhau qua duong thing y=x 1a ABvudng géc v6i duong thing

=0
. 2m—4m’ =0 "
(d)y:y=xvale(d) & , = ﬁ

2m’ =m m=z=
2

2

Két hop voi diéu kién ta c6: m = J_r7 :
Cau 113. Chon C.

Tacé y =3x>—6mx+3(m*—1)

Ham sé (1) ¢6 cuc tri thi PT y =0 ¢6 2 nghiém phan biét

& x> —2mx+m* —1=0 c6 2 nhiém phan biét & A=1>0,Vm

Khi d6, diém cuc dai A(m—1;2—2m) va diém cuc tiéu B(m+1;—2—2m)
m=-3+22
m=-3-22

Ta ¢6 OA=\/§OB<:>m2+6m+1=O<:{

Cau 114. Chon A.

Ta c6: y’=4x3—4m2x=4x(x2—m2)=0<:{
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Chuyén dé 1. Ung dung dao ham dé xét tinh bién thién va vé do- thi ham 56

Cau 115.

Cau 116.

Cau 117.

Ham s6 (C)c6 ba diém cuc tri & m#0 (¥) . Véi diéu kién (*) goi ba diém cuec tri La:
A(O;l);B(—m;l—m4);C(m;1—m4). Do d6 néu ba diém cuc tri tao thanh mot tam giac
vudng can, thi s€ vudng cin tai dinh A.

Do tinh chit ciia ham sb tring phuong, tam gidc ABC da la tam gidc cin rdi, cho nén dé thoa
mén diéu kién tam gidc 12 vudng, thi AB vudng géc v6i AC .

& AB= (—m;—m“);R’ = (m;—mﬂ;ﬁ’ =(2m;0).

Tam gidgc ABC vudng khi: BC* = AB> + AC” & 4m” =m’ +m® + (m2 + ms)
e2m'(m'-1)=0=>m'=1em==1

Vay véi m= =1 thi thoa min yéu ciu bai todn.
[Phwong phap tric nghiém)]
3
Yéu cau bai toan (:)g—+1:0(:>—m6+1:0(:>m:i1
a
Chon D.

Ta cé: vy =m(3x* —6x)

‘e . . x=0=y=3m-3 A 1s A1 A o1 s 2R .
Véimoi m#0,tacd y =0 . Vay ham s0 lu6n c¢6 hai diém cuc tri.

x=2=>y=—-m-3
Gia st A(0;3m—3);B(2;—m—3) .

m=1
Tacé: 2AB> —(0OA*+0OB) =20 = 1lm* +6m-17=0 < 17 (théa man)
ST
m=1
Vay gid tri m can tim la: 17 -
T
Chon A.

Puong thang di qua DCP, BCT 1a A :2x+y=0 c6 VIPT 1, (2;1)
Puong thang da cho A: x+my+3=0 c6 VIPT 1, (l;m)

__md |

l’ﬁZ)‘_ J5m*+1 -

©25(m* +4m+4)=5.16.(m’ +1) & 11m* -20m-4=0 < 5
m

Yéu céu bai todn < cos(A,Al) = ‘cos(fz g

Chon C.
Tacé y'=4x —8(m—1)x=4x(x’ —2(m-1)).
, x=0 , , )
y=0&| , nén ham so6 ¢6 3 di€m cuc trikhi m >1.
x*=2(m-1)

Véidk m>1 d6 thi ham s6 ¢6 3 diém cuc tri 1a:

A(0;2m=1), B(\2(m—1);-4m?* +10m—5), B(~J2 (m—1);~4m* +10m-5).
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Cau 118.

AB*=AC*=2(m-1)+16(m-1)*

BC* =8(m-1)

Pé 3 diém cuc tri ctia dd thi ham sd tao thanh tam giac déu thi:
AB=AC = BC & AB*= AC* =BC* & 2(m-1)+16(m—-1)" =8(m—-1)

Ta cé:

m=1
&8(m=1)'-3(m-1)=0 & (m-1)[8(m-1)'-3|=0e B
m=1+—
. /3
So sanh véi di€u kién ta ¢6: m= 1+7 thoa man.
[Phwong phap tric nghiém)]
3 3
Yéu cau bai todn (:)g—+3:0(:>—8(m—1)3+3:0(:>m:1+§
a
Chon B.
Tacé: y'=6x> —6(2m+1)x+6m(m+1)
xX=m .
y':O(:{ = Vme R, ham s6 luén c6 Cb, CT
x=m+1

Toa d0 cdc diém CD, CT cta d6 thi 1a A(m;2m> +3m> +1), B(m+1;2m’* +3m?)

Suyra AB=+2 va phuong trinh duong thing AB: x+ y—2m’ —3m* —m—1=0.
Do d6, tam gidc MAB c6 dién tich nho nhat khi va chi khi khoang cdch tir M t&i AB nho nhét.

3m* +1 1 1

Ta c6: d(M,AB) = = d(M,AB)>— = mind(M,AB) =
V2 2 J2
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