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LOI NOI DU

Quyén sich Béi dubng néing lue tw hoc Toén 8 thudc bo sach Bbi
dudng néng lue tu hoe todn bac Trung hoc Co sé nhiim dép dng yéu ciu,
mong dgi cla cdc thiy ¢b gido day toan, cac béc phy huynh cling cdc em
hoc sinh vé tu ligu todn ding cho tu hoc, tu rén luyén.

Sdch duge bién soan theo ndi dung chuong trinh hién hanh. Cée bai
tap todn dugc sdp x&p tir d& va nang din tir d& dén khé (va rit khé)
chac chén sé giip cdc em hoc sinh ty rén luyén, phat trién tu duy déc

- 18p va st dung é¢ théng minh séng tao cia bin than.

Chiing t6i da hét sife ¢d gdng trong qud trinh bién soan nhung vi day -
1a thanh qud budc ddu cia mét huéng soan sich méi nén chic chin
quyén sdch vdn con nhing khiém khuyét. R4t mong nhan duge sy gop ¥
cua quy ban doc d¢ quyén sich dusc hoan thién hon.

Xin tran trong cam on!

CAC TAC GIA



PHAN A - DAI SO

Bai 1. DON THUC- DA THAC - HANG DANG THUC
REN KI NANG TiNH TOAN
Bai 1: Tinh. (R4t gon néu ¢6 thé)

1) —dx’x® — 4x% + 7x - 3) 2) 3x* (-2x° + 5x* - g-x + % )
3) —5x v (3x%y® — 2¢%? — xy) 4) 4=y ~2x% + '4x* — 3y%)
5) ; ’y(2x'y® — dxy — 6) 6) %Xsy@fys - 4xy — 6)
' 5 \
7) -3x%y7 (%—x"y -y s é] 8) gxgy(—-%xy ~10x + 5y
< ) LY /
|4 _ ) . 5
9) ---'Z—x[gxzy ' Z—?xy2 - ;xy} 10) x"y”[gxzy“ : ; x’y - ];}
11) 5x% — 8x(x + 2) . 12) —4x? 4+ 2x — 4x(x - 5)
13) 3x° - x2 - x(2x%2 - x + 3) 14) x* — 5x% + 2x(=x* + 3x — 5)
15) 7" + 5x° — xH(-2x% + 3x - 1)  16) 8x" — 4x® + 2x(x" — 2x% + Tx)
17} 3x(x - 5)-5x(x+ T 18) -4x(3x — 4) + Tx{x — 5)

19 4x(x*—x +1)—x(3x* —2x — 5) 20)—xHx® - dx + D+ - X ex-3)
Bai 2: Tim x, biét

[ { -,
1} 5x| rl»x—‘ 2J+3L6—---1—x‘} =12
\5 3 -

2) 3x[—§—x+1]—4x(x—2) - 10

35~ 3x+ 10 +x(1 -5x)=x— 2

4) 12x° — 4x(3x — 5) = 10x - 17
5)4x(x — 5) - 7x(x — 4) + 8x* = 12
6)4x" - 2x + 3 - 4x(x - 5)=Tx - 3
7)-8x(x =5)+58x—-1)+3x"=4-x
8) Tx(x - 2)~ 5(x - 1) =21x* - 14x* + 3
N3G - ) -x(x— 2+ x> - 13x =7

10) %x(l(}x— 15) - 2x(x — 5) = 12

Bai 3: Tinh gia tri biéu thitc
DA=7x(x—-5)+3(x—2)tai x=0
2)B=5-dx(x-2)+4x*tai x=4
3)C=dx® - 2% + 3x(x - 5) tai x =-1
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HD =37 +4x~5lx-2)tat x=1

5) E = 4x(2x - 3) -

Bx(x — 2)Ytai x=2

Bai 4: Ching minh gia tri cia cac bidu thic sau khong phu thubc vao blen X

1)A = -3x(x—5)+ 3(x? — 4x) —

2D B = 4x(x® — Tx + 2) — 42
© 3) C = Bx(x® — x) — X(6x — 5)— 15

4)D = T(x* - 5x + 3) —

5VE = x* — dx — x(x—4)— 15
Bai 5: Tinh (rat gon)

1)(3x +5¥2x - 17)

3) (x — B)X4x — 3)

5)(x - BY~x* +x—1)

T (—x + 4 —x® +4x-1)

9) ( gx — 1)(—4x> + 2x - 6)

114 — (x + 3Nx - B) +x

1> —2x+5-—x—-Tx+2)
15) x(x — 5) — 3x(x + 1)

17) =5x(x — 5) + (x — 3} = 7)
19) 4x(x® — x — 1) = (x* — 2}x + 3)

3x + 10
— 7%’ +2x — 5)

x{7x — 35) — 14

2) (—5x + 2)(—3x — 4)
4)(x® - 2x — 1IXx — 3)
6) (2x - 1)(x° - 5x +3)

8) (%x + 3)(2%° ~ 4x — 6)

10) (—-rz_x + 382~ 6x+9)

12)5x — 3 +(x - 5)x +4) -

14) -3x +7Tx - 9+ (x— INx + 2)
16) dx(x® — x + 1) —(x ~ 1)(x* - x)
18) x(:% - Bx + 2) — (x + 3)(x° - 2)
20) (x — 5)Xx + 7) — Tx{x + 3)

10) (4x +1)(x - 3) - (x-7)(4x - 1)=15
IMNE+D)E*-x+1)—xx*-3)=4
12)(x - 3)x* + 3% + 9) + x(5 — ©°) = 6x
13) (5x — 1)(5x + 1) = 25%% — Tx + 15
14)8x(x — 3) - 8(x — I)Nx + 1) =
15) ~4x%(x — 7) + 4x(z® — 5) = 28x2 13
16) 4x-5)Xx + 1) —4x - 1)Nx + 1) =
17} (32 = 5)x + 1) — (8x — 1)x + 1) =
INE-2Xx+3) - +4x-T) =
19 5(x - 3)x—7) - (Bx + 1¥x—-2) =
200 83(x - THx + T~ (x — IK3x + 2) = 13

Bai 7: Chu’ng minh rang gid tri cia cic biéu thic sau khong phu thuje

vio gid iri cla bién x .
1) 5x* - (2x +1)(x-2) - x(3x + 3} +7
. 2) (3x-1)(2x + 3) - (x - 5)(6x - 1) - 38x
3) (5x-2)(x+1)- (x- 3)(5x +1)-17(x - 2)
4) -3(x-4)(x-2)}+x(3x-18)-25
5) (4x-5)(x +2)-(x+5)(x-3)-8x* -x
6) (x—3)(x+7)—(2x——1)(x+2)+x(x—l)
7 {7x~3)(2x+1) - (5x - 2)(x +4) -9x2 + 17x

22y (x + 5)x — 7) — (x — 4)Xx + 3)

2y x(x-x—-2)—x+5)x-1
94) (2% — 3)x + 4} + (—x + D(x - 2)

93) (x — 1)(x + 2) — (x + 5)}x — 2)

25) (—x + 5)x + 3) + (2x ~ 1¥x + 3)

96) (x + 3)x — 1) — (x - T)x ~ 6)

ITY (—x — 2Hx + 1) = (x = B¥~x + 1)

28) Bx(x — 3)(x — 1) — 4x(x* — 2x)

20) _4x(x + 3¥x - 4) - Sx(x*-x+ 1)

30 —3(x +4)x— T+ T7x-5)x-1)

31)4x(x® ~x + 3)— (x— 6)x - 5)
Bai 6: Tim x, bit

) 4x(x -5)-(x-1)(4x~3) =5

) x=5)x—-4)—{x+1}{x-2)=7

5) (x-5){x-1)= (x~1)(x-2)

7) —{x+3)(x—4)+ +(x- 1)(x+1)—10

8)(2x — Ix—-2)-x+3)2x-17) =
N(x—50x+4)—-x-1(x+3)= —Zx

i 8) 2(x-7)(x+3)+ (5x -1)(x +4)~3x° -27x
| 9)(6x - 5)x +8) - (3x — 1}(2x + 3)— Adx — 3)

10) (8x — 1) + 7) — (x — 2X8x + 5) — 11(6x + 1)
Bai 8: Chiing minh cdc ding thdc sau

1) (a+b)® = a® + 2ab + b2

3) {a-b)(a+b)=a®-b?:

5)(a-b)’ = a® - 3a%b + 3ab® -

7 (a- b)(a\2 +ab -+ b2) =a® ——bs‘
Bai 9: Rat gon va tinh gid tri cdc bidu thic

1} A =(5x—7)(2x+3)—(7x+2)(x—4—) tai x =

2) (a- b)z =a’ - 2ab+ b?

4) (a+b)° =a®+3a%+ 3ab? + b°
6) (a+ b)(a2 —2b+ b2) —ad 4 p?
2) (3x - 4)(X - D) = 3x(x ~ 9) _

4) 5x(x -8)=(x-2)(5x-1)-5
6) 6(x~3)(x-4)-6x(x-2)=4

DOt DD

| 2) B=(x-9)(2x+3)-2(x+7)(x-5) taix = -
3)C =(—5x+4)(3x—2)+(—2x+3)(x—2) tai x = -2



, . 2
4HD=(x~ 5)(-—3x+1)-—3(x-—2)(2x—1) tai x = % 18) 10(%: —xl+_1)f(x—5)(2x+1)+5x(x—3)—(—7x +4x—5)‘

: 19) —5X(_2x2 tdx- 10)+ (432 - 2x)(—3x+ 1)- (_911:3 +2x% - X‘)
5) E = (x~ - (x + 8)—(x~ 5)(x—2) taix = “Z

6) F = —3(x - 8)(2x-+ 1)~ (x +5)(-3x + 2) —4x(x - 6) tai x = =0 20) 7x? - (-3¢ + 4x - 15) + (2x - 1)(-8x - 2) - (x - 4)(x + 5)

Bai 11: Tim x, biét

- 1 ’
7) G=(5x—-4)(-—2x-{'5) _7x(x. —4X+3)‘ (x 4x)(7x 2)taix= _ 1) (5x -~ T){x~9)~(-x+8)(-5x + 2} = 2x(x -4} - {x -1)(2x + 8)
8)H = (—éx+5)(x 8)—{x- '1)(x2—2X+3) (x+2)(x2-3)taix=f1 2) (x — 3X—2x + 5) — 2x(x — 4) + (4x — 5Yx - 8) = (x — 2x ~ 1) — (x* — bx)
3)—2x(x2+x-1)+(x—1)(2x2—3)=4x(—x+3)—(x2—x+7)+x2

1
- 5 1M (x-4) taix= -—
9) L 5X(X 1)(2X + 3) 10K(x 4X+ ) (X )( ) 3 4) 3X(X2 + 2% +7) _ x(3x2 +6x — 5) - (X + 4)(}{ _ 5) _ (X2 . 10}; + 7)

1 t ‘ : - ~7) - -
| 10)M = ~7x(x — 5) — (x — N — x = 2) + x(x - 3) - Sx(x — 8) fai 5 } 5) (x—2)(3x-4)—3X(X-51—5X(X 73 5(x~1}(x+5)
::‘ Bai 10: Rut gon cac bidu thdc sau . | - B (5x-4)(x+5)~(x+1) (x B 6) ~ (—x " 4)(x-— 5)-x(x-4)
1) Bx(x-8)(2x +4) - (x+ T (x-3)+ +(5x-2)(3x+4) o 7) (-8 #x+2)(x - 1) -x{x = 7) = (=7 + 7)(8x - 8) - (5x - 19)

9) (4x ~1)(3x + 1) -5x* (x - 3) ~ (x = 4)(x = 3) - 7(x* - 267 +x 1)

8) (4X2 - 5x)(3x +2)+ 7x(x +5) = (-4 + x)(~2x + 3) + 12x° + 2x°
3)4x(x —-2x+3)—3x(x+1).(x—2) (-—2x -5)(x-7)~ 4x(x - xal)

9) —5x* (2x + 5) + (5x - T) (5x + 1) = (5x* — 4} (~2x + 3j - 3% (5x - 1)

4) 5%° (x—7)—4x(x—2)(x+3)—(x—.5)(x+ 6) +{2x - 1)(x + 5) : 10)—(x—27)(2x2-— 4) — 2%%(x + 7)=(gx + 3)2x — 4) - 19x(2x — 1)
' : _ _4V-fx +2 -1 , 11) (—4x" - 3)2x + 5) = (8x — 3)}—x" + 2) = —5x(4x - 6) — 3% 4
5) (3%~ 7)(x +8) + bx{x* ~2x - 4)-x(4x-5)(x-4)-(x+ Hx+d) | 12) &~ 7)(x + 5) — (x — 3)x —~ 2) = 16x%x + 1) - (3x — 15" — 2) - 207
6) —7 (2 -4x — 5) —(x-5)(-2x+8)+ +(3x-2){x+4)- -4x% (z *3) i 13)(8x-5)(5x - 7) - 156x(x - 2) = (6x - L)Bx + 2) - (9x + 1){2x - 1)
Txi92x* — !

7) (x = 6)3% - 1) = 2x%x — 2) + x6x — 1(2x + 3) - bxlx’ — dx + 1), 14) (95" - 5)(x +3) - 3x* (3x + 9) = (x - 5) (x +4) - x(x ~ 11)

8) (8x - 1)(2x 3)-(-x+7)(x-2)- 6x(x —X+3) ( : )(X 4)_ 15) (x - 3){(-x+ 10)+(x—-8)(x+3)r(5x2 -1){x+3)—5x3 - 16x*
0) (-3x+ 4)(x-2) - x(x* - 2)(-4x + 1) + (2x -5)(x* -4x) 1 (x+5)-{x2——4)(—7}:—5}=(15x—1)(:2:-;+1)—7x+2

: 10) (5x~2)(x +1)- 3x(x —x- a) 2x{x — 5)(x+4)+5x{x2 ,.7) ' 17) (6x—1)(x-3)—(2x -3)(3x+ 2) =(x+ 4)(x - 6) - x{x + 3)
11) =35 (x — 4) + 2x(x— 1(-2x + 8) — (x - OY-2x + D) - Blx— D {x +2) | 18) (5x +4)(x - 7) - 5x (x - 5) = (x* = 7) (x+ 4) - x*(x 8} - 7"
12) (-2x* +5)(x-6) - 4x(x‘—7x+2) 2x(x + 3)(x - 2) = (x* - x*) J' 1) (125% - 1)(x + 8) - (47 ~5) (B + 9) = (x ~8) (x + 2) - 7 - 9
13) (x2 _3:;)(—5;;2 +x)—‘x3 (x-T7)+5% (x~2)(x-4)-(x+ 1){x +3) : 20) (—2x +5)(_X+3) < (25 6) = (x - 1) (x4 1)~ (x - 2) (x + 4)
14) (-x+4)(x- 5)—7x(x2 —5x+2)+(—-5x +1)(x2 —5)4- 30 : B3i 12: Tinh
15) 3!!(3{4'2)(“2)*'?‘><(X“3)(K'7)'+("‘1)(”‘2 ~2x+2) 1) (2x+3)° 2) (3x + 2y’ 3) (x + 3y)’
16) (x—3)(x2 B 3x)—(4x‘2)('x2 +.1) - 4x(x—7)(x—+- 1) —-(x2 -x 1) l 4) {5x +1): 5) (4x+ 2_3*)22 6) (5x + y)2 2
17) Tx(x+2)(x _3)+5x(-2x% +x-4) + ax(x® 5% - 7) - (x* - 5x) % :; )((13; 5_3’)1)2 i)(‘:_b;) :) 513;)(:}; T)

!

I PO T RS



ATALRE T FaT e L G R e

13) (3a — 2b)° 14) (4 — 3a)* 15) (5a — 4b)?
16) l(a + by —¢f 17)(a~-b+c) 18)(a—b - ¢y’
19) (2x° + 3y°F 20) (2x%y — 5xy°) 21){a +1)°
92) (a + 2)° 23) (x + 1)° 24) (x + 2)°
25) (x + 3)° 26) (x + 4)° 27) (2x + 3y)°
28) (3x + 1)° 29) (5x + 1) 30) (4x + 2y)®
31)(a-1)7° 32) (a - 2)° 33) (x-3)°
34) (x — 4)° 35) (x - 5)° 36) (2x — 3y)°
37) (x* - 2y)° 38) (2x% — 3y)° 39) (4 — 4%

40) (3x% - 2y
43) (5x° — 2X5%% + 2)

46)( x—l)( X+ 1)

49} (2a
51)(x - IMx*+x + 1)

53) (x — 30> + 3x + 9)
55) (x — BIx + 5x + 25)
57) (xf — 2)x" + 2%% + 4) ' 58) (x

59) [*- XW(J'-+1x+xéJ

42) (3x + 1X3x — 1)
45)(3x%-y)X3z + y)

41) (5a — 3b¥5a + 3b)
44) (2a + %)(Za —-%)

38 N
47)(Zx+2)(zx-2) 48)(5x 2)(5x+2)

BO)(x+y+zZ)x+y—2).
52) (x — 2Nx% + 2x + 4)
54) (x — 4)(x +4x + 16)
56) (x — 6}x* + 6x + 36)
3_o)x® + 2x° + 4)

7)(2a +7)

60} (x—é](xz +§—+%J

62) (x + 2Xx* — 2x + 4)
84) (x + 5)(x° - 5x + 25)

)4 2
B (x+ 1)x°—x+ 1)

63) (x + 41(x* — 4x + 16)
I

. 1 1.1
65)();4;_J x -%J&) 66) (x+§J[x2-§x+—§J
68) (2x + 1)(4x" - 2x + 1)

67) ( + 2)(x* — 2x% + 4)
70) (% + 3)}x' - 3% + 9)

69) (3x + 2)(Ux — 6% + 4)

Bai 13: Rdt gon

10

1) -3x(x+2)° (a +3)(x-1)(x+1) - (2x 3y |

2) (x-8)(x + 3)(» +2) - (x~ 1)(x’ -3)-5x(x+4)’ - (x-5)’
3) 2x(x -4)? —(*{ + 5)(x‘—2)(x+2)+2(x+5)2 -(x- 1)2

4) (x +5) —4x(2x + 8)" - (2x - 1) (x + 3) (x - 3)

5) —2x(3x +2)(3x - 2) -1—5'(x+2)2 —(lx—l)(Zxﬁl)(2x+1)

6) (Tx — 8X7x + 8) — 10(2x + 3)* + 5x(3x — 2)? — 4x(x — 5

7) ( )(x + 3) 5% (x +1)° —(x2 —3:;)(:(2 ~2x)+4x'(x+ 2)°

8) —6x2 (x+ 5)z —(x- 3)2 + (x2

9) (5x - 3y)* - (4% + y)(4x - y)—(3x + 5y)2 +(x-3y)(x+y)
10) (-4x+2y){~4x - 2y) +(x - 5y)2 -(3x+ 2y)2 -7x(x-3y)
1) 8x(x~ 57 - (x + 28 +2(x -1° - ©@x + 1)(4x® — 2x + 1)
12) -5x(x - 3)x + ) + (x + P~ (x = 2P + x— D + x+ 1)
18) (x— 4P — 2x(x - 5% + (x — ) + 4x + 16) — (x — 3)°

14) (x +5)x" - 5%+ 25)— (x+ 3P +x - D>+ 2x + 4) - (x - 1)
15) (2 - X + ¥) — ® + 2P — (2~ T + Tx + 49) + (x + 1)°
16) (- 57 - x-DE+1F+ -3+ 3+ -(x+2°
17) (2x — 3)4x® + 6x + 9) — (2x — 1)% + (Bx + 1)9%% — 3x + 1)
18) (2x + 1 — (5x + 2)(25%° — 10x + 4) + (x = 5 — (5 + 3x)°
19) (3x — 2y)° - (4x — 5y)(16x" + 20xy + 25y%) + (v + 2x)°

20) (x + 3y)* + (3x + 2y)X9x% — Sxy +4y%) - 2y - 3x)3

21) (5% — yX25%% + 5xy + ¥ - (x — 2y)° — 3(2x + y)°

22) -4(x+3y)° +(x-3y)(x+y){x-y)-(2x - y)*
23) (3x+y) - (5% - y)(25x +5xy+y) (x+-2y)3

- 2) (2X2 + 1) —4x? {3x ~ 4)2

Bai 14: Tim x, bigt

'1) (x—5)(x+5)—(x+3)2+3(x—2)2 =(x+1)2—(x+4)(x—4)+3x2
2) (2x+3)2+(x—.1)(;;+1)=5(x+2)2;(:;—..5)(x+1)+(_x+4)2

3) (—x+5}(x—2)+(x—j)(x+7)=(3x+1)2~(3x—2)(3x+2)

4) (Bx-1){(x+1)-2(x ~-‘3)2 =(x+2)(8x-1)-(x+4)’ '+'(x2--x) |
5) (4x—1)% - (3x +2)(3x-2) = (7x-1)(x+2) # (2% +1)° - (4x® +.7) |
6) (2x+3)2-(5x HBEx+4) =P -Gx-DTx+2)-E-1+1
7) (1-3%)° ~(x-2)(9x+ 1) = (3x - 4)(3x + 4) - 9{x +3)*

B (Bx+4N3x—4) - 2%+ 5P = (x—= BV +(2x + 1P~ (¥ — 2%) + (x=10

9 (x- - (x+1)~(x- 3) -(3x 5)(3x+5)—(3x+1) +(x—2) —x?

10) ~5(x+3)* + (x~1)(x + 1)+ (2x - 8)" = (5x - 2)° - 5x (5% + 3)

11)(x—1)3+3(x—3)2—(x+2)(x2—2x+4)—(x+2)3—(x—3)(x2+9)
—6x +5

12} (x - BYx + 5)— (x ~ 2)3—7x2+(x+1)(x2 X+ 1) = (x+3)3—(x3+9x2)

13-4 - @ -5 +5x+25) = X+ 2L~ 2 + ) — (x+ 4P — (x = 7)
14) (= 41)3_—(x+3)('x2-3x+9)"=(x—3)3+3(2x+1)2'—(x3—5x+1)

EN |



Bai 15: Ching minh ring: gi4 tri cua cée biéu thice sau khéng phu thude

15) -{x +.5,) (x2 ~5x+ ,25) +(x + 3)3 =(3x - 2-)"2 ~{x- 2y - ( 6x% xa)

16) (x — 6)C + 6x + 36) — (x+ 4 = (x - 2)3 4 (x + 50 — 10x + 25) -
(2x +6x5 _

17) (2 + 3)(4<’ - 6x+9)-(2x-1) = (x+4)3 —(x-2)(x2 + 2x+4)

18) (4x —1)° + (3~ 4x){9+12x + 16x°) = (8x - 1)(8x + 1) - (3x - 5)

19) (3 + 2x)° — (6x - ez + D =Cx-1P+&E+4 -+ &x+1D
x4 1)
20) (2x + 3)° — (2x + 5)4x® — 10x + 25) = (6x - 1P x—20x% +2x +4) + X°

vio gid tri cda bién
1 A=3{(x-1F - (x+1)" +2(x - 3)(x+3) (2x + 3)° — (5 - 20x)
2) B=5x(x-7)(x+7)-x(2x-1)"~ — (x%+4x? - 246x) - 175
3) C=—2x(3x+2)-+_(4x+1) +2(x_+'8x+3x—2)—(5—x)
4) D= (5x -2 - (6x+1)° +11(x - 2)(x + 2)~ 16(3 - 2x)
5) E = 4x(x - 3) - (x-5)° -3(x+1)" +(2x +2Y -(4:{2 —'5)
6)F=(@x—3)x+2(x=2-2x+3P - x—4P + @-3) X+ 3x + 9N+

(9%% + 110%)
NG={8x- 109 +3x+1)+(1-3x)°- 3x (9x 3) — (x + 2)® + x(x*
+ 62— 12)
T 8)H = (x + 5)x® — 5x + 25) - (2x + 1)° + T - 1F° - 3x(-11x + 5)
K= +4P - x-+3x+ 9 - (x—-2° +(x+ 1)(x'2'— x+1)—
18x° — 36x '

ADNM = (x + 2)° -

13)P =

17T =

. 200X

49

IOL=2- 3xP + x(x — 3P+ Bx+ 1)(9x2 —3x+1)— 6x(7x 3) + 3x>
(x + 2)(x% — 2x + 4) +(x - 5Y - Tx(x - 1) - (9x - 5)
(4x + 1)(16x% - 4x + 1) — (4x — 1)° — 3x(16x — 4)

(2x — 3 + (4 — 2x)X(16 + 8% +4%7) +.(4x + 3)(9x + 1)

14) Q = (3x + 2)° —18%(3x + 2) + (x — 1)* - 28x® + 3x(x ~ 1)

15)R = (4x - 1)(16x° +4x + 1) — (4% + 19 + 12x(4x + 1) - 15

16)S = +2)° —6x{x+2)+(2x—1)3+6x(2x—1)-—9(x -2) _ :
(x— 5)(x2+5x+25)-(x+3)3+9x(x+3) (x+7F +x(x + 14). i
18) U = (x% + 2 —x"(x* - 3) + 3x(5 - %) — 6x°(x" + 2)3 - 15x :
19)V=("-3°+ 9x2(x — (= - 3)x' + 3% + 9) - o
=(x® - 2¥x* + 2% + 4)2 — X+ 2P 6 X+ 2) - 10 '

12)N =

Bai 16: Rit gon va tinh gid tri cia cdc bidu thie sau:
1) A=(2x~ 3)2 —(x- 3)° +(4x + 1)-(1‘63{2 ~4x + 1) taix = -2

2) B=(8x— y).3 —gx + 2y)(x2
3) C=(x- 5y)2 +(2x - 3y) - (x- y)® (2% + 3y)(4x2 -~ Bxy + 9y2)

- 23y +~4y2)+(3 + x)2 taix=1;y=2

taix%-%;y;—%'
4)D=(x-—2)3—(yf3)2+(x-yXx?+xy+y2)—(x+y)3taix =l;y=-i12—
‘ 5)E=(2x—y)(4x-2+2xy+y2)_— Bx+yP +(x—2y)Ptaix=—1,y=2
6) F=(x+2y)3—(x - 3y)2 4-(2y—3x)3~1~(x—y)2 tai x =—é—; y =-—1
'T)G=(3x+1)3—(;3(—2)2ﬂ1~(y—1)3—(x+y):2 tai x = %;y:—?,
8) H=(2x -y)° +(3x+2) —(y+ 2)° -{x- Sy taix=-2y= —i
79) K =(5:~:—4y)2 —(x+2y)3 C(ax+yY s (2x-y) tai x= -;:;yzf;—
10) L:(x-3)3—(x+y)2+(x~~l)(x2-+x+1)v (x-yftaix=1y=-3
11) M=(2x+1)(4x2‘-~2x+1)—(2:{—1)3 ——(x—3y‘)2taix=—-;-;y= %
12) N=(x—2y)2 --(xl+~~y)('x2 -Xy+y ) (x+2y)° Ldlx——l y =
13) P=(3x+ yl)3 _(2,X” y)(2x+y)+(x~ 3y)’ tai X = i, y= —;];-
14) Q = (5x - 2y )’ x+3y) +(2x+y) - (x- 2y) tai x = —é;y:—é
15) R :(3}1 v~2y)(x+y)—3x(3x—_2)2 +(y+3x)3 tai x = ; y=-2
16) S = (2x + 8){4x” - 6x+ 9) - (2x - 1)’ + (x + 5)° tai x = -3
17) T=(8x + 2y} -3x(3x - 2)° + 2(x- y)(2x+y) tai x= —;—;y.—,——;-

18y U=(x+ 3y)3 -(x+ 3}(}(:::"3 - 3xy -;-.9y2)-2x(xﬂ2)2tai x=1;y=2
19) V= (x? - 8x)(x + 1) - (x = )"+ (x + 5)(x* ~10x + 25 tai x = -2

20) W = (2x - 4)(4}{2 4+ 8x + 16) —(x - 2y)3 +(y - 3.)3 taix=-1; v =

DN | e
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Bai 17 : Tlmx biét: -
])(x—l) —(x—2)(x+3)+(x+2) =(x — 3)(x +3x+9}+6x(x+2)
2) (x — 3Y — (2% + 1)(dx* — 2x + D=(x+2°—(2x—- 3P~ 18x(2x - 3)
3)(x+2)f(2x+3)2+(2x+3)(2x 3)=(x— 2)(x2+2x+4)+6X(x+2)

4y (3x — 2X9x% + 6x + 4) — (2x — 5)2x + 5) =(3x — 1) - 2x + 3)

+9%xBx-1)
5)(2x + 1 — (3x + 2% = (2x - 5)(4x* + 10x +25) + 6x(2x + 1) — 9%°
6) (x — B)x +5) — (x + 4% + (dx + 1P
+ 12x(4x —1)

7) 8x — 1)2x + 3) — 6(x — 2% + (8x — 1)* = (3x + 1)(9x" — 3x + 1) '

- 9x(3x -1
8) (x + 3F —(x—2)(x+3)+{2x+1)3—6x(2x+1)+(2x 34+ 6x +9)
9) (4x + 3)(16x ~12x+9) —(dx— 1P =(x+ 2F + 12x{4x — 1) ~x(x +3)
10) (3 —- 2% — (x — 5)Xdx + 3} + (3 + X9 — 3x+x)—(x+2) —6x(x+2)
11) 5x — DG +2) — (3x + 1P = (bx + 1) — 9x(3x + 1) — 27>
12 12xx —4) - X+ I ~x+ D+ x-4P=x-3)x+1)-(x % 5y
13) 9x(2 — 3x2) +(8x — 2)3 = (2x — 3)(2x + 3) — 18x(3x — 2) — 4x°
14) (2x + .J) —(x — 4)(x + 4% + 16) = (2x ~ 12— (x + 2)° + 6x(x + 2)
15) (4x + 3P — dx + 1X(16%% — 4x + 1) = 36x(4dx + -—xxz-1)+&x+ 2)°
16)(3x + 5P — Ox(x — 2) + (2x— 3P = (2x + 1¥4x® — 2x + 1) — 18x(2x — 3)
IDE+3)x-3) - @ +5 P =(x+47 - 16xx +5) + (1 —xX1 +x + %9
18) (= 1P -~ (Bx —B)3x+5)=(x—3Nx* +3x +9) - 3x(x — 1) — 9" +x

IN(X+6Xx —4) ~(x+2% + 2x+ 3% =(2x - 1)4x® + 2x + 1) + 18x

Cx+3)
Bai 18: Tim x, biét
DN2x+1>3x-5 IN3x-2)—52=32x -1}
N% +1>3x—-5 12) -Alx - 2D +2x-3)= 7
3)5x-T=22x+6 13)4(x - 7)25(2x - 3) + 4
A7 +3<3x -5 14y 5x — T(2x —5) < 2(x - 1)
5)3x—8>4x - 12 15)36x-2)—2(x+4)=3x- 2
6)—dx +7>8x—-2 18) 2x - 4{x + 2) =2 5(—2x + 1}
7)-3x +8<2x -5 A 17) ~7x + 2(x - 4) <5 - 3(x ~ 2)
8)12x -4 <3x + 12 18)6 — T(x — 4) > 3x + 2(3 — x}
9)-58-62Tx+5 19)5x - 32 -7Tx)>5(x-2)+8
10)4x - 13 >5x -7 200 10x — 3(x=5)>3x - 2x— 4)
Bai 19: Tim x va biéu dién cac gia tri cha x trén truc sd
Dx-3)x+2)-x(x+4)>5x~2
N x+2P —dx~3)2x+ IMx~1)
U - Ix+2)—Tx>2x- 1)2x + 1}
4 (dx ~ 1P~ 22> 16(x— 1Xx + 1) + 2x
By (X +3)Mx—-D<i(x+172~4
6 {x — 4 —(x +5)x - 5) = -8x + 41
Tix -2 +(x—3}x+2)<-Bx+2x°— 2
8) (2% — 3P ~dx(x+ 1) >4l —4x) + 5
9) (x + 2 — (x - 5)x + 5) > 2(2x — 5)
IO (Px + 1)2x - 1) - 4x - 1P >42x+ 1)
11)(x+2)(x2—-2x+4)<5+(x‘3+2x‘°‘)—2x2+x-

14

= (4x + 2)(16x° — 8x + 4)

1 (x-1P + (2 -x)4+x+x3)>17 - 3x(x + 2)

. 13)6x% - 362 6x(x— 2) - 5(2x + 1)

M) E+2P+(x—3°222(x—-1)x+1)+9

15)(x+5P-6>x(x—5)—-(3x-17)
18) (x+3)X2-3x+9)—-2x2x*-7
17) 3x(2x —7) + 25 — 3x5) > ¥°
18)(x—- 2P +6x° 2%+ 7(2x - 1)

—x-1Dix+1)

19) (dx + 3% -2 <(@x— 3P - (5x+4)

20) 3(x — 2% + 9x 2 12 + 3(x*— 3 + 3)

Bai 20: Tim x va biéu dién cdc gid tri cla x trén truc sd

1) 1-x>0 2) 1-x>0
x+4<0 x+4 >0

x+9>0 ) x+9<0
x-1<0 x-1<0
14 -4x <0 x-3>0
10 C
9){x41>0 ){2—x>0
x-3<0 =+3>0
13 {2—x>0 4 {2x+1>0
x+3<0 x+3>0
7
a ){2x+1>0 18 {2x+1>0
1 ‘
21 x+1<0
~2x+7>0 .

Bai 2. PHAN TiCH DA THUC THANH NHAN T4

3) 1-x<0 s X+9>0
x+4>0 x=-1>0
14 -4 14— 4x

7) x>0 8) 4x>:0
x—1>0. x—1<0°
x—3<0 x—~-3>0

11 12 -
){2—x<0 ){2-x<0
x+3<0 x+3>0

5 -1
){2x+_1<0 % {2x+1<0

1
19 x+1<0 20) x+1>0 _
“2x+7<0 -2x+7<0

Bai 1: Phan tich cdac da thite sau thanh nhén ti’.rr(phtrdng phép dit thua

sé chung)
1) 2a +2b
3) 2a + 4b - 6¢
5)—4a — 8b —-.12¢
7) —7a — 14ab — 21b
9) 8xy - 24y + 16x
ilyxy—x
13) mx + my + m
15)-ax* —ax — a’
17) 2ax — 2ay + 2a
19) 5a — 10ax — 15a
21) Bax — 15ay + 20z,

2)2a-2b

4)3a—-6b-9¢

6) —5x — 10xy.— 15y
8) 6xy — 12x — 18y
i) Qab- 182 +9

1Z)ax + a
14) —ax —ay - a
16) —2ax — 4ay

18) 4dax — Zay - 2

' 20) —2a%b — 4ab® — 6ab
22) 3a°x — 62’ + 12a

" 15



23) 2axy — 4alxy + 6a’
25) mxy - m x + my

27y a’b — 2ab + ab

29) 3xy G:Ly —x2y2
31) ny 4x4y +2xy
33) -7x’ y5 14x%y! - 21y°
35) 12x% — 6xy + 3x
STrax—y)+bx—y)

3N ax+y)—4x+¥y)
41) Ba*(x — y) + 10alx.— y)
- 43)3alx—-y) + 2z - y)
45) mx(a + b} — m{a + b)
47) a{x - 1)+ b(l —x)

- 49) abix - B) — a5 - x)
51) 3ab(x — 4) + 9a(4 —~ x)
53) a(x ~3)-a%3-x)
55) 5x°y(x — 7) — 5xy(7 - x)
57) 4a(x — 5) - 2(5 —.X)
59) 22%(x + y) — 4& b(—x y)
61) Xm+1 _ Xm

63) Xm + 2 _ m

65) X!Tl-l-) _ xm-r 1

hang ta)

1) xfa~by+a->

3 mix+y)+x+y
Blx+y+ax+y)

7'a+b +x(a+b)
9a-b-—x(a—Db)
11)x(a+b)—a—>b
13Vax+y)=x-%
15)—a—-b +x(a +b)

-17) ax + ay + 2x + 2y
19)a;;:+ay—2x—2y

21) x° + Xy — 2x — 2y

23) %% - Xy + 2% — 2y

25) 10ax — Bay - 2x + ¥

97) 6a’y — 3aby + 4a”x — 2abx
29} 10ay® - 5by?® + 2a’x — aby
31) 2a’x - 5by — 5a’y + 2bx
33) 3a’x - 3a’y + abx — aby
35) 2ax° + 6ax® + 6ax +18a
37} 8ax® + 3bx? +ax+bx+5a+5b

39) 2ax® - bx? —2ax+bx+4a-2b

24) Ba’xy — 10a*x - 15ay
26) 2mx — 4m2xy + 6mx
28) 5a%b ~ 22b% + ab
30) 5x°y" - 10X4¥ + B¢ y
32) 4x"y2 8x’y” + 12x"
34) -85’y + 16xy? — 24
36)20x-y)—alx—-y)
38 mx + ¥ —nix +y)
40) 3a(x + y) — 6ab(x + )
42) —2ab(x - y) — 4a(x - y)
44) m(a - b) — m%a — b}
48) x(a — b} - v(b - a)
48) Za(x +2) + a%-x - 2)
50} 2a° (x —y) - 4daly - x)
52) —2a%x - 1} + 4a(1 - X)

. 54) 2xy(a — 1) ~ 4%’ (1 - a)

56) 3ab(x — y) + 3aly - X)
58)-3alx-3)-a (3 - x)
60) 7ai{x - 2y) — 14a°(2y -- %)
62) 1&m +1 + Xm

64) x™** - 2%

.Bai 2: Phan tich cédc da. thue sau thanh nhin ti (phuong phap nhém

Dx(a+b)+a+bh
4mlx-y)+x—-y'

6) x — y — alx — y)
8Ya-b+x(a-b)
10)a—-b—xb-a)
12)alx—y)—x+y
14)x(a—b)—a=+b

16) ax + ay + bx + by
18) ax + ay — bx — by
20) -2x — 2y + ax + ay
22) 5% - xy — 2x + 2y
24) 10ax — 5ax—53v+2x—y
26)5xy+5xy—ax+ay
28) 2x% — 6xy + 5x — 15y

30) ax® - 3axy + bx - 3by
32) 5ax®
34) 4acx + 4bex + dax + 40x

36) ax’y — bx'y— ax +bx + % - 2b
38) ax® — b’ — 2ax + 2bx - 3a + 3b
40) ax® -

- Baxy + 3ay” - Saxy

5x? -ax+5x+a-5

41) ax + bx+ecx +a b
43) ax - bx+cx - 3a + 3b - 3¢
45) ax - bx - 2¢x - 2a ¢t 2b + 4c

Bai 3: Tim x, biéi:

1) x2-Tx=0

2) —3x2+5x=0

5) x? +2x-3x -6 =0
7 ¥ +4x - 5x-20=0 '
9) x* +10x - 2x - 20 = 0
11) x> +20x ~x-20=0
13) x* 122 -2x +24 = 0
15) x% ~6x-4x+24 =0
17) x2 -8x-3x+24 =0
19) x* ~8x+3x-24 =0

42) ax + bx +¢x - 2a - 2b + 2¢
44) 2ax - bx + 3ex - 2a + b - 3¢

3) x2+3x-2x-6=0
4) x* +6x-x-6=0

6) x?-4x +5x-20=0
8) x* -~ 10x +2x-20=0
10) x> -20x +x-20=0
12) xZ2+12x+2x + 24 = 0
14) x* +6x+4x+24 =0
15) x2 +8x +3x+24 =0
18) x* +8x -3x-24 =0
20) x2 Z5x -24 =0

Bai 4: Phan tich thanh nhan td (phu’cmg phdp dung Iﬁanq ddnc thite)

1) a® — 4b° ‘ 2)4a - b* 3)a’ -
4)25&—1 )a—-9 6)9&_—1
7) 121 - a® 8) 64a° — 9 9) 81a” — 25
10) 144a® — 81 11) 862> — 49b" 12) 19627 - Ab*
13) 25a% - 49b* 14) 100a° — 9b* 15) a’ - 4b”
1 5 .32 i, 1., 4 , 25
Za?- 17) =a --—-b 18) sat - =
163 43. b . 4 5 A y
20) u-—36x 21)(a—b)* = ¢

19) 25a —i-k?

992) (a + b’ ~ 4

25) (a — 5b)* — lﬁbZ

28) 49a* — (22 - b)*
31)(a—2b¥ - (3a + by
33) (42 + 3b)° — (b — 2a)’
35) 9a + b)* — 4(a — 2b)‘
37) 25(x - 3) — (2% — 7)
39) 81(x + 7)° — (8x + 8)

41) x* +10x+ 25

43) x> +6x+9

45) x% +12x + 36

47y 9x® +12x+ 4

49) 4x' +20x2 + 25
51) 25x2 - 20xy + 4y°

25

23)la — 2by — 4b*
26) 253 — (a — by
29) 36a’ — (3a - 2by*

243 (a + aby — 9b?
27) Aa” —{a + b)*
" 30) 81a° ~ (5a — 3bY
32)(6a — b)* — (2a + %b)—

34) (9a — b)Y’ — 4(a — b)*

36) 4(2a — b) - 16(a — b)z
38) 49(x — 5 — (x + 4)"
40) 36(x — y) — 25(2x ~ 1)
42) x* +8x +16

44) x* +14x + 49

46) 4x* +12x+ 9

48) 16x* + 8x+ 1

50) 9x’ +24x> + 16

52) 4x® -12xy +9y"

17
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53) 25x* - 10xy + y>
55) 9x% - 30x+ 25
57) 4x* — 16x%y° + 16y°

59) x° — 4x® + 4x°
61) m® + 27

63) 2L +a’
27

1.3 3
65) —x" +8
)8x y

67) lx-'* -8

8
69) (a + b)* - ¢*
71) 125 — (x + 2P
73) (x — ) — 27
75) (x + 4)° — 64
T xf -1
79) xlz . y4
81)x3+3x2+3x+1
83)x + 9x% + 27x + 27
85) x° + 15x% + 75x + 125
87) m® — 6m? +12m — 8
89) 64 — 48 + 12m* - m®
91) 8a® + 12a + 6a + 1
93) 272° — 27a* +9a - 1
95) 27a° — 54ab + 36ab? — 8b*°

Bai 5: Tim x, biét

18

Dxi-4=0
NxP--36=0
5)x*—-49 =0

32 -75=0
9)2x* - 98 =0

1 (x+3°=4

13) (x = 7)% = 36

152 +6x+9=0

17y x%* - 14x +49 =0
1I9)x*+10x+25 =0
21)x°+6x+5=0

23y x" - 14x +13. =0
25)x° + 10x + 16 = 0
27)x2r+8x+7=0
29)4x” + 12x +5=0

S +3x%+3x+1=0
33 +6x°+12x+ 8=0
3B + 9% +27x+ 27 =0

N R RS

54) x* dezy +4y*®
56) 9x* - 12x%y + 4y®
58) 9x* ~ 12%° + 4x°

60) 9x° - 12x" +4x®
62) x> + 8

64) 8x* + 27y*
66) 8x° — 27y°

1 6 3
68) —x°-125
64 Y

70) x° - (y — 1)°

72) (x +3)° -8

74) (x + 1* — 125

76) x° + 1 )

78) x5 — y°

80)x° + 1
82)x° +6x° + 12x + 8
84) x® + 12x% + 48x + 64
86)m° —3m?+3m-—-1
88) 27 — 27m + 9m? — m*®
90} 125 — 75m + 9m?® - m®
92) 82°% — 12a% + 6a — 1
94) 272° — 27a®* + 9a + 1

Hx*-81=0
6)2x°-8=0
82x2-72=0

10) 2x* - 162 =0

12) (x + 2> = 25

14) (x—1%~-81=0
16)x+4x+4=0
18)x*-2x+10=0

20) x> —12x + 36 = 0

929} x* +4x - 21 =0

24y x* - 2x—-80=0
26)x22—12x+11=0

28) 4x® —4x-3=0

30) 4x* - 12x -7 =0
32)x*-3x°+3x—-1=0
3)x° -6 +12x-8 =0
36) x> —9x° + 27x - 27 = 0

3N +3x*+3x=0
39) ¥+ 6% +12x =0
41) < = 4x

43) x° = 36x

38)x"—-3xf+3x=0
40 x® —6x* +192x =0
42) x° = 25x%

44) x* = 81 45) 3® — 49x

Bai 6: Phén tich thanh nhan t (phdi hop cic phuong phéap)

1) 5x° + 10xy + 5y°

3) 2x° + 4x%y + 2xy°

5) 4x°y® + 8x%° + 4x%y*

7) 2x° + 8x% + 8x

9) 4x°y* + 16x%* + 16x%°
11y 7% — 14x + 7

13) -3X§7 + 6x3gr ~ 3x%y

15) 5x'y* — 10x°y? + 5x%y*°
17) 8x° - 8x2y + 2xy2

19) 16x°y* — 16x"y° + 4x°y*
21} (2 + 4)° — 16a®

23} (a” + 4b%) — 16a’b’

25) 100a% — (a® + 25)°

27) x° — 4xy + 4y° — 362°
29) 25a%0% — 4x® + 4x - 1
SNx*-2x+1~a’~2ab-b®
33)1-2m+m’—x*—4x—4

2) 6x° + 12xy + 6y°

4) -3x'y -~ 6x%" ~ 3x%°

6) —3x* — 12x — 12

8) —3x'y — 12x2¥ — 12x%
10) 5x'y® + 20x°y® + 20x%y°
12) 2%° - 437 + 2x .
14) 4x°y* = 8x'y® + 4x%°
16) 12x° — 12xy + 3y°

18) 20x*y* — 20x33y3 + 5x2;r4
20) —12x'y + 12x°y° — 8x°y°
22) (a® + 9)% — 36a°

- 24) 36a°% — (a% + 9)?

26)x% + 2xy +y° — 25

28)4a® - x* — 2x - 1 :

30) 36x° - a® + 10a - 25
32) 2 + 4xy + 4y° — a% + 2ab - b?
34)m®— 6m + 9 — X + 4ky ~ 47°

' 85) 4x% — 4xy + y° — 25a° + 10a — 136

36) x* (a — b) m— 2xy(a — b) + &

— by?

37) ax® + bx® + 2xy(a + b) + 2ay° + b
38) ax® + bx” + 2axy + 2%y + ay° + by’

39) x*(a + b) — 4ax — 4bx + 4a + 4b
40) ax® + bx® — 6ax + 6bx + 9a + 9b

41)5a* -5

43) -12x%y + 75xy°

45) 9xy — 4a2x¥

47) 8a’x — 27b°x

49) —4 + 32a°b°

51)2x° + 16 ‘

53) —5x°y° — 5x°y®

55) 3x°y* + 3x%y'

57) ab(x — y»® + 8ab

59) 8xy° + x(x - y)°

61)x° + (a + b)xy + aby®
63) x* - (2a + b)xy + 2aby?
65) y* — (3b + 2a)xy + Gabx’
67) ab(x® + y°) + xy(a® + b
69) xyta® + 2b% + ab(2x® + y9)
71) 3xy(a® + b%) + ab(x® + 9y%)
73) (xy + ab)® + (ay — bx)*
75) (xy + 4ab)® + 4(ay — bx)?
77) (xy — 3ab)® + (3ay + bx)?.

42) 10a° ~ 10a

44) 8a’xy — 18b%xy
46) 2xm® — 2x

48) 16a°xy — 54b%xy*
50) 5xy — #0a°b’*xy
52) —16a%bx® — 54a%
54) 16 + 2x°y°

56) 2(a + b)® + 16

" 58) 27xy + xy(a + b)®

60) (a + b)® + ¢
62) x° — (a + b)xy + aby”
64) x* + (2a + b)xy + 2aby’

" 86) ¥° + (8b + 2a)xy + 6abx®

68) xy(a® + b%) — ab(x® + y?)
70) xy(a® + 2b%) — ab(2x% +y%)
72) 8xy(a® + b?) — ab(x? + 9y%)

- 74) (xy — ab)? + (bx — ay)®

76) (2xy + ab)? + (2ay — bx)?

=0
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BAl TAP NANG CAO
Bai 1: Phan tich da thic thanh nhéan td (biing ki thuat bé sung hing

dang thie)
Nx*-5%x+6
N -Tx+12
5)x° +x— 12
71 x* - 9x + 20
N +x-20
11)2x° - 38x - 2
13)4x° - Tx - 2

15) 4x° + 15x +9
17)5x% + 14x — 3

19) 6x° +7x -3

21) 2+ Xy - 2y2

23) x* — xy — 6y°

25) 6%% - Xy — ¥°

27) 6x° + 2xy — 4y

29) 3x” + 8xy — 3v*

S +2y —3xy +x -2y

33)x® —4dxy - x +3y° + 3y

35)6x +xy—Tx -2y + Ty -5
37) 8x% -22xy - 4x + 8y + Ty” +1
39) 2a° + 5ab — 3b° - 7b - 2
41)6x° - xy - 2y + 3x — 2y
43) 2x% - 3xy — 4x — 9y" — By

N +5x+6

4)x*+ Tx + 12
6)x>—x— 12

8)x* +9x + 20
102 -x—20
123> +x-2
14) 4x° + 5x — 6

16) 3x% +10x + 3
18) 5x% -18x -8
20) x% - xy - 2y°

22) % — 3xy -~ 2y°
24) 2x* — 3xy — 2

- 26)2x° + 5xy + ¥

28) 23{2 + 2xy - 4y°
30) x>~ x —xy - 2y° + 2y
3L +x-xy -2y +y

'84) 5% + 4xy + 2% + 3y° + 6y

36)6a~ab—-2b*+a+1b-2
38) 2% + 5x — 127 + 12y — 83— 10xv-
40) 2x> - Txy + X + 3y* — 3y

42) 4x° — 4xy — 8y — 2x + 3y
44) 3x% - 5xy + 2y° + 4x — 4y

Bai 2: Phan tich thanh nhan tif (bing ki thuit tach hang tid).

118 +Tx—6
3)3x*-3x -6
516>+ 13x + 6

7) 6x° — 15% + 6
9)6x°> - 20x + 6
11)8x*-2x -3

13} -8x*+5x + 3
15)8x% + 10x — 3
17) 8x* - 23x - 3
19)-10x* + 11x + 6
21)-10x* + 4x + 6
23) 10X - Tx + 6
23)-10x* - 17x + 6
27) 10x®> — 28x - 6
29) —-10x® + Tx + 12

20

3> +3x-6
4)6x° - 13x + 6
6)6x + 15x + 6

8 6x” + 20x + 6

10) 6x% + 12x + 6
12) 8x*® + 2x - 3
14) 8x* - 10x - 3
16) —8x% + 23x + 3
18) 10x* - 11x - 6
20) 10x° — 4x - 6
22) 10x° + Tx — 6
24) 10x? + 17x — 6
26) ~10x* + 28x + 6
28) 10x% - 7x — 12
30) 10x% - 14x — 12

Bai 2: Chitng minh cic ding thic sau:

REN KI NANG SUY LUAN
PON THUC — PA THUC ~ HANG PANG THIC

Bai 1: Rut gon bing c4ch thay s& bang ch@

1) A =x® = 2007x® + 2007x" - 2007x° + 2007x* - 2007x + 2007
vol x = 2006
2) B = x'° — 2006x° + 2006x" — 2006x" +..+2006x" — 2006x véi x = 2005
3) C = x* — 2000x + 2000x” — 2000 + ... + 2000%” — 2000x + 2000
véi x = 2006
4) D = x% +20x° + 20x" + ...+ 20x% + 20x® + 20x v6i x = 24
5} E = x2 + 256%™ + 25x°® + 25x "7 +..+ 25%° + 25%° + 26x + 25 voi x = -24

oE.5 6 1 2,3
14531997 1997~ 4453
7) (}=4_l___.,}____ 4 . 2 + ! + 1
5741 8759 3759 5741 3759 3759.5741
R I M W T
1000 9299 500 999 999.1000
9 K-2.L .3 318 1 4
3179 1111 3179 111t 3179.1111
oy L-2. L 3 _ 1 o816 ¢ 5 _
. 3150 6517 1050 6517 1050 3150.6517
Mo Log L 94586 2 7 3

4587 ' 3897 4587 3897 4587 4587.3897
12) N - 999994.999999. 999992 - 999996.999991.999998
13) P = 444443444448 4444411 - 444445.444440.444447
14) Q = 777775.777780.777773 - TTTT71.777172.777719

15) R - 888887.888892.888885 - 888859.888884.888891

1) (a + b’ — (a = b)* = 4ab 2)(a + b +(a—bP =2(a” +b"

3) (a + b)? — 4ab = (a - b)’ 4)(a - bf + 4ab = (a + b’

5)a®+b° =(a+b)P-3abla+b) 6)a°—b’=(a-b) +3abla-b)

7)a® + b +¢° — abc = (a + b + c){a® + b® + ¢’ — ab — be — ca)

8)ab +c +blc+a)l+cla+ b)Y — dabe = (a + b)(b + c)c + &)

N@a+b) +ef+brc—al+lc+ra+rbl+@a+rb-cf=4a"+b°+cH)

10)(a+b+c+d)2(a+b—c-—d)2+(a+c-—b—d)2+(a+dmb—c)2=
4@ + b+ 2 +d?

11) Cho: a + b + ¢ = 0. Chiing minh ring: a® +b® + ¢ = 3abe

12) Cho: a + b + ¢ = 0. Chiing minh ring: (a® + b* + ¢) = 2a’ + b’ + ")

13) Cho:a+ b + ¢ +d = 0. Ching minh rang: a® + b* + & + &’ = Ble +

(ab — cd) ’
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14) Chiing minh ring néucé(a+b+c+dla-b-c+d)=(a—-b+c

~da+b-c—dthi 2-
a + - C ) 1b p

15) Chitng minh rang néu co (a+b+c)2 =3ab+3bc+38ca thia=h=c¢
Bai 3: Chitng minh rang cac bleu thifc sau cé gid tri duong véi moi gid

tmcuax
i)A_x + 2x + 2
NC=x"—x+1
5 E=x>+3x+3
NG=3¢~-5x+3
NK=4x>+3x +2

2)B=x"+4x+ 6
HD=x*+x+1
6)F=22" +4x + 3
B)H=4x%+4x + 2
10 L=2x>+3x+4

Bai 4: Ching minh ring céc biéu thic sau ¢é gid tri 4m v6i moi gid tri

cua x:
1)A=-x*-2x— 2
NC=—x*-6x-11
5)E=—x*-8x-5
NG=-5x"+Tx-3

9)K:-w1vx2_x—1
2

2)B=-x*—4x-7
HD=-x>-x~1

6)F=-3x - 6x— 4
8)H=-4x"-6x— 4

10)L=-—~:l§x2+2x—5

Bai 5: Viét cac biéu thic sau dubi dang tdng clia hai binh phuong

1} x* -2x+ 2+ 4y° + 4y
3) 4x* +4x + 4y +4y + 2

5) ~12x+ 13 - 24y + 9% + 16y>

7) 5% + v + 2% + dxy - 2xz

9) 13x% + 4x - 12xy +4y2 + 1
11) 4x® - 12x + y* -4y + 13
13) 4x? + 9y*
15) x* + 26 + 6y + 9y% - 10x
17) 16x* + 5+ 8x— 4y +y*

19) 5+ 9x% + 9y° + 6y - 12

21) x* +4y +4y® + 26 - 10x
23) -10x 4 y® -8y +x% + 41
25) 9x% +4y® +4y - 12% + 5
27) 4x” + 25 - 12x - 8y + y?
29) 4y? + 12y + 25 + 8x + x°

-4x +6y+2

22

2) 4x* -4x +y? +2y +2

4) 4x% +y2 +12x+ 4y + 13

6) a? - 4ab + 5b% — 4bc + 4
8) 9x* + 25 —12xy + 2y — 10y
10) x* +4y* +4x -4y +5

12) 22 +y% + 2y - 6x + 10

14) y% + 2y + 5 - 12x + 9x
16) 10 - 6x + 12y + 9x% + 452

18) x* +9y° + By + 5+ 4x

20) x* +20+ 9y + 8x - 12y
22) 4y® +34 - 10x + 12y + x°
24) x* +9y* - 12y + 29 - 10x
26) 4y® - 12x + 12y + 9x% + 13
28) x* +17 +4y” + 8x + 4y
30) x% + 20+ 9y* + 8x - 12y

Bai 6: Tim x va y, biéi:

1) x2-2x+5+y2 -4y =0

3) x* +4y° +13-6x -8y =0

5) x2+y°+6x-10y+34=0

7) x2 +9y% + -10x - 12y + 29

9) 4x* + 9y? -+20x—6y+26=0
11) x* +4y® +4x -4y +5=0
13) x* +y? + 2y -6x+10=0
15) y +2y +5-12x+9x> = 0
17) 10 -6x+ 12y + 9x° +4y* = 0
19) x° +9y2 +6y +5+4x =0
21) x* +20+9y% 4+ 85-12y = 0
23) 4y +34-10x+12y +x* =0
25) x* +9y? - 12y +29-10x =0

97) 4y? —12x + 12y + 9x> +13=0

29) x + 17+ 4y% + 8x+4y =0
31) x° +20+9y +8x-12y =0

2) 4x% +y2 - 20x -2y + 26 = 0

" 4) 4x® +4x -6y + 9y +2=0

6) 25x% -10x +9y* ~ 12y +5 =0
8) 9x2 +12x + 4y + 8y +8=0
10) 3x® +3y* +6x-12y +15=0

12) 4x° - 12x +y2 -4y 4+ 13=0

14) 4x* +9y* -4x+6y+2=0
16) x> +26+6y+ 9y -10x =0
18) 1622 +5+8x -4y +y2 =0

20) 5+9x% +9y* + 6y -12=0 -
22) x2+4y-|-4y2+26.— 10x=0

24) -10x+y* -8y +x* +41=0
26) 9x? +4y® + 4y -12x+5=0
28) 4% +25-12x -8y +y2 =0
30) 4y° + 12y + 25+ 8x+x% =0

Bai 7: 1) a) Chimg minh tich hai s& chin lién ti€p chia h&t cho 8
b) Chimg minh tich ba s8 chin lién ti€p chia hét cho 48
2) Chimg minh n® — n chia hét cho 5 (n'e 2)
3) Chimg minh n® - 13n chia hét cho 6 (n ¢ Z)
4) Chiing minh n® + 23n chia h&t cho 6 (n e 2)
5) Chimg minh n{n + 1)2n + 1) chia ht cho 6 (n ¢ Z)
6) Chimg minh 3n* — 14n® +21n® — 10n chia hét cho 24 (n € Z)
7) Cho n 12 s& nguyén 1é. Chimg minh n* +4n + 3 : 8

8) Cho n 13 56 nguyén 1¢. Chimg minh n° + 3n®

-n-3:48

9)Choay, az, a3 € Z. Pat S =2, +az + a3
P=a®+al+al

. Chimg minh ring Si6 <> Pi6

10) Cho X1, Xo, X3, -3, ¢ Z. Ddt A= x3 + x3 + ... + X

B=(x +%x+ ...

+x0°

Ching minh ring: A: 6 < B: 6

11)Cho M = 2n* — Tn®

—2n? + 130 + 6 (n € Z). Ching minh M
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Bai 8:

24

92) Cho f(x)=
f(x)ig(x)

3) Cho f(x)=-3x"-x+ava g(x)=x%-4. Tim gid tr cia a dé

f(x):g(x)

4) Cho f(x)=2x*-5x+ava g(x)=2x+1. Tim gid tri cia 2 dé

f{x):g(x)

5) Cho f(x)=x"+ax+bva g(x)=x-1. Tim gia tri cia a v& b 48

f{x)ig{x)

6) Cho f(x)=2x"+rmx-nva g(x)=2x+4. Tim gid tri cda m va 0

dé f(z)ig{x).

7} Cho £{x)=3x"+mx— 5va g(x) x+2. Tim gid tri cia m dé

f(x)g(x)

8 Choflx)=% —4x +mva g(x) =

1) Cho fix) = x* + 5% + a v& g(x) = x + 1) Tim gié tri clia a & f(x)ig(x)

9x% +3x +ava g(x)=x+2. Tim gid tri cta a dé

x—-5. Tim gid tri clia m &6 fx)ig(x)

‘Bai 3. PHAN TiCH DA THAC RA NHAN TU

DANG THEM BT KHI SO MU CHIA 3
DU i, SOMUCHIA 3DU 2

D +x+1

e xtaex+1

5 +x+1
x +x +1
Nx¥rxf+1
11)x11+x +1

13) x* + 200257 + 2001x + 2002

15) x* + 1999x% + 1998x + 1999
17) x* + 1996x% + 1995x% + 1996
19) x* + 2002x% — 2001x + 2002
21) x* + 1999x° — 1998x + 1999

23) x* 4+ 1996x% ~ 1995x + 1996

Baf 1: Phan tich cdc da thie sau thanh nhan ta:

2B +x+1
1 +x"+1
) +x +1
8 x+x"+1

10 M+ x4+ 1
1 xt e x +1
14) x* + 2005x” + 2004x + 2005
- 16) x* + 1997x" + 1996x + 1997

18)x.+ 2007x° + 2006x + 2007
20) x* + 2005%° — 2004x + 2005

29) x* + 1997x° — 1996x + 1997
24) x* + 2007x* — 2006x + 2007

DANG PO XUNG VONG QUANK

Bai 2: Phan tich ede da thde sau thanh nhan o

1) xy(x — y) + yz(y - z) + zx(2 — X)

2) abl{a — b) + be(b — ¢) + calc — a)

3) mn(m —n) + np(n — p) + pm(p — m)

4) {a + b)b + c)c ~ a) + (b + eXc + aXa—b) + {c + a)a + b}b - o)
5) (b + eX¢ + a)(b — a)+(b + cXa + b}a — ¢)+(a — bib —c)a —¢)
6) {(a — b)(b — ¢)a — ¢} + (a + b)c + a)le — b) + (b + ¢)le + akb - a)
NH@a-bXb—cla—c)+@a+bib+eia-—c)+(a+ b)Xa + ec — b)
8) —(mab + n)a — b) — (mbc + n}b - ¢) — (mca + n¥c¢ — a)

9) ~(kxy + m)(x — y) — (kyz + mXy — z) - (kzx + m}z — x)

10) (aut + n)u — t) + (auv + n}(v — u) + (atv + n)(t — v)

11) be(a + dXb — ¢) + ac(b + d)}{c — a) + ablc + d¥a — b)

12) — xv(z + m)(y — x) — yz(x + m)(z - y} — zx(y + m}{x — z)

13) tu(v + W)t — u) + uv(t + wHu — v} + vit(u + wiv — 1)

14) ab(a + b) — be(b + ¢) + ac{a — ¢)

15) acla + ¢) — be(h + ¢) +abla — b) .

16} ab(a + b) + bc(b -c)- dc(a +c)

17 az(b —¢) +bXc—a)+cia-b)

18} a®b%a — b) + b cz(b )+ C az(c a)

19) a(b? —~ %) + b(c® - a¥) + c(a® -b)

20) ab(a®. b)+bc(b2—-c )+ca(c -2

21) a(b® - ¢ ) + bie® — a%) +c(a® — b?)

29) (a + b)(a® — b?) + (b + c)b’® - cz) +{(c + a)c? ~ a%)

93) a(b + c}b® — ¢®) + bic + a)c? —a’) + cla + b)a® - b%)
24)a4(b—c)+b(c a)+c(a— ) :

25) (x — y)z +{z — x)y +(y -z’

26) (a — x)y° - (a — y)x +(x— y)a

27) a*(b® — ¢%) + b(c? - a)+c3(a —b) :

28) x*(z — ¥ + y’(x -7z + % (y - x%) +xyrxyz — 1)
29)x‘i(y+z)+v(7—x) 723x — y)—xy?(xyz+1)
30)y°(£—x}—z(x+y) d(3(—7)+xy4(xy?+1}
31)23(x+y)+y3(?—x)-x(y+7 y — xyz(xyz— 1)
32)x(y+z )—y(z+x)+13(x y) xyz{xyz — 1)
33)x3(y+z)+y(?+x)+7(x+y)+xy7(xy7+1)

34) a*(d® - 2)+b“(c a?) + ¢*(a® — b?)

35)x(y—4) +y(z—x) +A(X—y) -y —2° + dxyz
36)x{y+1) -—y(?—x) +z(x+y) —x3 ¥ — 2° — Axyz
37 x(y+z) +y(/+x) - z(x ~ y) —-x = y3 z° — 4xyz
38) z(x + y)° + ylz + x)° —x(y—-?) +x -y —23—4xyz
39)x(y—?)—y(?+x)—/(x+y)—xj+y 3+4;xy7

40) z(x - )-y(;v+x)—x(y+?)+x + ¥y —z" + dxyz
41) alb — c)3 +b(c —a) +ca-b?

492) abla + b) + be(b + ¢) + cale + a) + 2abe

43) abla + b) + be(b + ¢) + cale + 2} + 3abe

44) be(b + ¢) + 2ac(2a + ¢) + 2ab(2a + b) + 4abe

45) 2be(2b + ¢} + calc + a) + 2ab(a + 2b) + 4abe



46) 2be(b + 2¢) + 2cala + 2¢) + ab{a + b) + 4abc
47) be(b + ¢) + 3cale + 3a) + 3ab(3a + b) + 6abe
48) 3be(3b + ¢) + cale + a) + 3ab(a + 3b) + Gabe
49) Sbe(b + 3¢) + 3cal3c + a) + ab(a + b) + 6abe
50) 2calc + 2a) + 2abla + 2b) + 2be(b + 2¢) + Sabe
51) 2ab(2a+b) + 2bc(2b+c} + 2ac(2c+a) + 9abe

52) 3ab{a + 3b) + 3be(b + 3¢) + 3calc + 3a) + 28abce
53) 4ab(a + 4b) + 4be(b + 4c¢) + 4cale + 4a) + 65abe
54) 5ab(a+5b) + 5be(b+5¢) + Sac(c+ba) + 126abe
55) 6ab(a+6b) + 6bc(b+6¢) + 6calc+6a) + 217abe
56) ab(b — a) + be(h — ¢) + eale + a) — 2abe

57) ab{a + b) + befe — b) + calc — a) - 2abe

58) be(b — ¢) + 2ac(2a — ¢) — 2ab(2a + b) + 4abc
59) 2abla + 2b) — 2be(2b — c¢) + cale — a) — 4abe
60) ab(a + b) — 2be(b — 2¢) — 2ecala - 2¢) — 4dabe
61) 2ab(a + 2b) + 2be(2¢ — b) + 2calc — 2a) — 9abe
62) 2ab(a — 2b) + 2bc(b — 2¢) + 2ac(c — 2a) + Tabe
63) 3ab{a — 3b) + 3be(b — 3¢) + 3ecalc — 3a) + 26abe
64) 4ab(a — 4b} + 4be(b — 4¢) + 4cale — 4a) + 63abe
65) a’b + 2ab? + 4b% + 4bc? + 2¢%a + ca® + 4abe
66) 2a’b + ab® + b% + 2bc? + 4c’a + 4ca® + 4abe
67) 42°b + 4ab® + 2b% + be® + 2a%c + ¢’a + 4abe
68) a’b + 3ab® + 9b%c + 9bc® + ca® + 3c’a + Gabe
69) 32 + ab? + b%c + 3bc® + 9ca® + 9¢%a + 6abe

‘DANG A’ + B°®

Bai 3: Phan tlch cdc da thite sau thanh nhan to:
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Z)a +b% - ¢ + 3abe

4) x° - y3—23—-3xz :

6) 8a® +27b3 + 64¢° — 72abe

8) 125a + 8b® + 27¢* — 90abe
10) 64x° — 125y3+2162 + 360xyz
12)(x+y—z) L-y+d
13) (x—y + 2)° —x +y z* ) (x-y—zP- x3+y3+z3
15)(x+2y+37) 8y 2723

16) (x - 2y+37) —x +8y 27z

17) (x + 2y — 3z)° - x° - &° +277
18)(a—b)3+(b—c)3+(c
19)(x——y)3+(y+z) —(z+x)3
20)(a+b) (b+c) +{c - a)
21)(z+x) +(y—7) ~-(x+yF

22) (a® + b?® + (c® — a®° - (b* + ¢*)®
23)(a+b+c)—(al+b—c)3 (b+c-—a)3

Da®+ b + ¢ - 3abc

3)x =/ +z3+3xy7

5) x" + 8y° + 274° - 18xy7

7} 27a° + 64b°® + 125¢° — 180abe
9) 64x* + 125y + 2167 - 360xy7
11)(x+y+z) —x y -z

(c+a—b)®

2 (a+b—-cP-(a+b+eP—(b-c-a) —(a—_b—c)3
25)(a—b+cf-(a-b-cP-(c—a-bf-(a+b+c)f
3 3 3
26)Choa +b+c=3 Tinh A= — & *0 *+¢ —3abe
(a-b) +(b -¢) +(c-a)’

S,

a® - b® +¢® + 3abe
{a+ b):2 +({b+ c)2 +(e _a)z
a® + b® - ¢® + 3abe
(a—-b) + (b +c)’ +(c+a)
3
~c®-3a
99) Choa—b—c=2. Tinh D = - _m.,.,__??_j_______l?s_ .
(a+b) +(b c) +- (C+a)
2 2
30) Chimgminh ring: x° +y” + 2°— xy—yz—zx = x-yr+y 2z) +(z-x)

X’ +y* +2°— xy — yz — zx = 0 khi nao.

27)C]1qa—b+c=-4.TinhB=

28)Choa+b—c=.6.TinhC= 5

o 2
31)Chfﬂlgnﬁnhrbng:xz+yz+zz——xy+y2+zx—SE— y) +(y+27__)_ +(7+X) va

&+ Y2 + 2 xy+yZ + 7% = 0 khi nio.
39) Cho a, b, ¢ khée 0 thod: a® + b® + ¢® = 3abe.

Tinh E = [1 + 3}[1 4 E][1 +_EJ
b ¢ a

33) Cho a, b,c khéc 0 théa: a° + b? —

Tinh F = [1 . E—J(l—g](l"ﬂ

34) Cho a, b, ¢ khac 0 thda: a° — b® + ¢® = ~3abe.

a3 o)

35) Cho a, b, ¢ khdc 0 théa: a’ - b* - ¢® = 3abe.

Tinh H = [] —E)[1 + E)[l‘_EJ :
b ¢ a Caw

36) Cho a, b, ¢ khac 0 théa: a° + 8b° + 27¢® = 18abe.

. _ 2b 3_c\
Tinh X = [1+§5J[1 3c](1:|- aJ

¢ = —3abec.

PAT BIEN PHU DANG DA THUC

Bai 4: Phan tich cdc da thic sau thanh nhan tu’

1)6x—11x + 3 2)x +3x—

3) 8x* +4x* + 1 4) %t +x——20
5)4x4—37x2+9 6)(x +x) +4{x +x)—12
%)) (x +x)2 2(x +x)— 15 8) (x2 - x)% + 3(x* — %) +2

10)(X ¥ +4x-—4y-—12

9) (x* +x) +9%° +9x+14
12) (= + 5x)° + 10x” + 50x + 24

11) x° + 3x)° + 7% + 21x + 10



MM +2xy +y +2x+ 2y~ 15
15 P+ 2y +y —x—y— 12 16)x2+8xy +16y2+2x+8y 3
-.1'}');(’"-1-6)(37-1-9)!2 3(x + 3y) - 18) x% + 6xy + 9y° — 3x - 9y + 2
19)x2—4xy+4y —2Ax—~2y}— 35 20)x——4xy+4yz—7x+14y+6
21) 4x° +4xy+y2+10x+5y 6 22 +x+ )X +x +2)~-12
23)(x—x+3}(x—x 2) + 4 24) (2% +x - 2)2x° +x - 3) - 12
95) (2x> — x — 1)2x" —x—4) -~ 10 ‘

PAT BIEN PHUDANG (x + a){(x + B}{x + c)}{x + d} + e

(véia+b=c+d)

Bai 5: Phéan tlch céc da thie sau thanh nhén t:

1) (x + 2Xx + 4Xx + 6)Xx + 8) + 16

DE+2Ax+3x+4)Mx+5H)-24

x(x+4Xx +6)x+10) + 128

D(x+INX +2)x +3Xx+4) -

BIxx+ Iz +2Xx+3)+1 |

Gr{x— 1Mx-3Nx -5}z -"T)—-

T lx— 1Mx + 202+ 3)x + 6)

8y x(x— 1Xx +1Xx +2)—

N (x+ 2z +3x-Tx- 8_) - 144

1M (x — Tx — 5)x — 4)(x — 2} ~

1) x* + 8x + 12)(x +12x + 32) + 16

12) 2 + 6% +8)(x + 8x +15) -~

13) (x2 +4x +3)x2 L+ 6x+8) - 24

14) (X% — 6x + 5)(x —10x% + 21) - 20

15 (x2 +x — 2)x* + Sx +18) -

18) (x" + 5% + 6)x%— 15x% + 56) — 144

17) 65 — 11x + 28}z — Tx + 10) - 72

: 13)(5x ~ 2x)° +25-5x° -6

DAT BIEN PHU DANG DANG CAP

- Bai 6- Phan tlch cac da thde sau thanh nhén ti:
1) (x2 +l)‘+3x(x +1)+2x

- 1P -x(x*- 1) -
3}(x2+4x+8)3+3x(x +4x+8)+2x
4)4(x +x+1) +5x(x +x+1}+x‘Z
B (x2—x +1)° —5x(x —x+1}+4x
:6)(x2 x + 2) - 3x(x —x+2)z+2x

7) 3(—x" +2x+3) — 26x%(~x* +2x+3)‘ x*
8) —6(——x - x +1)F + xH(—x* -x+ 1 + 5%’

9) (x° —x-l)’+7x'(x =X 1)? +12x

10) 10(x* — 2x + 3)° -—qx“(x - 9x+ 3P -x

BAT BIEN' PHU DANG HOI QUY

Bai 7: Phan tich céc da thic sau thanh nhan ti:
1)x4+6x3+11§2+6x.+1 Dx'+f—4xP+x+1
Nxi+6 + T +6x + 1 Hxt+5x° - 1287 +5x + L

9B

5) 6x’ +5sc-38x+5x+6 6) x* - 10 + 26x” ~ 10x + 1
1 10%° ~ 15%% + 20x + 4

7) xt + 7% +14x +14x+4 8)x
9) 2x' — 5x° — 27x* + 25x + 50 10) 3x* + 6x° — 33x" — 24x + 48

PAT BIEN PHU DANG (X + a)(x + b}{x + c}{x + d) + ex?
(véi ad = bc)

Bai 8: Phan tich cac da thife sau thanh nhan tu:

1) (x - 3)x - B)x — 6)x - 10) - 24x

2 (x — 1ix + 2)x +3)}(x—6) + 32x

3) (x+1)x — 4)x + 2)(x - 8) + 4%

4) (x — 2 x — 3)(x — 6¥x — 4) — 72x*

5} (x + 3)x — 1(x — B)x + 15) + 64x

B) (x — 2}x — 4)x — 5)(x — 10) — 54x

T x + 2Mx — 4)x + 6)(x ~ 12) + 36%2

8) A(x + 5Xx.+ 6)(x + 10)x + 12) 3x

9) (x + 2Xx + 3}z + 8)x + 12) -

10) (x — 18Xx — 7Xx + 35)(x + 90) 67x°

PANG POAN NGHIEM

Bai 9: Phian txch cae da thice sau thanh nhan tu‘

2)*{ —-xf—4x+ 4

1) x* - 6x° + 11x -6
-5 +2x+ 8

3) 2x° +‘3x~—8x+3 - :
5) Gx +x°+5x—2 6)3x"+19x2+4x—12

7) x° +3x—10x-24 8)2x* — 11x% + 10x + 8
9)2x +11X +‘3x-36 : 10)6x—17x—1x+‘3
11)x—8x +11x +8x — 12 12) —3x* +20x-35x—10x+48
13) - x-—7x —x +7x+3 14)x—5x—2x + 17— 18x+ 2
15) x° — 5x* +6x—x +ox—6 16)3x 5x? 4+ 5x — 2

17)21: +5x° + 5% +3 18}3x +ax—x-—2
19)4x +x2+x-3 20} 4x° — x> +x + 3

21)4x—7x—x+3 99) 6x° — TxZ + Bx - 2
23) 4x° - 5% + 6x + 9 24) 4x® + 5x° + 10x — 12
25) 5x% — 12x" + 14x — 4 7

DAT BIEN PHU DANG KHAC

Bai 10: Phin tich céc da thie sau thanh nhan ta:

D2x+ 1) {x+ 12 2x + 3)—- 18

2) (6x + 5 3x+2)(x+1)—3o

3 {(12x + 7)2 3x +2)(2x + 1) -

HBx + TV Bx+4)x+1)-

5)(2x + 1)° (4x + 1) (4x + 3) - 18
6)(x—2F (%x — 5) (2x ~ 3) -

7) (3x — 2)? (6x — 5) (Bx — 3) —

8) (x + 3)(3x + 8)}(3x + 10) —

9) (2x — 1Mx — INx— 3}2x +3) +9
10) (4x + 1X12x — D)(3x + 2)x + 1} -4

28
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1) (x + 1X2x — 1)3x + 2)}6x — 5) — 4
12) (2% — 1)(x + 1)(4x + 3)(8x - 6) -2

13) (2x + 1){dx — D(6x + 2)}(12x - 5) — 4
14} (dx + 1)(2x — 3¥4x — 3X8x + 8) - 130
15) (dx — 20210 + 4)(Bx + T¥2x + 1) + 17

DANG HE SO BAT PINH
Bai 11: Phan tich cdce da thife sau thanh nhan tir:

1 —x 427 + (x - 2)2

3 (X -x+20° +(x-5)?

5) (x" — x + 12)* + (x — 4)°

7){x’ ~ x +30)° + (x — 6)

9 (x —x+42° + (x - 7P

I EP-x+56)P° +(x— 8)°
13)x* +x* - H5x~ 3

15) x* — 2x*+4x® - 2x + 3
17)8x* -~ 4x® + 6x° - x ~ 2
13! -5x°+x-2

2} (x*—x +6F° + (x— 3)°

4) (x* — x + 20)% + (x +4)°
6)(x®— x + 12 + (x +3)%
8) (x* — x + 30)% + (x +5)°
10) (x* — x + 42)° + (x +6)°

12) (%% - x + 560 + (x +7)

14)3x* - 5x° — 18x* - 3x + 5
16y 2x* +3x° +2x° + 3x - 3
18) 2¢* + x* + 6x° — 2% + 3
20 x -5+ 7x* -6

Bdi &. PHAN THAC pa1 SO

Bai I: Rat gon cdc phan thdc

%'t 3 6l 6

30

20xv? ) 7 4
1) 20X 2) g) “2x¥
15xy 18x%y°
2 a2 2 2 2
4) 53_"__:5_’5215‘31 5y 15ab +5b° g) &_+2ab+b”
9x° -9y 9a® - b? a+b
a2 g2 2 )
7y 3%_73y” 8) - ym -4dm+d
9x +Qy 2m -4
) I 2
10) X 2xy+y-
3x - 3y
Bai 2: Quy dong méiu cac phan thic sau
p 2.8l 2) 2.2 3y 2% 2ax+3x
2a 2 3 3a 3 3a
b da+3b® x X.6a-5bx a-1 5 5x-1
6a’ 18ab '9b 4a’ 20ab ’10b 373(x +1)
l-x 1 7.7a-31 9) 3_.7-b
2(x+1)"2 5 5a-15 b-1'2b-2
19 2, L, a4

Bai 3: Tinh

l-a a+4 ‘3a+5 3-2a hx-6 x-3
i-a,ar= 2] P i gy 2278

Vo5 )Ty N

4) 245 x-7 5) x-4 2x+7 6) X-3_x+2
x-1 x-1 Cx+1 0 ox+1 5 5

o X4 8x+10 x-5 3+2x 2x-5 7x--5

7 — = 8) o - — 9 -

) 7 7 ) 3 - -3 ) x X
x—-2 2x--1 a-b 2a 5x

10y —- 11 - : 12). ——
)x+1 x+1 )a+b a+b )5x—5y X-y

13) E—_)_r__3x+y ‘14)x 2y 2x+y 15) 3x+5 2x+6
X+y X+Yy X+y X+¥y x-1 x-1

" Bai 4: Tinh (rit gon) '

1 &E+l 2)§_5a—6 3 2x Zax+3x
202 2 3 3a 3 3a
2x-3a 3 5 9b-25

4 — = 5 — 47

) % t2 _)3b 15b
b 4a+3b%? x Xx ©6Ga-5bx a-1

6) — -+ — 7) — = -
6a 18ab 9b 4a 20ab 10b
3 _l0x+7y 5 g) be-a® ac-b® ab-c?
4x 12xy 6y ab be ca
5 b6x-1 1-x 1
2. il 11) — o

9 3 3D Ax+ D 2

2 o o

12) 1 x -2ax 2 13) 3ab- 2a® 1 4,_2“

2a 2ax? b.4 a’b a b
2 —

1g) > 2 32 —abva 15 2.1, 6b-12
b-1 a a%b-1) 3b-2 2 4(3b-2)

7 7a-31 3 "7-b

16) £ - ¢ _f=0

6 5 ba-15 ) b--1 2b-2

18) 2 _4ax13 19) 2_22+15
5 10a-5 7 Ta-21

0y 2% _7x-ldax pX  Tx-ldax
5 5-10a 5 10-20a

929) x Zax-3x gy 2% _Tx-4dax
2 4a+6 3 5-10a

24)Bﬂ4ax x 25) X-1 ax-b5x-a-1
20a--10 5 3 3a+3

96) X£._2ax+4x g7y 3% _9ax-13x
5 10a-5
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2 1 a-4
28)—§;+2alf2_-63.2—63
30 XS, b
" 93 -b 4a>-b® 2a+b

x + ba-4 _3
a-2 8a%®-6a 3a
34) a___b—l__ab--3a+6
92-18 6b 9ab - 18b
-1 x a+8x-2
‘36)_+a—'2+ 3a -6
2x y 67;:2--‘_635 x
v 3xy + 3y 3%+ 3

X 9%x-11 - 1
+

32)

38) -

40

10x ~10 30x* - 30
Bai 5: Tinh (rit gon)

i 2b-2

1) +

5-2b 6b-15
14b+19 N 8
10b-15 3-2b
8x+5+_5_bx+: 3b+x+1
3-b 2b -6

3)

9340 -1

1.3) 9-—4az+éa+3

a +a +ab+a-1
1-a a’-b+ab-a-
17) - 1 . 2 +5a -1

a+l 1-a a%*-1.

1 1 - a+2

19) —— 4 —. "
1-a a?+a+1 a®-1

15)

32

3x+3

5x~1 IOax 6a - 16x+15
y B L YRR T AR
29 3 63"15
X 1 l;a -2
81) e et 2
" 2a-b 6a 12a° ~12a
33j e 3a+ax xR
a-1 3¢ Ja
35) __;_;-;__+_2x ax-a - x
a-2 29 _g? a
3x 2y -9x%+9x X
) 5t 6x-6 " 5x-3
— 2;_
39) 3§+.§¥2x .-
y2- 8y°“--y*x 3Yy-Xy
5 2xy-x- 2y A
3 Pt iy
. 6x  492%* + 84xy 21X+42Y
2 2b+ 2
2 e
' )2—b 3b-6
5b+1 8
4 _— e ——-
)Zb—ﬁ 3-b
5b--Ba+ 24 8
6) +
3b73a a—b
bx-x+a 1
8
.) ba-a 1-b
10) — 5
2y% -xy x° -2xy
2 .
lz}arﬁt 2a_ ' 1
a*-1 a“+a+l
14) ax+2x-1 %
ax-—-a+Xx- 1 1-x
9 32
16)3“—1) 2a+b a_
a-2+2b- ‘ab  b-1
' 1 8a? . 1
18 + + -
)x—Za 42%x ~x* x+2a
X 1 ax ~bx+a+b
20 + + S e—
)a+b b-a a? .. b?

1 16 - 7x 5
21) : e
Ox - 18 72-18x 12x + 24
29) 4_l__a. : 3a+17 2a -1 6
a® -1 a®+a+1 l-a
Bai 6: Tinh (it gon)
1y Bby  2x 3 by
12ax 5y 4aby 3x°
g 0% Ty 182°h* 9a°h’
42y x 15¢d ~ 5¢2g®
R d8 3.2 5
5) 25}‘23_’--:(10" y_ 6) sa* ;| 2" |
14a L ~2lab ~Ted® )
3
7 222 (et g 2x-ax yi2
3ed® 2ay v da x
9) 532b 6b 2b-3a 10 X oy 3xy
9a” - 6ab b 6xy Xty
11 _{i_a:—-?b‘! 23x+?_>1_)§ 12) . 5a -5 .20 20a*
a’h 2ab (2+1¥® 3+3a
2 _ 2 2
13) 2x* +2xy y-x 14) 4x° -%a® 3x+1
3y-3x y+x Bax +2a 2x+ 3a
. = 45 2
15) 2x 23y 4+2b+b 16) _Ea_b__gfﬁﬁ. a
8-b X-y 15b% - 15ab b-a
17 )éa:db 2a+b 18) 2x . 1
b’-1 bi+b+1 25-4b* 2,5+b
19 .. 2a-2 . 1 20) — 250 -1 10b 2
3-2b+3a- 2ab da +4 ab-32+3b-9 a3
Bai 7: Tinh (rdt gon)
2 2
1) %i?“ym 2ax + 3x 2)2Aa+_1__ a-1
3y* x 8a 22 2a-2
3) 5a ,a+3 5a-8 £ g£-3a 3a - 3x Zax
32+9 a 3a 2a dax  a-x
5 52+5b ab  9b-25 6. ¥ ax 2 2
3ab®? a+b 15b Sax — 2abx _y_ 6b- 15
2b+2:b+1+2b+2 8) 14b+19 4da+4b a-+ b
2b-b> b  3b-6 10b-15  3a  2ab  2a
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ysbrl 2b#2 brl a’+2b® ax+bx. ax 3 9
26-6 9-b® 12+4b 2a  5a-5b 5a’ - 10ab +5b® 28) [“EZ)(XH“}TEJ:(X_l_ 42]
Bai 8: Tinh (rdt gon) 9 ' 4 ‘ X

. 2) (x+2+—-—J[ —_——
i o(s: 2ot ety et

Cox)x? -1 x)9x® -1 - 7

3\ X x 2} 4x - 30) (3”5“* ):(X— 24 J[x+-5+ 2
3) [2__}“._2_.,__ 4) (___J : \ x+3) . x-2 x+2

x/4x%_9 2 :{)x -4 Bai 9: Rit gon '

‘x  3) 6x oV X : 2 2 ’ ) .
o[58 o[ 2zt e R I ¥
7) []—+—%)(——1—+ 1 ) 8) (2+_L) L + 1 ] | a b la b (a—b)2

x 2 Nx+2 x—z x x2/M8x-1 2x+1) . 3) ,-:13+b3_ab a+b +}—(2b—2a+4 . (a-b)2+4_ab ab 4 ab?
9) 1/1 lJ( 1 .3 10}(—2—_-1—}[ SRS J *h a’-b? 20 ) 9 a+b T ab

3 x)\lx+4 x-3 3 2x/\ix+2 4x-3 b '

6 15 3 2 ? 5 27>, Jarb a-b 6)[1“ m o (1 - J
‘ 2" 2 : - —+
O =) ) =) | ot @ ab et men Jn m-n
i P 2
28 21 1 3 1 7 [1+E+X_][X 1} y
_ _ 4 — 2. : —-
13) [x x—SJ(x x+4J ! )(x+3 x+3J[x+x+4] } y v )\y x® -y*
15) 2x—8—-x—-”—19)(x-6— K_G] 8) (x—4xy +y):[ X ¥ 2%
3x+1) 3x+2 : X+y x+y x-y x%-y?
16} {2x -4 - E—_—l-z-J[&: -2- 10 ] ‘ 9) a  2a-b) a’®-2ab+b?
{ 3x+d) ox+1 ab-b? a’_ab) a’b_ab’
17 (14 1):(1-2 18) [1-4):[1-2 | T |
Ny M ) A 10) [ B, 3% Xrxwyey )X+ 2uy+y?
1 1 1 1 x-y x*-y* x+y 2% +y
19; (3+—]:(9-——2] 20) [1+—2): 1+—] : gla? - o2 \ , .
X X X X i1 (x ~y )+2(x +2xy+y‘) X+y xz;‘fl-xy
— + A :
b4 X - - .
23) 1 5 4 24) ) [ 5 12)[ X - 2y Jx232;+xy2 .
- x- — -5 4 - - 2
(x+ x—3] [x X--3] (x X+ x+4] ‘ -y ¥-xw, x-y
x-1Y.(,. x+38 13) (a‘b__(a+b) a’+b? 1
25) (2x+2x+1].(2x 2x+1] ' ard ab 5ab +
26) (-5.*—2-+x'2]:(x+2—"'2J )i 2 (1 1)) xPayt o2y
x-2 x+2) \x-2 x+2 2 y? x+ylx yJ| Xy
2x-1 2x+1 2x-1 2x+1
27 - : 2 p® ‘ :
)[2x+1 Zx-—lj (2x+1+2x—1J 15) [.9--—'“—( atb 1
‘b a j\a?+ab+b? a-b
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Bai 10: Thuc hién phép chia sau

1D 5 + 11+ 10) 1 (x + 2)

NE+ 4L +8x+5) 1 x+ 1)
5) (x* —11:%¢—362—35) : +3x +5)
B - +1):x-4) o

R+ —x):x~1)

DNEE+) &+ D
13 +D:E+1)

15) 2x*-x+6):x~5)

Bai 11: Tim s3 dif trong phép chia
NEE+5x+a):(x+1) :

3)(-8x* ~x+a):(x—-4)
5) (x> +ax+b):(x=-1)
THExX+mx+5):(x+2)

9) (x* — 2% — 10 = THKE— T — 3%)

4) (& — X —13x — 141"~ 3x - 7)
6) (x> + 6x° + 5x) : (x + 5)

P ~1)x-1) o
10) & +3x° - 2x = 1) : (x - 2}

12)ZEF-D:x-1

14 +2%x% - 3x + 5) 1 (x - 3)

@l +3x+2a)(x+2)
HeP-bx+a):(2x+1)
6) (2x% + mx — n) : (2x + 4)
8) (x> — 4x +m): (x — 5)

Bai 12: Tim céc gia tri nguyén ciia x 88 céc phan thi sau b gié tri nguyén

IDx-8-x)=4
19)2x-2x+ D=6

18 -2x+3x—-1)=4+x

1M E-DE+3)=x+4

- 19) (x+3)2=x2+4x
Mx—(x+2Nx~-3)=4-%

93) X _ 6
. 4
25) §x=—12'
5
) 7+§§=K—2
3

29) 1+

tofe

x
9

28 o 3 4 , 5
B —_ L B e " 4 e ian
v x 2? x-1 3) x+1 ) 2x+1
5 X ox 2 o X305 _x-1 X2
x-2 ‘ x+2 x2 -Bx+7 x2+2x+2
_¢x+3 " 10) x+7
x*+x+1 *2+x+3 -
| Bai 5. PHUONG TRINH
Bai 1: Gidi cdc phuong trinh sau: . .
- Dx+5=7 o 2)x=-2=8
3)3=x-2 HT=x+4
5)2x=7T+x 6)x—6=2x
7)3x+1=5x+2 dx -3 =2x+2
9) 2x ~ 3)12 10)3(x+4)=6

12)3x -3 +x)=0
14) 4[2x + (3x — 1)}

16) ~-5{2x - 2x + 1)} =6 -x
18)(2x - 3x+2)=x+4 +2x
20) (2x— 3P =4x> -8

92)8x —(x - 3x + 1) =6x-x

94) X -8
g

2

26) Lx=-8
20Ny

28) x+4=%x—3

H
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M
w
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sy XE_X_ gy Koo X
WETeT? 2 7=2-3
1 33) zx"l_fi"_l:'o 34.)_235_2_"1_5:_1,
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ay Y ___3__y+8 |
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Bai 2: Giai cdc phuong trinh sau: ‘
Dx-5+(x+37=2x~4)x+4)-5x+7
)X+ 3 x-2D-2Ax+ 1P =(x- 3P - 2x* + 4x
N E+1P - (x+2)x-4)=(x-20x> + 2% + 4) + 2
Dix-2P+x-5)x+5 =xx>-5x)—Tx + 3
B) (X +4)x* - 4x + 16) — x(x -4 = 8(x - 3}x + 3)
6)4x—1Xx +2)—-Bx+T=(x+3°—-5x+3
NE-DEP+x+1)+3x-2°=x(x+ 3x - 1)
B E+5)Nx~5)-x+3)E-3x+N=5-xx-x~92)
NExE+2P-2x+3)x—-4)=5-x(x—3)

10) (x+7){x-7)~(x+2)* =5(x-2)+(x-7)
Bai 3: Gidl cde phugng trinh 4n x sau:

pi.l.2 i, 1_1
g 2_1_3 | gl 31
3x 2x 4 x 2th
s 1_131 1 1 1
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_ .
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2 4 - 3x+11 30) 6 1 _ |
29):{—1 x+3=x2+23_3 x+3 -2 2x+6
7 2 1 39) 4 L5 _ x* -2
= =2
81) x+2 x+3 x*+5x+6 x—-2 x+1 x _x2~—25
2 b4 2 x°+
X x*+1 3 u -
33)x+2_x2—2x—8_3‘4 84) 2%x+1 x-3 2x*-5x-3
3 2 Ex+4 36) 2 . 15 _ 3
35) x+1+x+2=x2+3x+2 3x+1 6x*—x-1 2x -1
9 5-x 4 38) 5 N 2 _ 3x
37) 3x-1 3x° -4x+1 x-1 x-2 x+4 x*+2x -8
2%+ 9 -1
4 1 9 X _ _
39) X+6+X—'3=x2+3x—~18 40) x-3 2x2-8x-9 2x+3
‘ 1 x¥-x-3
2 1 3x+8 49 X - X
4 x+6 X+1=x2+7x+6 )ZX—3 x-3 2x*-9x+9
3 1 ‘Bx+11 44) 3 2xf~20 _ 7
13) 2x—1+x+4=2x2+7x—4 x+2 3x*+d4x-4 3x-2
‘ 2 N 1 - 1
) x24+3x+2 x°+5x+6 x°-3x+2
3 N 2 1
46) Z+x~-2 x*-4 x*-3x+2
X 3 ___ X
40 x2—1+x2—_2x—3 x> -4x+3

38

48) 2 + x+1

x2-%x-6 x*+x-12 x2+6%+8

49) x-1 X 4
2x*-3x-2 2x +7x+3 x+x-6
50) x+1 _ "x - 1
2% +7x-4 2x® “7x+3 2+x-12
51) y 3x _ 2x—_2 _ 3
6x°-7x-3 2x®-5zx+3 3x?-2x-1
52) 2x B Xx—-3 o 5 5
6x*+7x -3 3x%+1lx-4. 2x2+11x+12
© 53) 3x-2  4xz+3  Tx+1l
x2—12x+20 x>+6x-16 - x* -2x 80
54) 2x-5 N x—-6 = x+8
x> +5x-36 x>+3x-28 x+16x+63
55) 02x—1 + x—? _ 3x-12
X*+4x-5 x*-10x+9 x®-4x-45
56) 3x-~1 _ 4x 3

18x® +3x - 28 24x% +23x-12 48x% - Tdx + 21

57) x-2 x+1

X+2

4x? —29x+30 20x% -13x -15 5x —-274x+18

58) X+8 P S 8

x>+x-6 x° —x—2—x +4x+3

59) 3x - 1 1 " 3x-3
x> —1 x> -38x+2 x2—-x—-2

60) 22x+3 . 6 - .
x*+3x+2 x*-x-6 x*-92x-3

@i 6. PHUUNG TRINH TiCH

Bai 1: G1a1 cdc phu'tmg trinh sau

1 (x-1)(3x - 6) =

3 (x+1)(2x~—3)(3x-5) =0
5)(x+ ix+2) = '
DGE-x*Bx-1)=0

9 (5x - 6)° (x +2}{x +10) = 0

2) (2x+5)(1 _.sx) =0

2 6(x-2)(x-4)(1-7x) =0

6)Bx-2x+1Xx-2)=0
8)(14 - 2% (3 - x(2x~4) =0
10) (3x-3)°(x+4)=0 .

39



12) {8 -x)’ (3x+6)=0 -

11) (2x-1) (4x+5)=0 | 3
14) (4x-8)' (2x+6) =0

13) (9x+6)° (3x - 4)° (1-7x) =0
- : : 5 15) >

_ 15) (%x%—l] (3x—2)2 =0 | 16) [Zx—ﬁj(5x+1) ‘0

Bai 2: Giai cdc phuong trinh sau

a::.) (2x '+ 5Yx —4) = (x — 4)5 = !2:)

3) ~5(4x — 1)x-2) =2(4x - 1)

4}(x+6)(5—x) =-2(5-x)(7x+8)

5) (2x —~ 1)(5x — 7) = (2x — 1X9 ~ 7%)

) (x-2){7- 3x)={3x-T)(8x+ 32)

(2~ x}{x + N=(x- 2)(33 +5)

8) (x-1)(x+7)= (1-x)(3-2x)

9) (6x-T)(3x+4)=(7-6x)(x - 1)

10) (2x-3)(5x+1) = (3-2x)(x-5)

11) (3x-2)(x+1)=x"-1

13) (x+3}(2x+ 3) =4x22—9
15) (x — 2)7x + 3) = 49x -9
163 Esz -4)x+1)=8x+ 2)(x25- 1)

17) (22 — 4)dx — 1) = (x — 2X16x" — 1)
18) (x— 1P +X ~1=(x-1Xx+3)
10) (2% — 3) + 4x° — 9@ = (2x — 3)(3x + )
20) 2 -6x+9+xE- Nz +3)=x—- 3)¥2x — 1)

' 91)(4x + 3)4x — 3) + 16x° + 24x + 9 = (dx + 3)(5x — 3)
99) (2x— Iz + T+ 4 - 4x +1=2x - Ex~3)
93} (x -8’ -9 +x =(x-3)X=x+1) \

24) (2% + 5)° — 25 + 4x° = (2x + 5)(5'— 9%)
95) (4 - 8x)2 + 9 - 16 = (B3x~4)x + 1)
96) (7 + 6x)° — 49 + 36x" = (7 + 6x)(x — 6)

2)2(3x + 1) = (3x + 1){x - 2)

12) 0x® -4 —(3x+2){x-1)=0
14) 16x% - 25 = {4x-5)(2x +1)

94) 4x>

34) X3 =-1

37) (~x)° = -84

40) (—x)° = —343

43) 2x + 7)2 =1

46) (5x - 7P¥ =4 _
49) (26x + 9)° = 100
52) (1 - 2}{)3 = 8

" B5)(6x~ 7P =125
58) (9x - 10)® = -27

61) (x — 1}2 =2
By (dx —6Y¥ =7
8N (Tx-7¥ =3
T0)(Tx + 2/ = 7
73) —3%% = _48 -
76) -6z = —216

85) -5%% = ~10

88) —lx2 = --..2
3

[ e

91) 2x°

H]

97) 7x® =

160) 20x2 = &
5

103) 4(1' - 3z = ¢

95) 5x2 —

35} XS = -5

38) (—x)° = -125
41) (2X_ - 1)2 3 49
47) (10x - 7 = 64
50) (15 - 37x¥ = 1
53) (3x — 4)° = 27
56) (7T — 5z = -1
59) (1ix — 12 = =195
62) (2x — 3)° =5
85) (x — 2)% = 10
68} (9x + 10 = 10
TH2x* =8

74) 4x% = —16

77 Tx = —

86) 4x* = 20

gg) 25228
7F T 14

99) 8x% = -1
3

1
5
98) 8x% = L

8

.

101)2(x+ 1/ =8

36) X3 = 27

39 (—x)* = 216
42) (SX + 4)2 =25
45) (7x — 5)* = 36
48) (13 ~ 25x) = 81
51) (X + I)‘ == 1
54) (dx - 3)° = 64
57) (6 - 4X)§ = -8
60) (6 ~ 12x)°= 216
83V (x +4) =6
66) (5x + 1V =2
T2 2%% = 18

75) 5x° = 125

78) —2x% = ~128

81) —x? = 32
2
84) -3x° =8

87) lx2 o :.i_
2

90) - 2x? . 5
8 as
93) 4X2 =1
96) -6%2 = _,,56;
99) 9x% = 1
9

102) —3(2x -5 =87

104)-202x + 72 = 92

105) 16(0x ~ 11)° = 256 106) =4(5 ~ 7x)* = —100

Bai 3: Giai cdc phuong trinh sau \
1) x2 = 1 . . 2)x2 = 2 . B 3) X =23 107 1 . 1 2 2
iy DEits s )3xe 09 -20x-f - 24
N=’?=7 8) (—=x)* = X = | .
o cabrin by e 15 109) i(9 -7x)’ =4 110y _§(7x +18)° = _125
13)x>=13.. . 14) =14 15) (%) = - 5 . Z
16) x> =18 1M =25 18) x° = 36 ey N o
19) x = 49 20} % = 64 21) x° = 81 11) 'X'E) _1 11 (“_] 61
22) x* = 100 23) x* = 121 24) ¥’ = 144 y P =

C 25)x° =169 26) x° = 196 27) X2 = 225 o2 e
98) = 256 20) x° = 1 30)x =8 113) (—x+§J =1 114) (2x+—J ==
31X =27 32) x° = 64 33)x° = 125 = o
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8 4 16

3
9( 4 1} _25
137 "[—Exf 6) 3
3 2Y_ 1
139)7&1:;—7 ==

Bai 4: Giai cac phuong trinh sau

D {2x+7) =(x+8)°

3) (18x - 7)° = (Tx +9)’
5) (27x + 9’ = (24x - 7)°
7) (3-x) = (x+3)’

42

9\2
- =4
116) (7}{ 3]
T \Z
. 100
118) (ga.‘Zx] ==

52
120) (llx—gj =T_1_

35 7 2
2
4(5 _16
124 ‘E[E‘z"] 125
11(3 4 T_:ia
126) —G‘[Z 3 )
1 3X+LT=,,9_
128) 5\ "2**10) " 100
15(, 8_Y 375
130) ——[3—-9'1{] = 5.
7(1 1 ]2 |
— | ===x| =91
182 L(2 -
12, 1y _1
139 -3l5%4) =16
3(5 2)3 4
136) E(EX 3 5
25(1 7 )3_%
138)”_6”(5 10°) °5
8(_5_3 )3__9.
140) ’8_1[ 16 8 64

2) (4x +14)* = (7x+21)*
4) (6-9x)° = (5x - 7)°
6) (-5x-1)" = (x -2’
8) (4x—6)° = (6+4x)’

é} (1+ x)2 =(x- 1)2
11) (5x - 4)° = (4 - 5x)°

13) (-x - 3)* = (x + 3)°
15) (3x+1)* —4(x-3)* =0

17) 25(3x +7)* =16(1 - x)*

19) 36(4x + 1)* = (3x + 2)°

10) [2:: +

2 2
12) (—9— - 2x) = (21: - 2)
5 ‘ .5

2 2
14) [71: + %) = (—TX - -;—)

_ Bai 5: Gii cdc phuong trinh sau

1) 8x%* -4x=0

4) 6x+9%° =0

7) 2x* = x

10) 4x° =3x

13) -x% = 4x8

16) 27x® -54x* =0
19) 5x* +20x® =0
22) 2x° -50x =0

25)x3—1x=()
4
1
28) x*+—x=
) x+36x 0

3 x*+x=0
34)5x° + 4x = 0
37 x*+2x=0
40) —4x* - 3x%= 0
43)3x* - 5x =0

2) 2x*-16=0

5) 64x%-8x=0

8) -x = 3x°

11) x* =x?

14) -7x% = 14x°

17) 4x® +5x* =0

20) —20x* +100x* =0

23)3x°-27x=0

26)1{3-—ix=0
16
]_,
29) x* +—x=0
T

32) 4x* +x2 =0
35) 6x° +Tx =0
38) 9x° +27x =0
41)7x° - 28x° = 0
44) -6x° -15x =0

Bai 6: Gii cic phuong trinh sau

1) x> +4x-5=0
4) x> -Tx+10=0
7) 7Tx2+13x-2=0
10) 3x®> +4x -4 =0

2) 2x® +5x+3=0
5) 4x® +9x ~13=0
8) x®> -5x-14=0
11) xz'+2x—2=0

18) 49(x 21

2 1 2
7] | =81(§"_2)

. . (2 2
- 20) 64(1-5x) =9 §+4x :

16) 9(x-1)* —4(2x+1)* =0

3)5x*+7x=0 .
6) 18x-9x% =0 "
9) 3x% =2x

12) 2% = 3x?
15) x* -8x%> =0
18)-3x' - 4x° = 0
21) x* -16x=0

C 24) 4x*+64x =0

1
PR 2
27)251: =0

30)-x3+-612x=0 :

33) 7x° +2x% =0

0 36)9x*+x=0

39) 2x° _x=0
42) —‘Xa - 3X =0

3) x®+7x+12=0
6) 6x>+7x-3=0
9) x> +x-6=0

C12) x* -4x-6=0

43



-

14) 3x2 -x-1=0 15) 4x" —
17y 2 -x+1=90

'90) 9x® +x+1=0

13) ¥ -6x+7=0
16) Tx*+2x+1=0
19) x> -4x+5=0

22) (3'x2+2x+4)2 =,(x2-4)2
23) EE 1) ~(x? -—7x+6)2=0
[3x +5x— 14) =0

%% -x+ 5) = (—3x2 + 25; +‘5)2

y
25) (2x2 -3x —4)2 = (x2 - x)2
26) (

27) (35" + 3x—2)2 =x* (g- 1¥

- 28) xz(—3+2x) (4 —2x+1) =0

2 : 2
. 29) 4x [Zx+-;—) —(x_2+5x—5) =0

2
) 2
. e
30) (4 —.§x+4x ) 9x° (SX 2)
| | A% : 3Y
' uye \
82) 36(—x2 +2x + E] = 49x% (x + 2)
, ) )
33) 643" (x + 9 =25 (5::? + %]

34) xz(—-9x-_t-3)2f4(9x2—' ;;--6)2:0
1 7Y | 1)2 _
2yt 9 _ =0
4x 8) -4 [7:: x+7

Bc‘li 1. PH(IUNG TRINH Bﬁ( CﬂO
PAT BIEN PHU LA DA THUC

35) 64x2(

Bai 1: Giai c4c phuong trich sau:

2) 9x* +6x° +1=0
4) 2x* -7x* -4 =0

1) x* -13x>+36=0
3} 2x¢ + 5x° +2=0

. aa

18) x2+x+1=0
21)28% - 6x+8=0

5) x*~5x2+4=0
7 (X +52P —2x%+5x)—24 =0
9) (x*—2x—5F—2(x>~ 2x—3)—4 =0

2 .
11) [x+1J_+2[x+1J-8:0
X X

13) (x+ 2){x* - 10)(x - 2) = 40

2
12) [x-l) ~-3(
, X

15) x* +4x° -2x* -12x+3=0

17 x* - 4x%+ 5[x* - 2| = -8

19) 2x + 1)x + 1)(2x +3) - 18 =0
- 20)(2x +1)" (4x + 1){4x+3)}-18=0

18) x*

6) 2x* ~20x +18 =
8 +x+ D2 +x +2)=12
0 -5x+7)— Ox— 2Xx - 3)=1

0

1
b —
X

)

8

+ -

16) x2—2x+3—3|x—1|=()
—6x2+4|x* -3 =-

-0

14) (x* ~4x) + (x~2) =10

DAT BIEN PHU DANG (x + a)(x + b){x + c}{(x + d) + &

(vdia+b=c+d)
Bai 2: Gidi cdc phuong trinh sau:

DE+2x+4)x+6)x+8)+16=0

D{x+2Hx +3)x+4)x+5)—-24=0

3)x(x +4Xx + 6)(x + 10) + 128 =0

x+1x+2Kx +3¥x+4)-24=0

BIxX+IXx +2)x+3)+1=0
B)(x— 1Xx—3)x~3)x~T7)-

TH{x — 1}¥x + 2)x + 3)}x + 6) -

8 x(x— 1Hx +1Mx+2)-3 =0

O (x+2Hx+3)x—Tix—-8)-144 =0

10) (x —~THx - 5)Mx—-4)x-2)-72=0

11) (% + 8x + 12)(x% + 12x + 32) + 16 = 0

12) (x® + 6x + 8)(x% + 8x +15)—-24 =0

1P +4x 43P +6x+8)-24=0 _

14) (x°* -~ 6x + 5)(x° - 10x + 21}~ 20 = 0 "

15} (X% +x— 2)(x* + 9x + 18) - 28 = 0

16 (x> +5x +6)(x" - 15x +56)— 144 =0

173 (x2~ 11x +28)x* = Tx + 10) - 72 =0

20=0
28=0

PAT BIEN PHY DANG DANG CAP BAC HAI

Bai 3: Giai cdc phuong trinh sau:
1)(x +1) +3x(x2+1)+2x2.=0
2)(x——1) x(x* - 1)~ 2% =0
3) (x% +4x+8)2+3x(x +4x+8)+2x-—0
4)4(x +x+1)+5x{x +x+1)+x_0
5)(x-—x +1)—5x(x—x+1)+4x—0
6) (x* - x+2)“—3x(x x+2 +2x*=0

7) 3(—x* + 2x + 3) ~26x2( X+ 2x+ 3P -9x*=0
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8) —B(—x> — x +1)* + x4(—x" ~—x+1)"‘+5x =0
9)(x—-x—1)+7x“(x—x—1)2+12§—0
10) 10(x —-2x+3}4 Ixixr-2x +3F -x"=0
1Mx+9= 5x(x% - 3)
12)(x—6x—~9)2-—x(x 4x ~ 9)

13) «* +(x+1)(5x—6x—6)-

14) (x2 + 1P +(x+1)(3x —4x—5)—

15) x2(x—- 1)? +x(x -1)=2x + 1P

16) x* +(x-1)(3x +2x-2)=

17) 4x* + 12%° +12x+4 47x

18}2(x +x+ 12 —7(x 1)2_13(x -1
19) (x —2x+4)(x +3x+4)-14x

20) x* + x° +x+ 1 =4x°

PAT BIfN PHU DANG HOI QUY

Bai 4: G1a1 cac phu'dng trinh sau: . ‘ 0
l)x +6x +11x +6x +1 =0 i;x +§ 4:{2+xg}:+=1 o
3 x! +65° + T2 +6x+1=0 x! + 5%° X% +
5)6x +5x—38x+5x+6 0 6)x 10x§+26x2 0x+1=0
7)x+7x +14x +14x+4 0 8x*- 10x—-15x2+20x+4 0
9) 2x" - 5x° — 27%% + 25x + 50 = 0 10) 3x* + 6x°~ 33x" ~ 24x +48 =0

DAT BIEN PHU DANG (x + a)}{(x + b)(x + c){x + d) + ex®
(voi ab = cd)

Bai 5: CGiai cdc phuong trinh sau:
1) (x — 3)¥x — 5}¥x — 6)(x — 10) — 24x =0
2)(x — 1)(x +2Mx +3)}x-6)+ 32x =0
3) (x+1¥x —4Xx + 2Xx - 8) + 4x* =0
4y (x — 2Dx - 3Nx - 6Xx-—4)— 79x% = 0
5) (x + 3Xx — I(x— 5)x + 15) + 64x =0
6) (x — 2¥x — 4Xx — 5)(x — 10) - 54x° =0
7) (x + 2)(x — 4)(x + 6)x — 12) + 36x" = 0
8) 4(x + 5)x + 6)x + 10)(x + 12) - 3x =0
9) (x + 2)(x + 3x + 8Xx + 12) - 4%° = 0
10) (x — 18}x — T}x + 35)x + 90) — 67> =0

DANG (x + a)*+ (x + b)* = ¢
Bai 6: Giai cdc phuon, g trinh sau:

1 2y + (x + 8)* =272 2)(x+6)‘+(x+4)“_82
3;&:3;4:&:5)—16 HEB-0+2-%"=6-2x"

5)(x —2)° + (x - 4)° =
DANG POAN NGHIEM

Bai 7: G1a1 cac phuong trinh sau:
1)x—6x +11x-6=0 2)x x—-4x+4 0
3) 2x° +3x—8x+3 0 4)x*-5x>+2x+8=0

46

6)3x +19x +4x-12=0
8)2x—11x +10x+8 0
10)6x° - 172> -4x+3=0

5)6x*+x2+5x-2=0

DX +3x2-10x-24=0
92x* +11x* +3x-36=0
11)x‘—8x3+11x2+8x-12=0
12) —3x* + 20x° — 35x 10x +48 =0
13>;2x4-7x +7x+3 0
,14)x—5x 2x +17x—13x+2 1)
15)x—5x +6x—x +5x-6=0 - :
16)3x° -5 +5x-2=0 17 2x° + 5% £5x+3=0
18)3x°* +5x°-x-2=0 19M4x*+x2+x-83=0
20042 - x> +x+3=0 . 21)4x3~—7x2—x+3=0

22) 6x° - Tx° + 51— 2 =0 23)4x—5x #6x+9=0
24) 4x° + 5x* + 10x - 12=0 25)5x° - 12x> + 14x -4 =0

DANG a" = b"

Bai 8: (x1a1 cdc phuong trinh sau:
1) x* = 24x + 32

3) x* = 24x + 32

2% =2x+8x +3
4) x* =2x*-12x + 8

5) x =dx+1 6) x* =8x+7 -
7x*-13x°+18x~5=0 8 +x*+6x-8=0
DX +3x*-3x+1=0 10)x* - 3x* +9x -9 =0

DANG DUNG BAT PANG THUC

Bai 9: G:a: cdc phuong trinh sau:

1)x +y2=xy

2) x* +y2 2x +2y)+5=0

3)4x +9y2+162-4x 6y —8z+38= 0
4) x? +y +2xy - 2% +2=0

5)2x +y2+z—-xy+y.a+zx

6) 5x° +3y2+z—4x+6xy+4z+6 0
7)2x2+2§r + 2 +2xy+2yz+2zx+2x+4y+5 0
8)x 2x +3x 4x+3=0

N -2 +x* -2 +2=0
10)x2—4xy+5y2+10x—22y+26=0

Bdi 8. PHUONG TRINH PHAN THOC KHONG MAU m_lc

Bai 1: Giai cdc phuong trinh sau:

1 2 6
1) 3 + = .
x°-83x+3 x*-8x+4 x*-3x:5
1 1 9
2) + =

K% -2%x+2 x®-2x+3 2(;;2 _2’”’;4)

3 x2+2x+1+x2+2x+2.wz
+22+2 x?+92x+3 6

47



;2 8

4) = +
2 -92¢+2 x°-2x+3 %x°-2x+4
oL 2 . :
5 B X X -X¥Z 4 —m-21 ~x? s dxed = 0
w?ex+l x2-x-2 x® -4x+10
________x +ZX+7-—X +4x+4=0 8) x* +x———-——2: 7 =5
%2 +3x+3 , _ . x*+x+1
Ba1 2: Giat cdce ph.ro‘ng trinh sau: :
2x 7 : 3x Tx
1) - =1 2) 5 +— =4
3 _x+2 3x*4+Bx+2 x?-8x+1 x*+x+1
3) x2-10x+5_ 4x : 4 x2~—3x+5-_x2—5x+5__1
x> —6x+15 x°-12x+15 Vox?-4x+5 x2-8x+5 4
5) dx b 5x . =_§_ 6)— 4x — 5x _1
22+x+3 x*-5%x+3 2 dx% —8x +7 4x*-10x+7
7 x? —13x+15 x* —15x+15_ _1_ '
x? -14x+15 x> -16x+15 12
8) 4x " 3x

T 4x® -8x+7 4;{2-1'0x+7—
Bai 8: Gidi cdc phuong trinh sau: o
1 1 1 1

- 1) ' + + =
R 19x+20 =°+11x+30 x*+13x+42 18
o+, .1
x>+4x+3 x> +8x+15 6
1 ' 1 1 ' 1 1
3) + + — — + =3 ==
Z+8x+2 x2+5x+6 x+Tx+12 x*+9x+20 3
1 1 1 1
4) + + +
P2 ibx+d4 x+11x+28 xP+1Tx+70 x° +23x+130
1 1 1 ‘ 1 1
5) — + +— —t+ — -
o xPex % +3x+2 x‘.+5x+6l x>+7x+12 2
6) 1 3 . TR 1 -1

x> —7x+12 x -—11x+28 X —19x+84 T4

Bai 4: Giéi cac phu’dng trinh sau:

: 2 _ )
1) 20[ ] -5(’”2] 485" % ¢
x+1 \x-1 %2 1

2)(x+2] +[x 2) 52 -4,
x-1/) tx-1, 2[x*-1 :

48

4

[ J—

13

5, (2007~ x)? + (2007 - x)(x - 2008) + (x - 2008)" 19
(2007 x)* - (2007 - x) {2008 -- x} + (x — 2008)" " 49
Zz
4) 5(" 2} aa[X22) e Xt
+1 kx—l/ x® -1
5) ZO[X 2) _sLx+2\ X"--4=0
x+1 x-1) x2-1
_ _ 2
6) 3(" 3) +168(x 3J _ 46, ——~9—=0
X+ 2 x+2 %2 4
3 : . 4
7y X +x =2 8) (X"‘l)_{‘g: 9) f_z.f_f’i = 5x
(xz—x-i-l) {xz—x+1)' X" -2
L
Bai 5: Giai cdc phuong trinh sau:
’ 2 ' 2
1) 5+ 2% =12 2) k2 SE 40
{(x+2) (x+9)
‘ 2 )
3 x*+ =15 e .97
(x+1) (x+3)
2 ' N2 2
5)3‘—+§—5[x ﬂ 6)( - } +[ = )-:E
3 x? 2 x| x—1 x+1 9
¥x-1¥ (x-1Y 40 x Y
7 ‘ = —— 8) x2 =
)( X ] +[X—2] ) ) +[x—-1 ®
1) .. 1 1 1)
9) (x2+—}+5(x+— -12=2¢ 10) £° —-:5( =
x> 2) x° \X+XJ
11) x° +_1§= 13(1{4._1-]
. X x N
Bai 6: Gidi cdc phuong trinh sau:
' 8 S S > |
) 1) Xs—xz‘— _=2 . 2 + =92
. . % —x? ‘ 2x% +1 x* :
2
3)1{ + X 5. 3x L d=0 4)1( +1+_x_::§_
b4 > +x-5 .4 *+1 2
§-x 8_x 5-xY 5-%
5) x =15 6) x. =
x—l{ x—l)l ° )x(x'+lhx+x+l) 6
g2 2 L2 .2
)(7)1 x)[7+x]=10 8)(3}; xJ{x GJ:Z
x+1 x+1 x-2 x 2

48



§ e R AN i e AR e

9) x[é—_—x)[x + 8- 2XJ =3
x+2 x+2

L2
11 [7); X ]{x +21] 12
X+ 3 ‘x+3

x+1+x+3=x+5 x+7
65 63 61 59
x-1 x+3 _x+7. x+11

1995 1991 1987 1983
315 - x+313 X 311-—x

1)

2}

3)

309-x

3x-12

10) x.[4" "J[“
X —-X

T x-3

+4=0 o

101 103 105 107

x«b—c X-c-a X-a- b
a b c
a+b-x a+e—-x b+c-—x
+ +

4)

5)

=3

4x 1

Cc b a

2a+b+e-3x a+%2b+c-3x
6) +

a+b+c

a+b+2c—3x__6_ 9x

-4

' 2 2
12) [7x—x J[x —7}212
x—1 x—-1

Bai 7: Gidi cdac phuong trinh &n x sau:

a b
7) X—a+x—b+x—-c=2(1 1

be ca ab a b

x-ab "x-ac x-be

c a+b+ec

)
it S
C

8) + + =a+b+e¢

a+b a+c¢ b+ec

Bai 9. CAC BAI TOAN CO CHU@ DEU GIG TRI

TUYET poI

Bai 1: Tinh gid tri cla cde bidu thdc:

1) A=|-3+4-

3)A=]—§+-2-
AME

5) A=|-3-|4|-7

7) A =2-|-11]-[19]
9) A=|-3-4+4-2-

a2

50

4)A‘

2) A =|-2007] +|-2005] -
1 6’ 4

+l-—=-=
15 5 3
6) A=-—I——6I-—|4[+9

AR

dial

.4 4 ____
13)A:§*](5 15 2 10! l !

4 3

14) A=2- 2|—4 -——g)l |1 Z(E‘Z)l

' 1Y 3/1 3
15) A =i_il§ ...(}.__)l__.

3 3916 2/ 2|4 4
5 5| (3 1) 1 7
. =2 22 2] [
1) A=y 4| [5 15)+ (4 10

"17) A = [2005 — (2004 —
18) A =[3-}-3+3(3--3) -2

ol (A

§[§-|2007° ~1)+

| ~2003)112003 —

i3]

20) A=

53

)|‘2l3 (g‘%]I :
12004 — 2| - 20031
(2-2(2=2t2))]

Bai 2: Bé dau gla tri tuyét doi va rat gon cac bidu thdc sau:

D A=|x- 3[ 2x ~1
3) A=[6-x]-2x+4
5).A=|x-2-2x-16

7) A=|2x -3 -4x~3

9) A=|3-3x|-9-3x

11) A=-3x-2-[2x-1
13)lA=2+]x—1|+]:x—2]
15)A=|x—1|+|x—3[—

1M A=24-5x— 1] +4lx+10]
19) A=9+x-[5- - 4x|-[3x - 5|

|x| + X - 1

2)A =

4 A=p-x+ax-T

6) A=|4-2x/+2x-8
4

8) A=|- 3

. '_ 10)A=‘2x+4‘-|x—3|
12)A=6-8x-[3x +3]

14)A=10—2x+|x—5{+|x—4|
16)A=|x+5[+|x—3[-2x+1
18)A=2+ |3x-5| — 12x + 4]

' 20)A = |x+5| |=- 1| |x'_—- 2[

‘Bai 3: B3 ddu gid tri tuyet 481 va rit gon cdc biéu thuc sau:

1 A=i{x+3-2x+1 véi x>-3
-8 A=[l-x|-2x+4 véix21

"*w-.____‘_-

—

2) A= Ix 3 +x- 1v0'11i>3
4 A=]3- x|+3x 5vmx>4

5t



5 A=|x+2<x-6 véix<-2

7y A= 2x + 3] -2x-3 vdix < -%

pofeo

9) A=13-2x|-9-2xv6ix2

11) A=3x-2+|2x-1fvéix < %

' 21) M_E = _’_‘._?’_'
3 2 |18 2
25) [x] = -
25)2x + 2| = |2x + 1

27)%3. + 6| = lx + 1]

6) A=]4—xi+x—8 vGix <4

| . : ‘ ‘
8) A:-|--x+f% ---x+fl— viix > 4

<V

10)A=2x4_—4+]3x+3}v6ix2:—1 .

12) A=6+3x—[3x+3vdix 20

13)A=3-x- |2x-4lvéix23 14) A= 4-!3x 6] - 2xvoix>3
15)A=4—ix-—x—% véix<-1 16 A= 3——x — - -x|Vv6ix25
. . 3] 4 .
S 17) A=3x—_4—[5x+3[vo’1x$—2_ 18)A=4-—‘3—Zx -'-—3-xv0’1x50
19) A = 2007 - 2008x —[2005x - 2006| v6ix <1
20) A = 2006 -[2007x + 2005} - - 2004x véi x < -1
Bai 4: Gidi cde phuong trinh saur ) _
Dix|=jx+1 - 2) [x+ 3= |4
3) x| =]2x -1 4) [x+1 =3z +1]
5) {x| =[2x - 5] 6) |3x + 2| =|-31]
Nipx-1={2x-6 8) [t -x| =|3x+4|
9) |5 - x| =|2x - 5| 10) [x - 3} =[3x -1
11) |4 - 3x] = [2x - 10} 12) [15 - 2x]| = |x + 4|
Sl 3|8 5
13)x-—l=x- Sx-8=3x-2
Hx 2], 5 ¥ 1! | 14) 3% 3 =3x I
a1 Bl 13, 4 1 x) |x 4
15) -x——d=i=x -2 16) = -Sj=|=-=|
T e .5‘ OB 3'
1. 8 |4 2 1. 4] 4
Sl rea A 5[ 1813 '3| ‘1 3"
19)]2006—x|=[2x-2005| ' 2'(})'2007-%:; [2006—51;

22) |x| = ix'-

24) |2 x| =1 - ¥

26) s -2 =[1-% .
28) [2x ~ 1| = |2x + 1

29) {8x - 2| = [3x + 2]
31) l3x-—3| = |3+3x|

| ._:1_\_!2_ ..
33)|X 3—3 A

26x + —l—l
27

1 N
_ 1 i 96xl =
35) ‘ o7 + 26x%

<31

39) 2004} = |1 — 2003x]

37

Bai 5: Giai cac phuong trinh sau:

1 |2xl =8
.87 =22 1]
5) x| =2x -5
7 [5x—1| =2x-6
Nis-xl=2x-5
1) |x -8 ==
13) [1-x| =2x-1
C15) (25 + 2| =-8-x
17)|x+6|——6—x
19) {8x -2} =38x -2
21) |4 - 3xj =2x- 10
oy lx— 31 =3x_4
2 Tann.
4 4 4 5
27)!11:—-?1] éx—g
4° 4 5" 5

29)|2006 - x| =2x-2007

4 2
1) lx-2=2-
31) [x 33 x
33) |- + 265 = 26x+3-
27 27 -

35) 3-ix|=

37) |x+%|‘—2x=0
30) 3x — [4x}{ =0

30) 12 —4x| = |1 ~ 4x|
32) [1-2x| =|2x - 1

' 34) §x—2!-=12--§-x
2 2
36) ’x[=|—1|
3
38) -—x—l'=|—-2005l
3 4
40 =-2_=
BN
2)ix+3 =-8
4) x+1!=3x
8) 13x + 2] =-31
8 |1-x{=3x+4
10) |x- 31 =3x~1
12) Ix| =1-x
4 |2-xl=2-x
16) [x-2] =-3-x
18) |2x -1] = 19 — x
20) |2 —4x| =4x - 2
29) {15 - 2x| =x + 4
24)!-5-x—3|=3x 3
5
4
96) |2 - X|=X_2
)I | <3
'28)|--X—j4—|=1 i
«3 3
30) 12007~ 3x| = 2006 - Lx
2" 2
32) —3-x—2l='2—§x
2
34) l—3—2—+4x E—Ex
3 2 3
36)§fl3v2xi=
38)3+2x—]x[=

40)x-3-|x+3/ =0
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Bai 6: Giai cdc phuong trinh sau:

1) !le = |5x|
3) |2+ 6 =}-5x

5) |x2+5l=|6x|
7) |2+ 30] = |-11x]
9) |x%+12] = |-8x|

11) [x? + 21 = |-10%]
13) Jx® + 1] = 2x|

15) [x? + 9| = J6x]
17) [x? + 25| =|-10x
19) |ax? +1] = |-4x]

Bai 7: Giai cdc phuong trinh sau:

1)x-2x-—|—4x+8|

3)x —4x -8 = |—2x + 18]
5)x +6x+8=l4x+ 16
¥ +3x—20=[x-12

9) x* - x ~12 = |-5x + 20|

ll)x +4x + 5 = 21+3f
18)x® + 6x + 9 = |—1|
15)x2—x+7=-]——5x+1_
1IN +5x+T=13x+5
1L +3x+4=|=x-2
21) |lx+ 6 =x° .

23) 1 -x| =x>-1
25) (4 — x| =x%+ 2x
27) i2x + 4| =2 -x
20) jx+ 1| =x*-2x -3

31) |x+2{=2x" +4x
33) x+ 1} =2x* +4x+1
35) 2x + 1] = 2x% +8x+1

37) |x + 2} = 3x° +4x
39) |2x + 2] =—3x—3x
41)I3x+2|—3x +2x

43) [-3x +12| = x* - 4x

2) |-8x* = [7x|
4) Ix2 + 2| = |3x|
6) lx2 +18] = |-9x|

8) ]x2_4-3| = ldx| 7
10) [ + 8} = |6x]
12) =2 + 8] = |-9x]

14) [x* + 4| = |-4x]

16) [x* + 16| = |-8x

18) |-x* - 36| = |12x
20) [9x® + 1 = |6x]

)x +4x-l6x+24l
4)x +3x+20=l——9x—12|
6) x>+ 11lx +28= |-x-4
8)x* +2x+16=|-8x -8
10) x* + 7x — 4 = [3x + 28]
12)x +5x+7lx+1]
14)x -2x+5-|—4x+3|
16)x* +9 = [—6x-— :
18 +6x+9= 2x+3|
20)x* +4x + 6 = |-2x - 4]
22) [x - 6] =x* — 4x

24) |22~ 2] =x* - x

26) |x+4] =x*-38x-1
28) x+3| =x*~2x-1
30) [3x+3| =x*-x-2
32) |2x+2|=—2x2-—3x
34) [x+1| = —x* —4x -1
36) ]2x+ 1] =-2x% - 3x -1

38) |2x+1! -3x® -3x-1
40) |3x + 2] =32+ 2x

42) [3x+1]=—3x -2x -1

44) i4x—12|=x2;3x '

45) [3x — 6] = x2-4x+6
47) |2x + 12| ='—=x* - bx
49) |x+12| = x" + 6x

' 51) |6x+12| =-x*-x

53) |-2x + 8|‘= %% +4x
55) |3x+6] =x2+2x
57} |x+1| x -5

. 59) |2x +4]=x* +3x4+2
Bai 8: Giai cac phuong trinh sau:

1) {x% =1
3) |x2| =
5) Ix2 +5x| = Bx

D &+ 3x| = -12x

9) [px* —12x} = -

1D [ -2 =x-1
1) |x* - 5% =10 - 2x

.15) ‘x +5xl —3x 15~

17) |4x +3x|—-12x 9

19) |5x _ 12x| =24_10x

3) x+5|+]3- % =12

5) |2x +2|+[2x -3} =11

T 6-8xl+2x+2[=14
9) [x+2+[7-x%/=38x+4 .
11) [4x - 2| +[5- 3x] = 2x +4

: NANG
" Bai 9: Gidi cdc phuong trinh sau:
. ,l)lx+2|+|x-—3l'=6

46) |6x - 12| =% —x
48) |22 +10|=x* +5x + 2
50) [-x-11|=x* +6x+1

52) 4x-8§|=x" -2x
~ 54) [4x—4]=x" —2x+4
' 56) |3x+ 6] = —x° -2x

58) |x+2|=x2—-4
60) [3x + 6] =—x% - 2%

2 || =4
4 lxz+2x[=—x

6) Ix2 - x| =-x

8) [x* - 8x|=4x

10) |-x* - 8x = -

12) Ix2 -4[ —4+2x
14) | +2x=-x-2

ox2 - xl = —4x+ 2
18) .]2:;2 . 3x] =6—4x

20) =2x+3

x84
2

CAO

2} Ix—2| + |x+4l =10
1 x-§]=2
2

4 -+
)x2

6) [3x+2+|2x— 3= 4

8) [x+2+jx+3=4+x
10) [4x+7|-|2x - 3 =4x +1
12) x-[3x+2/+|x-8=

- 55



Ba1 10: Giai cdc phuong tnnh sau:

13) Jx -1 +x — 2+ x - 3 =12
15) !x|+|x+2]—ix+4|=4—x

17N ]x,%|x+1]+|x+21+!x+3|-‘—-6+x

14) |x+1]+{x+2|+|x+3|=
16) [z} - 18 — x|+ |x ~ 4] = 3x

18) [x—1|+|x‘—2]+lx—3[+]x—4[=6+3x‘
19) |2x - 3| +|3x - 4] + |4x - 5+ [5x - 6[—7x—8
20} 1-18x+1}-lx + 2~ |5+ 3} - |6x+4]=0

1) 2% — 1 |.-x

8) i2x + 3| =3x

5) i2-x| =2 -2x

D 2x1 x+1|—4x ‘
9) i +1x+27] =38z

. 11) |3—x[+]2-x|=—3x'

13) bk + 8 +[2x + 3| = 4x
15) jx+ 2| +|x+ 9| =3x -1
17) Bx -7 +[8x -1} = 4x- 20

- B) lx+4]{ =3x-9

8) |x+2 + {3+xf = 5x

107 -xi+9-x%x| =2-x
12) |3~:+2E ]x+1| - 3x

14) |3z + 2| +[3 + 2x| = 6x
16) [x-1+[x+4|=3x-9
18).i5x+2]+|3+5x|=7x—1
20) [7-x%|+|9-x=2~x

By |x+1=1-

7)

]
(a3

W — = ———X
4

9) [x+ 3= -x—3

11)3- |x—38 | =x
x {3 x|l 3
’3““':1"5 3

- 15) |x+2{ |x| X+ 2
17) [2x+2]~—2=2x—|x|

19) |x—1] +x+3=4- |4x- 3]
Bai 18: Gidi cac phuong trinh sau:

1) ]x+31+|4—x|=

3)) x—ﬁ
2 5

5) [3x+ 1+ [5-2y|=

+f1—'—x=0

16) jx-2|+]x - 1| =

2

6) x-4i=

10 = - =
5

12y x — |k—

14} E'x + é
4 4

—1
18) §x+1l—x=1—|x|
20y lox— 1! + l2x| +2x—1=0

x-§||+!3'~2x| =
2

4) [x+ 3 +ly +5| =

6) [2x+8|+|4y -7| =0

19) |x + 26|+ |x + 27} = 3x i . ]
C21) 2x- 3+ 2f3-x|=x-4 22) 3-2x¢|+|2-x|=1-x 7) }3x—7|+’%y+6§|= 8) l§x+~g—+%—§—yl 0
93 lax+ 5l + 12-xl =8x-7 24 [3x-2| |1—5x! = —2x _ 42

25) jx+ 1] +|x + 2| +|x+ 3 = 4x 26) [x-1+|x-2|+|x -8 =-4x . 9) 3lx+3|+4ly+5| = 10)§Zx+3 +ly-3/=0

o7) |2x— 1] + {3x- 2] + [4x- 3] -5x +4=0 B o
~28) lx+1l +ix+2] + |x+3| |x + 4] =5x | 15) I—%x+14+3|4y+7x["’=0 16) [x+ 8|+ |y + 5|+ |z - 3| =

29) {2z~ 1} +{3x - 2] + l4x 8| + [sx 4| = -20x + 1 L
80) |x—1l'+ bx + 2] + |x+3| Ix + 4] « Ix+5! r 17)4|2x—7|+53y-—§—+6§z+£‘=0
Bai 11: Ching minh cdc bt ding thie sau va cho bigt dfu bing xdy ra | : - ‘ 8 2 50 -

khi nao? : 18} |x+1|+|y+2|+lz—y-—x|=

Al =4 4)[A| -A | . 19)|x—2|+|y—3|+]zz—'y+xg='o

-3)|A|+[B|2A+B 4y |A]<[B]zA+B 4l 14 4
_ : , : Bl IS ol 4y - 3x| =
'5) |A|-{B| <|A-B| | 6) |Al+|B|+|C]2 A+B+C 20) X 3' tay 7+1z+ y -3

9). |A]+|B]+|C]=|A+B+ (]

" 10) |A]-[Bl-iC|<}A+B+C| -
Bai 12: Gidi cic phu‘dnc trmh sau: C

22_)-|x—1| |y—3x| |2z -y} =0
23) |x—y| !y—3[+|23‘—x[=

Dx+l=x+1 2) x-1=x-1
3) :\;:+~5—=x+é 43 ]x—é‘ﬁx—i 24) |X yl+ Y z) +[22 - 6}
-3 3 A 4 . 4 L
. o | | . o | - 57
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SURTER LS 9

25) [x -z +1|+ y - 82| + |2z — 2006| =
4
26) f2x—3y’+4y-§+]z—y—x|=
27) |2x—y|'+lly—3+|z—-y-—x—~999|=
28) x -4z +1}+ y 3x+z+-§~z 2002/ =0
4 1
29) x+g yi+5i= y—— 133 -22x - 117 =

30) [x -1} + |2y+z[ ly - z+999|

Bai 14: Chitng minh cic bit ddng thu’c sau:

1) ]x+2|+[3 x|>5

3) |x+3|+|9—x|,212

5) [x+2]+|x—5[27

7 Bx-7|+|3x-1|=6

9) |x - 2006] + |x -~ 2007| > 1

11) |3x + 8/ > 6 - 3x + 2|

13) 2x-3[+2|3-%/>3
15) 2x+1]+|2-x|23+x
17) 8x+ 2} +|1 - 5x] 2 3-2x
1 1

19),—1—x+--
373

21) jx-6/+[2x+5)=11+x
23) |x -5[+|2-3x] 2 4x -7
25) [x—4|+622x—|2-x|

2
+ |-
3

27) [2x —4]+[5-3x|2x-1

1 5
—+ =X
3 4 4 2

31) ]x+1| |x+2|+|3—2x|26

1 1

29) ‘__,_ +

33) [I-x{+|2-x|+[3-x26-3x

= —X——

2) x-2|+[7- x]>5

4) 3x-2/+13-8x>1

6) x-Tl+[x+4|=11

8) [px+2|+[3+5x|>1

10) 997 - x| +]999 - x| > 2

x+l|2£— 1
2 6

§+x
14) 3|x—-2|23—|3x—3{
16)dx+5{+|2—x[>7+3x
18) |8-x|+[2+3x{ 210+ 2x

12)

20) 2x+1+[x-2/23+x

22) [x -3 +]2-2x|=5-3x |
24) 2x+1f-x>3-|2-%]
26) 2x+11|+[x+2/>13+3x

5| [3
28) [2x+ | +|——-x[=24 -
} x+2+2 Xz4-x
5 1 1
30 ——] 2_j--=
} x 2+x 5 l

32)¥]x+1|+|x+2|+[x+3|23x,+6.

84) |x + 999+ lx+ 1000 + }x + 1001 > 3(x + 1000)

58

35) [x—,1|+[x—2|+|x—3|_233(2—x)

37) [x+1]+jx+2+|3- 3x| 2 5x

36) |x—4|+|x -3 +[2x-12{>5
' 88) jx+1+2x-2+[x+3>8

39) fx+1|+2|x+2[+'3|x+3|22(3x+7)

40) [x+1|+[8x -2 +[x +7|210-x
41) [x -1+ [x -2/ +[8x + 7|2 x+10

42) [2x +1|+|2-3x]+[x + 7|2 6(x +1)

43) [x+1]+|x+ 2+ |x + 3+ {x + 4] 2 2(2x + 5}
44) |x+1]+|x+2|+]x+3[+|;+4]22(x+4)
45) [x+ 1|+ |x+ 2+ |x+ Y+ |x+4|>4

46) [x+ Y +|x+ 2+ |x+ Y +[x+4]2-2(x+1)
47) [x+ 1 +{x+ 2| +|x+ 3+ [x + 4|2 -2(2x + 5)
48) Ix—1|+[x-—_2|+|x—3[+|x—4|22(.2:;—5]

49) jx~1f+x -2 +[x - +x-4=4

50) |x + 2003]+|x + 2005] + [x+ 2007{ |x + 2009[ >8

Bai 15: Giai cac phuong trinh sau:

D x+2{+[8-%|=

3) |x+3]+|9—x]=12
"5 x+2+[x-5|=

7 3x -7+ 8x-1=86
9) [x - 2008) + |x -- 2007 = 1

11) [3x+8|= —[3x+2|

13) |2x- 3|+ 2[3-x|=
15) 2x+1|+|2-x|=38+x
17) |8z + 2| +|1 - 5x| = 8-2x
19)}1x+—1- 2.1
3 3
21) [x-6|+[2x +5=11+x
23) |x-5|+|2-3x| =4x-7
25) |x-4]|+6=2x~|2 -3 |

27) |2x-4|+[5-3xf=x-1

12) |x+-

2) x-2/+|7-%|=

4) |3z -2} +{3-3x]=1

6) |x-7+|x+4|=11

8) [5x + 2|+ |3+ 5x| =

10) |997 - x| + 999 - x] = 2

14) 3[x -2 = 3-|3x - 3|
16) 4x + 5| +=]2—x[ =7 + 3x
18) |8-x|+]2+3x|=10+2x

| 20) l2x+ 14 fx-2=3+x

22) [x—3|+|2-2x|=5-3x
24) [2x+1|—x=3_-|2-—x|
26) [2x +11[+]x+2/=18+3x

5

28) 2x‘+_§

+§'— l=4-—:i
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:‘ o 29)' "—X-!-; 2 I —X—‘% 30) _g_x__g'*_x=2___]_-‘m}_x 17) lx+1l+|x+2]+lx+3|+[x+4\2_3(X+2)
s et | 2 a8 x-1efx -2+ x|+ [x- 4= 3(x-2)
33) |f+l pergfe-ax=6  SDpx+lrixadalxrF=3x+6 o) x i1 ufx+2+|x-B+ix-4]23x
x| +]2 . : -
C gy x+9|991 !x[ [3-x|=6- o -20) lx+1[+']x+2]+[x+3|-z—|x+4|+]x+5|26
, 35)E {+Ix + 1000] + ]x + 1001| = 3(x+1000) 21) e+ e -1 -2+ je- 3 [k~ 4] 26
: -1+ x-2 +] = ; - -
36) |x—4l|+|[x_3]l:l|§ 3I12' _(i R : 22) |x - 8]+ |x - 1] + =l + +lx+1+ix+3=8
' 37 ]x.+1’+'x+2 3x; 'Id | R ' 29 x—4|-4+]x-2- 2+ x|+ [x +2-2 +|x+4/-420
38”“1”2 | +18 - 8x| = 5x , o 24) |x— 1l + Ix—=2| + Ix- 3] + |2x + 8| + {3x + 14| 220
|+ 22 +]x+3=8 R i 28 |2x-3l+ 53X-1i+4lx|+I3x+11 l2x + 3| 28
39) [x+1]+2lx+ 2+ 3z +8 = 2(3X+7) ‘ . . Bai 17: Gidi phuong trinh sau:
40) |x+1| ]3x 2{+[x+7]_10 X ‘ _ 1) ix| + Tx +1] + lx +2] =2 2) [x——1!+!x[+|x+2|=3
- 41) [-"_1!+|x—2[+.13x+7|=x+10 _ . ' 3)|x—4]+|x—1!+|x+2| =6 4) lx - 1l+lxl+lx+1l =2
42) s 2 Su] s jo 7] - (x4 1) | ) 5) jx+ 1+ |2x+ 1 +]x{ =1 6) Jx -2+ |2x— 8+ |x -1 =1
43) lx+1|+!x+'2]+|x+3]-!—lx+4,=2'(2x+5) | ; T |x-1+[3-x|+|x-5]=4 8) [3x~—,2|+12x—3|+|2x-—1|=
44)-IX+1I+,X+2I+IX;I-3I+IX+4l=2(x+4) R ‘ : 9) [x -2+ [2x -3+ |x-1=1 10) [x 1|+ [3x - 4f+jx -3 = 2
q N ‘ g 1) ke U+ix+2+x+3=2x+5 12)ix -1 +|x -2/ +|{x~-3 =2x-3
e AR R
- X+ 2 fx s 3 fx e g = -2(x+1) _ 14) |x;1|+lx+2]+|4—2x]=21i+1
e ey, @Eeletkedibod-
-2 +|x -3+ |]x-4|=2(2x - : : :
49) fx — 1 [x = 2 + Jx - 3|+ | 4: 4 o 18 ]x-+1|+|x+2[+|x+3!_.+]x+4]=x+6
! - X — = .
3 | C | : - 4= -3(x+2
B0) [x +2003] + [x + 2005 + [x + 2007 + [x + 2009| = 8 o 17) IX%ll+|>:+2!+lx+3|+!x+4|ﬂ33_(:;;)
Bf"“ 167 Chitng minh, céc bat ding thic sau: ' 18) [~ 1| +|x -2+ [x -3 +[x -4 =3(x-2)
1) el 1 fes 22 2 o et b %23 e lelae-g kg
3) 'x—4{-_l--lx—-1|+[x+2|2_76 4) x-U+|x+jx+1=2 20) |x+1|+|x+'2i+}x+3]+|x+4!+‘x+5|=
5 [x+1l+|2x + 1+ x| 21 6) [x-2f+[2x -3+ x-1=1 21) ]x[+|x—11+|x—2|+]x—3|+{x—.4|=
7)_13_1]+|3—x|+]x_5]24 '8) Bx—2|+[2x-3+|2x- Y22 22)Ix—3|+|x—15+|x|+}x+1|+[x+3f=
9 -2 +[2x -3 +|x-1|>1 110) k- 1]+ [3x 4] +[x -8 22 23) fx- 4| -4 +jx -2 -2+ [l +[x+2 -2+ [x+4{-4 =0

e e B ] B Al
13) [x -1+ |x -2+ |22 - 8> 3x — 4 - | ‘ 95) |2x — 3|+ |3x - 1|+ 4[x] + 3x + 1|+ [2x + 3 = 8
_ 14) ’X_1]+[X+2|+|4—2x[22x+1 Bai 18: Chdng minh céde bat déng thdc sau:

15) |x+1|+]x+2[+|x%3[+[x+4]zl—x 1) Ix+1l2+|x31|222 2) ]x+2|2+]x-‘2[2>_>8
16) [x+ U+ fx+ 2+ x4 8+ [x+ 4] 2%+ 6 3) [x+3f +|x-3F =18 g xeafrlx-4P 232

&0
61



5) Ix+5]2+|x;5|2 > 50

D ix+2|2+ [x][222

9) [« +[x-4f =8

11) !x+1|2+|x~—3|2 =8

13) Jx + 2004]" + |x + 2006[" > 2
15) |x + 2005 + |x + 2007 = 2

6) x+6 +|x~ 6 272

8) [x|2+|x-2]*=22

10) jx* +[x+ 6 218

12) jx+ 57 +|x~1f =18

14) [x-999[" +|x ~1001f = 2
16) [x - 2008(" + |z —2004]" > 8

17 |2x'+1|2 +]2x—1[2- >2 ' 18) % —

11
x+4'{ +
2|

19) |x]2 +]x - 1P > %

Bai 19: Ching minh cdc bat ding thic sau:

62

1) !x+1|3+[x—1ll3 >2vdi-1<x<1
2) |x+1]3+[x—1|3>2 véix < -1

3) |x+1|3+[x—1|3 >2 véix>1

4) [x+2 +[x-2° 216 véi -2 <sx <2
5) [x+2° +|x -2 >16 véix < -2

6) |x+2 +jx-2>16 véix > 2

7) |x+3]3+[x—3]3 >54 v6i-3<x<3
8) |x+3f +x-3 >54 véix<-3

9) ix+3|3+|x—3]3 >54 vdix> 3

10) X+,1_ +x—l 21 voi —lsxsl
2 2 4 ] 2
k1 3
11) :.:+l +x-—-‘1— >l vil X< ——
2 2 4
3 3
1 \
12) x+-§ +x—§ >Zvc'n x>%

13) jx +|x-2F 22 v6i0sx <2
14) |x]3-{-|x—2[.3 >2v6ix<0
15) |x|3+|x¥2§3 >2viix>2

16) |x + 2005 + |x + 2007 > 2 véi —2007 < x < -2005

1

2|
20) [x - 2007 +|x ~ 2006 > -

2

1

> =

2

17) [x -+ 2005 + |x + 2007 > 2 v6i x < —2007

18) [x + 2005 + [x + 2007 >2 véi x > —2005
19) [x ~997[° + |x ~ 1008 254 v6i 997 < x < 1003
20) |x - 997f +|x 1003 > 54 v6i x < 997

21) |- 997 +|x~1003° >54 véix > 1003

22) |x + 3,5 +jx + 7,5 216 véi-T5<x<-35

23) [x +35% + |x +7,5/°> 16 véix<-7,8
24) [x +851%+ Ix +7,5[°> 16 véi x>-3,5
25) [x+1f +|x-1f 22 véi-1<x<1

26) fx +1f +[x -1 >2 véix <1

27 |x+1[5+[x—1|5 >2 viix>1

28) jx + 2 +|x -2 264 v6i-2<x<2
29) |x +2f -c-lx——2[5 >64 v6ix<-2

30) |x +2f +]x -2 264 véix>2
Bai 20: Gidi cdc phuong trinh sau:

D x+1f +jx~1f =2

3 x+3f +x-3 =18
5) Jx + 5 +|x -5 =50
7) [x+2[2 +[x|2 =2

) i +jx-4f =8

1 x4+ +x -3 =8

13) Jx +2004] +|x + 2006 = 2

15) [x + 2005 + [x + 2007 =2

17) |2 + 1P +]2x -1 = 2

19) o +fx-1f =2

Bai 21: Gidi cac phuong trinh sau:

D lx+1f*+ fx-1{°=2

2) |x+ 2 +jx-2f =8
4} Ix +'4]2 + |x -—'4|2 =32

6) |x+6[2+|x'—6|2_ =72
8) [xf +jx—2 =2

10} |‘x|2 +x# 6|2. =18

12) lk+5f +jx -1 =18
. 14) jx-999F +|x 1001 =2
16) jx - 2008} + |x -2004f =8

S|

1

X — — —_

12
X+ +
3 3 -2

20) x - 2007] +jx — 2006]" = %

18)

2 |x+2]3% |x~-2{3=16

63



’ 3 3

3 ald ; 17 1

8 |x+3 +x-38 =54 4) M- Ry
6) |x +2005]° + |x+2007|°=2

8) |x+3,5" +|x+7,5 =16

X + —!
2
5) Ix|®+ |x-20°=2
1) [x— 997 +}x - 1003 =54
10) x+ 2 +[x -2 =64
1
16
14) [x+\/§'s+|x—\/§ls=8\/§‘

16) fx + J§!5 - \/:?]5 ~ 1843

9) [x+1i5+]x—1|5 =2
s 1° 1

x-ol =02 12) )k +|x -1 =

+ =
2

©13) |x + 10] + |x - 10]°. = 200000

15.) ix+%

15) l2x+ 1 +j2x -1 =2

17)'x+—l—5+jx¥-i5=—1= 18)[x+1}7‘+|x—-1r=2
- NI BN BN

19) xf +}x -2 =256
Bai 22: Ching minh céc bat ding thic sau:
Dix+1f +lxff +[x -1 22 2) [+ 1ff + 2% +[x -1 = 2

20) [0+ 3] + e 2 = 1642

3 xrlf % s -1 22 4 el T+ x-2f 28

5) x+3f + [ + ] -3 218 6 b+ 4 + 2)x +jx -4 232

) ]:’c‘+ Fejx+e2f+x+3 22 8x+1f +lx+ 2 +x+3f 22

| 10)IX—1|2+ix_2;9+|x—3|222

- 12) lx|2 +3x+ 613 +|x+ 6{2 >18
14) f+ 2 +[xf +|x -2 > 16
16) i +1x -3 +|x -6 2 54

9) bf® +[x+1f +x+2f 22
1D + -2 s x4 = 8

1) x+1f + e+ x-1F 22

. 15) ,[x.-z-l]:a +1x® +x-1F =2 _
17 [x+1f + 9l + 2 +x + 37 2218 |

18) 1P o 1y - P ey 1P 24

3

S oo
T+

1
= —
: 2

20) |x - 1|3 +3x - 2|3 +ix ——3|3 +ly — 1]3 +‘3iy‘—2|3 +|y - 3[3 >4
Bai 23: Giai cdc phuong trinh sau: -
Dz + 1}2 + ]xfz +|x —,1|2 =2

: .1..|2006 ' 1
T + y+—2-

~19)

1
x....__
2

x+y3+’ _1
2 P73

2) b+ 1 + 2+ jx =1 =2
3) |x +1f + jxim’e +|x - 1]2 =2 4) |x + 2]2 + ]x{n +lx - 2[2 =8

64

5) |x+ 3[2 + [x[*% + x — 3|2 =18
7+ 1 +x+2f +|x+3f =2
9) |xf* +]x+1]3 +lx+2f =2
1D + fx'-2]n +|x-4 =8
13)x + 1 + x| +[x -1 = 2

15) ]'x + 1}3 +_ [X;Qg +|x- 1I3 =2

6) |x+4i2 +2[xf* + |x - 4f* = 32
8)|x + 1f° +lx+2f +ix+3 =2
10)|X—1|2 +lX-—2]9 + |x~_3{2 =2
12) |« + 3]x + 6 +[x+ 6 =18
14) [x+ 2P +[xf +|x -2 = 16
16) [x* +|x — 3 + [x — 6[° = 54
17) [x+ 17 + 9 + 2% +|x + 3° =2

18 -1 +[x +x + 1+ fy -1 +}yf tly+1f =4

11
X~-—=| +
2.

1

2007

0% 4w+ 1 y+%3_l
2l T2
20) |x —1}3 + 3ix_—2[3 +]x—3l3 +ly -~1|3 + 3[y—2|3 + |y—3f3 =4
Bai 24: Ching minh cic bit ddng thie sau:

1) [x]_z'+|x+1]3 <l voi-1l<x<®

3
+|y]

L
2

1
X+ =
2

+

19)

2) [ +|x+ 1 >1voi x < -1
3) [xff +]x+1>1 véix>0
4) |x|20 +lx - 1{33_-: 1v6i0<x <1
5) |xI2G +|:c—1]33 >1 véix<0
6 P -1 51 veix > 1
7) |« +lx-1f <1 véi0<x<1
.8) [x]2 -|»|x—1]2 <1 voix<0
9 Ix* +jx-1F <1 veix>1
10) o™ + x=1"" <1 vsi0<x <1
11) (27 + k-1f% <1 v6ix<0

12) [+ x-1 <1 véix>1

- 2007

' 13 |x+1[2°°6+ Ix+2| <1 v8i-2<x>-1

14) |x + 1% + ]lx +2 51 voix<-2
15) x+ 1" 4 x4 2% > 1 vaix > -1

16) |x + 2006 + |x + 20077 <1 v6i 2007 < % < ~2008



17 |x+ 2006]2606 + |x+20077°% >1 v6ix <-2007

18) |x + 2006 + [x+2007"" > 1 véi x > ~2006

19) {x - 2006 + |x - 2005 <1 v6i 2005 < x < 2006
20) |x - 2006/ + |x~2005["" >1 véi x < 2005

21) |x - 20067 + |x - 2005 >1 v6i x > 2006

12007 12006 1
22) x+~2— + x——g <1 @1 —§<x<—2~
2007 12006 ‘- . 1
23) X+§' + '_E >1—7 VO'IX(—'—é‘
12007 12006 » 1
24) x+—2— + x—-é >1 veix> 3

| : 1
25) |2x™" + |2x-1f"F <1 v6i0<x< 5

26) 25" + [2x-1[** >1 v6ix <0

2007 o1
27) [2xf" + 2% -1 >1 véix> o

999 - 888 y 2008
28) [3x - 2007 +[2008 - 8x[" <1 v61 669 <x < —3
888

29) [3x - 2007 +]2008 - 3x[" >1 v6ix < 669

' o 2008
30) |3x - 2007 +|2008 - 3% >1 véix > —
2008 2007 1
31} %x——i— +i—gx <1 vél g<x<—6—
. 2008 2007 1
32) ;—x—g +%—-§1x 1w x<g
2008 2007l
1 3 . 5
33) %x—g +Zw§x >1 véi x>—6-

34) |2x + 1|2°°6 +2297 |57 <1 véi —-;_ <x<0

. ) .. 1
35) [2x + 1|2W6 + 22007 ix[zo07 >1 véix< ~5

36) [2x + 117 + 227 | >1 v6ix > 0

66

37) IBx -1 + 3|« <1 vei 0 < x < —;-

38) 3x -1 + 3% >1 v6iz <0

39) 3x-1F + F|xP >1 véix> -;:

40) 5 |x + 1"° +[5x+ 4 <1 ‘;ré‘i -l<x <I—f51-
41) 590x +1[° + [x + 4° > 1 véix < -1

42) 51 Ix + ljm + l5x + 4[20 >1 véix> —%

43) 2006%% |x + 1™° + |2006x + 20077 <1 v6i - gggg

2007
| 2006
45) 2006 [x + 1% + [2006x + 20077 > 1 véix > -1

44) 2006°° |x + 1 +|2006x + 2007 >1 véix < -

46) [2007 - 2006x"" + 2006 }x - 1" <1 v6i 1 <x < 2007

47) [2007 - 2006x" + 2006 |x - 1°® >1 véix < 1

49) |x[? + 2~ % <2 v6i0<x<2

50) ]x]m +]2 - x[m > 910 \;0’1 x<0

51) Ix[ +12 - x[* > 2% voi x > 2

52) |x - 1" +]x + 1 < 2% vei l<x<l 7

53) |x - 1]100 +x+ I]loo >21% iz <1

54) [x— 1" +|x+ [ > 2% vaix>1

55) %% 4 [x + 1000 < 10001%° v6i ~1000 <x< 0 -
56) [z +[x + 1000[™ >.1000'% v6i x < —1000

57) |« +[x + 1000]1"""’ > 1000°% vgix > 0

58) |5 +]x — 9997 < 999%° v5i 0 < x < 999

- 59) [x° +[x - 999" > 999" vix <0

<x<-1 ‘-
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61) [x— 1 + |x 1010 <100 véil<x <101
62) -1 +fx - 101[* > 100" vcrlx< 1

69) x—1'” +lx—101[* > 100" véi x > 101

64) |z + 8%+ [x—21°<5° V6 8<x<2
65) |x + 33+ [x-2[°>5° Vd1x<—3

66) |x +3F +x-2f >5° v6ix>2
67) lx+11f" +
68) |x+11[° +[x +1[ >10% véix<-11

b + 1[10 <10® voi-1l<x<-1

69) fx -+ 11 +jx+ 1" > 10 véix > -1

- 70) |xJ;:L003|2°°5 +|x 10021 < 2005%% véi ~1003 < x < 1002
71) }x + 10030 + jx 1002 > 20052 voix<-1008

- 72) |5 +1003% +[x - 10027 > 2005 véix > 1002

73) -+ 9997 +|x 1001 <2000%% v ~999 < x < 1001
74) x + 999" +}x - 100" > 20002°%  v6i x < —999

75) x + 9997 + [x - 1001 > 2000%®°  v6i x > 1001

76) [10xP +|x +10[° < 10" w6 ~10<x<0

77) [10xf? +|x+ 10 > 10° véix<-10

78) [10xf° +}x +10{° > 10° voix >0
79) t2x[" +lx- 2 <2® v6i0<x<2
80) [ox]* +x-2% >2®  v6ix<O '
81). |21n:[11 +x - 2[22 >2%2 v6i x>2

82) 1999 +}x + 999" < 999°% 61 -989 < x < 0

83) [099x"* +|x + 999" > 9997 véi x < 999

84) 1999x™ +x + 999" > 999" i x>0

85) [axf +[x+ 2" <2 v6i-2<x<0

86) ]4};*4 |x + 2]12 > 912 ygix <2

87 |4xi* + | + 2/ >2% vix<-2'

88) 1x!%° + I10x+10011°°<1001°° véi-10<x<0

89) [x[** + |10x +100f'* >100'°  wdix <-10

90) |x|%® + |10x + 100] > 100 v6ix >0
Bai 25: Giai cdc phuong trinh sau:

1) ix|2+fx+1]2=1

I+ x—112=1

5) Jx+ 1% +|x+ 2|2°°7 1

2 Ix}®+ [x=-1]%2=1
4) [x]297 4 |x - 1127 2

6) |x + 2006 +|x + 2007 =1

7 |x - 2006|2°°5 ]x 2005°% =1 8) |x+= o I e 1
2
9) 12 +[2x - 1[2°°“ =1 10) [3x - 2007 +]2008 - 3™ = 1
11) 3 5 2008 1 3 2007 2006
X7 i |2 + 1% 4 22007 |x 27 =

13) [3x - 1P + P’ =1 14) 5'° !x‘+ 11 +15x + 4 =
15) 20062 |x + 17 +12006x + 2007 = 1

16) 2007 - 2006 + 2006 |x - 1% =1

17) = +j2 - xf'® = 2° 18) [x =3[ # [x + 1[* = 2!
19) [ +1x + 100(_i|1°°9 =1000"%° 20) [x** +|x ~ 999" = 999°
21) Jx - 1 + [x - 101[* =100 22) [x+ 3 +|x -2 = 5°

23) |x + 11|10 +x+ 1|10 =10

24) [x +1003°% + |x - 1002 = 20057

25) |x + 999/ + |x - 1001/ = 2000*®

26) 10x]° +[x +10[" =10 27) |2xf" +[x - 2

28) =999X!1000 + ]X+99912000=9992000
29) 14x|* + 12 _ gl2 200
Bai 26: Giléii célcsz%tzll)hwnzg trinh Sau:sO) |x|2% ¢+ {10x + 1001 = 100

1)]X[>1 2)|x|>2 3) lXI<3
4) x| <4 5 lx] 25 & x| > 6
7) x| <7 8 ix| <8 9 x| >0
10)]x]| <0 _ IMix«1] >1 12)'x~n2'|>2
13)|X+3|<3 14)|X--4|<4 15).IX+51>5
16)ix - 6| > 6 17)|x+ 3] <7 18)x— 2| <38
19[x+910 20)|x— 10| <0 21)1<lxl_<2'
22)3 < |x| <4 2303< |xl <05 20 <<t

‘ 5 <z

&9

LU TIEEN,



£ AR AL 3 S B

25)£51x|5§ 96)02 < |xl <02  2N07s|xl<07

28)12<|x|<12 29)6<|x|<1 30)0< x| <0,1
Bai 27: Tim gia tri nhé nhat cda cdc biéu thitc sau: ‘
1)A=|x~ 8] 2)A=|2x +1]
3) A= 16-x| +2004 4) A =|2 -x| - 2007
5)A=|3x-2|—16 6)A-—-|4-—x|+x—8
i 4
7)A=|2x—3{-—2x—3 8) A —-x+§
9)A=13-3x| ~9-3x 100 A= 2x+4+12x 3]
Bai 28: Tim gid tri l6n nhat cua cac biéu thic sau:
1) A=-|x]| 2) A =-2x+1]
3) A = 2004 — 16 -x| 4) A = 2007 - 2006 — x|
5)A=-1- |3x -2 6)A=3-5l4—x!
' 11
VA =4— 16— 2| 8)A=—2——l-2——§x
10)A——11—~11|11—11x|
12)A=x+1—|x+1|
14)A=w-x—3— |x—3]
16) A = —2x - |2x — 3}
4

—X 4+ —
3

19)A =—8x — 4 —4[2x - 1] 20) A = -999x — 11111 - 9x|
Bai 29: Tim gia tri nhé nhat cla cac biéu thic sau:
DA=lx-2]+lx-1]" QA= |x+2| + |x-6i

NA=Ix+2] +]1-x] 4)A=|2x+3,+11—2x]

4
= |—-X + —
3

9) A = 2003 — 2008 |x — 1|
11 A=x- |x]
12)A=-—x—- x|
5)A=1+x-11-x|

4
18)A_-—-x+§ﬁ~

Vi) A=-2x-2|x- 1}

5)A = |3x— 2| + |3x ~ 10| 6) A= ldx-2] + [11-4x|
T A=I3x-2| + |3x-1] 8 A=lrx-2]+|7x-1]
9 A=|5-3x| + 4—3x] 100A = |3x~ 2] +[3x—1] - 2005
A= x+2 +l8-xl 12A=x-2]+[7-x]-5
IMA=Ix+8]+]9-x|-12 14)A=-1+|3x-2] + |3 - 3x|
15)A = {2x + 2] + |22 - 5[- 7 16) A= [3x - 7| + [3x+ 4] 11
17)A=|3x—7|+|3x—1|'—6 18)A=|5x+2|+|3+5xl—1
19) A = |x — 2006] + }x — 2007 20) A = {997 — x| + {999 — x|
o1 A= |2x+ 1] +]2-x|-x 22) A= [4x+5|+12-xi-
23) A= |3x+2]+i1-5xl +2x 20 A=i8-x|+|2+3x]-
13 1,2 1 1o A=i2x+1]+]x-2i-
25) A = |= 3ltl3 2x+6x 26) A = |
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2T A=[x-6|+[2x+5]-x
29)A=|x-5|+]|2-3x|-
BDA=|x-4]—92x+ |2-x]

28)A=|x-3|+2-2x] +3x
300A=[2x+1]-x+|2-x]
3200A=|2x+1]+|x+2l-3x—1

33)A=[2x- 4] +]5-3x|-x '34)A=2X4-g+g—x+_x
3 1 5 1 ‘ © 13 50 [1 1

35) A = ]§—§x+—§+zx—le 36) A=i— -.-§‘+§-§‘x+x
' Bai 80: Tim gid tri nhé nhit cia cde bidu thic sau: o
DA=[x+1]+[x+2] +13- 2x |
A= lx+1] +lx+2] +x+8l =
‘3)A=11-—x_!+]2—x_|+]3—x]+3x

4 A= [x+999} + [x+ 1000/ + [x + 10001 - 32~ 1

5)A=lx-1l +]x-2] +1x-3] +3x-1
6)A=lx-4} +|x-3] + |22 - 12]
NA=[zx+1] +[x+2| + (3~ 3x] - 5%

8 A= |x+1] +2ix-2] + [x + 3]
NA=|x+1] +2|x+2| +3lx+3]| - 6x- 2006
10) A=x+1+[8x -2/ +[x+7[+x+1

11) A=lx-1+]x-2|+[8x+7|-x+10

12) A=[2x+1[+]2-3x]+|x+7|-2x + 4

18) A=x+1+[x+2+jx+3+|[x+4{-4x
14)A=]x+1[+]x+2[+|x-+3|+|x+4|—2(x+4)
15) A =[x+l +|x+2+|x+ 8 +|x+4-4

16) A =|x+1]+|x+2!+]x+3]+]x+4[+2(x+1)
17 A=fx+1|+[x+2|+|x+3[+|x+4|+2(2x+5}
18) A= lx-Y+|x -2/ +|x -3 +|x -4]-2(2x - 5)
19) A =lx -1 +|x -2 +]x - 3| +|x - 4| - _

20) A =[x +2003{+ |x + 2005] +|x + 2007] + |x + 2009| -

Bai 31: Tim gis tri nhd nhit cda céce bidu thite sau:

DA= x|+ lx=-1]+|x-2] DA={x+1l +lz—1]+ -4l
DA=Ix+3} + |x+4] + {x+5! DA= |x—8! + |z— 1]+ ix-4!
5) A =|x—2005|+]x—2006[+|x—2007]

6) A = |x+2005] + [x+ 2008 + |x + 2007}

|x+3§
|x - 3]

|x+2| +
fx—2| +

NA=|xl +ix+1[4
8)A=lx|+|x-1]%+
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9)A = |x+2005] + !x +2006] + [x+20071 + |x +2003]
10) A=lxl+|x’+'1l+[jc+2[+Jx+3]+[x+4]
11')A=|x]-a-]y—1|—t—']x—2-[ ‘ -
1A= lx-1]+lyl + 1x-2] + 2l
13)'A=|x+1|+|x-1]+iy-—4|+]z+4l
A= lg+1] #lx-1]+ly-2l+ Iy +2l ‘
15) A = |x +2004] + |y +2005] + Ix +2006| + |y +2007|
16)A=|:_:[+|y]+|x+1|+|y+1|+|x'+2|+-|y+2] |
1A= |x.+5| +|x+6| + lx+7-l + ly—-Sl +|y—8i + ]y—7|
18)A = |xl+ lx + 1] + lx+2| +lyl + 2zl + lz+ 1] + [z + 2]
| 19)A=|x]+|x+1|+lx-}2|—-‘2x—3 ,
20) A = |x| + lx—1{ + |x—2| + ]x_-—3| - 3%+
o A= lx|2+ lx—21"+ |x—4® '
99)A = |x|2+38lx+6[°+ '|x+6172
23y A = lx+ 113+ Iz} + lx-1]%
o) A= lx+2%+ |x]® + lx-2]°
25y A= fx+ 1%+ [x|®+ [x-1[°
26) A= |x|*+ |x-3*4|x-6l>
27 A= lx+1!3+9ix+2i2°°“+|x+3|3 . \
og)A=lx-11*+ Izl s [x+ 1%+ ly— 113+ 1yl + ly +1]

3 2006 2007 ¥
+|x7 + *

+l..
Y 2

30) A=jx-1f +3lx -2 +jx—3f +y -1 +3ly -2 +ly -3
Bai 32: Tim gid tri nhd nhat cia cdc bidu thic saw '

1) A=]x+1|+|x+2|+|x+3[+..-+|x+98]+]x+99|+|x+100[ o
- 2) A=[x—-1|+]x-—2]+|x-3|+...+|x.——98|+|x—99|+|x-1001

3) A=lx-1]+x-2| +_|x—3|+.-.+]x.—-2004'|+{x—2005‘+|x—2006|

4) A= Ix‘+ 1| +x+ 2| +x+ 3‘ + +|x +\200.5|+ |x + 2006] +]x + 20_07|

5) A=|x— 100] + |x — 995'%— et |x| +obx+ 99| + |+ 100

6) A =|x—2007+|x—2008|+...+ || + ...+ |x + 2006] + |x + 2007|

T A=|‘:';-'0~1!+|x+3!'+[x+5]+...+[};+95|+1x+97]+|x+99|

8) A={x]+}x+2[+_|x+4]+.._.+[x+96]+[x+98|‘+]x+100;

- 9) -A=|x~100|+|x¢98[+.|x—96]+...+|x+96|+|x+98|+|x+100|

10) A=]xf99[+|x—97|+|x—95]+...+|x+95[+[x+97]+]x+99|

i [
29) A = X+ +.y—§{ +[y]

X3
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 Bai2:

11) A=|x-1+{2x -1} +8x ~ 1+ . +|6x - 1]+ |Tx ~ 1| + |8z - 1]
12) A =|1-—9x[+|_1—8x!+;..+|1;x[+1+]1+x|...+[1+8xl+|1+9x[

.= : ar 7 ~” ~ ~ V
Bdi 10. BIEN DOl P4l 30 {(PHaAN NaNG G0}
DANG TiNH GIA TRI CUA MOT PHAN THUC BANG CACH PHAN
| TiCH GIA THIET RA NHAN TU
Bai 1: Tinh gi4 tri cda cdc biéu thde: = :
: 2 2 _
DA-= 3x -2y bigt: 9x® + 4y* = 20xy
3x+ 2y X <2y

- 2 2 _
2)B = 2a—b+§b—a bist i0a* -3b* +ab=0
3a-b 3a+b b>a>0
: 2, 3.2 _
3)C= z;ab _ bist 4a® + b* = hab

4a” - b 4a>b>0

2 2 _
HD = Y pig J2X +2 =5xy
-y O<x<Zy

, : e 2 2 _m.
5)E = 3x+y . 6x — 9y bigt 3x" +2y* =Txy
Ty—-x 2x+y O<x<2y

o . 2 -
6 F= 2 b 3a-b bige 478 15ab+2b° =0
: 2a+b a-2b . (2b>a>0

Ay+2x | 32-2¥ i 3x® —Txy + 4y* =0
by-T7x 10y -—4x

NG=

DANG TINH GIA TRI CUA PHAN THUC BANG PHEP THE

1 Cho'a, b, ¢ théa: abe = 0 va ab +be + ca = 0.
Tinh A = {a'—i—b)(b+c)(c+a)‘
abe : _
2) Cho abe = 0 théa: ab — b — ca = 0. Tinh B = &F b)(bg e)c - 2)
abe
" 8) Cho abe = 0 théa: ca — ab — be = 0. Tinh C = B bxb; e)e +2a)
. apc
4) Cho abe # 0 théa: be — ab — ac = 0. Tinh D = & *b)(b; cXe-a)
. . apc
5} Cho abe = 0 théa: l+£+£=0.T‘inhE= (a+b)(b+c’)(c+a‘)'

),

a b ¢ abg

7



6) Cho abe = 0 théa: 2ab + 6bc + 3ac = 0.

Tinh F = (a + 2b)(2b + 3c)(3c + &)
Babc
7)Cho a, b, c khac Othéa:a +b +c¢c =0.
1 1 i
Tinh A = +
a2 +b2~c®? bPici-a® cf+a’-b’
8) Cho a, b,c khdc 0 théa:a+b—c=0.
1 ‘ 1 -1
Tinh B =
a?+b?—c® bi+c?-a?® cf+a’-b?
9) Cho a, b, ¢ khdc 0 théa:a - b +.c = 0. ‘
Tinh C = 1 1 1

a2+b2-c2 bZ+c?-a? c:2+a~.2~~_‘b2
10) Cho a, b, c khac 0 théa:a~b—c = 0.

1 1 1
Tinh D = : 3 +
a2 +b2-c? bl+c?-a® cl+a’-b?
ll)Ghoa,b,ckhécOthéa:l+l+l=0.
a b ¢
2.2 2 .22 2,9 2
Tinh E = zal;(; a?: 27.2 zzabc )
a?b? + b2 —c2a?  bZc? +c?a’-a’b? cfa’+a’h® Db
12) Cho a, b, ¢ kkhde 0 théa: ~+~-2=0.
a b ¢
212 2 2122 21,2 2
Tinh F = 22322 2 5 a;)c 2.2 zza-bc 2 2
a?b? + bZe? —c%a?  bc? +cfa®-a%® c?a’+a’b® - b
13)Choa,b,ckhaicOth6a:}——l—l=0.
a b ¢ _
21.2 2 n 2. 2 2y 2 2
Tinh G = 2232(2: a:)c 2 2 aSC 2
a2b? + b%e? — c%a? b2 +c%a® —a%bh? c%a? +a’b® - b
14y A= DX BV 2K pion g =T
3x+7 2y-7 .
_ - . |10a* - 3b% +Bab =0
15 B2 227D Bboa L (10T -9bTeon
3a-b 3a+b 922 b2 =20
_ _ , 110a?+5a =3
6 oo 28zl 5-a gL l0arebe
3a-1 3a+1 922120
_ 3‘_ N 2 _ 2=
17)D=6X 8y+_y 2x bi&t 3x® —65xy +16y° =0
x+y  9x-y y#-xy # 5%
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18)E =

-3 - ‘ z —95 =

a +2a 3 bict 32 +60a-95=0
a+5s 5-a a2¢25

19)F = 8%-9% T7x-8y . 131x% + 125y% = 230xy

. x+10y b5y-—4x |x+10y 2 0;8y -4x =0

20) Cho ax + by + cz = 0. ‘

. . 2. 2 .
Ching minh ring: ax” +by” + ez’ -1

bo(y —2)* + ca(z—x)* + ab(x - y)* a+b+c
ax+by+cz=0 ' ' D

ax® + by? + cz®

Chung minh rang: — = 2-
_ be(y -2)% +calz-x)2 +ab(z - y)% . 000
ax—by+cz=0 ' .
22} Cho 1
a+b+c=
1999
.
Ching minh ring: . x 1 by® + c2® — =1999
| | ab(x + y)? + be(y + z)° + ca(z — x)? :
23) Cho {ax*by_cz:o.
a+b-¢c=1000
ax® + by? —c2? S

Chitng minh ring:

—be(y - 2)% —ca(z - x) + ab(x —y)® 1000
by + ¢z = ax

24)Cho{ .
a+b+c=2006

2111:2-41-1')y2+.::z);2 7 - 1
ab(x +y)? + be(y — z)° +ca(z+x)? 2006 .
]'ax—.by+cz=0_ = . _

[at-b+<:=L

Chitng minh ring:

ax’ -by® +cz®
ca(z ~x)* - bel(y. - 2)% - ab{x - y)?
‘by +cz~ax =0

26) Cho
° 1b+c—a=1980'

Chfrng minh rEing: = 1080
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a® + 8b® + 27¢® - 18abe

Chitng minh ring: 2b3’2 + oz - ax” . - 16
. bc(y" z)* - Ca(z - X}_z - ab(x — y)2 1880 i ) ) aZ + 4b2 + 9(:2 — 2ab - 3ac - 6b
L . : - — 3ac - 6be
DANG BOI XUNG VONG QUANH 17y 88’ +27b° +64c” ~72abe
) - ) . ] 2
Bai 3: Tinh (rit gon) ° - 1’ 4 +b9b2 +16¢? - 6ab - 8ac — 12be
- 1 1 . | F 18 ¢ ca
) + 3 1 : ) + + ab 2abe
(!F—Y)(y—Z) . S o (a +1})))(a +c) (b+e)Xb+a) (c+a)dc+b) ¥ (a+b)b+c)Xc+a)
. S A z 19) ¢ b 22 2ab 4
x—yNz-x) (y-2Mx-¥ + P — . (2a+b)(2a+¢) (b+c)b+2a) + CTOaNeTD + . abc
(y —2) ) (2a+b)b+cic+2
3) a+b + btc . cia . 20) ( zzbbc ' + ca N 2ab _ 4 bC ¢+ 2a)
- + : a+ anc
(b—cXe- ai c-aXa-b) (@- b)(b —©) o y 1))(: +c) (b cz)((:ib +a) (c+a)c+2b) P e ZoNZbr ot a)
4) : _— 1 : IR (a +b)}a+ * + ab 4ab
_ — ~ 2) c
x-yXx- zi(x‘ +y+z) (y-2)y-x)Ex+y+32) . | 02 o c) (b + 2(;)(:(: +a) (2c+a)l2c+b) * (a + b)b + 2¢)(2¢ + a)
.?_ P— o T (3a + b)(3a+¢) * (b+c)b+ 3a) ¥ (c+ 33ab *+ Gabe
y_X-yz , ¥ "= 2 - xy | ‘ @+3bXa+c) (BbroNdbra) Sabe
v S S + T _ o 3he o +a) {c+ a;)éc +3b) (a+3b)3b+c)c+a)
| . 1 , . ] ( b + -+ - 6ahe
8 N 1 . a+b}a+3c) (b+3cb+a) (3 +
(b—c)a® + ac - b? - be) - a)bE s ab-c? -—ca)+ . 25 : 25?(: b . C+a2)§)3°c+b) (a+b)(b;gc)(3c+a}
1 ) . a+2b)(b+2c) {(b+2cHc+2 + anc
b — a) (¢ +2a)a +2b
(@a-b)c? +ch-a?—ab) | 26) . 33?(!3 N sbe e +2b) (a+ 2b)(2i)8:r1 b2c)(c +2a)
A ' ’ : ; + 3c)e + 3a) + c
p_ b-e , e-a  _atb 2 2 2 .. | 2n__f4ab (o+Baltav3h) (a+3bib+3e) (a+3bMb+dolleda)
(a —;))(‘a -¢) (b-cib-a) {c-a)c-b) a-b "b-c¢ c-a : (b + 4c)c + 4a) * (c+ 435; +4b fca + 65abe
8) +'C ' + a-c¢ . a+b R 9 -9 2 ) 2 ) 4be o ) (a+4b)Xb+4c¢) {a+4b)b+4dcie+ 4a)
(afb)(a—c) _ (b+eXa+by (b+cla-c) a+.b—b+c+c—a | (a+ 2bXa + 2¢) (b+oX2b+ ) = * dabe
gy a¥b S __a-e b+c 2 2 7 99y be 4 a) (c+ale+b) (a+2bXb+c)2era)
c-bla+c) (b-a}b-o (b-aXa+c) *ab b-c @a+bXa+c) (b2 - + ab -; dabe
10y 2P S b  ¢-a 2 2 ©30) be i Z)(b +2a) (c+al2e+b)  (2a+b)b+2c)c+a)
(b+cla+c) (a+bla+c) * {a+b)b+c) - a+b+a+c (a4—70)(2a+c)“-(2b+<:;tb+a)+ dab + 4abc
11—ty atb-2 b-c 2 2 ¥ 31 3be ca - {c+2a)c+2b) (a+b)2b+clc +2a)
7 a-bXb-c) (b-c)a-c) c-a)b-a) a-b “boe {a+3b)a+¢) T Ebrosbia) (@ +a?;?b — + 6abe
12) 22 b+ o*  3abe _ . 5P ot e 59 3be A+ e abc +3b) (a+3b}3b+cHec+a)
RY ) — , + Bab '
-  a b3 +<;2 —ab_be—ca _ Z+bt+c—ab+be+ea “ ' (a‘*b;i)a:: 3c) (b+3cXb+a) (3c+a)3c+ b)+(a+b)(b 332)(3('+aj
_ 8 - ' '
14 — ab2 ° 2+‘c s 3abc 15) a® —b® - c? - 3abe ' % (@s3bXa+30 b+ c)((:gb va) @ = M abe
a®+b’+c"+ab+be-ca a?+b*+c’ +ab-bc+ca ' 34) be + 9ca C+2{fc+b) (a+3b)b + ci3c +a)
‘ (33. + b)(a + c) (b + 3 ) b + + Gabc
cb+3a) (c+a)3c+b) (3a+b)b+3c)c+a)




By P A LTSN ST

be : ca 9ab Gabe

35) + + +
(a+bh¥3a+c) Bb+cib+a) (c+3aXec+3b) {a+Db)3b+clc+3a)
36) 2ab " 3ca . 6bc + :
(a+3)3Bc+2b)  (2b+3c)2b+a) (a+2bla+3e)
. 12abce
(a + 2b)2b + 3cX3c + a)
37) . 6be 8ca 3ab
{2a + 3bXa + 2¢) (3b + 4c)(3b + 23a) (2c + a)(4c + 3b)
24abc
(2a + 3b)(3b + 4c)(2c + a)
28) 2bc N 9ac + 8ab +
(3a+2b)2a +¢) (4b+3e)2b+3a) (c+2a)M3c+4b)
N 24abec :
(3a + 2b}4b + 3c)(c + 2a) :
39) bc L e ab . 2abce .
(a-blc-a) (b+eXb-2a) (c-aXb+c) (a-bXb+e)a-c)
46) be . ac N ab . 2abe
(a+b)a-¢) (a+bXb-¢) (a-c)lc—-b) (a+bib-cla-c)
41) —- be + ca . ab . Zgbc
(a+ca-b) (a-biXb-c) {(a+cXc-b) (a-ble-bXa+c)
a2 b2 c2 .
42) (a - bXa-c) * (b—-c)b-a) ¥ {c—-aXc-b)
43) ab N ' 7 be . ca
(b-c)c—a) (c-a)a-b) (a-DbXb-
44) mbc + n mca+n mab +n

@-DXa-o (b-ob-a)  (c-alec-b)
45) a’b —ab® - b’c — be? + ¢’a —ca®
(a ~b)b-c)c-a}

a’b - ab® + b%c — be® + ¢®a —ca®
a’b—ab? + b%c - be? +cta—cal :

a*(b-c¢) -b(c-a)+c*(a-b)
at(b? - ¢?) + bUtc? ~a?) + c*(a? -—bz)‘
a+b b+e b+c_§_-{-__§_+c+a-a+b

a-b b-¢c b.c c-a c¢c-a a-b
-b b-¢ c¢c-a _a-b b-c c-a

46)

47)

48)

49) Chitng minh ring: a

78

1+ab+_1+bc 1+ca .-"1+ab-b+c'.c+a
' .59) Ching minh ring:

50)Patx= 20,y B¢, _c-a
a+b . b{-c c+a

Ching minh r:'?thg X+Dy+z+D=(1~-xNy-1)dz- 1)

51) Cho tam giic ABC c6 d§ dai ba canh 1a a, b, ¢ théa min dang thie:

2 be L2 ab . be ca
b+e c+a a+b c+a a+b Tbre
Chitng minh ring: tam gidc ABC can.

52) Chiing minh ring: :

a* +b* +c* —a%" - b%? -cfa’ =

(a2 - b2)2 + (b2 - 02)2 _+I(c2 —.::12)2

2.
53) Cho a, b, c thda: .
" aZ b2 c? a? b?

¢ g

(a+Db)Xb +cMe +2a: =0 va

Ching minh rdny:a=b =c.
54) Cho a, b, c thoza: (2 + 2b)2b + 3eM3e+a) =0 . va

+ + = + + .
a+b b+c c¢c+a b+c c+a a+bh

a® -4b? 9¢F  a° N 4b? '+ 9c?
a+2b 2b+3c 8¢c+a 2b+3c 3c+a a+2b
Chimg rr*mh rang —= E = _c_.“ '
6 3.2 .
55) Cho a, b. ¢ théa: (2a + 3b)(3b + 4¢)(2c + a) = 0 va _
4a® 9b? 8¢? 4a’ 9b° 16¢%
2a+3b 3b+4c 2c+a 3b+4c 4c+2a 2a+3b
b_¢
¢ hu’n h —=—=
g minh rang:. 6 1-3

a? b? 4c?
56) Cho {a - b)b + 2e)(2c— a) = 0 va -_—
~a-b b+2c a-2¢

a® b? 4c? b ¢
= - h —=---—_—_.——
b+2 a-2 a-b -C tmgmmhrang 2 -2 -1
57) Cho (a — 2b)(2b — 3¢)(3¢c + a).» 0va _
a® _ 4b’ | 9 o' 4b® 9
a-2b 2b-3c 8c+a 3c-2b 3c+a a-2b
b ¢
ChUn minh el
g rang6 i

a+b.b+c+b+c c+a+c+'a_a+b‘
a-b b-c b-ec c—a c-a a-b

(a+b)2+(b+c)2+(c+a)2
(a-by¥ (b-¢f (c-a)f

58) Tinh

=22
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a2+b2+b2+62, c? +a?
(a-b? (b-c? (c-al
s ab be ca 1
1) Chiing minh rang: + + >
61) Cheine & @-b’ h-cf (c-af 4
a? + ab+ b’ %b2-+bc+c.2 . +ca+a’ 9
(a-by? (b ~c)? (c—ay 4
a2-—ab+b2+b2—bc+c2 11
{a-b)® (b-c)? (c-a) 4
: . . . 3-b b - F-a’_ 9
" §4) Ching minh ring; ————+ + >=
) £ ‘ & (a-bP® (-cf (c-a)P 4
65) Cho a, b, ¢ d61 mdt khac nhau. :

b be ca
inh a e
a) Tin (b—t\:)(C—a)dF(c—a)(a—b)f(a—b)(b—c)

a2 b? c.‘Z
(b- c)2 (e- a)-’- (a— b}z‘“

N 5
60) Chitng minh ring: 2

\%

62) Chitng minh ring:

c? —ca+a’

[\

63) Chiing minh rang:

b) Chitng minh rang

DAl"IG KHAI' THAC GIA TﬂIET BANG CACH VAN DUNG
‘ ) PHAN TICH DA THUC THANH NHAN TU
Bai 4: .
1) Cho a, b, c khac 0 va .1_'+l+_1_=_._1___
- a.b ¢ a+b+c
Chiing minh ring: (a + b)Xb + cic +2) =0
- . , 1 1 1
2)Cho a, b, ckhac. ng §5+§-1;+c = ?;_a+2b+c'
Chiing minh ring: (3a + 2b}2b.+ c)c + 32) = 0
‘ US| 1.1
3 Cho a, b, ¢ khic 0va £+—3-E+E— e 3brdc’
_Chting minh ring: (2a + 3b)(8b + 4cX2c +a) =0
i1 1 : 1
4) Cho a, b, ¢ khde 0 thda: —+ 3b . a+3b+5c.'
Chﬁ‘qg minh: (a + 3];:)(3b +5e)be +2)=0

' ) , 11 .1 1
“5) Cho a, b, ¢ khdc 0 thoa: 5.4- T + = = Zaidbrie’
Chdng minh ring: (3a + 4b)(4b + 5¢)X5c + 3a) = 0

~ 2 1 1 2
6) Cho a, b, ¢c kKhac 0 va ;+b+c T
Chitng minh ring: (a + 2b}b + cX2c +a) =0

80

7)C‘hoa,b,ckhéc0th6a:—1—+3+l= .2——‘

, . a b ¢ 2a+b+2c
Chitng minh ring: (2a + bXb + 2edc + a) =
8)Choabckhac0va—1»+1+g=—-L—.
a b ¢ 2a3+2b+c

Ching minh ring: (a + bX2b + e)(c + 2a) = 0

9) Cho x, y, z khdc O va l+l+_1.=____}._.._,,_
Z X+y+z

Tinh P = (x25 + y25)(Y + ZS)(Z2006 2006)
3
10) Cho a, b, ¢ khdc 0 théa: (a + b +c)(—+%+ 1J

c
Tinh Q = (a® + b¥)(B° + )™ + a*%)
, a+b+ec=0
11) Cho ba s8 a, b, ¢ khdc 0 théa: —1-+}.+l_ 1
la b ¢ a+b+c

i 1 1 . 1
Chl.fng IIllllh rang 2005 + b2005 * c2005 a2005 n b‘.OOS 63005 )
12) Cho a, b, ¢ khdc 0 va d5i mot khae nhau thoa:

l—‘l-{—}-=—1—.Tmha +c

a b ¢ a-b+e
13) Cho a > 0, b, ¢ khac 0 va d6i mét kbsac nhau thoéa:

11
Cc

]

1

=———— Chitng minh b < 0.
a+b-c

1.1

a b

x+y+z=2006

14) Cho %, v, z 1a ba s5-khdc 0 thda: 11,1 1
z

x vy z 2006

Chiing minh ring trong ba s& x, y, z ton tai hai s§ d6i nhau.

15) Chobasé a,b,cthéa:a+b+c=3va l-zr-1—+-1—"_l.

a b ¢ 3
Chiing minh ring trong ba s6 a, b, ¢ tdn tai mot s bang 3.

X+y+z=3

16) Tim x, y,zblet }_+1+_1_-=1
x 'y z 3
2x2+y=1 :

17) Tim .x, y,zbigt: 1 1 1
: z
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xy,zz20

1 - -
X+y+Z:Z . . ' 25) Cho x{l__l_)__y[]_' +..1_J+z(l_}.J=_2~ T]-nh _1_' ']_-""-1""
18) Tim x, v, z biet:J1 . 1.1 ' o =7 ° =Y v
» ¥ : ;+-;+;= | g {y¥-2-¥=1 _
8x%+5z=3 o ' 26) Cho a, b, ¢ thoa: abc_lva a+b+c—l+:;+—1-
] ‘ a c
) 1 : .. Ching minh ring: (a - 1)(b' Ic-1)=0
Xtyrz=-4" : L 27)Choa,b,ckhécOthéa:abc:Sv&a+b+¢=i+£+é.
- a C C
19)'I‘imx,y,zbi6t<_1;+l+l=_2_ _ |  Changmiphring(a-2b-e-=0 =
X ¥y z t _ 28)Choa b, ckhacOthoa abc-—27vaa+b+c——+ -+
x? +2y=-1 : a. b e
| ) N Chungmmhréng (a-3)b-3)Nc—3)=0
%y,2%0 ' | ' _ 29) Cho a, b ¢ khdc 0 théa: abc—64vaa+b+c—§+% %
_ ‘ i1 ' - Chiing minh ring: (a — 4Xb - 4Xc-4)=0
20) Cho X[l+i]+5f(l+£)+2[l 1]——2 Tinh A= S+1+2. o R dng: (a — b - 4e - ) 2 2 4
y z z X Xy X ¥y z 30) Cho a, b, ¢ khdc O théa: abe =2 va2a +2b+c==+ =4+ =,
. . - . ‘ a c
Xrylezt=1 _ Chitng minh r:ing' (@-1b-~1)c-2)=0 ‘
X,y,2# 0 ' : . 381)Cho a, b, ¢ khdc 0 théa: abc-3va3a+b+3c-—§+:+—3—'
: : S a c .
21) Cho ﬁx(lj}y(l_l] z(l+i)=—2.Tinh B:iarl—%. Chitag minh ring: (@ — Db - 3)c - 1) =0
y = x z x ¥y . Y * . 82) Cho a, b, ¢ khéc 0 théa: 2::11;)c_1vz;12a+b+c-i+l+l
X+yd -z =1 : ' = 2a b ¢
, = Ching minh ting: (2a—1)(b-- iXe-1)=0
x,y,z=0 - - L . 33)Cho a, b, c khde 0 théa: 3abc—2v32a+6b+cw—2—+—g— é
71 1 1 1 1 1 . 1 1 1 R a 3b
22) Cho {x ___—}‘y(—+--)+z 2 _2l=2.TinhC==-=—+= . Chitng minh riing: (a — 1)(3b — e-2)=0 .
Lz ¥ z X x y) x ¥y = : 6 12 18
. S : .- 34) Cho a, b, ¢ khic 0 théa: abc=6vaba+3biRe=24+22,22
X" -y rz' =1 a b ¢
. S Ching minh ring: (a — 1IXb - 2)c - 3) = 0
%3,z ‘ 35) Cho a, b, ¢ khéc 0 théa: abc_24va3a+4b+6c_ﬁ+iq+& '
23) Cho _1“;_94. 1_1 11 _;Q.TinhD=l—}~—1- T a b
- v zJ ¥y — + y x) X vy z - Chitng minh rang: (a — 4)(Db - 3)(0-—2)
x* -yt -2t =1 : = 36) Cho a, b, ¢ thoa: abc—g—va 3a+6b+2c=i+3—2b+g.
: : c
%9220 , | u Chungmmhrang' (8a — 2X3b - 1)(c—i)—
‘ 1 1 1 - | X¥Z
24) Cho y(z_iJ+z(1_1]_x[1 1) g-TimhE=~+--= hsc 0 thda:
P 7 x vz vy z X -37)Choba'sox,y,z.khacOthoa. x+y+z=l_+l+l-
X +y*+2’ = | *y.oe
_ Tinh A = x*° - 105" - 2 - 1)




38) Cho ba s& a, b, ¢ khic 0 théa: .
. 1 1 1
‘ : a+b+c=—+—+—
' a b c
Chitng minh ring: trong ba s& a, b, ¢ c6 mdt s& bing 1.
39) Cho X,V,2 133 s6 khac 0 thoa:

\ 22 2 2 2
x2 +y° +3,r+z x+z+x y 1.
2xy _ 2yz 2zx
Chitng minh ring: trong ba s6.¢6 mt s5 12 tdng.cha hai's8 con lai.
: xy,2#0 2 . .2 g 2.2 2 2.2 o2
40) Cho {x+y=z v& £ +2y L | _+2Z‘ —x Lz +; —¥ 1.
V+Z£X i e =
Ching minh ring: x +y + 2 = 0.
: (%520 9 .o e 2.2 .2 2. .2 2
41)Cho{x+y+z=90 va xh+y--—z. ¥y tz X WEfE —y =1.
: 2xy - 2yz 2zx
. Ly+z¢x . .
Ching minh rdng: y=x +z.
x,¥,2%#0 I 2 s 2. .2 .2
42)Ch01x+y+z¢0 va'x +2y tz X .+Zz —x _Z +;‘ Y 1.
|X+Z#Y A va _‘.zz.:
Chiing minh r3ng: z =x + .
_ DANG HOAN VI VONG -
Bai 5:
1) Cho xyz = 1.
Chlmgmmhrang B 1 1
1+x+xy 1+y+yz 1+z-!-zx_ ‘
b .e
2)Choabc—10h minh rfing: ~ _ =1.
g ab+a+1 b,c.+b+1 ca'+-c+1 -
3) Cho xyz = 8. Tinh A = ——— 4 4
4+ 2x +xy 4+2y+yz 4+22+zx'
3a 3b 3e

4) Cho abe = 27. Tinh B =
5) Cho abe = 2000.
Tinh C =

ab+3a+9+bc+3’o+9+ca+3c+9

2000a 4 b c
ab + 2000a + 2000 bc+b+2000 ac+c+1
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6) Cho xyz = 2003.
Tinh D =

2003z

b4 vy N
zx + 2003z + 2003

+
Xy +x+2003 yz+y+l
7) Cho abe = 2006.

Tinh E = 1 N 2006 . 2006
T 1+a+ab 2006+2006b+bc 2006+c+ca
- 8) Cho xyz = 100.
10 10 100
Tinh F =
10+x+xy 10+10y+yz 100+10z+ zZX
‘3a 4b 2c
=2 G=
Q)Choabc 4 Tmh ab+3a+6‘ be +4b + 12 ca+2c+8
C 12 20 15

10) Cho xyz = 60. Tinh H =

+
xy +4x+12 yz+5y+20 zx+32+15

11) Cho abe = 135.

+

Ba’ Sb 3¢
Tinh K =
ab +5a +15 bc+9b+45 ca+3c+27
12) Cho xyz-560
. .56 80 70
Tinh L = +
o ~ xy+8x+56 yz+10y+80 zx+7z+70
13) Cho xyzt = 1. Tinh M = X + Y

xyz+xy+x+1 yzt+yz+y+1

z t
: +
stx+zt+z+1 _t_:;y+tx+t+1
14) Cho xyzt = 16. Tinh N = 4x + 4y ¥
_ ‘ xyz +2xy +4x+8 yzt +2yz + 4y +8
4z . 4t .
Cztx+22t+4z+8 txy+2tx+4t+8
15) Cho xyzt = 24. Tinh P = 6x PR > | +
xyz+3xy +6x+6  yzt +4yz+12y +24
C 4x 2t

+.
ztx +zt +4z+12 fxy+2tx+2t+8

DANG HANG BANG THUC BAC HAI CHO BA SO
Bai6: _ .
1) Cho a, b, ¢ 1a ba sd théa: {

a+b+c=9
aZ+b%+e? =53

a+b+c=8

.Tinhab+bc+ca

. Tinh ab + bec + ¢ca

2') Cho a, b, c 12 ba s thoa:
' a? +b?+¢% =30
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‘7Y Cho a > 0,b > c théa: {

at+tb+e=7
ab+be+ca= 9

:nCho{ . Tinh a% + b® + ¢*

Xx+y+z=1

4)Ch0{ . Tinh 2* + y° + 2°

Xy+yz+2zx=0
5) Cho a, b, ¢ 14 ba s& duong thda:
{az +b*+cf =(a-b) +(b-c)f’ +(c-a)
ab+bc+ca=9
Tivha’+b*+ % a+b+c’a+bte

6)Choa>b,c¢> 0thda:
: ca-ab-bc=16

Tisha-b+e

ab-bc-ca=4
Tinha+b-¢

8)Choa>b, ¢ < 0thda: :
bec-ab-ca=25

Tinha-b-¢

Xx,y,zz20 _
NCho {x+y+2=1 .Tinhx®+3y° +2°
1 1 1 '

~—+—+==0
X ¥y z

x,y,z=0
10) Cho Tx—y+z=--1.'I‘inl‘lxz+3.r2-i-z2
1 1 1 '

a3+l =0
X y 2z

xy,z=0
11) Cho Jx+y z=-2. Tinh x* + y° + 22

.1.].1-3_0
LX y z

a?+b?+c?=(a+b)’ +(b -i-'tl:)2 +(c-a)
aZ+b®+c?= (al—b)2 -1-(b+c)2 +(cl+a)2

a2 +b%+c? = (a+b)f +(b-c) +(c+a)

xy,a;tO

l 12)Chojx y—2z=-3. Tmhx +yz+z

% y,z220
13)Ch0<x+2y+37—4 Tmhx +4=y2+922

‘ %5y,2#20 ‘

14) Cho {2x+y+3z=-4. T1nh4x2+y2+9z
-}-+_]:.+—1—=0

2x y 3z

r

X,y,z% 0 |
15) Cho <x—2y+3z=5 .Tinhx2+4y2+9_zz

1 1 1
+

Ly, zz0 .
16) Cho {4x+5y—6z=-5. Tinh 16%° + "’Sy + 36z

a,b,¢ = 0
17) Che Ja+b+c—abc-

abc¢0 '1 1 :
18)Ch0 a— b_z..c—_abc "Tinh —+—+—
a® ‘bt o

. 87



" '19) Cho |

20) Cho /;

21) Cho ¢

22) Cho 1

23) Cho 1

94) Cho J

25) Cho ¢

a,b,c=0 1

a,b,c=0 1
a+b+c=2abc. Tinh et
1 1 a*

1
—t—t+—=3
la b.c

a,b,ec=0

a+b+c——abc Tmh-——
22

1 1 1

—t—=¢==1

la b ¢

bc¢0

a+b+e=-3abec. Tinh —
a’

_];+.}.+}_=_1-

La b C

a,b,cz0

i
2

——t==1
la b ¢

abc;eO

2
1 11 2 a
+—+==

a b c 3

6la+b+c)= abc Tinh ——+

1

1

1

boc=—abc. Tinh < + =+ ==
a+r C a ) az bz

+

b2

1
T

1

2

1

2

C

1

+__

CZ

.

+ =+

bZ

1
b2

1
b2

C2

1

C2

a+b+c='—3]2£. Tinh < +—5+=5

1

+

c2

a,b,e =0 L '1
26) Cho <4(a+b +c) = abc. Tinh — +-——+—2
1 1.1 -3 a’ ¢
Sl i o=
ta b ¢ 4
(x y 2
—+=+—=1 2 2z 2
27)Cho 4% ¢, . Tmh ez
: 13+—+E=0 b® ¢
X v z
E+%~+E=O 2 p2 2
28) Cho {2 ¢ Tinh - +—4+—5
E+E+E=1 X y Z
X y z
(x y =z
—==+-=-1 R S
29)Ch0~a b ‘c', '}f‘irﬂ"lX—2+Y_2.4}..?T
- a_b . e_g b ¢
X ¥ 2
'x y =z _
—t+=-—=2 2 Lz L2
30)Cho {® 2 ¢ . Tinh X Z
a b _c a? b* o
_+____=0
‘x_y z
i_%,f:_z 2 2 2
31) Cho {2 ¢ ~ Th =+ L L2
E__b__E:O a? b*
x y z
E+%Z+3_Z=3 2 42 9
32) Cho {2 ¢ minh T2
E.+_E_+i=0 a®> b?
x 2y 3z
(x vy =z
—+=—+==-3
8a 2b ¢ 2 y2 2
Ch nh — + 2
R e N I I e
x vy =z
[ x
- :fi;-'_ﬁ Be 2 y® z?
34) Cho | ik X Y,
3a 4b 5c_,° " 9a® 16b* 25¢°
x vy z
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35)Cho x +y + z = 0. Chitng minh rang: 2(x* +y" +2") =X "+ y" +z
36) Cho a + b — ¢ = 0. Ching minh ring: 2(2* + b* + ¢*) = @° + b* + &)
37) Cho x ~ y + z = 0. Ching minh rang: &* + ¥ + 2% = 2x' +y' + z")
38) Cho 2 — b — ¢ = 0. Ching minh ring: (a° + b” + ¢® = 2(a* + b* + ¢V
a+b+c=0
a?+b%+cf=14
a+b-¢=0
Z4c? =10

39) Cho { _Tinh a* +b* + ¢*

49) Cho { .Tinha*+b*+¢*

. Tinh-a®+b'+ ¢
.Tinh a* + b* + ¢*
Tmh at + 16b4 + 8ict

. Tinh a4 + 16b* + 81c4

Chéng minh ring: 5 + y2° + 2°%%)% = 2(x vyt + 2t

46) Cho ”+l__1_. 0

y z )
Chitng mmh rang: (xy° + y°2% + 2%)° =2y + 2! + 2%
anche 1oL 1o '
X y z
Chitng minh ring: (x%y? + y°z% + z22x9% = 2(%* + y*2* + 2'x")
48)Cho -1 1_g.

X ¥ . Z

Chdng minh ring: (x%° + y°z° + 2°x
49)Chox+y +z=0va xy + yz + zx = 0.
Tinh 8 = (x — 1% + y¥% 4 (z + 1)*°

50) Chox—y+z=0vaxy+yz—zx=0.,
Tinh S =(x+y)® —(z — 1 + 2(x + 1/2)*
51)Chox+y-z=0vayz+zx-xy=0.

TinhS=(x—z—2)3+%(x+y—7)3—'g—(y-i-z— 2)4 )

2)2 - 2(X4y4 + y4z4 + z4x4)

(x-1F +(y -3 +2*
4+(x+y—z)2-23
s

52)Chox—y—z=0v2 xy — yz + zx = 0. Tinh S =

53)Ch0x+2y+3z_0vé.2icy+6yz+3zx=0
(X 1)1999 (1 y)2007 +(3 )1997

Tinh S
(x+1)199° +2(y z) +y° +2
. DANG HANG PANG ml'rc BAC 3
" BaiT:

1) Cho a, b 1a hai s6 bat ki. Ching minh céc hing dang thr.rc sau:
a)a +b% = (a + b)? — 2ab.
b)a +b3 = (a + b)® - 3abla +b).
c) a® = (a — b)® + 3ab(a — b).
2)Choa+b + ¢ = 0. Chiing minh ring: a’ 3 4 b + ¢ = 3abe
3)Choa+b-c=0. Chlmgmmhrang +b*—c®=-3abc
4) Cho a — b + ¢ = 0. Ching minh réng: —b3 +el = —3abe
5)Choa-b—-c=0. Chu‘ngmmhrang a —b® —c = 3abe.
6)Choa+b +c¢ + d=0.Ching minh rang'a 2 +bt+c®+d%=3(c +d)ab—cd)
7) Choa—b+c¢—d=0.Ching minhran; §‘a b3+c ~d®=3(c—dXcd — ab)
'8) Choc—a=b +d. Chilng xmnhrang'a +b® - c + d® = 3(d — cXab +cd)
9) Choa+b+c=d. Ching minh ring:a® L+ b + ¢* — @ = 3(c — d)Xab + cd)
10)Choa+d=b-c. Chiing minh rang'a ~b*+c® + &® = 3(a— b)ab +d¢)
11)Cho 2a + b + ¢ = 0. Chimg mmhrang'2a +b% +¢® =3a(a + bXc—-b)
12)Cho2a +b+c=0. Chmlgmmhrang‘ 2a3+b3+c =3ala+clb-¢)
13)Choa+2b+c=0. Chtmgnunhrang'a +2b% + ¢® = 3b{a + b)c— a)
14)Chea+b +2c=0. Chtmgmmhréng‘a +b3+2c 3c(b+c)(a b)
15) Choa + b + ¢ = 0. Chimg minh ring: 2(a +b°+cd)= —5abc(a +b%+cd).
16} Choa+b— ¢ = 0. Ching minh rang'2(a +b°- 5)- 5abc(a +b%+cd).
- 17) Cho a—b +¢= 0. Chitngminh rc’mg 2a’~ b~ 5)- —5abc(a ®+b%+ ).
18) Cho a—b— ¢ = 0. Ching minhring: 2(a>~ b5 & = 5abc(a +b%2+ch.
19) Phén tich thanh nhin td: (x — y)5 +(y— z)5 +(z - x)
-20) Phan tich thanh nhén t4: (x + y) - (y - z) - (x +2)
21) Phén tich thanh nhan t0: (y —2z)° + (2 +%)° — (x + ¥)°
22) Phan tich thanh nhan tir: (a — 1)5 + (1 b)® + (b — ay
23) Phan tich thanh nhan ti: & —y°— - 1° - (1 — ¥*°

[ 2

‘24)Ch0-1-+~1—+—=0 Tin hs_fg_.,._y_z. %
X ¥ z. z X ¥y
25)Chol_l+l=o,'ﬁnh5=Ez_lg_x_g’
X Yy z Yy X z°
26)Cho —+=-1-0.Tinh§ = ¥ ¥ _Z%
x ¥y = z x° vy



97 Cho - 1-1o0. Tishs= L =
x ¥y = x> 2z ¥
28)Cho'—%+-]l+l=0 Tinh S = — dyz | X
. .X Y Z : 2 X2 2y2
29) Cho L+2+320. Tinn 5= ¥, 2, 24X
' X y z | 272 6x 3y
- 30) Cho L+_1_;,£=0_ﬁnhs_6xy+3yz 22
3}/ z 2-2 4X2 gy

31) Cho x, y,zkhacOthoa (x+y+2P=% ey 42

x* .y =z

392) Cho %, v, z khae 0 théa: (x + y - 2)° -x2+y2+z
Ching rmnh ring: i-r—-l——i— =3
B

33)Chox y,zkhacOthoa.(x—y+z) = +yr 4z

Chitng minh ring: ia' - _13_ + 1 — -3
X

Ching. minh ring: L+i %:i
Xye

y: P xyz

_ 34) Cho x, y,zkhr:icOt:héa:(:s:—y‘—z)2=x2+y2+z2

92

Chungnnnhrang 1 —'-l"—i————-?—"—
v £ %z
35)Chox y,zkhacOthoa (x+2y+32) =X +4y2+9.s
1 1 1

Ching minh rang:
Sy:3 272° 2xyz

,36) Cho x,7, z khac 0 thoa (4x — 3y + 22)° = 16x% + 9y + 4z

1 1 -1

Chufng minh ring:
- 64x° 27y3 8z% 8xyz

" ! ’ _ 2
37)Choa+b+c=0,ditA= 4be-a’ ;B=4ca-—b :
bc+2a2 ca+2b%’
_ 4ab-¢’ .

. Ching mmh rang ABC=1
~ ab+2¢?

4bc+a : _'__4C:a+bz_
242 —-bc 9h% —ca

38)Choa+b—c_0 dit A=

_ 4ab ~c?

o Ching minh ring: AB.C =1
ab + 2¢ ‘

 tbess® . dcab’
39)Choa—b+c=o,dam=_bgir.a—;B=_"i._'E’.5;
7 2a” —be ca+2b

_ 4ab+ c?

= 5 _ab Chiing minh ring: AB.C =1
c® -a

4be -a® B = dea+b%
be+2a? 9b? —ca

40)Choa-b—-c=0,ditA=

. 2
oo 48+ o ong minh ring: ABC =1

2¢® - ab
da’-be  4b°-ca

aCho L+tiloo, daata== ‘B= =
a b ¢ aZ +2be 2ca+b

" 4c -ab
C= — Chu’ngmmh rang: ABC=1
c® + 2ab

4a* + b
2) Cho _+l_"=0 dat A= 3 (':;B=4.b =,
a b ¢ _—2bc b*-2ca

4c? —ab
C=—:—-—a— Chu’ngmmhrang ABC=1
¢ +2ab
43)Choa,b,ckhéc()théa'a+b+c=0, dit ,
P=a—b+b—'c c-2 Q— + b +—°%  TimhP.Q
c a b —-¢ ¢-a a-
44)Choa,b,ckhécﬂthoa.a+b—c=0,dat
b-a b+c c+ta a b c
P= - , Q= - ~—. Tinh P.
c N a b Q b+e c+a+b-a » Q
45) Cho a, b, ¢ khac 0 théa:a—~b +c = 0, dat’”

'P=a+b_b+c+afc Q- ¢ . b a Tinh P.Q

¢ a b a7+b a—-¢ b+c
46) Choa,b,ckhécOthéa:a—_b—-c=O, dat
P=C—~b+c+a_a+b,Q= a b _ Tinh P.Q
a - b C c—b c+a a+b

47) Cho a, b, ¢ khac 0 thoa: l+%+¥ =0, dat
a c -

be—ac ac—ab ab-be be ca ab
P = — + + , Q [ — e —,
ab be ac ac—ab ab-be bc ca

Tinh P.Q

93



e BEGLE Taaas

EEEDY ka1l 2 Rt Y

[
X+y+z=2a

48) Cho x, y, z théa: {x®>+y® +2°=b.
1 1 1 1
Sit4l=l
X y z ¢

Tinh xy + yz + zx va x* + y° + z° theo a, b, c.

X-y+z=a
49) Cho x, y, z théa: {x®* + y2 +2® = b.
1 11 1.

—_—— =

X ¥y 2z ¢
Tinh xz — yz - xy va x° — y° + 2 theo 4, b, ¢.

 Ixty-z=a
50) Cho x, y, z théa: {x* +y® +22 = b.
1 1 1 1

e ——=

X ¥y z ¢
Tinhxy —yz —2xvax®* + y* — 2° theo a, b, c.

X-y-z=a
51) Cho x, y, z théa: {x® +y% + 2% =b.
1 1 1 1
X y z ¢
Tinh yz - zx — xy va x* - y* — z° theo a, b, c.

DANG Ti LE THUC

Bai 8:
1) Cho a, b, ¢ khéc 0 théa: 252 -¢_atc-b _b+c-a
¢ b a )
Tinh A = {a +bib+c)c+ "{)_
abce
2) Cho a, b, ¢ khdc 0 thoa: 2 F¢-28 _arb+c_a+b-c
c b a
Tinh A = (P-alc-bie+a)
abc

3) Cho a, b, ¢ khéc 0 thda: a+rb+e b+C—a=_a+(_:—b'

c b ' a

94

{a+ bic—bia—c)
abe

4) Cho a, b, ¢ khac 0 thoa:

Tinh A =

a+b+c _a+b-c_a+c-b
b ¢

@—b)b+cXc—a) .

Tinh A.-= abe

a+bsc=1

5)‘Cho {a% +b? +c2_ = 1. Chitng minh ring: xy +yz +2zx=0.

x_Y_Z
a b ¢
a+b-c=1

6)Cho {a?+b%+c% =1. Cha.frngminhr‘é.ng_:xy+yz +zx= 0.

X y -z
a b ¢

: a-b+ec=2

)] Cho<a2+'b2+'c2=4.Chﬁngminhr§ngz'xy+yz‘+zx=0
X -y Z ' o
a b ¢

(- -
a-b-c=-3 -

8) Cho {32 + b2 + ¢? = 9. Chitng minh ring: xy +yz + zx =0

x_YLE -
a b c e
a;b+c=—4

"9) Cho {a? +bp% +¢? ;16 . Chitng minh ring: xz = xy + yz

Yy z

x . ¥Y_Z2
a b ¢
a+b-ec=7 .
' 10) Cho !a2 + b? + ¢? = 49. Chiing minh ring: xy = xz + yz
X_Y_% |

a _B-C
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. b+c a=8.
11) Cho

a b _ ¢
2002 2008 2005
Ching minh réng 4a-b)b-c)= (a —cf

12) Cho a, b, ¢ théa:

b- c
b, ct a.2
18) Cho a, b, c théa: 3 7 =%
Chitng minh ring: 4(a ~b)b - ¢) = (a—cf
14) Cho a. b. ¢ théa: —2 =2 _-_¢
) Cho 2, b, ¢ thoa: 21997 -1996 -1995°

Chitng minh ring: 4(a —-bb-c)= (a - c)z‘

b ¢
2006 2007 2008
Ching minh rang' Aa—b)b—c)=(a—cf

15) Cho a, b, ¢ thda:

a2+b?+c? =64. Chlmgmmhrang yz—-xy+zx

16) Cho a, b, ¢ théa: 2=-B_— ¢
x x+1 x+2 .
Chitng minh ring: 4z — b)Yb - ¢) = (a — ¢)°
17) Cho a, b, ¢ thoa: - 8 =E= ¢ .
x-1 x .x+1
Ching minh ring: 4(a — b)b —¢) = (a - ¢)’
. X _ y z___
18)Choa+2b+c_2a+b—-c 4a—-4b+c
: a b c
i inh rang: = . =
Ching minh rang x+2y+z 2x+y-z 4x-4y+z
-_ y = ; z o -
19)Chga—-2b+c_2a—b—¢: 4a+4b+c
. . a b ¢
Chungnunhrang x+2y+z z-y—2x 4xr¢4y+z
ho ——= Y 2 |
20)Coa+2b+c Z2a+b-c TIn- 4a - ¢’
. . S a b _ ¢
Chitng minh rang: 'x+2y—z'_2x+y+z- dx -4y -
Y _ Z )
21)Ch0 2b+c ~e-b-2a da-4b+c
. ok a _ b _ ¢
‘C,htmgmmhrarllg'x—‘2y+z_2x-y—z dx+4y +z

g6 -

x .y .z
9h+c-a b-c—-2a c-4a—4b’
a b C
T Z-—2x- y

22) Cho

- Chitng minh rang: Yo
Tz_dx+ v

X+2y+z
X _ v 3 z
" b+c-2a 4a+4db+c’
a b c
_4x+4y+z

23) Cho
~a-2b+c

Chitng minh rang: =
= Xx—2y +2
x ¥y z
a+2b-c Z2a+b+c 4b+c—da
a _ b _ C
_2x+y~3;z -

y+z-2x

24} Cho

Chitng minh réng:
T Ox+2y—z

bz-—cy' _ay-bx

CX - az

b

az —cx

25) Cho . Chiing minh ring:

cy —bz _ Jbx-ay Chiing minh ring:
X y z

2bz-3cy _3ex-az _ay - 2bx
a 20 3¢

26) Cho

27) Cho

Chi inhhine: 2= -2
e R rans a 2b 3c
28) Cho 4bz - bcy - 5¢x — 3az _ 3ay — 4bx -
4b : 5c

Ching minh ring: = =2 =2
3a 4b B5e

Scy — 4bz “daz - 2cx Zbx - Say
S 2% 3y 4z
Ching minh ring: a2 _b ¢
2x 3y 4z

Txy - 5bz 2az—Tex _ 5bx 2ay
> S v Tz
Chiing minh ring: 22 _5b_Tc
: Xy oz
9bz -10cy 5ex~3az _ 2ay —3bx
a 3b, B¢
2x 4y 6z
Ching m nh —_—=—— =
& m rang a 3b 5c
14bz - 1bcy 9cx-—T7az Say - 6bx
a - 2b 3¢

29) Cho

30) Cho

31) Cho

32) Cho

I ol



O S 7 L

2PNSEL I

8y 7z

. inh rine: 3x 5y
Chitng minh rang: =50 "3

c‘|*<:

. X
33) Cho x, ¥, 2, 4, b, ¢ khac 0 thoa: 5 =

=z

c

2 2 2 . 1
- ks X +y + Z

Chitng minh rang:

g (ax+by+cz)2 a’+b?

R

- Z
34) Cho x, y, z khéc 0 thda: 31‘- =3=3-

N |

2
. N 1 4
Chitng minh rang: (x+y+z (—; —;+.
38_4
Zz

il

] = 36
- k] ]
35) Cho x, v, 2z khdc O thoa: i
] : 2
Ching minh ring: (x + 3y + 42)° = 26(x" + 9y® + 162%)
z

C

e

‘. . X ¥ _
36) Cho a, b, ¢,'x, y,zkhacOthga: ;=E—

2 p? cz_(at+b+c)2
Ching minh rang ?+ " —Z— S xiyiz
3x 4y _ 52

37) Cho a, b, ¢, X, ¥, z khdc 0 théa: —af——? c

a® b2 (a+b+c)2

Ching minh rang: = 1y Y5z Bx+dy+5z
38) Cho a, b, ¢ khéc 0 va dbi mot khéc nhau thda: a(y +2z) =biz +x) =
] . . + . y—2 —_ z-x = Ty
e(x + y). Ching minh rang: a(b_o) blc—a) cla-b)
39) Cho x, v, z khéc 0 va doi mot khdc nhau théa: z(a +b) = x(b +¢) =
, . . . a- b — b-c = c-a -
y(c + a). Ching minh rang: dx-y) wmy-z yz-x)
40) Cho. a, b, ¢ khdc 0 va d6i mdt khac nhau thoa: aly — z) = bi(x - z) =
) y+z _ Z+X _ X-¥
¢(x + y). Ching minh rang: alb—c) bla-¢) cla-b)
41) Cho &, b, ¢ khéc 0 va dbi mot khéc nhau théa: a(z - y)=b(z + x) =
- . . ) Yy+& Z—X = E-¥
¢(x — y). Ching minh rang: 2 —b) “ble—a) cla-b)
42) Cho a, b, ¢ khac 0 va doi mot khac nhau théa: aly + 2) = blz—x) =
) _ . X+y _ y-Z _ z+X
c(y — x). Chiing minh rang: o«b-a) alb-c) blc-2a)

43‘)Choa,b,ckhécOvaa;t—b,b;ﬁa,Q:e—ath&a:a(y+z)=b(x—z)=

98

¢(x — y). Chéng minh ring: -2 - Y72 _ _%*X
y # & v b a(c-b) b(c+a)
| o,
44) Cho a, b, ¢, x, y, z khdc 0 théa; 232 ¥ =2 _Z-xy
a b e
2
Chiing minh ring: 2 ~be_bi-ca c”-ab
X y z

-x° _ _T,72+ZJv{__zz+xy_k
a | b c. ’

45) (_Jho a b, e, x, y,' z khéc 0 théa: ¥

a2 2, 2
Chdng minh ring: be-a _ b +ea S +ab
, X ¥ -z
. . X +yz Yiwzx xy-z¢
46) Cho a, b, ¢, X, y, z khdc 0 théa: = = =k
a b c
2 1. 2 2
Chiéng minh ring: a +be b +ea _ab-c
x y z

47) Cho a, b, ¢, x, y, z khic 0 théa: =

T a 2b 3c
: 2
Ching minh ring: a“ —6be 4b - 3ea 9c - 2ab
‘ X 2y 3z
48) Cho a, b, ¢, %, y, z khde 0 théa:
9x® — 20yz - _ley” - 15zx _ 252% — 12xy
3a 4b 5c
Ching minh ring: 9a% - 20be _ 16b* - 15¢a - 25¢° -12ab
3x 4y Y 5z
- 2 _ 3552 _
49) Cho a, b, ¢, x, v, z khéc 0 théa: >——10¥2 _ 9y —5zx _ 252" - 3xy
. a 3b 5¢
Chéng minh ring: a 15bcl _ 9b* - 5¢ca _ 25¢° — 3ab
X 3y bz.
bze
50) Choa, b, e thdéa: la+b=ze
¢? = 2(ac + be — ab)
. ' 2 _ )2
Chitng minh ring: 2 +(a_ J =27°,
b*+(b-¢c)’ b-c

-6yz _4y® -3z 9% -2xy _ I

%



- b=ec
51) Cho a, b, cthéa: <b#a+c )
o ¢ =2(bc +ab — ac)
g ) \ faz+('a +‘c)2"-_ a+c
. : b+c¥0‘
52) Cho a, b, ¢ théa: a+b+ec=0 |
‘ ¢ = -9(ac + be + ab)

a® +.(a‘+c}'2‘_ a_;;-c
b? --i-‘(b+c)2 “b+c)
o bfé¢0 '

53) Cho a, b, c.théa: ja=b+c
¢® = 2(ac—be + ab)

. Cﬁ&ng minh ring:

a®+{a-c)’ c-a
b2 +(b+c)’ P+
c#2b

._ Ching mlnh riing:

54) Cho a, b, c théa: ja+b = 5

¢ = 4{ac+be— 2ab)
4a® + (22 -'[c)?' _2a-c
4b% +(2b-c)’ 2b-c

Chdng minh ring:

DANG TONG DAC BIET
Bai 9: Tinh (rat gon) ‘

: 1 R S
R x+DE+2) x+2Xx+3) (x+3¥x+4)
1 1 1
B d)  xdNx<5) (x+BAx+6)
1 1 | 1

e - - .
D ai e ®  Er8x+9 (x+OXx+10)
1 1 1

2)

4)

100

13}

7 15)

L 20)
' 21) + + + - +

S 1+%

22)

G- G-IE-H @ Dx-5

L i 1
5) + - + .
(x-8}x-4) (x-5{x-6) x-8)}x-7)
1 : 1 ; 1
8) - + + .
(x-THx-6) (x—-THx-8) (x-8{(x-9)
7) | + 1 + 1
(x-Nx-8 =-8)x-9 -9Nx-10)
1 2 3
8) + + .
E+Dx+2) x+20(x+4) (x+4Xx+7)
,_ 8 . 2 . 4
(x+1Xx+4) (x+4Xx+6) (x+6)(x+10)"
10) 1 - =b 3

' -3 1 7
11) . + + .
T x+3x+6) (x+8)Mx+4) (x+1lMx+4)
22 8 5 .
(x-1Dx+1) E+Ix-2) (x-2)(x+3)
2 -7 ' 4 T
‘ + + -
(x-3x-1}) E+4¥x-3) x(x+4)
2 -8 18 '
)] + + .
x(x+2) x+2)(x-6) (x-6{(x+12)
13 4 3 + -13 -
x-Tx+6) +6(x+9) & +9(x -4
1 1 1 :

- + + .
x2+9x+20 x*+11x+30 x?+138x+42
17) = 1 +- 2 + 3 .
x-5x+6 x®-8x+15 x%-13x+40

i 3 2 i
_ + +
x2+3x+2 x*+7x+10 x%+12x+35
9L 2 9
x*-3x+2 x*-6x+8 x> +x-20
2 4 , 3
+ t —_
x?+4x+3 xZ+10x+21 =2+17x+70
1 1 2 4 3 16

16)

i8)

15218 Grl0E:5)  GiNGI10

2 3

1-x 1+x I1+x® 1+x° 1l+x
+ + + + .
a~b a+b a*+b® a*+b* a®+b°

101



1 . 1 N 2 N 4 N 8
i1-b 1+b 1+b* 1+b*
1 1 2a 4a®

23)

1+b%

8a’ 16a®® = 32a%

24 + + +
)a-wb a+b a?+b? a'+b?

1 1 2 4 8
+ + +

+
a®+b®

4
a16 +b16
16 . 32
+

1 11 1
.———+ P

1

e
U ]
ot
oo
o]
bt |

+ L + ! +
14.17 1720 20.23
1 1 1 1
+ + + 4o
123 234 345 4586
i 1 1 1
+ + + +
123 234 345 456
1 1 i 1 1

31)

32)

33)

34)
1 1 1 1 1

11 ¥ (3n - 1X3n +

...+

+ + + + +
123 234 345 456 5.6.7

5 +
3) 5337345 156 567 618

1 1 1 1 1
+ + + +
345 456 56.7 678 789
1 1 1 1

. 36)

-+ + .
I-y 1+y 1432 1+y* 1+y® 1+7° 1+y®

" en-D@n+1)

Tt ensD2n+3)

2)
1

" Bn+2@En+5)

1
nn+1)n+2)
P S
(n-Dn{n+1)
oy
(n-2)n ~1n
. : 1.
(n+1)n+2¥n+3) )
ot 1 .
(n+2)n +3)n+4)
1

+.-.

37)

1
o nn+1)n +2Xn+3)
1 i 1 1

+ + + - + +
1234 2.34.5 3456 4567 5678

1

38)

1567 5678 6789 78910 -Dun+Dm+2)

1

1 1 1 1
39 + + +
. 1.2.34 2345 3456 45667

102

+ +
56.7.8

+a32'+b_32‘ ' _"'_.40)

L. 41)

1
T m-2%n-Dnm+ 1) | |
1 1 1 1 1

L + 1 + — 1 + 1 ER 1
3456 4567 5678 6789 78910
1
e S —.
n+2Xn +3)n+4)Xn+5)
3 4 5
42 :
) 122" 2.3.22 * 3428 "

'n+2

n(n + 12 o
43) 8 , 4 , 5 . 6 fog—B¥L
122 232% 342° 4520 . (n-1)n2*

4 5 6 . n+3
3 + 3 + I $oaveenn . ~
23.2° 342° 452 (n + 1)n + 2)2°*!
5 N 6 . 7 et k+4 .
452* 5862° (k + 2)(k + 3).2%*2

-1 ).
n?

- 44)

)
- sevee 1~ R
6 29992 )

DANG HE POI XUNG

Bai 10: o
1)Cho a, b, ¢, d khdc 0 théa: a+b=c+d va a®+ b2 = ¢ + d°

Chirg minh ring: a®% 4 b0 = (2996 | g200¢

X+y=a+b

B4y =ad+ b

" Chitng minh ring: x2%8 4 y%% = 52005 | 2005

‘ x-y=a+bh

2) Cho x, y, a, b khic 0 théa: {

3) Cho x, y, a, b khdc 0 théa: .
x> +y? =a® +b?

+ + + R .
1234 2345 3456 4567 {(n +1)(n+2)n + 3j(n +4)
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Ching minh rang: x2%° + y°°°° 2000 . 2000
‘ . [x+y=a-b
4) Cho’x, v, a, b khdc 0 thoa:i 24y :'az RTE

Chl:fng 1.-'. '31'- r‘éng: X1998 y1&'-)98 '1938 + b1998

x—-y=a-b

2

5) Cho x, ¥, a, bkhdc 0 thég:{x . yz IR

Chung minh ring: <1000 ywoo 21008 11000
6)Chox, v, a, bkhdc 0théarx +y = a+bvax +y*=a*+b
a) Khai tri€n (x + y)* va (@ + b) :
b) Chitng minh: 2xy(x + y)2 = 2ab(a + b)? — a’b®
¢) Chitng minh: u® + uv + vz 0 ddu “=" x4y ra khi nio?
d) Chitng mmh 2 +y* =a" +b", v6imoin 128 tu phién.
x-y=a+b:

4

7) (?ho'x, v, &, b khéc 0 théa: {X + y = a + bz )

Ching minh ring: x" + y* = a° + b v4i moi n'chan:
. [x+y=a-b
8) Cho x, v, 4, b khéc 0 thoa:

x*+yt=a'+b*

Chung minh ring: x° +y* = 8% + b7 v6i moi n chin.
x-y=a- b
9)Chox,y,a,bkhac0t_hoa{x4+y ITIRYE
Chiing minh ring: x* +y" = a® + b® voi moi n chén.
.lO)Chox+y-a-x2+y2 'b-x3+.y3=c.
Chitng minh: a®—3ab +2¢=0

11)Chox—y=a;x* +y = bx—y__chhav3ab+2c+1

12) Cho x+}-=a;y+-1-_=b,xy+._—L=c.-Tmh-a + 0% + ¢* —abe.
X y’ . ) :

Xy
'rx+—1-—a
2x S
' 1 i 2 40 1,9
13) Cho {2y+—=b .Tinh —a"+ -b" +¢ — abe.
Ty o 3 T 2 |
1
2 —=
\.W+6

ry.v !

2x-—=a

4x 1
14)Cho |y, 1 g .Tinhabc+§b2—a2—c2

v .

2xy —~—=¢

’x 2

:+—'=a

3 x

15) Cho |3 y——]3—=b Tinh 9a® ~8b% —12 ¢? +12abc

4y
xy-a-l—-»=c
- 2xy
(2 x
_ 3x 2
16) Cho | _23___4y - b - Tinh 182% + b% -3 ¢? + 3abe.
¥
2xy+i=c *
Xy
< ; [a=by+ez
17) Cho a, b,ékhécOthéa:ib:ax+cz-’I‘inh X,y,ztheca, b, cv
- ' ¢c=ax+by
Chitng minh ring: ——+ L khong phu thude vao a, b, o
. x+1 y+1 z+1
'd = eb+1c | i
18) Cho a, b, ¢, 4, e, fthéa: je=da+fc . Tinh ! + ! bt
[f—da+eb | }+a 1+b 1+c¢
[a = by —cz '

- 19) Cho {b=ax_cz-

{c = ~ax - by

3 1
Chiing minh rang: 1 +

+ khong phu thube vao a, b, c.
x+1 v+1 z+1 .

{a=cz_—by E
20) Cho {-b = ax + cz. Chiing'minh ring: L + 1. + ! khong phu
x+1 y+1 =z+1 )
c=ax-by :

thudc vao a, b, c.
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a=-by-cz |
21)Cho {b=cz-ax . _ l
c =by-ax ;
Chitng minh ring: LI 1, 1 khong phu thube vao a, b, c.
x+1 y+1 z+1 ‘
a=by+cz N 1 1
'929) Cho {b = ax+c¢z . Chitng minh ring: + - khong phu ;-
' x+1 y+1 z-1 .
~~—c=ax+by .
thude vao a, b, c.
(a = by +cz
23) Cho <-b=ax+cz.
: lc =ax+by
Chiing minh ring: —-- - —1 + —— khong phy thube vao 2, b, c.
2+1 y-1 z+1 o
—-a=by+ez
24) Cho {b =ax +cz
¢=ax+by
Chiing minh rang: 1 + 1 _ 1 khong phu thude vao a, b, c.
z+1 y+1 x-1

25) Cho x, y 14 nghiém sd cta phu’o‘ng tnnh dnt:at? + bt + ¢ =0,
(akhac0). Dat Si=x +7: Se =X + Y5 Ss =x° +y% S4_x + ¥4
s 8y =%x"+y"(n eN,n 2 2). Chitng minh ring:
b)S;+b. S +¢. 5, =0.

a)82+b.SJ+2c=O
e)aS;+b. S +c. 5 =0 S +b. Sy +c.S3=0.

e)S,+b. S, 1 +¢.8,.=0.
26) Cho a, b, ¢ 12 cdc s6 thuc khae 0 théa:a + 1/b = b+1/c-c+1/a

a)Choa-lHaytnnbc -
b) Ching minh rang néu a, b, ¢ doi mot kbée nhau thi a’b’c® = 1.

¢) Chiing minh ring néu a, b c>0thia=b=c.

1
97) Cho a, b, ¢ khc 0 thoa: a+ ——=2b+ = =c+=
2b c a

a) Ching minh ring: néu a = 2b = ¢ #a thi 4a’%” = 1.

. . R b
b) Chirng minh ring néu a, b, ¢ > 0 thi -;—=—i=%.
1
98) Cho a, b, ¢ khéde 0'thda: c+—1—=3a-F—;b+7:l-
3a b ¢

a) Chimg minh riing: néu 3a # b= ¢ = 3a thi 9a%’’ = 1.
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~34) Che x, y, z théa: 7x° -3y” ~ 8y =Ty - 3z

b)C‘hngmmhrang néu a, b ¢ > 0 thi: 1 =3
3

29) Cho a, b, c khdc 0 thoa: a i7= 2 1_ 1
. . +2b _b+3c 3c+ 3

a) Ching minh riing: néu a # 2b # 3¢ # a thi: 36a%b?c?
b) Chitng minh ring: néu a, b, ¢> 0 thi; 2= b. <.

‘ 3. 2

30) Cho a, b, ¢ khic 0 théa: 3;':1-!-i=41:;u+-j—l-=q::+i :
4b ¢ 3a :
a) Ching minh riing: néu 3a = 4b = ¢ = 3a thi: 144a%%? = 1. .

b)Ch&ngnﬁnhrﬁrig:néua,b;c>Othi:E=E$—E-

‘ .3 4 12
31)Choa,b,c>‘0th6a:a+1=b+l=c+l.
b ¢ a

; b 42005 _ L _qo00s 1 o5 1

Chu'ng mlnh. a +b2006 —b ;230?—0 +am

32) Cho a, b, cthoa a —bz—b b3—c2—-c—c - & —a-%.

Chtmgmmha b ¢e>0vaa=b=c
33)Chox,y,zthéa: 2 —y? ~y=y —22—z=z3—x2—x¥H3.
Timx,y,z

3z =7za—3x2_3x= 1.

Tim x,y, 2

35) Cho x, y, z théa: 26x°~3y*- 3y = 26y°— 32— 3z= 267° -3x2 3z =1.
Timx,y, 2 :

36) Tim cdc s x, y, z théa: dx — y* = 4y — 2% = 42 — x2-—.1

37) Tim cdc s6 %, y, zthéa: 3x - y* =3y~ 22 =3z — x* = 1.

38) Timcdcs8 x,y,zthéa: 2Xx -y =2y — 22 =22 - x® = 1.

39) Tim cdc s6 %, y, z théa: 5x — y2 = 5y — 2% = 5z — ¥ = 4.

40)T1mcécsox v, z théa: x* + 6y = y° + 62 = 2% + 6z = —5.
41) Tim cdc s6 x, y, z thda: x2+‘7y"=y2+_7z=z2+7x='-—6.

42)’I‘imca’1cs<‘ix,y,zth6a:x—-1-=y.;l=z—-l=1.
. , 5 z x
43)1113. - -4 - 1__ 1 1
medcsdx,y,zthéarx - — =y—- - =z = =1
vy z x
44) Tim cde s . 1 i .1
JTimcacséx,y,zthéda:x - — =zy—- - =22 =2
y Z X
45) Ti o U S 1 1
m cdc 80 X, v, z théa: x =2y~ —=8z- =~ =1
2y 3z x
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: _ {ax + by = - ¢ .
46)Y Cho x, y théa: {bx +cy = - a. Chiing minh rang a®+ b ¢® = 3abe.
' lex+ay=b : .
fax-by=c .

47)Chdx,.yth63: ry bx=a Chnmgmmhrang'a—b3+c =-3abe.

cx+ay=-b

[ax — by = —¢

48) Cho x, y thoéa: <bx+cy=-a. Chungmmhranga -

lcx~ay=Db

([ax+by =—¢

—¢® = 3abe.

49) Cho %, y théa: {bx~cy=2a Chu‘ngnunhrang'a +b* - ¢ = -3abc.

ay ~cx=b
ax +by+cz=0

50) Cho x, y,.z khac 0 thdéa: {bx+cy+az=0.

kc‘x+ay+bz=0

Chiing minh ring: a° + b’ +c3 = 3abe.
‘ ax+by-cz=0

51)Chox, ¥, 2 khéc 0 théa: be ~cy+az=0.

ay+bz-cx=0
mminh ring: &° + b° - & = —3abe.

{ax-by+cz=0

Ching @

52) Cho x, y, z khac 0 théa: {cy +az~bx =0.

cx+ay-bz=0

Chitg minh rang: a® — b® + & = —3abe.
ax-by—cz=0

53) Cho x, jr, z khac 0 théa: jaz_—-bx—cy =0

Layl—bz—cx=0

Chiing minh rang: a° —b® - ¢® = 3abe.
X2 —Yi=
54) Cho %, v, z khde 0 thoa: y2 —zx=Db.

£ -xy=c

Chitng minh rdng: ax + by + ¢z = (x+y+2zfa+b+c)

55) Cho x, y, z khac 0 théa: ;

X2+YZ=a
yZ+zx=b.

zz—xy—c

Chungmmhréng ax+by—cz-.(a+b+c)(x+y—z).-

(x2 +yz=a

2 +xy=c

56) Cho x, y, z khdc 0 théa: ]y -zZx=Db,

~ Chimg minh ring: ax — by

+cez=fa+b+clx—y+2z)

x*-yz=a

57) Cho %, y, z khédc 0 thoa: Jyz-t-zx:b_

Ching minh ring: ax — by

58) Cho x, v, z khéc 0 thoa:

Chitng minh ring: ax — by
. la?+b’
59) Cho a, b, ¢ thoéa: § -,
. a3 + 'b3
Tinh A = a% + b% + &%
(x+y+
60) Cho x, y, z thoa: { s
S X +y

a) Ching minh ring: 0 <x,

b) Tinh B = xyz.
¢) Tinh C = (x — " + (y -

r

b4

Z°+ Xy =¢
L

~cz=@+b+cx-y-zh
2

x-yz=a
-y’ =b.
2

Z-xy=¢

+ez={a—-b+e)x+y+ 2

+et =1
+cf =1
z=1 .
+22 =1

y,z< 1.

1)9 +{z — 1)1997

DANG BUA VE TORG VA TICH CAC LOY THUA

- Bai 11:

1) Ching minh rdng: a_ + b3
2) Chiing minh rang: X+
33 Chang minh rang

(? +b2)(a+b)—ah(a+b)
= (x* -i-v}(x-l—y)—xy(x + v

—(h +y)(x +y) xy(‘{+y).

4} Chitng minh rang b Ty =& +y)(x +y)—x:y”’(x+y}

5) Chiing minh rang u

8} Chung minh rang: o® + v°

+vV' = +v){u+v)——uv(u + v

(f + Vet + v = Geviu + v
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7) Chang minh ring: u? + v¥ = (U° + v9)® + v°) — V(W + V).

8) Chiing minh riang: u® + v = 7 + v)(? + ¥%) = UV’ + v°).

9yChohaisd a,bthéa:a+b=1vaiab=-1 PatS;=a>+bi+a*+
bt Sy =a’+b +a’ +b% Si=at+b*+af+ b5 S5 =a"+b" +2a" +

b s Ser=a* 4 bl 4™ + b2 S,=a+bP+ 2™+ b Y
Spup = 2™ + ™! 4 2™ 4 b™®, Chitng minh ring: - .

a)S4=Sa+Sz b)85=S4+Ss C)Sa=85+34

d) S’.’ = SS + SS e) Sn+1 = Sn + Sn—I '

10) Cho x, y la cdc sd, thue sao cho: x + L ay+ 1 =b;a, blasd
y x

nguyeén. DatT1=xy+—1—; T2=x2y2+%;T3=k3y3+ —-3-]1—3—;
Xy x“y - X’y
1 1
T, = 3y + . Taos = X%y2% 4 _
4 X4_y4 2006 22006 /2006
Chitng minh rang:

a) Ty; Ty; Ts; Ty 12 cde s8 nguyén.
b) Tagos 12 58 nguyén.
11) Cho x, v 12 hai s duong théa: & + P =x* +y' =x>+ y°
Tinh x°* + y° ‘
12)Choa,b>0théa:a+b=a’+b?*=2a%+b% Tinh a” + b’
13) Cho u, v > 0 sao cho: v + v¥ = u® + v = ¢’ + v'. Tinh u" + v*°
14) Cho z, t duong thda: 2% + t% = 2%+ t* + 2% + . Tinh z'%%° + ¢¥%
15} Cho a, b 14 hai s§ duong théa: '
2100 L 100 _ 2101 P11 _ o102 102 quni 22005 12005
16} Cho a, b 1a hai s duong thoéa:
006 7006 _ 42005 | 12005 _ j2004 . 2004 g}y 1005 . 1003
(fax +by =3
|ax®+by? =5
17)Cho a, b, x, ¥ € R sae cho 1

ax® +by® =9
lax* + by* =17
-T1’nhA=axs+by£';B~——ax2m’6-'a-byz‘m‘5
(ax — by = 3
ax® - by’ =5

18} Cho a, b, x, R cho 4 .
} Cho a, X, ¥ € R sao cho axa—by3=9

: lax* ~by* =17
Tinh A = ax5 - bys; B= 3X2004 _ byZDCM

110

ax—by =3

- lax’ +by* =5
19) Cho a, b, %, ¥ € R sao cho

ax’-by’=9
| ax* + by* =17
Tinh A = ax® — by B = ax™ + by™®
: (by —ax =3
' {by? —-ax2 =5
200 Choa,b,x,vye R sa.(.).cho‘ by® —ax® =9 -
by* —ax* =17
Tinh A = by’ - ax’; B = by’ ™ — ax’®”
| by —ax=3
| _ _ by’ +ax? =5
21)Choa,b,x,y € R sao cho; by? _ax®=9
by* +ax* =17

Tinh A = by® — ax%; B =ax™® + by'®®

CAC DANG KHAC

" 1)Choa,b,cla ba sé’ d6i mot khdc nhau théa man:

a b c
—+ + - =0.
b-¢ c¢c=-a a=b

a b2—c2+ac—ab.:
(b-c)f (& -b)Xb-cle—a)’
a.2+ b =+ _c 2='O
(b—¢) (c-a)" (a-b)
2) Cho a, b, ¢ 12 ba 58 d61 mét khdc nhau.sao cho:
a b c .
+ +
b-¢ ¢-a a-
¢6 it nhat mot s Am va mot s6 duong.
b ¢
+

a) Chitng minh ring:

b) Chitng minh ring:

= 0. Ching minh ring trong ba sd a, b, ¢ phai

3) Cho a, b, ¢ théa: B =0.
‘ _b+c c+a a+b
A 2 2 2
s a b c
Chu inh rang: + + =0
ShUng mink rang b+c c+a a+b -

. 111



R

b+c=0
0 ol 2%0 mea 2B . S o
) Nb-a=z0 "b+e c+a b-a )
c<0,b>0
Ching minh réng: 2 < 0
(b—c=0
c+a=x0 a b - ;
\ Ga: +——=0.
'&c?oa+b¢0 thoac—b+c+'a a+b
c<0,2a>0 ,
Chiing minh riang: b > 0
b-c=0
c+ax0 ' b ‘a c
théa: - =0
6)mm.a+b¢0 o2 c+a+c—b a+b
b<0,a>0 '
- Ching minh réng: ¢ > 0 o
7) Cho a, b, ¢ théa: —— + 24— =1,
_ " b+c c+a a-=+b
a? b c?

" Tinh + + .

- T b+c c+a a+b

8) Choa, b, ¢ théa: —2— 42+ -2
b+c c+a a+b

a? - b® e

=a+h+ce.

Chiing minh ring: +
K " b+e¢ c+a a+b
9) Cho &, b, ¢ théa: &+ 4 S =1
T "b+e c+a a+b 2
TS O 2 '
Ching minh ring:—— + b, & _.atb+e
‘ b+c c¢+a a+b' 2
: _ g2 bz' ¢?
10) Cho a, b, ¢ théa: 2 + b + ¢ khdc O va + + =0.
. ~b+ec e+a a+b

a b c
+ +

Tinh .
n b+e¢ c+a a+b
. 2 2 2 ;
11) Cho a, b, ¢ théa:—— + b__+ ¢ _3va 8 . b L
"b+c c+a a+b b+c c+a a+b

Tinha+b +c.

412

=92.

- 17) Cho a, b, ¢ théa:

- a
=-2 vd = 4 +
b+e

12) Cho a,b;cthéa: a b e
_ b+e c+a a+b

Tinha+b+ec
a b C
+ +
2a+b+c 2b+c+a 2e+a+b
a? b? c?
‘ + . =
2a+b+¢c 2b+c+a Zc+a+b 4
a b c
-+ -+ =
2a+b+c 2bt+tct+a 2c+a+b

=3
3

13)Cho 3, Iy, c-théa:

_a+b+ec

Chitng minh:

14) Cho a, b, ¢ théa:

a? b? c?

+ + ;
2a+b+c 2b+c+a 2c+a+b
a b ¢
+ +— =
2a-b+¢ 2b-a-c¢ 2c+a-b
az b2 . C2
+ + =
2a-b+¢ c+a-2b 2c+a~b_ 4
a b e
22+b-¢c 2Zb-c+a Z2¢c-a-b
a2 b2 cz
+ + =
Qa+b-¢c Z2b-c+a a+b-2c 4 -
a b N c
2b+c—a - 2c+b-a

Tinh

15) Cho a,.b, ¢ thoa:

Ching minh ring:

16) Cho a, b, ¢ thoa:-

Chting minh ring: -

_3
2a-b-c T4
~ % b? c® a-b-c
+ + z=
2a-b-~c a-2b-¢ a-b-2¢ 4
2a . b . c _3
da+b+c 2b+c+2 'Sc+2a+b 4
42* . b? N c? _2atbic
da+b+c 2b+c+2a 2c+2a+b 4
a 3b e 3

: — 4+ =—,
2a+3b+c 6b+c+a+2c+a+3b 4

a® 9b? ¢? _a+3b+c

Ching minh ring:

18) Cho a, b, ¢ théa:

- Chitng minh rang:

19} Cho a, b, ¢ théa:

Chitng minh rang:

+ + =
29+8b+c 6Bb+c+a 2e+a+3b 4
a 3b 4dc 3

- 20) Cho a, b, ¢ thoa: =

+ ' =,
2a +3b+4c 6b+4c+a+8c+a+3b 4

a’ . o 16" _a+3bi4c
2a+3b+4c 6Bb+4c+a 8Bc+a+3b 4

Chimng minh ring:
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Bai 11. GIGl BA! TOAN BANG CACH LAP
PHUONG TRINH

Bai 1: Mua 36 béng vita hng vita ¢dm chudng hé&t 10000 dong. Bi€t méi
béng héng gid 400 déng, mdi béng cAm chudéng hét 200 dong. Tim s§
béng mét loai?

Bai 2: C6 54 con vira ga, vira méo. Tat c& e6 154 chin. Héi ¢6 bao nhiéu
con ga, bao nhiéu con meo.

Bai 3: C6 hai thung dung diu, lic ddu s6 ddu thing 16n gap dbi s6 dau -

thiing nhé. Sau khi thém vao thing nhé 15 lit, 14y b6t & thiung lén
30 lit thi s6 dau thing nhé bing g s6 dau thang 1¢n. Héi ldc dau

méi thang chita miy 1it?

sang ro thit hai thi sd tring trong r6 thit nhit bang g s0 tring trong

rd thit hai. Héi lie dau méi r6 c6 bao nhidu qui? o
Bai 5: 86 lugng dau & thang thit nhat bing 2 lan sé lugng diu ¢ thung
thit hai. Néu bét ¢ thung thd nhit ra 75 lit va thém vao thing thd.

hai 35 lit thi lugng déu trong hai thung bing nhau. Héi luc dau mdi |

thung chita bao nhiéu lit dau? ) .
Bai 6: C6 480kg ca chua va khoai tay. Khéi luong khoai tdy gip 3 lan
khéi lugng ca chua. Tinh khdi lugng méi loai.
Bai 7: Cé6 hai kho théc. Kho thit nhat hon kho thi hai 100 tdn. Néu

chuyén tit kho thir nhat sang kho thi hai €0 tan thi s6 théc & kho thit | -

nhit biang % s0 théc 6 kho thi hai. Tinh s6 théc. méi kho lic dau.

Bai 8: BE nudc A hon b€ nude B 1200 lit. Ngudi ta thdo tit bé A sang bé
B bang mét vdi méi phiit chdy duge 20 lit. Sau 20 phait, lugng nude

trong bé A bing :22—;? lugng nudc trong bé B. Tinh lugng nudc c¢é trong

mbi bé lic dau.

Bai 9: Bac tho cd va anh cdng nhén cing lam viéc. M3i ngay béc the ¢
lam hon anh edng nhian 10 sdn phdm. Sau ba ngay lam viéc cd hai
ngudi lam duge 930 sdn pham. Héi méi ngudi trong mét ngay lam
dugc bao nhiéu sdn phdm? ‘

Bai 10: Trong thing giéng hai t8 sdn xuit duge 720 chi tiét mdy. Trong
thang hai, t6 mét vugt mdc 15%, t6 hai vugt mic 12% nén san xuit
duge 819 chi ti&t mdy. Tinh xem trong thdng giéng, mbi t6 sin xuit
duge bao nhiéu chi tigt may.
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Bai 11: Nam ngodi tong s6 dan hai tinh A va B 1a 4.000.000 ngudi. Nam
nay tinh A tang 1,2% va tinh B tang 1,1%. Téng s dan hai tinh nam
nay 1a 4.045.000. Tinh s6 dan mbi tinh nam ngoai va nam nay. :

Bai 12: Trong mdt trang sach, néu bét di 4 dong va mé: dong bét di 3

chit thi cd trang b6t di 136 chi, néu ting thém 3 dong va mbi dong
thém 2 chif thi cd trang s& ting thém 109 chir. Tinh s6 dong trong

trang va s¢ chit ¢6 trong mdi dong.

- Bai 13: Tim hai s6 nguyén lién ti€p bict 2 l4n s§ ahd cong véi 3 lin s5

1én bing -87.

* 'Bai 14: Cho ba s6 tif nhién lién ti€p. Tich hai s5 ddu nhé hon tich hai

s6 sau 1a 50. Tim ba s§ tu nhién d6.

Bai 15: MAu cia mét phan s6 gdp 4 ldn t& cla né. Néu ting ca ¥ lan

mau thém 2 don vi thi duge phin s& % Tim phén s6 di cho.

Bai 4: Hai r tring ¢6 tit cd 80 qui. Néu chuyén 5 qui tir rd thi nhit | Bai 16: Mot phan s cd ti nhé hon mu 12 8 don vi. Néu thém 2 don vi

vao tif v bét miu di 3 don vi thi duge phan s§ g'l‘im phan s¢ da c¢ho.

Bai 17: Hiéu cia hai s8 1a 12. N&éu c¢hia s bé cho 7, chia s6 16n cho 5 thi
thuong thit nhét bé hon thuong thit hai 14 4 don vi. Tim hai s5 &y,

B 18: T o5 cia hai 56 1a ©. Néu chia s6 b4 cho 4, chia s5 lén cho 9 thi

thuong thd nhit 16n hon thuong thi hai 14 4 don vi. Tim hai s6 d6.

Bai 19: Tim s6 ty nhién c6 hai chif s§ biét riing 2 l4n chit s§ hang chuc
16n hon chit s6 hang don vi 12 7 don vi. Néu viét hai chit s6 4y theo
thit tu nguge lai thi thu duge mot s6 mdi ¢é hai chit s6. S5 mdi nhd
han sd cit 27 dom vi. ‘

Bai 20: Tim s3 tu nhién ¢6 hai chif s& bigt tdng hai chit s§ 1a 12. Néu
d6i chd hai chit 6 thi thu duge s& méi hon'sé cii 1a 36 don vi.

Bai 21 Téng ciia chit s6 hang don vi va hai lin chit s6 hang chuc cda

mdt s& ¢6 hai chir 56 1a 10. Néu d6i chd hai chit s6 cho nhau thi ta
thu dugc s6 mdi nhé hon s6 ci 1& 18 don vi. Tim s ¢6 hai chit s6 do.

‘Bai 22: Chit s§ hang chuc ciia mét $8 ¢6 hai chit s& hon chi s6 hang don

vi Ia 5. Néu ddi ché hai chil s5 cho nhau s& duge mot s& méi bing g

s0 cii. Tim s& d4 cko.

Bai 23: Cho mdt s6 gom cé hai chir s§. Tim s§ d6 biét t6ng hai chi s&
cia s§ d6 nhoé hon s6 46 6 1dn va thém 25 vio tich ciia hai chi s& d6
sé dugc mot s6 viét theo thit tu ngudc lai véi s§ da cho.

~ DANG TOAN NANG SUAT
Bai 1: Hai ddi cong nhén ciing sita m$t con dudng het 24 ngay. Mbi ngay,
 phan vige lam duge ol doi 1 bing > phdn vie 00 II lam duge. Hei

néu Jam mét minh thi mdi d6i sé sita xong con dutng trong bac 1au?
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Bai 2 Hai voi nude cing chdy vao mdt bé thi sau -*g-gxd day be. Mai
git, lugng muée vdi A chiy béng.,g lugng nude voi B chay. Hdi néu
m5i voi chdy mot minh thi sau bao lau ddy bé?
Bai 3: Hai ngudi cing 1am mét cdng vige thi trong 12 gio thi xong. Néu
pguti thit nhat lam trong 4 gis, ngudi thd hai lam trong 6 gi& thi
duoc § cbng viec. Hoi néu 1am mdt minh thi mdi ngudi 1am hét céng

viéc trong bao 1au?
Bai 4: Hai voi nudc cung chdy vio mot b& thi trong 1 git 20 phat day
b&. N&u mé voi 1 trong. 10 phut, vdi Il trong 12 phit thi duge %bé’.

Héi néu mdi voi chdy mét minh thi sau bao lau diy b&?

Bai 5: Hai may cing cay trén mot canh dong. Néu cd hai mdy cing lam
viée thi sau:4 ngiy s& ciy xong ci cdnh dong. Trén thuc t& thi hai
may cing 1am viéc trong 2 ngay. Sau 46 may I bj didu di noi khac
lam viée. May II lam mot minh thi sau 6 ngay nifa cay xong cianh
d6ng. Hbi néu lam mbt minh thi mdi mdy phai mé&t bao lau dé cay
xong canh déng?

Bai 6: Hai ngudi cong lam viée thi trong 6 gid 40 phit xong viéc. Néu dé
mét minh ngudi thi nhit lam trong 5 gig rdi ngudi dé nghi thi ngudi
thif hai phai lam ndt phin viéc cdn lai trong 8 giv. Hoi néu lam riéng
thi mai ngudi phai mat bao 1au &8 hoan thanh cong viéc?

Bai 7: Hai d6i cong nhan cing larm viéc thi trong 4 ngay xong viéc.
Nhung khi thye hién, doi II 'phai di 1am viéc khde. P01 I lam mébt

. minh duge 9 ngay thi d6i II quay trd lai. Hai d0i cung im tiong 1
ngay nixa thi xong viéc. Héi néu lam moét minh thi mbi d6i phdi m&t
bao 1au méi hoan thanh céng viéce? . ‘ ‘

Bai 8: Hai d45i xay dung cing lam chung mot cong viéc va du dinh trong
12 ngay thi xong. Ho cing lam v&i nhau duge 8 ngay thi déi I duge
didu dong lam viée khdc, doi I ti€p tuc lam. Do cai tién ki thuit,

. nang suit tang gip déi nén doi I 1am xong phan viéc con lai trong 3

_ ngay rusi. Hoéi néu mbi d5i 1dm méGt minh thi bac nhiéu ngay xong
edng viée trén? '

Bai 9: Mot 461 may ciy du dinh mbi ngay cay 40 ha. Do siéng ning lam
vide nén trén thuc t8 mbi ngay doi cay duge 52 ha. Vi vay khong
nhimg d& cay xong trudc hai ngay. mi con cay thém dugc 4 ha nia.

' Tinh dién tich rudng ma doi cay duge trén thyc té.

Bai 10: Mot doi thg md theo k& hoach mdi ngay phai khai thae 50m®
then. Do siéng nang lam viéc nén trén thuc t&€ moi ngéy ddi khai
thic duge.57m® than. Vi vay khéng nhitng da xong trudc thdi han 1
nziy méa con vugt mic 13m® than. Tinh lugng than ma 301 the md

- khai thac theo ké heach va trén thuc té.

Ba: 11: Theo k€ hoach mét doi may cay phai cay méi ngay 15 ha. Do siéng

" - nanglam viée nén trén thyc t& doi da cay xong trude thoi han 1 ngay va.

. vuot mic 3 ha. Tinh dién tich rupng ma doi da cay theo k& hoach.

Bai 12 S& nguti dbi 1 gip o1 s6 nguodi doi IL. Doi I dao duge 2700m® dubng,
doi 11 dao duge 1257m° dumg. Mbi ngudi clia d6i I Gao duge nhidu hon
mbi ngubi elia d6i IT 1a 5m®. Hoi mbi ddi ¢6 bao nhiéu ngudi?

Bai 13: Mot vdi nude chdy vao mot b& khéng ¢6 nude. Cing lic 46 ¢d

mét voi chidy tir bé ra ngodi. Mbi gid, luong nude chdy ra bang %
2

lugng nude chay vie. Sau 5 gi¥ nu6e trong bé dat é dung tich bé. Héi

néu bé khéng eé nuée va chi md voi chdy vao thi sau bao lau day bé.

Bai 14: Mot bfin nuée cé dat hat voi chdy vac 1a A va B va mét voi chay
ra 1a C. Bén tréng, néu md riéng voi A thi sau 4 gio day bbén. Bon
tréng, néu md riéng vdi B thi sau 6 givy day bon. Bon trong, néu mé ca
3 vdi thi sau 7 gio 12 phit bdn diy. Né&u bon day nuGc va mé riéng voi
C thi sau bao 14u bén hét nuge?

TOAN CHUYEN DPONG

_ Bai 1: Anh Hai va anh Ba di xe dap, khd: hanh ciing mbt lde. Vén toe anh

C L 4 - . .
Hai bang 2 van téc anh Ba. Néu anh Hai tang véan toe 1km/h, anh Ba

giam vin tdc lkm/h thi sau 3h doan dutng anh Ba di duoe dai han doan
dudng anh Hai d3 di 1a 3km. Tinh van tfc mdi anh

Bai 2: Xe may di tir A dén B dai 35km. Lic v& bing dudng khde dai 42km

v6t van tdc hon van tde lugt di 12 6km/h. Thoi gian vé bing 12 thai
13
gian di. Tim van toc lugt di va vé. : I
Bai 3: Hung di tif nha sang Ha No1 bing doan duing dai 48km. Lac vé

di tdt ngdn hon 13km. Vin t8c kic vé bing g van i6c lic di. Thii

gian vé it hon di 14 30 phut. Tinh vén tdc lic di.

Bai 4 Xe hoi di tir A dén B v4i van t8c 50km/h rdi t¥ B v& A voi vén
téc giam bét 10km/h. Ci di va vé mét 5 giv 24 phut. Tinh quang
dutng AB.

Bai 5: Oté du dinh di tir A d€n B véi van téc 56km/h. Di duge 20 phit
thi gap dudng xdu nén van tdc gidm con 40km/h, vi vay dén B tré 18
phit. Tinh quing dudng AB.

Bai 6: Mot ngudi di xe may tif A dén B v6i van toc 30kmo/h. Lic vé
ngudi dé di véi van tée 24km/h. Do d6 thai gian vé 14u hon thoi gian
di 1a 30 phuat. Tinh quing duing AB.
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Bai 7: Xe l&a di tif A dén B hét 10 git 40 phat. Néu van téc gidm 10km/h
thi dén B tré 2 giv 8 phiit. Tinh quang dutimg AB va van toc xe l¥a.

Bai 8: Mot 6té6 du dinh di tir A dén B trong mdt thoi gian nhdt dinh.
Né&u xe chay véi véin tdc 35 km/h thi dén B tré 2 gis. Néu xe chay véi
van toc 50 km/h thi @6n B s6m hon mét gig. Tinh quiang dudng AB
va théi gian du dinh hic diu.

Bai 9: Hai 6td khéi hanh cing mdt lic tir hai tinh A va B cdch nhau

150 km, di nguge chidu va gip nhau sau hai gis. Tim vin téc cia méi.

6to biét ring néu van tdc cia 6td A ting thém 15km/h thi bang hai
lin van tdc 66 B.

Bai 10: Mot 6td di tir A d&n B. Cung lde 46 6t6 thit hai di tdr B dén A
vdi van téc bing g vAn tdc 6t6 thit nhat. Sau 5 gié ching gip nhau.

Hobi mdi 6t6 di cd quing dudng AB mit bao 14u?

Bai 11: Db médy xubi dong tif A dén B hét 4 gis va nguge dong tir B vé A
mit 5 git. Vin tdc dong nude 1a 2km/h. Tmh quiang dl.rdng AB. (Xudi
nguge chiéu)

Bai 12: Mot cand xudi dong 42 km rdi nguge dong trd lai 20 km, mit
téng cong 5 gidr. Bi€t van tde dong chdy 1a 2 knvh. Tim vén t6c thuc
cda cand.

Bai 13: Mat tau thdy chay trén mot khic séng dai 80 km, cd di va vé
mat 8 gig 20 phiat. Tim v4n téc cda tau thiy khi nude yén king, biét
van tdc cla dong nude 1a 4 km/h.

Bai 14: Lac 4 gid 30 phit mit may bay cit canh tir A véi van t6c 500km/h.
Pén B may bay nghi 30 phiit rdi quay -vé A véi van tde 400 km/h va t6i
A lac 11 gir 45 phit. Tinh quang dudng AB.

Bai 15: Hai xe khéithanh cing mét lic tit hai dia diém A va B, cich
nhau 130 km va g#p nhau sau 2 gié. Tinh vin tdc mdi xe, biét xe di
tit B ¢6 van t8c nhanh hon xe di tif A 1a 5km/h.

Bai 16: Mot 6t6 di tir A dén B. Sau khi di duge 43km thi nghi 40 phiit.
bé vé B kip gio da dinh, 6t6 di vdi vin téc bang 1,2 van tdc lic dau.
Tinh van téc Kic diu biét quing dudng AB dai 163km.

Bai 17: Pung séng tit A dén B ngin hon dutmg bd 10km. D€ di tir A den
B, cané di hét 3 gisr 20 pht, 6t6 di hét 2 gig. Van toe cand kém vin
toc 8t6 17km/h. Tinh van t8c cand? (Thay d3i phuong tién).

‘Bai 18: Nha A céch trubng 1200m, nha B céch truémg 1650m. Van tée A

bing vin téc B, th#i gian B dén trucng nhiéu hon A 1a 5 phut Tinh
van téc cia mbi ngudi. : :
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Bai 19: Mot xe hoi di tir A dén C, cung lic d6 tir mét dia diém B nim
trén doan dutng AC cé mdt 6td tdi ciing di d&€n C. Sau 5 giv hai 6t
gip nhau tai C. Biét vén tbc 6t6 tdi bing 3/5 van tbc xe hoi. Héi xe
hai di tir A d€n B mat bao lau.

Bai 20: Quéng dudng AB dai 270km. Hai 6t khéi hanh ciing mdt lae di tiy
A dén B. Ots thir nhét chay nhanh hon 6t6 tht hai 12kmvh nén dén
trude 6td thir hai 42 phit. Tim vén tdc mdi xe?

Bai 21: Mét xe dd di tir A dén B v6i van toc 20 km/h. Sau 3 giv , tir A
mét xe hoi dudi theo v6i van tc 50 km/h. Héi tir Ide bdt ddu xuat
phat xe hoi duéi kip xe dd mit bao 1au?

Bai 22: Mot chi€c thuyén khéi hanh tir bén sdng A. Sau 5gi¢ 20phat. mot
cand tir bén sdéng A dudi theo va gip thuyén cach bén A 20 km. Héi vén
téc cda thuyén, biét cand chay nhanh thuyén 12 ko mdt gio? L

LOAI KHAC

Bai 1: Trong mét trang sdch, néu b6t di 4 dong va mdi dong bt di 3
chit thi cd trang b6t di 136 chi, néu ting thém 3 dong va méi dong
thém 2 chir thi ¢d trang sé tang thém 109 chd. Tinh s6 dong trong
trang sich va sé chif c6 trong méi dong.

Bai 2: Mot miéng dat hinh chit nhit ¢é chu vi 14 56m. Néu giam chiéu
réng 2m va ting chidu dai 4 m thi dién t1ch ting thém 8m Tim d§
dai edc canh cda hinh chit nhit.

Bai 3: Mot mxeng vudn hinh chir nhat cé chiéu dai gap 3 }an chiéu rong.
Néu tiang mbi canh thém 5m thi dién tich vuon- them 385m®. Tinh-
chiédu dai va chiéu réng ciia manh vudn trén. b

Bai 4: Cho mdt tam gidc vudng. Néu ting cde canh géc vudng lén 2em va
3cm thi dién tich tam gidc tang thém 50cm? Néu gidm c2 hai canh di
2¢m thi dién tich sé gidm di 32cm2. Tinh db dii bai canh gée vudng.

Bai 5: Canh huyén cla mét tam gjéc vudng la 10m. Hai canh gée vuéng
hon kém nhau 2m. Tim cdc canh géc vuong

Bai 6: Mét khu vudn hinh chit nhat eé6 chidu dii lén hon chiéu rong
10m, dlen tich bing 1200m*. Tinh chu vi khu vudn.

Bai 7: Hiéu sd do chu vi clia hai hinh vudng 12 32m va hiéu s§ do dién
tich cta ching la 464m®. Tim s6 do mbi canh hinh vubng.

Bai 8: Mot doi xe can chuyén ché. 120 tén hang. Hom lam viée c6 2 xe
phai diéu di noi khidc nén méi chiéc xe con lai phai ché thém 16 tdn.
Hbi d6i xe ¢6 bao nhiéu xe?
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Bai 1. HINH Tﬁﬁﬂﬁ

1. BAITAP COBAN
. 'Bai 1: Cho hinh thang ABCD (AB // CD) ¢6 D = 60°
1) Tinh A 2) Tink B, O. Bist == =
. ‘ D o
Bai 2: Cho hinh thang ABCD (AD //BC)cé A-B=20°, D-2C

1)Tinh A+B
2) Ching minh A+B=C+D
3) Tinh s6 do cdc gde cda hinh thang.
Bai 3: Tinh cdc goc cia hinh thang ABCD (AB // CD), biét rang:
2-25, B-C-50°
Bai 4: Cho hinh thang ABECD ¢ A =230°, C=130°. Tinh B, D. Bai
toin c6 miy dép s8?
Bal 5: Cho hinh thang ABCD (AB / CD)
1) Tinh téng A+D, suy ra trong hai géc A, D c6 nhiéu nhat Ia

. mbt gbe th.
2) Chitng minh trong hai géc B, C c0 nhiéu nhit 12 mot goée L.
Bai 6: Ching minh rang trong cdc géc cia hinh thang MNPQ
(MN // PQ) ¢6 nhidu nhat 12 hai géc th.

Bai 7: Cho hinh thang ABCD (AD // BC).
1) Tinh téng C+ D, suy ra trong hai gée C, D ¢6 nhidu nh4t 1 mot
goéc nhon.
2) Chiing minh trong hai géc A, B c6 nhiéu nhét i& mét gbe nhon.
Bai 8: Chitng minh ring trong cde goc cua hinh thang MNPQ c¢é nhidu
nhét 14 hai géc nhon.

RBai 9: Cho hinh i:hang ABCD {AB//CD) 6A=23D,B=C,AB= ﬁcm,

AB = 38cm, CD = 4cm
1) Chiing minh ring A+D= C +B
- 2) Tinh cdc s§ do cac gdc cia hinh thang.
~ 38) Tinh dudng cao AH cha hinh thang va Sascp-
Bai-10: Cho tam gide ABC vubng can tai A ¢ AB = V2cm. V& phia
ngoai v& AACD vudng cén tai D. '
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1) Tt gidec ABCD la hinh gi? Vi sao?
2) Tinh SABF‘D

" Bai 11: Cho hinh thang vuong ABCD c6 A=D=90°, AB = AD = 2em, DC

= 4cm va BH vudng gée CD tai H.
1) Ching minh AABD = AHDB;
2) Chitng minh ABHC vubdng ¢in & H.
3)‘ Tinh SABCD
Rai 12: T giac ABCD ¢4 BC = CD v& DB 12 tia phan gidc cua gde D.
Chimg minh ABCD 14 hinh thang.
Bai 13: Cho tam gidc ABC c6 tia phén giac cha céc goe B v C ¢it nhau &
I QuaIké du’o’ng thing song song v6i BC ¢at AB, AC lan luot 6 D va E.
1) Tim cdc hinh thang ¢6 trong hinh vé.
2) Ching minh ring: ABDI can ¢ D va AIEC can ¢ E.
3) So sénh DE va tong BD + CE.
Bai. 14: Cho hinh thang ABCD (AB // CD, AB < CD). Hai tia phan gidc cia
hai géc C va D cat nhau tai K thuje day ARB. Chwing minh rang:
1) AADK cén & A; ABKC can & B.
2AD + BC = AB
Bai 18: Cho hinh thang ABCD (AB // CD) ¢6 CD = AD + BC. Goi K |
diém thudc ddy CD sao cho KD = AD. Ching minh rang:
1) AK 1a tia phan gidc cia gic A.
2) KC = BC.
: 3) BK 13 tia phan gidc cia géc B.
Bai 16: Cho hinh thang ABCD (AB // CDj ¢6 CD = AD + BC. Goi K 1a
giao di€m cla tia phin gide goe A vii day CD. Chimng minh:
iy AD = DK.
2) ABCK can ¢ C.
3) BK 1a tia phan gidc cia géc B.

Bai 17: Cho hinh thang can ABCD (AB//CD} ¢6 A =500, Tinh B, C D
Bai 18: Cho hinh thang can ABCD e6 A ='a (0° <a <180°). Tinh s8 do
ecde gée B, C, D theo o. o
Bai 19: Cho hinh thang cin ABCD (AB / CD) ¢6 A =2C. Tinh cée s6 do
cédc goc cia hinh thang.
Bai 20: Cho hinh thang can ABCD (A_B // CD) e6 A =3D. Tinh cdc s3 do
cac goc cda hinh thang.
Bai 21: Cho tam gidc ABC can tai A. Qua diém M irén canh AB ké
dudng thang song song véi BC cit canh AC tai N.
1) Tt gidc BMNC 12 hinh gi? Vi sao?
2) So sanh SMNB va SMNC-
3) Chitng minh Sasn = Sacm.
Bai 22: Cho tam gidc ABC can tai A ¢6 BD va CE la hai dudng trung
tuyén. Chu‘ng minh:
1) AADE can tai A
3) BCDE Ia hinh thang can.

2) AABD = AACE.
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Bai 23: Cho tam gidc ABC cin tai A ¢6 BH va CK 1& hai duling cao.
Ching minh:
1) AABH = AACK.
2) BCHK 1a hinh thang can. .
Bai 24: Cho tam gidec ABC cén tai A ¢6 BD va CE 13 hai duéng phian
giac. Ching minh: ,
1) AAEC = AADB. 2) BCDE 14 hinh thang can.
Bai 25: Cho hinh thang can ABCD (AB // CD, AB < CD) c6 AB = AD.
1} Chidng minh ADB =BDC.
2) CA c¢6 phai 1a tia phén gidc cia goc C khéng? Vi sao?
Bai 26: Hinh thang can ABCD (AB // CD) c6 AB < CD. Goi O 14 giao diém
ctia AD va BC; E 12 giao diém cGa AC va BD. Ching minh rang:
1) AAOB cén tai O.
2) AABD = ABAC.
3) EC = ED.
4) OE 1a dutmg trung truc chung cia hai day AB va CD.
Bai 27: Cho tam giic déu ABC va diém M tuy y nim trong tam- gidc. Ké
tia Mx / BC cit AB & D, tia My / AC cit BC & E. Chitng minh rang:
1} Ta gide MDBE 14 hinh thang can.
2) Tinh s do géc DME.
3) So sanh MB va DE.
Bai 28: Cho hinh thang ein ABCD (AB / CD) ¢6 AD = AB va D=60°."
1) Tinh cédc géce cha hinh thang. . .
2) Chiung minh DB 14 tia phén gide cia géc D.
3) ABCD 1a tam gide gi? Vi sao?
Bai 29: Cho hinh thang cin ABCD (AD // BC)eé6 A = 60°, AD = 4em va
BC = 2cm. Qua B ké dudng thing song song vdi CD cat AD 6 E.
1) Tinh ED.
2) Chiing minh AABE déu.
3)Ké BH L AD ¢ H. Tinh AH.
IL. BAI TAP LUYEN TAP

Bai 30: Cho t& gidc 16i ABCD co A =B vaBC=AD. Ching. mmh
1) ADAB = ACBA, réi suy ra BD = AC.

2) AACD = ABDC, réi suy ra ADC = BCD.
3) ABCD 1a hinh thang cén.

Bai 31: Cho tif gide 16i ABCD ¢6 A =B va BC = AD.
Chung minh ring:
1) AACD = ABDC. 2) ABCD i3 hinh thang cin.
Bai 32: Cho tam gidc ABC cén tai A ¢é cac dudng phan gisc BE va CF.
‘Ching minh. '
1) AAEF can tai A.
2) T giac BCEF 12 hinh thang cédn.
3) CE = EF = FB.
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Bai 83: Cho tam F1ac ADU CAll L £ DHELN L7 LS CRUEL A, o Lren

canh AC sao cho AE = AD.

1) Tit gide BDEC la hinh gl‘? Vi sao?
2) X4c dinh vi tri clia cdc diém D, E d€ ¢6 BD = DE = EC.

Bai 84: Td gisac ABCD cé A =B, BC = CD va DB la tia phan gidc cia

goc D. Chu’ng minh:
1) Ta éC,;'uau: ABCD 13 hinh thang vudng.
2) AC = BC? + BD™.

- Bai 35: Cho hmh thang ABCD c¢6 ddy nhé BC bing 4cm. Qua B vé

duong thing song song véi CD cit AD & E. Biét chu vi tam gide ABE

bing 12cm.
1) Chitng minh BC = ED; BE = CD.
2) Tinh chu vi hinh thang ABCD.
Bai 36: Cho hinh thang ABCD (AD // BC, AD < BC). Qua B vé dudng
thang song song v&i CD cat AD tai.E. Biét chu vi tam gide ABE bang

20cm va chu vi hinh thang ABCD bang 26¢m. Tinh BC.
1 .
Bai 37: Cho hinh thang ABCD (AB // CD) ¢6 AB = 134cm; AB = ECD va

chidu cao AH bing trung binh cdng cla hai ddy. Tinh AH va Sapcp.
Bai 38: Cho hinh thang ABCD (AB // CD) ¢6 AB = 4cm, CD = 8cm va
Sapcp = 30em? Tinh chiéu cao AH cta hinh thang.

‘ 1 .
Bai 39: Cho hinh thang ABCD (AB // CD) ¢6 CD = 50,8cm, AB = ZCD va

Sapcp = 635¢m?. Tinh chiéu cao clia hinh thang ABCD.
Bai 40: Cho hinh thang ABCD (AB // CD) chiéu cao AH = 15,2cm;
AB — CD = 7,3cm va Spgcp = 336,68cm?. Tinh: -
1) Téng AB+CD. — - 2) Bj dai AB, CD.

Bai 41: Hinh thang ABCD (AB / CD) c6 AB = 7em, CD = 10cm,
AD = 8cm va D = 30° Ke AH vudng géc CD & H, kéo dai AH lay E
sao cho HE = HA. e

1) Chirng minh AADE déu. 2) Tinh AH, SADE va Sagcp-

Bai 42: Cho hinh thang can ABCD (AB // CD) 6 D = 60°%AB = 15cm va

CD = 49em. Qua B vé dutmg tha_ng song song vdi AD cat CD'tal E.
1) Ching minh ABCE déu.
2) Tinh EC va chu vi hinh thang ABCD.

3) Tim Samn .
Sgep

Bai 43: Cho hinh thang can ABCD (AB / CD AB < CD) c¢6 AH, BK 1a

cdc dudng cao. Ching minh:

oD - AB
1) AAHD = ABKC L

-2) DH = 2
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cao, AB = 6cm; CD = 14em va AD = 5cm.
1) Ching minh DH = ;C_D_;é‘i. 9) Tinh DH; AH va Suzco-

Bai 45: Hinh thang can ABCD (AB // CD) c6 ddy nhé AB = b, day 16n
CD = a (v6i 2, b cing don vi do d6 dai), dudng cao AH. ' '
1) Chitng minh ring _HD:’a'z'b, HC = a;b.
2) Cho a = 26¢m, b = 10¢m v AD'= 17cm. Tinh AH va Sagco.
Bai 46: Cho hinh thang can ABCD (AB // CD) ¢6 E, G lin lugt 12 trung
diém cGia AB, CD. Biét GA = V18cm, GE = 3em va EC = 5em.
1) Ching minh: EG vubng géc AB. '
2) Tinh AE, GC va SaBcD- - )
Bai 47: Hinh thang ABCD cin c6 A=B=60°, ddy I6n AB = 2,7cm, AD
= BC = lem. Tinh CD va Sagco.
Bai 48: Hinh thang cin ABCD (AB / CD) ¢6 DB vudng géc BCvaDBla
tia phan gidc clia géc D. ' _
1) Chitng minh BCD =28DC.
9) Tinh s6 do céc gée cia hinh thang. :
3) Véi BC = 3cm. Tinh chu vi va dién tich cna hinh thang ABCD.
Bai 49: Cho hinh thang ABCD (AD /# BC, AD < BC). Ké DE // AB,
"DH L BC (E, H thude BC). Biét AD = 5em, DH = 4em va Seoe = 6em’
1) Tinh EC. 2) Chiing minh AABE = AEDA.
3} Tinh BC va SABCD- :
Bai 50: Cho hinh thang ABCD (AB // CD) c6 ACD =BDC va O 1a giao
diém cda hai dudng chéo.
1) Chitng minh OC = OD,
2) AAOB 12 tam gide gi? Vi sao?
3) Ching minh ABCD la hinh thang can.

4) Tiah a0 vy Saop

- Spen Sgoc

Bai 51: Cho hinh thang ABCD (AB / CD, AB < CD). Ké AH L BD
& H, BK 1 AC 4 K sao cho AH = BK. Ching minh:

1) Aassc = Sgena . 2} ABCD 12 hinh thang cin.

Bai 52: Cho hinh thang ABCD (AB // CD) ¢6 O 1a giao diém cha hai
duding chéo. Chitng minh rang:

. 1) Spas = Scas. 2} Sapc = Szpe- 3) Saop = Spoc..

Bai 53: Cho tam gidc ABC ¢6 M 12 trung diém canh BC. Tir diém D trén
canh AB ké dubng thing song song véi BC cat AM, AC l4n higt tai N
va E. Chitng minh: ' o

1) Spus = Semc, Sams = Samc

2) Khodng cich ti D va E-dén AM bing nhau.
3) Sanp =Sane | .

4) N 1a trung diém ctia DE.
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ctia BD va CE. Chéng minh rang:
2) SADE — AD . SAI)E' - _{\_Fi

| Sye DB’ S EC

4 AD _AE o AD_AE AB_AC

"DB EC’ - 7 AB AC’ DB EC’ ]

Bai 55: Cho tam giac OCD. Tu diém A trén canh OD ké dutng thang
song song voi CD cit canh OC & B. Ké AH L 0C, DK 1 OC (I{, ¥
thude OC). Chirng minh:

1) Sgpe = Scoe-

1)SABC___AB=AH 2)&)&13_:5%:9‘3_
S,;, CD DK So DK OD
AB OA

8) =

)CD-OD

Bai 56: Cho hinh thang ABCD ¢6 A=D= 90°, AB = 4cm va AB = BC =
2CD. Ké CH L AB ¢ H.
1) Chimg minh: AAHC = ACDA, rdi suy ra H 1a trung diém cia AB.
2) So sanh AC va BC.
3) Tinh ABC va BCD.
4) Tinh Sagco. '
Bai 57: Cho hinh thang ABCD (AB // CD) ¢6 AB < CD. Qua B vé dutng
thing song song véi AD cét CD tai E. Ching minh:
1) AD = BE, AB = DE. EC=CD-AB
3)CD - AB < AD + BC
Bai 58: Cho hinh thang ABCD (AB // CD), AB < CI, BC < AD). Qua B
vé dudng thing song song véi AD cit CD tai E. Ching minh:
1) CD - AB = EC 2)AD+BC>CD-AB>AD—BC

" Bai 59: Cho hinh thang ABCD (AB # CD, AB < DC). Qua B vé duing

thing song song vdi AD cat DC tai E.
1) Chitng minh ring A=DEB va A>C

2)Soszinhrﬁ va ABE;BvaD ‘r
3) Chitng minh A+B>C+D

Bai 60: Cho binh thang ABCD (AB // CD) ¢8 AB < €D va D > C. Trén

cing mbt nda mat phéng b DC chita hinh thang, vé tia Cx sao cho
<CD = D; Cx ciit dubng thing AB tai E. Ching minh:

1) AECD la hinh thang can.  2) DBE > DAE; DBE > CEA

3) DE > DB, ri suy ra AC > DB.

Bai 61: Cho hinh thang ABCD (AB / CD) c6 AB > CD va D> €. Trén
cing mét nita mat phing bér DC chia hinh thang, vé tia Cx sao cho
xCD = ADC; Cx cét dutng thing AB tai E. Ching minh riang:

1) DBE > DAE; DBE>CEA  2) DE> DB, AC > DB.
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Bai 62: Cho hinh thang ABCD (AB / CD, AB < CD}cé BD > AC. Qua B vé
dudng thing song song véi AC cit dudng thing DC tai E. Chung minh:

1) AC = BE 2) BD > BE. 3 ACD > BDC
Bai 63: Cho tam giac déu ABC va diém M tuy ¥ nim trong tam gidc. Ké tia
Mx // BC cit AB & D, tlaMy//AC cat BC 6 E, tia Mz // AB cit AC § F.
1) Ching minh: cde tif gidc MFAD, MDBE va MECF 14 nhing hinh
thang can.
2) So sdnh:DMF, DME va EMF .
3) Ching minh: MA = DF, MB = DE, MC = EF.
4) Gia st MA > MB va MA > MC. So sanh MA véi téng MB + MC.
{Il. BAI TAP NANG CAQ
Bzi 1: Hinh thang ABCD (AB // CD) c6 A=D=90°, AB = 2cm, CD =
4em va C = 45° '
1) ABCD 14 tam gide gi? Vi sao?
2) Chung minh DB 14 tia phén gidc cha gée D.
3) Tinh SABCD
Bai 2: Cho hinh thang ABCD (AB / CD) ¢6 CD = AD + BC. Goi K la
diém thuje day CD sao cho KD=AD. Ching minh AK, KB theo thi tu
14 hai tia phan gidc ciia hai géc A va B.
Bai 3: Cho hinh thang ABCD (AB / CD) ¢6 CD = AD + BC. Goi K 1a

glao diém cla cdc tia phén gidc clia cic gée A va B. Ching minh C,
K, D thing hang.

Bai 4 Cho hinh thang ABCD (AB // CD) ¢é E thude canh BC sao cho DE
la tia phdn gidc gée D va AED = 90°. Goi K 14 giao diém cliz hai
dudng thidng AE va DC. -

1} Ching minh AADK cin § D.
2) Chung minh E 14 trung diém cia BC.
3) Biét AD = 10cm, AE = 6cm. Tinh Sagcp.

Bai 5: Cho hinh thang ABCD (AB / CD) ¢6 E 1a trung diém cia BC va

DE la tia phan gide gée D. Goi K 1a giao diém ctia hai dudng thing
AE va DC. Ching minh ring:

1) AABE = AKCE. 2) AADK cidn 6 D.

3) AED =90°. 4) Sapcp = Sabk- ,

Bai 6: Cho hinh thang ABCD (AB // CD) ¢6 E 12 trung diém ctia BC va
AED = 90°. Goi K 1a giao diém cta hai dutng thing AE va DC.
Chitng minh rang:

1) AABE = AKCE. 2) AADXK eén tai D.
3) DE 12 tia phén gide cha gée D. 4) Sapx = Sazcp.

Bai 7: Cho hinh thang ABCD (AB // CD) ¢6 E i trung diém ca BC va

AED = 90°. Ching minh ring: DE la tia phan gidc ¢4a géc D.
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Bai 8: Cho hinh thang ABCD (AB // CD) ¢6 E thude canh BC sao cho DE Ia
tia phéan gide goc D va AED = 90°. Chimg minh E 1 trung diém ctia BC.

Bai 9: Cho hinh thang ABCD (AB // CD) c¢6 E 1a trung dlem cia BC va
DE 13 tia phén gidc géc D. Ching minh AED = 90°.

Bai 10: Cho hinh thang ABCD (AB // CD) co O la giao di€ém cia hai
dudng chéo. Biét Syop = dem® va SAOD = 9em®. Tinh Spoc va Sazrcp.

Bai 11: Cho t& gidc 16i ABCD ¢6. A=B va BC = AD. Chiing minh ABCD
14 hinh thang can.
Bai 12: Cho hinh thang ABCD (AB / CD, AB > CD). Chdng minh: |AD

-BC| <AB-CD<AD +BC .
Bai 13: Cho hinh thang ABCD (AB // CD, AB > CD, AD < BC) So sdnh:

BC - AD véi AB - CD va AD + BC.
Bai 14: Cho hinh thang ABCD (AB / CD) c6 AB < DC. Chung minh rang:

1)DC - AB < AD + BC 2)A+B>C+D

. Bai 15: Cho hinh thang ABCD (AB // CD, AB > CD) c6 A<B. Cht.rng

minh: BD < AC.
Bai 16: Cho hinh tha.ng ABCD (AB // CD, AB < CD) ed BD > AC. Chl.rng

minh ACD > BDC.

| Bai 17: Cho hinh thang ABCD(AB/CD, AB < CD} ¢6 C>D. Chtmg minh:

1) BD > AC. 2) ACD > BDC

‘Bai 18: Cho hinh thang ABCD (AB // CD) cé BDC > ACD. Ching minh

ring: AC > BD
Bai 19: Cho tam glac déu ABC, diém M b4t ki nidm trong tam gidc sao
cho MA > MB va MA > MC. Chu’ng minh MA < MB + MC.

Bai 20: Tam gidc ABC cin tai A. Lay diém D trén canh AB va diém E

trén canh AC sao cho AD = AE. Ching minh 2BE > BC + DE.

'PUGNG TRUNG BINH CUA TAM GIAC — HINH THANG

Bai 1: Cho tam gisc ABC ¢6 AB = 5em, AC = Tem, BC = 9em. Kéo dai AB Iy

diém D sao cho BD = BA, kéo dai AC lay diém E sao cho CE = CA. Kéo dai
duting trung tuyén AM chia tam giac ABC 1dy MI = MA. Chimg minh:

1) Tinh d6 dai cac canh tam gidc ADE. ‘

2) DI // BC.

3)Badidm D, L E thang hang.
Bai 2: Cho tam gidc 'ABC c6 dd dai BC=ava Mla trung diém clia AB.

Tia Mx /#/ BC cdt AC tai N.
1) Ching minh N 1a trung diém ciia AC.

' 2) Tinh d6 dai doan thing MN theo a.

" Bai 8: Cho tam giac MNP c6 MN = 4em, MP = 6cm, NP = 8cm. Kéo dai MN

lay diém I sao cho NI = NM, kéo dai MP lay dlem X sao cho PX = PM,
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kéo dai dudng trung tuyén MO ciia tam gidc MNP lay OS = OM.
1) Tinh 46 dai cac canh cia tam gidc MIK.
2) Ching minh ba diém I, S, K thang hang.
3) Ching mink - Sy = 45w .
Bai 4: Cho tam gide ABC cén tai A ¢6 M la trung diém BC. Ké Mx /
AC cit AB tai B, ké My / AB cit AC iai F. Ching minh réang:
1) E, F 14 trung diém cta AB va AC.

9) EF = 2BC.
2

3) ME = MF, AE = AF.
Bai 5: Cho tam gisc OPQ can tai C ¢6 I 14 trung diém cda PQ. ke
IM // OQ (M thuée OP), IN // OP (N thuge OQ). Ching minh rang:
1) Tam gidc IMN cén tai L 2) OI 13 dudng trung truc cia MN.
Bai 6: Cho tam gide ABC can tai A c6 AM 13 dudng cao. N 1& trung
diém cta AC. K& Ax // BC cit MN tai E. Ching minh rang:
1) M 12 trung diém cia BC. 2} ME // AB. © 3)AE = MC.
Bai 7: Cho tam gide ABC, trén nia mat phang by 1a AC khong chua
diém B. Lay diém D bat ki. Goi M, N, P, Q ldn lugt ia trung diem
ctia AB, BC, CD, AD. Ching minh:
1) MN /# PQ vae MQ // NP. : '
2) MN + NP + PQ + MQ = AC + BD. ' _
Bai 8: Cho tam gidc ABC c6 dubing cao AHL. Ké HE L AB tai E kéo dai
HE 18y EM = EH. Ké HF | AC tai F, kéo dai HF ldy FN = FH. Goi I
14 trung di€m ciia MN. Chdng minh rang: P
1) AB 12 trung truc cia MH va AC 1a trung tryc cia HN.
2) Tam gidc AMN cén. 3) EF // MN. 4) Al L. EF. _
Bai 9: Cho tam gide ABC cén tai A ¢6 M 12 trung diém ciia dudng cao
AH, CM cit AB tai D, ké Hxz / CD va ¢t AB tai E. Ching minh rang:
i 1)DA=DE . 2B =3AD 33CD = 4MD
Bai 10: Cho tam gidc ABC ¢6 AB: AC:BC=3:4:6.Goi M, N, P theo
th ty 12 trung diém cita AB, AC va BC. Tinh 46 dai cdc canh cia
tam gidc ABC bi€t chu vi tam gide MNP bing 5,2cm,
Bai 11: Cho tam gidc ABC c6 chu vi bing 36cm. Goi M, N, P theo thu
~ tu la trung diém cda AB, AC va BC. Tirh d¢ dai céc canh cha tam
gide MNP bigt NP : NM : MP =4 :3: 2.
Bai 12: Cho tam gidc ABC vudng tai A c6 AM la dubng trung tuyén. Goi
N la trung diém cia AC .
1) Chiing minh MN 1 AC.
2) Tam gidc AMC la tam gide gi? Vi sao?
3) Chitng minh 2AM = BC.
Bai 18: Cho tam gidgc ABC nhon ¢6 hai dudng cao BD va CE. Goi M, N
12 trung diém cia BC va DE. Ching minh rang:
1DM = %BC. 2) Tam gidc DME céan. 3) MN 1 DE.

Bai 14: Cho tam gise ABC trén AC ly theo thy tuf diém D v E sa0 cho AD =
DE = EC. Goi M 12 trung di&m cfia BC, BD cit AM tai L. Ching minh ring:

400

W

- Bai 24: Cho tam gidc ABC. Trén canh AB ldfy AD =DE = EB. Tu D, E

1) ME / BD. 2)114 trung diém cda AM.  3)ID = ~BD.
: 4

- Bai 15: Cho tam gidc ABC ¢6 AM 13 dudng trung tuyén. Lay D thudc AC

1 2 :
sao cho AD = EDC. Ké ME / BD (E thugée CD), BD cit AM tai L

Chimg minh ring:
1)AD =DE = EC 2) I 1a trung diém AM
3) Sare = Sivs 4) Sarc = 2Sgic

Bai 16: Cho tam gidc ABC ¢6 AM 1a duing trung tuyé: ] z
6: Cl A ] vén. Goi D 14 trun
dlsam cua AM, BD cat AC tai E Ké MK // BE (K thusc EC). Chﬁng
minh rang: )
1) K 12 trung diém cta CE 2) CE = 2AE
Bai 17: Cho tam gide ABC ¢6 AM 13 dudng trung tuyén. Goi D la trung

diém cita AM, BD cét AC tai I. Chitng minh Al = ~CIL
2

Bai 18: Cho tam giac ABC ¢6 hai dudng trun & 3 3 1
( ; : . g tuyén BD va CE cat nhau ta

G. Goi I, K theo thit tr I2 trung diém cta GB va GC. Chitng minh rang: i
. 1) DE // IK va DE =K 2) ADEK = AIKE.

Bzi 19: Cho tam gidc ABC ¢6 hai dudng trung tuyén BD va CE cit
nhau tai G. goi I, K 12 trung di€m ctia GB va GC. Chitng minh ring:
__ DIE/DKvalE=DK 2) Sprr = Spik.

Bai 20: Cho tam gide ABC ¢6 H 1a tryc tam, M 1a trung diém cia BC.
Qlfa H ké dubng thang vubng géc véi HM cit AB va AC tai Eva F
trén tia d6i cta tia HC lay HD = HC. Chiing minh ring: ,

1) HM // BD 2)E 1a tryc tAm cia tam giac HBD
__ 3)DE/AC 4) EH = HF
Bai 21: Cho hinh_ thang ABCD (AB #/ CD; AB < CD) va AB = BC
1) Chung minh CA 1a tia phan gidc cia géec BCD
2) G(_n’ M, N, E, F lan luct 1a trung di€ém cia AD, BC, AC va BD.
Bai 22 %};glmi minh M, N, E, F thang hang.
ai 22: Cho hinh thang ABCD (AB / CD va AB < CD). Trén AD 15
AE = EM = MP = PD. Trén BC lay BF = FN= NQ = QC o Y
1) Ching minh M, N lan lugt 13 trung diém ciia AD va BC
9) Tt gisc EFQP 12 hinh g1? Vi gao?
3) Tinh MN, EF, PQ biét AB = 8cm va CD = 12cm
4) Ké AH 1 CD tai H va AH = 10em. Tinh Sapcp.

~ Bai 23: Cho hinh thang ABCD (AB / D va AB < CD). Trén AD lay AE

=EF=FG=GD.TuE, F, G du A G h3 51 hai
B4y et BO Tan gt tai M. N & I;Dg cdc dudng thiang song song vdi hai
1) Ching minh BM = MN = NP = PC
2) Tinh GP, EM, AB biét CD = 10cm, FN = 6cm.
3) Chitng minh Sggp = 4Sasz va Sconr = 2 Sapnr

ké cac dudng thing cing song song voi BC ci 4 1
i t
WGl Tomia g oi cat canh AC lan luot tai
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2) AM = MN = NC
4) Sapc = 35aue.
la dudng trung tuyén cla tam gidc.
HP, NK cat MI tai O.
2) Chitng minh NO = 30K

1) M 14 trung diém ctia AN
3) 2EN =DM + BC
Bai 25: Cho tam gidic MNP c6 MI
Trén MP 1ay theo thd ty MK = KH =
1) Ta gidc OKHI la }Snnh gi?
So sanh Suniva Swue
Bai 2?&) Cho hinh thang ABCD (AB // CD) ¢6 dudng cao AH = 3em va AB
= 5¢m, CD = 8cm. Goi E, F, I 14n lugt 1a trung diém cta AD, BC va
AC
1) Ching minh E, I, F thing hang
2} Tinh SABCD ’
3) So sanh Sapc va 28agc

Bai 27: Cho tu gidc ABCD. Goi E, F, I 1an lugt 1a trung diém cda AD,

BC va AC
1) Chimg minh: EI // CD va IF i1 AB
2) Ching mxnh. EF < AB ; CD
AB + CD
3) Tu giac ABCD phai cé dieu kién gi thi EF = — 5

Bai 28: Cho hinh thang ABCD (AB // CD). M 1a trung diém cia %\ID N
la trung diém cta BC. Goi I, K theo thud ty 1a giao diém cia M vdi
BD, AC. Cho AB = 6cm, CD = 14em

1) Tinh cic db dai MI IK, KN
2) Tinh Sapnm, bift du‘o‘ng cao cia hinh thang ABCD 12 8cm. M

Bai 29: Cho tam giac ABC ¢6 hai dubng trung tuyén BD va CE. GOIMN
N lan lugt & trung di€ém cia BE va CD. Goi I, K 14 giao di€m cda
véi BD va CE. Chiing minh ring: , ‘

1) EDCB 1a hinh thang ..
2) 1 14 trung diém cda BDva K 1a trung diém cia CE
3) MI = IK = KN.

Bai 30: Cho hinh thang ABCD (AB / CD). Gei M, L, K; N l4n lu’ort la

trung diém caa AD, BD, AC, BC. Chimng mmh rang:

1) M, I, K thiang hang 2) MK = ECD va MI = —AB

31K < P-AB _ AB
Bai 31: Cho hinh thang ABCD c6 AB / CD (AB < CD), AB = 6}1
BC = b, CD = ¢, AD = d. Céc dudng phan gidc ca cac goc ngoai dinh
va D cit nhau tai M, cdc dudng phén gide cdia cdc géc ngoai dinh B va
C cit nhau tai N. AM v3 BN lan lugt cat dudng thing CD tai Pva Q. -
1) Chitng minh tam g1ac AMD va tam glac BNC vuong
2) Ching minh tam gidc ADP va tam gidc BCQ can
3) Chitng minh MN / CD
4) Tinh @5 dai MN theo a; b, ¢, d (c6 cung don vi do)
Bai 32: Cho hinh thang MNPQ (MN // PQ). Cac dudng phén: gidc caa

chc goc ngoai dinh M va Q ‘¢t nhau tai I. Cée duGng pha,n gidc cia e
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cdc goc ngodi dinh N va P cit nhau tai K. Ching minh ring:
1) MI 1 1Q va NK 1 PK 2DIK/ PQ.
‘Bai 33: Cho tir giae ABCD ¢6 P, I, Q lan lugt Ia trung diém eia AD, BD, BC. .

1) (‘hu‘ng minh PI +1Q = (AB + CD) = >PQ

AB+CD

2) Gia su' c6 PQ = - Chtmg minh rang: P, I, Q thing hang

Bal 34: Cho td gisc ABCD ¢ P I va Q lan lugt 14 triung di€m cla AD

BD va BC.
- 1) So sanh PI + IQ vii AB + CD
2) Gid sif o6 PQ = AB+CD Chitng minh AB // CD.

v Bax 35: Vé ra phxa ngoa: tam gidc nhon ABC céc tam gide vudng cén

" ABDva ACEGBva C. Goi M la trung diém cha DE, ké DN, AH, MI,
EK cung vuéng goc v6i BC tai N, H, I, K. Ching minh ring:
1) I 14 trung diém cua NK ZJADNB ABHA va AEKC = ACHA
* 3)11a tung diém eda BC .  4) Tam gisdc CMB vudng cin & M.
Bai 36: Cho tam glac ABC cé G la trong tam. Qua G vé du‘dng thang d
cdt hai canh ABva AC. Goi [, M 12 trung diém chia AG va BC. Goi. A’
B, C, I, M’ 14an lugt 12 hinh chigu cua A B C I Mtrénd

1) Ching minh: GI = GMvall = EAA’

2) Tim hé thic lién hé gida cdc dd dai AA’, BB, CC
Bai 37: Cho tam gidc ABC ¢6 G 1a trong tim, Trén nia mit phing b¥,
BC khong chia A vé duong thing d khong song song voi BC. Goi T la -
trung diém cha AB, K 12 tung di€ém cda CG. Goi A, B, C, I, K, G
lan luot 1a hinh chigu ciia A, B, C, I, K, G trén d
1) ChLIng minh: CK = KG GI
2) Ching minh: CK = KG = GT va I’ 1a trung diém cia AR’
3) Tim hé thic lién hé gida cac d¢ dai AA’, BB, CC’ véi GG
Bai 38: Cho tam gidc ABC vubng tai A (AB < AC) cé6 AH Ia dubng cao. Trén
tia HC lay diém D sao cho HD = HB. KeDE_LACdE HK L ACé¢ K
1) So sdnh KA va KE. .
2) Chiing minh AAHE cén & H.

3) Goi M 12 trung diém cia DC. Ching minh HEM = 90°
Bai 2. HINH BINH HGNH

I BAI TAP CU BAN
- Bai 1: Cho hinh binh hanh ABCD ch DAB = 60°.  Tinh s6. do ABC

BCD (‘DA
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Ba3 2: Cho hinh binh hanh ABCD c¢6 O la trung diém cia dudng chéo
AC. Chitng minh: B, O, D thing hang. B ‘

Bai 3: Cho tif gide ABCD cé: AD//BC;ABC =70%BCD =110°. Chitng
minh: t& gidgc ABCD 13 hinh binh hanh.

Bai 4: Cho ti gidc ABCD cé: AB = écm; BC = 4em; CD = 6ecm; AD =

~4em. Ching minh: tf gide ABCD 1a hinh binh hanh.

Bili5‘:Chota.'rgiécABCDc6:AB=5cm;AB+BC=12cm;BC+CD=12cm;

CD + AD = 12em. Ching minh: t& gidc ABCD la hinh binh hanh.

Bai 6: Cho td gise ABCD c6: DAR = 120% ABC = 60%; BCD = 120°. Chiing
minh: t1f gidge ABCD la hich binh hanh.

Bai 7: Cho tam gidc ABC. Trén tia d6i cda tia AB ldy diém D sao cho
AD = AB, trén tia d5i ciia tia AC lay diém E sao cho AE = AC. Ching
minh: t& gidgec BCDE 1a hinh binh hanh.

Bai 8: Cho tam gide ABC c6 duong trung tuyén BM. Trén tia d6i cia tia
MB 14y diém D sao cho MD = MB. Ching minh: td gide ABCD 1a
hinh binh hanh. .

Bai 9: Cho hinh thang ABCD c6 AB // CD va AB = %CD. Goi E 12 trung

diém ciia canh CD. Ching minh: cdc tit gidc ABED, ABCE 1a cc hinh
binh hanh.

Bai 10: Cho hich binh hanh ABCD, Trén canh AB ldy difm E, trén

canh CD 18y diém F sao cho EF / AD.
1) Chiing minh r%ing: AE // DF; BE // CF.
2) Ching minh ring: ti gidc AEFD 12 hinh binh hanh.
3) Ching minh ring: & gidc BEFC 12 hinh binh hanh.
Bai 11: Cho hinh binh hanh ABCD. Trén canh AB ldy diém E, trén
canh CD 14y diém F sao cho AE = DF.
1) Chitng minh rang: AE / DF; BE // CF.
2) Chitng minh ring: BE = CF.
3) Chéng minh ring: tif gide AEFD la hinh binh hanh.
4) Ching minh ring: ti gide BEFC 14 binh binh hanh.
Bai 12: Cho hinh binh hanh ABCD. Trén canh AB ldy diém E, trén
canh CD 1£y diém F sao cho AE = CF.
" " 1) Chting minh ring: AE // CF; BE // DF.
2) Chiing minh rang: DE = DF.
3) Ching minh ring: t& gidc AECF 14 hinh binh hanh.
4) Chiing minh ring: tif gide BEDF la hinh binh hanb.
Bai 13: Cho hinh binh hanh ABCD ¢6 M la trung diém cta AB va N la
trung diém cda CD.
1) Ching minh: tif gide AMND 14 hinh pinh hanh.
2) Chdng minh: tif giac AMCN & hinh binh hanh.
Bai 14: Cho hinh binh hanh ABCD. Goi O 12 giao diém ciia hai dudng
chéo AC va BD. Mot dubng thing qua O cat AB tai E va cit CDtai F.
1) Chéng minh ring: O la trung diém cha EF.
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 Bai 24: Cho hinh binh hanh ABCD ¢6é AB < AD. Tia phan gidc cia A

2) Ching minh riing: tit gidc AECF 14 hinh binh hanh.
3) Chdng minh ring: td gide BEDF 1a hinb binh hanh.

. Bai 15: Cho hirh binh hanh ABCD. Trén canh AB ldy diém E, trén canh

CD 15y diém F sao cho AE = CF. Goi O Ia giao di€m clia AC va BD.
1) Chitng minh: t& gidc AECF 14 hinh binh hanh.
© 2) Chung minh: O 13 trung diém ctia EF.
Bai 16: Cho hinh binh hanh ABCD <6 hai dudng chéo AC va BD cat nhau
tai 0. Goi M, N, P, Q 14n lugt 12 trung di€m cac dean OA, OB, OC, OD.
1) Chiing minh rang: td gidc MNPQ 12 hinh binh hanh. .
2) Chitng minh riing: cic tif gide ANCQ, BPDM 1z cac hinh binh hank.

' Bai 17: Cho hinh binh hanh ABCD ¢6 E 12 hinh chifu cia A va F 1a

" hinh chiéu cia C 1én dudng chéo BD.
1) Ching minh ring: AADE = ACBF.
2) Chitng minh ring: ti gidc AECF 14 hinh binh hanh.

" Bai 18: Cho tam gidc ABC ¢6 D, E, F ldn lugt 13 trung diém cia cdc

canh BC, AC, AB.
1) Chitng minh: DE // AF va DE = AF.
2) }?hfllfg minh: cic tf gidc AEDF, BFED, CDFE 12 cac hinh binh
anh.
Bai 19: Cho t gidc ABCD c¢6 M,N,P,Q l4n lugt 13 trung diém cia AB,
BC, CD, DA
AC

1) Chitng minh ring: MN // AC; MN = R

2) Ching minh rang: MN /PQ; MN = PQ.
3) Chitng minh ring: ti gidc MNPQ 14 hinh binh hanh.

Bai 20: Cho tif gide ABCD ¢6 M,N,P,Q 14n luct 14 trung diém cla AB,

AC, CD, BD.
BC

1) Chiing minh ring: MN // BC; MN = 5
2) Ching minh ring: MN / PQ; MN = PQ.
3) Chitng minh ring: ti gidc MNPQ 13 hinh binh hanh.
Bai 21: Cho tam gidc ABC c6 cdc dudng trung:suyén BE, CF va trong
tam G. Goi M va N l4n lugt 14 trung di€m cds BG va CG. )
1) Chitng minh: EF / MN; EF = MN.
2} Chitng minh: MNEF 13 hinh binh hanh.

 Bai 22: Cho hinh binh hanh ABCD, c5 M va N 1a trung diém chia AB va

CD. Chitng minh:
1) Tt gidc AMND 13 hinh binh hanh.
2) T\ gidc BMDN la hinh binh hanh.
Bai 23: Cho hinh binh harh ABCD, ¢6 O 1A giao diém cida AC va BD.
Pudng thing qua O cit AB6 M va CD 6 N.
1) Chiing minh OM = ON.
2) Tt gide AMCN 14 hinh dic biét nao?

cit BC & I, tia phan gidc ia C cdt AD tai K. Chitng minh:
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1) Tam gidc ABI 1a tam gidc can

2) So sanh BIA va KCB

3) T gisde AICK 14 hinh binh hanh. - o
Bai 25: Cho tif gidgc ABCD ¢6 M, N, P, Q, E, F 1a trung diém cia AB,
BC, CD, DA, AC, BD. Ching minh:
1) MN = PQ va NP = MQ 9) MF = PE va ME = PF
3) Td gidc MEPF va MNPQ 12 hinh binh hanh
Bai 26: Cho td gidc ABCD ¢6 M, N, P, Q, E, F la ‘trung diém cia AB

BC, CD, DA, AC, BD. Chiing mmh
1) MNPQ la hmh binh hanh 2) NEQF 12 hinh binh hanh.

Bai 27: Cho hinh binh hanh ABCD ¢6 AB > AD. Ké AE, CF cung vudng b

goc BD(E, F e BD). Ching minh:
l)AE//CFvaAE CF _
2) T gide AECF la hinh gi? Vi sao?

Bai 28: Cho hinh binh hanh ABCD. AB > AD, veAEJ_BD CF 1 BD(E, Fej. .

BD). AE kéo dai cit CD tai H va CF kéo dai cat AB tai K. Ching minh:
1) AECF 14 hinh binh hanh 2) AHCK la hinh binh hanh
Bai 29: Cho hinh binh hanh ABCD c6 M, N & trung diém cia AB va
CD, AN vi CM cdt BD ¢ E va F. Chung ‘minh:
1) AM = CN va t giac AMCN la hinh binh hanh
3) F 1a trung diém cita BEva E la trung diém ctia DF

Bi 30: Cho hinh thang vuéng ABCD (A =D =90%c6 CD =2AB. Goi H|
12 hinh chieu ciia D 18n AC. Goi M, N 14 trung diém cia HC va HD. |

Ching minh: .
1) MN = AB 2)TUg1acABMN1ahmhbmhha‘nh

Bai 31: Cho hinh binh hanh ABCD tam O, &y E e CD sao cho:

cat CD & F.
1) OF 1a gi cda tam gidc CAE. 2) Ching minh DE = FE = FC.

3) Ching minh K 12 trung diém cta OD.

Bai 32: Cho hinh binh hanh ABCD c6 M, N 1a trung. d1em cia ABvaj|

CD, AN va CM céit BD § E va F. Chiing minh:
1) Tir gide AMCN 14 hinh binh hanh
3)DE =EF =FB

Bai 38: Tam gide ABC can § A ¢6 diém D trén canh AB. Ly diém E|

trén tia d8i cia tia CA sao cho CE = BD. Ké DF i AC(F e BO).
1) Pinh dang tam gidc DBF.
2) Ching minh t& gidc DCEF 1a hinh binh hanh.
Bai 34: Lay dxevaaNtrenhmcanhABvaBCcuatamglac déu ABC sao |

cho MN // AC. L&y diém P trén canh AC sao cho CNP = 60" Ching | -

minh tif giac AMNP 12 hinh binh hanh.
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: Bai 35: Tam gidc ABC ¢6 M, N 14n lugt 13 trung diém cia BC va CA.

dudng thing Ax // BC cit dutng thang MN & D. Chung mmh t¥ gide
. ABMD va ADCM la hinh binh hanh.

".1; Bai 86: V& hinh binh hanh ABCD. Keo dai dm:mg trung tuyen AM cua
. ‘tam giac ABC réi 1dy ME = MA. _

1) Tt gidc ABEC 13 hinh déc biét nio?
- 2) Chimg minh D, C, E thing hang va suyra C la trung dlem cha DE

‘_""-'Ba1 '37: Vé tam gidc nhon ABC(AB < AC) ¢6 dudng trung tuyén AM.
o LaydlemDtrentladmcuatlaMAsaochoMD MA.

. 1) Chdng minh tif gidc ABDC la hinh binh hanh
"2) So sdanh Sapp Vo1 Sacn.

'Ba138 Chotamg:acdeuABC ‘LayDeAB EeAC FeBCsaocho |

EDF 60° va DFC = 120°

1) Tich s6 do DEC '
" 2) Ching minh tif giac DECF la hmh binh

_:‘Béi '89: Cho tam gidc ABC. Kéo dai hai duéng trﬁng tuyen BM va CN
" rdi 14n lugt 18y MD= MB va NE = NC.
1) Céc ¥ gide ABCD va ACBE ¢6 dang dac biét nao?

2) Ching minh D, A, E thing hang rdi suy ra diém A la trung diém clia.
~ doan théng DE.
Bai 40: Cho tam gidc nhon ABC. (AB < AC). V& tia ‘Bz // AC va tia
Cy // AB sao cho Bx va Cy cit nhau & D. : _
1) T gide ABDC 12 hinh dic biét gi? .
2) Goi M 1a trung diém cia BC, Ching minh A, M, D thﬁng hang

_-Bii 41: Tam gide ABC cin § A ¢6 diém M tren canh BC. Ké

. MD /#/ AC va ME / AB (D € AB; E € AC). _
ED = —DC, AE cit BD tai K. Tir O ké dudng thang song song véi AE, [ -
3 : . 2) AEMC la tam giae 5?

1) Chitng minh tf gide’ "ADME 13 hinh binh hanh -
3) So sanh MD + ME véi AC. o

"Bai 42: Cho hinh thang ABCD c¢6 AB // CD; AB < DC va AC 1 BD. Ké .

BE // AC (E nam trén dubng thang DOC)...
1) Tt gidc ABEC la hinh dac biét nao"
2) Chiing minh ring: tam gidc DBE vuong B va BD2 + A02 I)E2

“Bai 43: Cho tit giac ABCD ¢6 AB = CD =4cmva AD=BC = 2em.

1) Chitng minh AC va BD ¢6 cing mjt trung diém 1a 0
2) Goi I 14 trung diém cia CD, tlnh do dal doan OI.

' .,i";n BAI TAP LUYEN TAP . : o
-Bai 1: Cho hinh binh hanh ABCD cb M va N 13 trung diém ciia AB va

"CD. Chdng minh:
. 1) Ta gide AMND la h1nh binh hé.nh ,
2) T giac BMDN la hm.h binh hanh -
3 Gm I 1a giao di€m cia AC va MN. Chung minh: I’ 1a trung didm
cia AC tit d6. suy ra AC, BD; MN déng quy. :
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Bai 2: Cho hinh binh hanh ABUL, €O M ova IN 12 Lrus g wew vua Ao va ;
CD. Goi O la glao difm cda AC va BD. Chitng minh: AC BD, MN

dong quy tai dzem 0.

-Ba- 3: Cho high binh hanh ABCD c6 6 AB < AD. Tia phan glac cha A cat | -

BC & I, tia phén gidc cia C cit AD tai K.
1) Chimg minh tam gaac ABI 13 tam gide eén.

2) So sdnh BIA va KCB
3) Chiing minh tf gide AICK 14 hinh binh hanh.

Bai 4- Cho hinh binh hanh ABCD ¢6 E la trung diém cGa AB, F 13 trung

didém cta CD. Ching minh: DE = BF.
Bai 5: Cho hinh binh hanh ABCD c6 AB > AD. Ké AE, CF cung vuéng
géc BD{E, F  BD).
1) Chu’x*g minh: AE // CF va AE = CF
2) Tit gide AECF la hinh gi? Vi sao?
~ 8) Cho AE = 12cm, BD = 18cm. Tinh Sascp
Bai 6: Cho hinh bmhhanhABCD AB > AD, vé AE + BD, CF L BD(E, F ¢
BD).AEkéodéicétCDt@iHvéCerodaicatABtalK Ching minh:
1) AECF 12 hinh binh hanh . 2) AHCK 1a hinh binh hanh
3) AC, BD, HK ddng quy.
Bai 7: Cho hinh binh hanh ABCD ¢6 M, N 1a trung diém ctia AB va CD,
AN va CM cit BD § E va F. Chiing minh:
1) AM = CN va t& g;ac AMCN la hmh binh hanh
9) F 1a trung diém cia BE.
3) DE = EF = FB.
Bai 8: Cho hinh binh hanh ABCD cé M,
AN va CM c¢it BD & E va F. Ching minh:
1) T gide AMCN 14 hinh binh hanh
2)DE =EF =FB ' _
3) AC, BD, MN déng quy.

' BmB.ChoInnhbmhhanhABCDtamO 15y E e CD sao cho: ED = gDc

AE c&t BD tai K. Tt O ké duong thang song song v&i AE, cdt CD 6 F.

Chimg minh: :
1) F 12 trung diém cia EC
3) K Ix trung diém cda OD

Bai 10: Cho hinh binh hanh ABCDtam 0, ldy E e CD sao cho: ED = gDC

2) DE = FE = FC.

AE it BDtai K Tir O ké duangthang song song véi AE, cat CD & F.
1) Ching minh F 1 trung diém cta EC va DE = FE = FC.
2) Tinh DO va DK biét BD = 12cm.

Bai 11: Cho hinh thang vuéng ABCD (A = D =90% c6 CD = 2AB. Goi
H 13 hinh chi€u ciia D 16n AC. Goi M, N 1a trung diém cia HC va
HD. Ching minh:
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N 12 trung diém ciia AB va CD,

1) MN = AB
3) MN 1 AD.

Bai 12: Cho hinh thang vudng ABCD (A = D = 90° ¢6 AB = él—CD. Go

H 1a hinh chigu ciia D 1én AC. Gei M, N 1a trung diém cia HC va HD.
1) Ching minh ABMN 14 hinh binh hinh
2) Chitng minh N 14 truc tdm cia tam gidc AMD
3) Ching minh BMD = 90°
4) Cho bi&t CD = 16cm, AD = 6em. Tinh Sagen
Bai 138: Cho tif gidc ABCD ¢6 M, N, P, Q, E, F 1a trung di€ém cta AB,
BC, CD, DA, AC, BD. Ching minh:
1) MN = PQ va NP = MQ
2) MF = PE va ME = PF
3) T gidac MEPF va MNPQ 12 hinh binh hanh
Bs 142 1%11: NQ, EF déng quy.
ai 14: Cho tf gide ABCD c6 M, N, P, @, E, F 13 trung dié
BC, CD, DA, AC, BD. Ching minh: @ g diém cia AB,
1) MNPQ 12 hinh binh hanh
3) NEQF 14 hinh binh hanh.

2) ABMN 14 hinh binh hanh

2) MEPF 12 hinh binh hanh.

Bai 15: Cho hinh binh hanh ABCD c6 A = 60°, AB = l0cm;
AD = 15¢m. Tia phén gidc cia A cdt BC tai E. Ching minh:
1) Tam gisc ABE can 2) Tinh EC. 3) Tinh S,p.,
Bai 16: Cho hinh binh hianh ABCD ¢6 B = 120°, AB = 10cm,

AD = 15cm. Tia phan gidc cia A cit BC tai E.
1) Tinh EC ’ 2) Ké BH L AH tai H. Tinh BH
3) Tinh Sagg

Bai 17: Cho hinh binh hanh ABCD ¢6 A = 60°. Liy E < AD, F « CD,
sao chc DE = CF. Goi K la diém 461 xing cia F qua BC. S 1a gxao
diém ctGa hai dudng thing AK va AD. Ching minh:

1) Tam gidc CKF can va tinh RCF (11a giao diém ciia BC va KF)
2}8C =5D

3) Tam gidc SEX déu

4) AB // KE.

Bzi 18: Cho hinh binh hanh ABCD ¢6 A = 60°. Liy E € AD, F ¢ CD,
sao cho DE = CF. Goi K 14 diém d6i xing cia F qua BC. S }a giao
diém cta hai dudng thing AK va AD. Ching minh:

1) Tam gide SDC déu 2) EK // AB.

Bai 19: Cho hinh binh hanh ABCD ¢6 A = 60°. Liy hai diém E, F
thudc AD va CD sao cho DE = CF. K 1a diém 861 xing cia F qua BC.
Ke KI/CD (I  BC)
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1) Pinh dang tam gidc CKI
2) T gide CDEI 12 hinh dac biét nao'? Vi sao?

3) ChUng minh EK // AB.
L. BAI TAP NANG CAO
Bai 1: Cho hinh binh hanh ABCD c6 AB < AD T1a phén gide cia A cat

BC & 1, tia phan giac cia C cit AD tai K. Ching minh tf giae AICK

la hinh binh hanh.

Bai 2: Cho hinh binh hanh ABCD. AB > AD, veAEJ_BD'.
CF L BD(E, F « BD). AE kéo dai cat CD ta1Hva CF kéo dai cat AB|

tai K. Chitng minh:
1) Ti¢ gide AECF la hinh binh hanh 2) AC, BD, HK déng quy.

Bai 3: Cho hinh binh hanh. -ABCD tarn 0, ldy B e CD sao cho:j.

ED = —DC AE cit BD tai K. Tir O k& dudmg thiang song song véi AE,

cit CD ¢ F.

1) Chang mmhﬂ DE = FE < FC. - 2)Tinh DK, biét BD = 12cm.

Chdng minh:

1) ABMN 1a hinh binh hanh. " 2) BMD = 90°.

Bai 5: Cho tu giac ABCD c6 M, N, P' Q E,Fla trung di€m ectia AB, BC,+

CD, DA, AC, BD. Ching minh: MP, NQ, EF dong quy.
Bai 6: Cho hinh binh hanh ABCD et A = 60° AB = 10cm AD = 15em.

Tia phan gidc cia A cit BC tai E.

1) Tinh EC. - 2) Tmh Sapép

Bai 7: Cho hinh binh hanh ABCD c6 A = 60° L4y hai diém E, F thubde | -
AD va CD sao cho DE = CF. K 12 dlem doz x1Ing cia F qua BC. Chdng} :
- Bai 10: Cho tam gide déu ABC c6 M va N 1an luot 1a trung diém ciia BC va -

minh EK i AB. |
Bdi 3. HiNH CHO NHAT
I. BAI TAP CO BAN

Bai 1: Cho tam gidc ABC vuéng & A c6 AM 1a dudng. trung tuyen Binh

dang cac tam gidc ABM, ACM.

Bai 2: Cho tam gizc ABC vudng ¢ A c¢6 dudng trung tuyén AM. Biét AB -:?*

= §em; AC = 8em. Tinh 44 dai cdc doan BC, AM.

tuyén AM.
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1) Binh dang cdc tam gidc AMB, AMC.
2) Chitng minh BAH = MCA; CAH = MBA

.. Bai 4; Cho tam gidc ABC vudng & A c6 dudng cao AH va dudng trung
- tuyén AM,

1) Chiing minh hai tam gxéc AMB va AMC la tam. gidc can.
2) So sanh BAH véi MAC CAH vei MAB B
Bai 5: Cho tam gide ABC vubng ¢ A ¢6 dudng cao AH. Keé I-ID vubng goéc
v6i AB & D va HE vudng gic v6i ACG E
1) T gidc ADHE 13 hinh déc bigt nio? Vi sao?
2) Goi O 1a giao diém clia AH va DE. Ching minh OA = OH = OD = OE.

" Bai 6 Cho tam. gide ABC vudong & A c6é dubng trung tuyén AD. Ké

DH// ACva DK/ AB (H ¢ AB; K € AC). Chimgmmh
1) H 12 trung diém cia AB va K 14 trung duam cia AC.
2) Tt gide AHDXK 1a hinh chit nhit.

Bai 7: Cho tam gidc ABC cdn ¢ A cé M va N 14n lugt 14 trung diém cta

BC va AC. Pudng. thang MN cit dudng thing song song v4i BC ké tir

1 AtaiD.
Bai 4: Cho hinh thang vuéng ABCD (A =D =90%c¢6 CD = 2AB. Goi H
]2 hinh chi€u cta D 1én AC. Goi M N la trung diém cta HC va HD. |

1) Chitng minh t& gidc ABMD 13 hinh binh hanh.
2} So sénh MD véi AC
3) T4 gidce ADCM la t gidc dac bigt nao? Vi sao"

Bai 8: Cho tam gide ABC can & A ¢6 M 1a trung di€m ctia BC va N 1

trung diém cda AC. Trén tia MN 14y diém I sao cho N 12 trung diém
ctia doan thing MI. :
' 1) So sanh MI vdi AB.va AC.
2) Chdng minh t gide AICM 14 hinh chix nhat

- Bai 9: Cho tam gide déu ARC c6 M, N 1a trung diém cia BC va AC. Ve

tia Ax // BC sao cho Ax ciit dudng théng M:N G E.
1) So sanh ME vdi AC
2) Chiing minh tif gize AMCE 1a hinh chit nhit.

CA. Trén tia NM 14y diém D sao cho M I trung di€m ciia ND
1) So sdnh ND vé6i AB va BC
2) Ching minh t¢ gidc BDCN la hinh chi nhat.

" Bai 11: V3 hinh binh hanh ABCD ké AH .vudng goc véi CD ¢ H va CK

vudng géc vé1 AB ¢ K.

1) Tinh s§ do HAK
2) So sénh AC va HK rdi suyraAC HKvaBDcommgmotmmgdlem

Bai 3: Cho tam gidc ABC vuong & Acod du’dng cao AH va dudng trung -.‘;- ‘Bai 12: Cho hinh’ thang vubng ABCD c6 A =D =90% AB = 10cm; AD =

12cm CD= 15cm LaydlemEtrencmﬂ:CDsaochoBEsongsongwiAD
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1) Ching minh t& gide ABED 12 hinh chit nhit.
9) Tinh d6 dai cdc doan thing BE, DE, EC, BC.
Bai 13: Cho hinh thang vudng ABCD ¢6 A =D =90-=
CD = 18cm; BC = 17cm. K& BE vudng géc v6i CD ¢ E.
1) Ching minh t& gide ABED 1a hinh chi¥ nhit
2) Tinh 46 dai edc doan thing DE; EC; BE; AD -
Bzi 14: Cho hinh thang can ABCD (AB i CD AB < CD) c6 AH, BK 13

hai dudng cao.
1) Chitng minh 7 gidc ABKH 12 hinh ch& nhat
2) So sanh DH va CK

AB = 10cm;

- Bai 15: Cho hinh thang can ABCD (AB / CD AB < CD) c6 hai du'(rng

cao la AH va BK
1) T gidc ABKH 14 hinh déc biét gi? Vi sao?
2} So sanh DH va CK .
_CD -AB

3) Ching minh DH = <——-=

Bai 16: Vé hinh binh hanh ABCD ¢6 AD vudng goc véi AC. Kéo dai
dudng trung tuyen Al ciia tam glac ADC vé phia I r6i 14y diém E sao
cho I 14 trung diém cta doan thing AE,

1) Tit gide ADEC 1a ti¥ gide dic biét gi? Vi sao?
2) Chu’ng minh ba diém B, C, E thing hang
3) Piém C 1a gi cia doan thing BE?

Bai 17: Cho tf gisgc ABCD ¢6 hai dudng chéo AC va BD vubng géc vdi
phau. Goi M, N, P, Q 1an lugt 12 trung diém cha AB, BC, CD, DA.
"~ 1) Ching mmh MN // PQ va NP // MQ

2) Tinh s8 do NMQ.

Bai 18: Cho t& gidc ABCD c6 hai duong chéo AC va BD vubng gbc voi

nhau. Goi M, N, P, Q 14n lugt 1a trung dém cta AB, BC, CD, DA.
1) Tinh 56 do NMQ
2) Chitng minh tf gide MNPQ 1a hinh chif nhit.

‘Bai 19: Cho hinh chir nh4t ABCD (AB < AD). Ve Ay = 90° sao cho tia
Ax cit tia CD 6 M va tia Ay cit tia BC & N. K& tia Mz // AN va tia Nt
// AM sao cho Mz cit Nt 6 P. ..

1) Chitng minh t¢ gide AMPN 14 hinh chit nhét
2) Goi O 12 giao diém cta AP va MN. Dinh dang tam giéc OAN

Bai 20: Cho hinh chif nhat ABCD (AB < AD). V& xAy = 90° sao cho tia Ax
cit tia CD & M va tia Ay cét tia BC & N. Dung tia Mz // AN va tia Nt /
AM sao cho Mz cit Nt & P. Go101ag1aodlemcuaAPvaMN

1) So sanh AP va MN
2) Chimg minh cic tam gide QCAM; CAN; ONP OMP 13 tam gidc cin.
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 Bai 21: Cho hinh chit nhat ABCD (AB < AD). Ly diém M tréu tia CD

va diém N trén tia BC sao cho MAN =90°. K& Mx / AN va Ny / AM
sao cho Mx va Ny cit nhau & E. Goi O 14 giao diém ciia AE va MN.

1) Ching minh tit gidéc AMEN 1x hinh chit nhat

2) So sénh OA véi OC.

Bai 22: Cho tam gidc ABC cin 6 A cé dubng cao AH. Ve tia Ax // BC va

tia Cy / AH sao cho Ax ¢4t Cy & D.
1) Chiing minh td gide ADCH 14 hinh chi nhit
2) Goi N 1a giao diém cda AC va DH, bigt AB = 8cm. Tinh d9 dai NH.

Bai 23: Cho tam gidc ABC cén ¢ A ¢6 dudng cao AH. V& tia Ax // BC va

tia Cy // AH sao cho Ax va Cy cit nhau ¢ D.
1) Tt gide ADCH 1a it gidc déc biét gi? Vi sao?
2) Goi N 1a giao diém cia AC va HD. Pudng trung tuyén CM cia
tam gide ABC cit AH 6 G. G 14 gi cia tam gidc ABC?
3) Chimg minh B, G, N thing hang.

Bai 24: Cho tam gisc ABC can & A ¢6 dudng caoc AH. T diém M trén

doan thing HC ké Mx vudng géc véi HC, tia Mx cét tia phan giac
ngoai dinh A clia tam gide ABC & D.

1) Tinh =6 do HAD .
2) Chitng minh t& gidc ADMH 1& hinh chi¥ nhét.

I. BAI TAP LUYEN TAP
Bai 1: Cho tam gidc ABC vudng 6 A ¢6 AB = 3em; AC = dem; M 1a trung
di€m cia BC. Tinh BC; AM.
Bai 2: Cho tam gidec ABC vudng 6 A, c¢6 AB = 6cm; AC = 8 emy; M 1a
trung diém ciia BC.
1) Tinh BC.
2) Ké MH / AC (H € AB), MK // AB (K € AC). Tt giac AHMK la hinh gi?
Bai 3: Cho tam gidc ABC ¢6 AB = 6 em; AC= 8cm; BC = 10 em. B 12
trung diém ciia BC. Ké DH L AB 6 H, DK i AC & K.
1) Tinh AD.
2) Chitng minh ti7 gide AHDK la hinh chit nhat.
3) Tinh Saupx _ '
Bai 4: Cho hinh thang vudng ABCD c6 A=D=90°; AB = 1Zm;
AD = 15em; €D = 20cm. K& BE vudng goc CD tai E.
1) Tit gidc ABED 1a hinh gi? Vi sao? Tinh Saggp.
-2) Tinh BE; EC; BC.
Bai 5: Cho hinh thang vuéng MNPQ c6 M = Q = 90°; MN = 16em; NP=
17em; PQ = 24cm. Ké NE vudng géc PQ tai E.
1) Pinh dang 1 gidc MNEQ.
2) Tinh QE EP; MQ.
3) Tinh Syneq va Sunrg
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Bai 6: Cho tam gide ABC déu c6 AM la dubng trung tuyén va N la trung’

diém AC. Ve Ax song song BC. Putmg thang MN cit Ax tai E.
1) Chitng minh AB = ME.
2) Chirng minh AMCE 14 hinh chit nhét.
3} Cho AB = 16em. Tinh MC; AM va Sauck.

Bai 7: Cho'tam gidc ABC c6 dudng cao AD. Goi E Ja trung diém cia AB ~

va F la diém d6i xing véi D qua E. Chimg minh tt gidc ADBF la
hinh chif nhét va so sanh AB vdi FD.
Bai 8: Cho hinh binh hanh MNPQ; vé ME vudéng géc PQ 6 E va PF
vudng géc véi MN & F. Chiing minh:
1) MP = EF 2) MP, NQ, EF déng quy
Bai 9: Cho tam gidc ABC vudng can tai A. Piém M di dong trén BC; ké
ME vuéng géc AB tai E va MF vudng géc AC tai F
1) T gide AE MF 1 hinh gi? Vi sao?
2) K& Al vudng géc BC tai I so sanh AM va Al
3) Dinh vi tri M trén BC @& EF nhd nhat.
Bai 10: Cho tam gidc ABC vudng cén tai A. Diém M di dong trén BC;
ké MH vuéng goc AB tai H va MK vudng géc AC tai K
1) Tt gide AHMK 14 hinh gi? Vi sao?
2) Dinh vi tri M trén BC dé HK nhé nh4t.
Bai 11: Tam gidc ABC vudng & A ¢6 dudng trung tuyén AM. Trén tia
AM 14y diém I sao cho M 14 trung di€ém cia AL
1) So sénh Al va BC.
2) T gide ABIC 1a hinh gi? Vi sao?
Bai 12: Cho hinh chit nhit ABCD tdm O, ké BH vuéng géc AC ¢ H.
Trén tia d6i cta tia BH &y BE = AC
1) Tam gidc BDE la tam gidce gi? Vi sao?
2) Ching minh HBO = 2BDE
3) Chimg minh HOB = 26‘{“)73
4) Tinh EDC; ADE
Bai 13: Cho hinh chit nhat ABCD tam I, ké BM vudng géc AC ¢ M.
Trén tia d6i cda tia BM 18y BF = AC
1) Dinh dang tam gidc BDF va tam gidc IDA.
2) Pat x = BDF. Tinh MIB va MBI theo x
3) Tinh ADF
Bai 14: Cho tam gide ABC vuéng & A c¢6 AH 14 dudng cao, AM la dudng
trung tuyén. Qua H ké dubng thing song song vdi AB va AC, 1an lugt
4t AC6EvAaABJD.DEcat AHGOva AMGL . .
1) Ti¢ gidc ADHE 1a hinh g1‘? Vi sao?
2) Ching minh IEA = HAC
3) Chitng minh [AE = HCA
4) Tinh AIE.
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‘Bai 15: Cho tam giac ABC vudng 0 A ¢6 AH la dudng cao, dUong trung

tuyén AM. Qua H ké dudng thing song song véi AB va AC, lan luot
cat AC6 Pva AB¢ D. DPcit AH6Ova AM G Q. .
1) Chitng minh AH = DP 2} Pinh dang AMAC va AOAP
3) Chitng minh AAPQ vudng &.Q.

“Bai 16: Cho didm E thubc canh AB ciia hinh chit nhat ABCD. F thube tia BC

‘$a0 cho EDF = 90°. Vé hinh chit nhat EDFK, tam O. Ching minh:

1)BO = EE

<> 2) Tam gide DBK vudng

- Bai 17: Cho hinh chit nhat ABCD. K& BK vuong goce AC 6 K Goi M va N

la trung diém AK va CD. Ké CI vubng g6c BM 61 vacit BKGE
1 Chu’ng minh: ME # NC // AB va E 12 trung diém KB
2) T giac MNCE la hinh gl'?
3) Ching minh BM vudng géc MN.
4) Cho BK = 4cm; AC = 10em. Tinh Spzep-

- Bai 18 Cho hinh chit nhat ABCD. Ke BP vudng goc ACGP.Goi MvaNia

trung diém AP-va CD. K& CQ vudng géc BM 6 Q va cit BPG E
1) Tit giac MNCE 14 hinh g1’f‘ Vi sao? - ‘ _
2) Ching minh: BM vuong goée MN.

"Bal 19: Cho tam gidc ABC vudng d Acé AH la du’o'ng cao. Goi P v Q

l4n lugt 12 hinh chiéu cia H xuong AB va AC. Goi I 1a trung di€m cda
HB, X 14 trung diém HC. AH cdt PQ 6 O.
1) Ta gidc APHQ 14 hinh gi? Vi sao?

2) Chitng minh: RQH = KHQ va KQO = 90°
- 3) Tinh QPI
4) Chu’ng minh PI // QK

" Bai 20: Cho tam gide ABC vuong G Aco AH 13 dudng cao. Goi M va N

ian lugt 13 hinh chiéu cia H xubng AB va AC. Goi 112 trung diém cia
HB, K la trung d1em HC. AH cit MN 6 O.

1) So sdnh AH va MN 2) Tinh NMI
3) Chitng minh: MI // NK
Bai 21: Cho tam giéc ABC vudng & A c¢6 AH 1a dudng cao. Goi D va E
i&n lugt 12 hinh chiu cuoa H xuong AB va AC.

1) Chl.tng minh AH = DE .
2) Goi I 1a trung diém caa HB, Kla trung diém HC Chu'ng minh

DI // EX.
1. BAI TAP NANG CAQ

Bai 1: Cho tam gidc ABC vudng can tai A. Diém M di dong trén BC; ké
ME vudng goc AB tai E va MF vuéng goc AC tai F Pinh vi tri M

trén BC dé EF nho nhéat.

| .Bai 2: Cho hinh chii nhat ABCD tam O, ké BH vuong géc AC. Trén tia

doi cia tia BH lay BE = AC '
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i) Tam giéé BDE 14 tam gidc gi? Vi sao?
2) Tinh EDC; ADE
Bzi 3: Cho hinh chit nbat ABCD tam I, ké BM vubng goc AC Trén tia

d6i cda tia BM 14y BF = AC. T Tinh ADF.

Bai 4: Cho tam gidc ABC vuéng & A c6 AH 1a dudng cac, AM 13 dudng
trung tuyén. Qua H ké dudng thing song song véi AB va AC, 14n luot
8t ACGEva ABSD.DEcit AHGOva AMG1

1) T gidgec ADHE 14 hinh gl" Vi sao?

2) Tinh AIE.
B2i 5: Cho di€m E thudc canh AB ciia hinh chif nhat ABCD. F thuoc tia

BC sac cho EDF = 90° ve hizh chif nhat EDFK. Ching minh tam

gidgc DBK vudng.

Bai 6: Cho hinh chit nhat ABCD. Ké BK vuéng goc ACO6 K GoiMvaN
14 trung @iém AK va CD. K& CI vuong géc BM § I va cat BKG E

1) Ching minh BM vuéng géc MN.

2) Cho BK = 4em; AC = 10cm. Tinh Sasco-

Bai 7: Cho tam gisac ABC vudng & A c6 AH 1a duing cao. Goi D va E lan
lugt 12 hinh chiéu cia H xuéng AB va AC. Goi I 14 trung diém cda
HB, K 1a trung diem HC. Chdng minh:

1D // EK

2) Goi F 1a trung d1em IK. Chimg minh tam gidc DEF can.

Bai 4. HiNH THO!

1. BAI TAP CO BAN

Bai 1: Cho hinh thoi ABCD ¢6 DAB = 60°.

1) Tinh s5 do ABC,BCD,CDA.  2) Tinh s6 do ABD,ACD.

Bai 2: Cho tam gidec ABC can tal A GoiD EF 1an lugt 1a trung diém
cda cdc canh BC, AC, AB. Ching minh:

1) AE = ED = DF = FA. . 2) T gide AEDF 1a hinh thoi.

Bai 3: Cho tam gidc déu ABC ¢6 D, E, F l4n lugt 13 trung diém céc
canh BC, AC, AB. Ching minh céc ¥ glac AEDF, BFED, CDFE la
cde hinh thoi. -

Bai 4: Cho tam gidc ABC cén tai A. Trén nia mit phang khéng chia A
c6 bo 1a du'o‘ng théng chia canh BC, vé tia Bx // AC va tia Cy / AB.
Goi D 12 giao diém cfia hai tia Bx va Cy. Chu’ng minh:

1} T gidac ACDB la hinh binh hanh. :
- 2) T gide ACDB la hinh thoi.

Bzi 5: Cho tam gidc ABC can tai A ¢6 dudng trung tuyén AD. Trén tia

ddi cia tia DA 14y diém E sao cho DE = DA. Chilng minh:
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1) T gide ACDB 1a hinh binh hanh.
2) Tt gidc ACDB 1a hinh thoi.

" Bai 6: Cho tam gidc ABC can tai B ¢é dudng cao BE. Trén tia dsi cha

tia EB ldy didm D sao cho ED = EB. Chiing minh:
1) TG gide ABCD 12 hinh binh hanh.
2) Tii gide ABCD 1a hinh thoi.

Bai 7: Cho tam gidc ABC c6 dudng phin gxac trong AD. Trén AC lay
d@iém E sac cho DE // AB, trén AB lay diém F sao cho DF // AC.
Chiing minh:

1) T4 gide AEDF 13 hinh binh hanh.
2) Tit gide AEDF 1a hinh thoi.

Bai 8: Cho tam gidc ABC can tai B. Putng théng qua C song song véi
AB cit tia phan gidc cia ABC tai D. Chitng minh:

1) AB=CD. 2) T gide ABCD 1a hinh thol.

Bai 9: Cho tif gide ABCD ¢6 BAD = BCD. Biét riing: tia AC 1a tia phan
gide ctia BAD va tia CA la tia phan gidc cia BCD . Chiing minh:

1) Céc tam gisdec ABC va ADC 1a céc tam gide cén.
2) AB = DA.
3) Tt gidc ABCD 14 hmh thoi.

Bai 10: Cho & gidc ABCD ¢6 AC = BD. Goi M, N, P, Q 1an lugt 14 trung
diém cia cdc canh AB, BC, CD, DA. Cerng mmh
1) MN =NP = PQ QM. 2) Td gidc MNPQ 12 hinh thei.

Bai 11: Cho i1 glac ABCD ¢6 AD = BC. Goi M, N, P, Q l4n lugt 12 trung
di#m cia cde canh AB, AC, CD, BD. Ching minh:

1) MN =NP = PQ QM 2) T gide MNPQ 13 hinh thoi.

Bai 12: Cho hinh thang can ABCD (AB / CD). Goi M, N, P, Q lan lugt
l4 trung difm ctia cdc canh AB, BC, CD, DA. Ching minh: t gidce
MNPQ 1a hinh thoi.

Bai 13: Cho hinh thang can ABCD (AB / CD). Goi M, N, P, Q lan lugt
1a trung diém cia cdec canh AB, AC, CD, BDT Ching minh: td gide
MNPQ 1a hinh thoi.

Bai 14: Cho hinh binh hanh ABCD c6 hai dudng chéo AC va BD edt
nhau tai O. Pudng thing d, qua O cdt canh AB va CD lan lugt tai M
va P, dudmg thing d; qua O cit canh BC va DA lan lugt tai NN va Q.

" Biét rang: d; 1 dp. Chitng minh:

1) T gidc MNPQ 14 hinh binh hanh.
2) T gidec MNPQ 13 hinh thoi.

" Bai 15: Cho hinh ch nhat ABCD. Goi M, N, P, Q l4n luot 14 hinh chiéu

chia cdc canh AB, BC, CD, DA. Ching minh: tit gidc MNPQ 14 hinh thoi.

Bai 16: Cho hinh thoi ABCD ¢6 hai dutng chéo AC va BD cidt nhau tai
0. Trén doan OA ldy diém E, trén doan OC 1dy diém F sao cho AE =
CF. Chiing minh tif gidc BEDF la hinh thoi.
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Bai 17: Cho hinh thoi ABCD ¢6 hai duding chéo AC va BD cit nhau tai
0. Goi M, N, P, Q lan lugt la trung diém ciia cdc doan OA, OB OC

OD. Ching minh tif gide MNPQ 12 hinh thoi. .
Bai 18: Cho hinh thoi ABCD c6 hai dubng chéo AC va BD cat nhau tai O,
Bidt ring: AC =8cm, BD = 6cria Tinh d6 dai cac doan thiang OA, OB AB.
Bai 19: Cho hinh thoi ABCD ¢6 AC = 12cm, BD = 16cm.
1) Tinh dién tich hinh thoi ABCD.
2) Tinh d6 dai cdc canh cia hinh thei ABCD.

Bai 20: Cho hinh thoi ABCD ¢6 AB = 15¢m, BD = 24cm.
1) Tinh d¢ dai AC.
2) Tinh dién tich hinh thoi ABCD.

Bai 21: Cho hinh thoi ABCD ¢6 AB = BD = 10cm.
1) Tam gide ABD 1a tam gidc gi? Vi sa0?
2) Tinh sé do cdc goc cia hinh thoi ABCD.
3) Tinh 4% dai AC.

~ 4) Tinh dién tich hinh thoi ABCD

Bai 22: Cho hinh thoi ABCD c¢6 dxen tich bang 120cm va AC = 10em.
1) Tinh dd dai BD o :
2) Tinh chu vi cda hinh tho1 ABCD..

Bai 23: Cho hinh thei ABCD c6 dién tich bang 50+/3 em® va AC = 10cm.
1) Tinh 46 dai BD va AB. . _
2) Tinh s6 do céc gbc cGa hinh thoi ABCD.

Bai 24: Cho tam gidc ABC cén tai A ¢6 dudng trung tuyén AD. T D, ké
dudng thdng DE song song véi AB (E € AC) va ké DF song song vii
AC (F € AB). Chiing minh: AEDF la hinh thoi. .

Bai 25: Cho hinh binh hanh ABCD cé 2 dudng cac AH = AK. Ching

minh ABCD 14 hinh thoi.
Bai 26: Cho hinh thang cdn ABCD (AB i CD AB<CD). GoiE, F,G H

hinh thoi.

Bai 27: Cho t gide ABCD ¢ AB = CD. Goi E, F, G, H 14n lugt 1a trung |

diém cta BC, AC, AD, BD. Ching minh:
1YEH= GF 2) Tt giac EFGH la hinh thoi.

Bai 28: Cho ti gidc ABCD ¢6 AC=BD. Goi E, F, G, H lan lugt 14 trung

diém cia AB, BC, CD, DA.
Chitng minh td gidc EFGH la hinh thei.

Bai 29: Cho hinh thang can ABCD (AD / BC). Goi E, F, G, H, R, S lan |

luot 12 trung diém ciia BC, AC, AD, BD, AB, DC. ChUng minh:
1) Tit gidc RFSH 1a.hinh thoi. 2) T gidc ERGS 12 hinh thoi.
Bai 30: Cho géc xOy va tia phén giac Oz. T diem M « Oz ké

MA // Oy va MB / Ox (véi A € Ox va B e Oy). Chu‘ng minh: t& gidc |

OAMB 14 hinh thoi.

Bai 31: Cho hinh binh hanh ABCD c6 AD L AC. Goi M, N theo thi ty L N
ié:iiiBal 44: Cho hinh cki nhat ABCD. Goi M, N, P, Q lin lugt la trung

12 trung diém cia AB, CD.

1) Chiing minh: MN L AC.  2) Td gide AMON la hinh gi? -

-,
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'Bai-32: Cho hinh binh hanh ABCD ¢6 AB = AC. Goi M I trung diém

BC. Trén tia d6i ciia tia MA 18y ME = MA. Chiing minh:
1) T gide ABEC 14 hinh thoi. 2) D, C, E thing hang.
3) C 14 trung diém DE.

' Bai 33: Cho hinh thoi ABCD c6 géc A = 60°, ké BH 1 AD (H < AD), rdi

kéo dai mot doan HE = BH. Néi E véi A, E véi D. Chitng minh:
1) H 14 trung diém AD, 2) ABDE 14 hinh thoi.

* Bai 84: Cho hinh chit nhat ABCD. Goi E 13 diém d5i xing véi A qua B; F

1a diém d8i xing véi C qua B. Chitng minh AFEC 12 hinh thoi.

- Bai 35: Cho hinh thang ABCD (AB // CD) ¢ AD = CD. Tir C ké dudng thing

** song song v6i AD, eit canh AB tai E. Chiing minh AECD 12 hinh thoi.

- Bai 36: Cho tam gidc’ABC c6 D 1a diém di déng trén BC (D = B, C). Tt D, ve

cic dudng thiing song song v6i AB, AC va 1an kgt cit AC, AB tai M vi N.
1) Chl’]‘ng minh: AMDN 14 hinh binh banh. :
2) Tim vi tri cda D @é tir gidc AMDN la hinh thoi.

~ Bai 37: Cho hinh thang ABCD. Goi M N, P, Q lan lugt 1 trung diém

cia AB, BC, CD, DA.
1) Chung minh: MNPQ 13 hinh binh hanh.

1 2) Hinh thang ABCD ¢6 thém tinh chit gi thi MNPQ la hinh thoi.

Bai 38: Cho tam gide ABC. LAy cdc diém D, E theo thif tu trén cde canh "
AB, AC sao cho BD = CE. Goi M, N, I, K theo thi tif 12 trung didm
. cha BE, CD, DE, BC. Chilng minh:

CE

1) MK = IN = 2) IK L MN.

‘Bai 39: Cho hinh thoi ABCD. Liy 2 di€ém E va F thuje AC véi AE = CF.

Goi O 1a giao diém cia AC va BD.
1) Chdng minh: OE =OF 2)Ti giacBEDF 14 hinh gi? Vi sao"

“Bai 40: Cho hi
14n luot 13 trung diém cia AB, BC, CD, DA. Chu’ng minh EFGH la |- 3 o hinh thot ABCD 6 AB = BD.

1) AABD la tam gzac gi? Vi sao?
2) Tinh cdc gdc cia hinh thoi ABCD. ,
Bai 41: Cho hinh thoi ABCD. Ké 2 dtm’ng cao AH va AK. Chimg mmh:' '
AH = AK.

. Bai 42: Cho tam g1ac ABC cén tai A Ké Bx // AC, Cy // AB; sao cho 2

tia Bx va Cy cit nhau tai D.
1) Chitng minh: T gise ABDC 13 hinh thoi.
2) Cidc dudng trung tuyén BM va CN cia AABC cit nhai 6 G. AG
cit BC tai 0. Chiing minh: AQ & du’o‘ng cao cia AABC.
3) Chirng minh: A, O, D thang hang.

'Bai 43: Cho tam gisc ABC cin tai A. Goi D, E, F l4n lugt 14 trung diém

~ eca BC, AC, AB. Biét EF = 3cm;-AB = 5em.

1) Tinh do dai BC ' 9) Tinh d¢ dai AD

3) Tt gide AEDF la hinh gi? Vi sao?

dxem chia AB, BC, CD, DA. Ching mmh
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" Bai 45: Cho hinh thoi ABCD. Goi M, N, P, @ 14

1) MQ = %BD; NP = %BD.
9) MQ = MN, ri suy ra MNPQ 1 hinh thoi.

x

luot 12 trung diém cia
AB, BC, CD, DA. Chitng minh: _ .
1) MN 1 MQ. : 2) T gide MNPQ 1a hinh chif nht.
Bai 46: Hinh binh hanh ABCD c6 goc DAC = 90°. Goi M, N 1a trung
&iém ciia AB, CD. Ching minh: ' .
1) AM = CN 9) AN = CN  3) T gidge AMCN la hinh thoi. -
Bai 47: Cho tam gidc déu ABC. Kéo dai trung tuyén BM cta tam gidc
ABC vé phia M 14y diém D sac cho M & trung diém cha BD. Keéo dai
trung tuyén CN cia tam gide ABC vé phia N, 1dy diém E sao che N 1a
trung diém ciia CE. Chéng minh: '
1) Cae td gidc ABCD va ACBE la hinh thoi
2) Ba diém D, A, E thang hang
3) T gidc BCDE ia hinh thang can.
ID. BA} TAP LUYEN TAP

* Bai 1t Cho hinh thoi ABCD c6 AB = BD.

1) AABD la tam gidc gi? Vi sao? .
2) Tinh céc gbe cia hinh thoi ABCD..

Bai 2: Hinh thoi ABCD c6 A = 60°. Ké 2 duding cao BE va BF (E ¢ AD;

F e DC). : .
1) Chirng minh: BE = BF 2} Tinh s do ABC?
3) Tinh s6 do EBF. ABEF 13 tam gidc dac biét gi? Vi sao? ‘
Bai 3: Cho hinh thoi ABCD ¢6 géc A = 60°, k& BH L AD (H € AD), rot
kéo dai mdt doan HE = BH. Néi E véi A, E v6i D. Ching minh:
1) H 12 trung diém AD. 2) T& gidec ABDE 1a hinh thoi.
3) D la trung diém CE. 4) AC = BE.
Bii 4: Cho hinh thoi ABCD cé AB = BD.
1) Chirng minh: AABD déu .
2) Goi O 1a gizo diém cha AC.va BD. Ching minh: OA” = %ABZ

3) Biét chu vi ciia hinh thoi ABCD 14 8cra. Tinh d6 dai dudng chéo
BD: AC. :
4) Tinh dién tich hinh thoi ABCD.
Bai 5: Cho hinh thoi ABCD cé chu vi 12 8 cm va AC = 23 cm.
1) Tinh &% d2i BD
2) Tinh s& do cdc géc cia hinh thoi ABCD.
Bai 6: Cho hinh thoi ABCD c6 chu vi 12 8 cm va AB = BD. Tinh 46 dai
dudng cao cia hinh thoi. :

- N

Bai 7: Cho hinh thoi ABCD ¢6 chu vi = 24em. Budng cao AH = 3dem.
Tinh.cdc géc cia hinh thoi. ‘

-+ -Bai 8 Cho hinh thang ABCD(AB/CD)e6 AD=CDva ACLBC. Tt C
. ké dudng thing song song v6i AD va cat AB tai E.

1) Chitng minh: t& gidc AECD la hinh thoi.

2) Chitng minh: t& gidc BEDC 1a hinh binh hanh.

3) Chitng minh: ACEB can.

4) Gia sit ACEB déu. Ching minh; tif gidc ABCD 12 hinh thang can.

Bai 9: Cho hinh thang ABCD(AB//CD) ¢6 AD=CDva AC L BC. Tu C
ké dutng thing song song véi AD va cit AB tai E.

1) Chitng minh: ACEB can.
2) Hinh thang ABCD s& nhu thé nao d€ ACEB déu?

Bai 10: Cho hinh thoi ABCD cé goc A bang 6@0. Mét goc xBy thay doi
sao cho tia Bx cit canh AD tai M, tia By cit canh CD tai N va géc
%xBy = 60°. Chiing minh:

1) AB = BD. 2) AABM = ADBN.
3) Téng d6 dai (DM + DN) khong déi.

Bai 11: Cho hinh thoi ABCD cé AB = BD. Goi M va N lan lugt trén AB,

BC sao cho AM = BN. :
1) Chitng minh: ADM = BEDN.

, 2) Chiing minh: AMDN 12 tam gide déu.

Bai 12: Cho hinh thoi ABCD ¢6 AB = BD. Goi M, N lan lugt trén céc
canh AB, BC sao cho AM+NC=AD.

1) Chitng minh: AM = BN. 2) Ching minh: AAMD = ABND
3) Tinh s& do cdc goc eha ADMN.

Bai 13: Cho hinh thoi ABCD ¢6 g6c A = 60°. Trén canh AD ldy diém M,
trén canh DC lay di€m N sao cho AM = ['N.

1) Ching minh: BDC = 60°  2) Chiing minh: AADM = AADN
3) Ching minh: MBN = 60"  4) ABMN 14 tam gide gi? Vi sao?

Bai 14: Cho tam gide ABC can tai A. Goi D, E, F 1dn lugt 1a trung ¢iém
etia BC, AC, AB. Biégt EF = 3em; AB = 5em.

1) Tinh d& dai BC ' 2) Tinh d6 dai AD
3) Tdt gide AEDF 1a hinh gi? Vi sao? 4) Tinh Sxepr

Bai 15: Cho hinh chit nhiat ABCD. Goi M, N, P, Q lidn lugt 1 trung

diém ctia AB, BC, CD, DA.

1) Chéing minh: MQ = éBD; NP = —;—BD;

2) Chitng minh: MQ = MN, rdi suy ra ti gidc MNPQ 13 hinh thoi.
3) Cho MP = 3em; N@Q = 5em. Tinh S,,o,7

B2i 16: Cho tif gide ABCD ¢6 AC = BD. Goi E, F, G, H lan luot 1a trung
diém cia AB, BC, CD, DA.
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1) Ching minh: EH = GF = %]-3;.
2) So sanh: EF, GF, EH va GH.
3) Chiing minh: EG 1 HF.
Bai 17: Cho hinh thoi ABCD. Goi M, N, P, Q Ian luot 13 trung didm cia

AR, BC, CD, DA.
1) Chitng minh: MN va PQ cing bang éZE .

2) Chitng minh: MN 1 MQ.
3) Chiing minh: t& glac MNPQ 1a hinh chit nhat.
4) Chiing minh: t& gide MBPFD 1a hinh binh han.h suyra M, O, P
thang hang (O la tam hinh thoi ABCD)
5) Biét Sapcp = 12cm. Tinh SMNP
Bai 18: Cho hinh thang cin ABCD (AB // CD, AB <CD).GoiE,F, G H
14n luot 12 trung diém cha AB, RC, CD, DA.
1) Ching minh: EF = GH; EH GF.
2) Ching minh: ¥ gide EFGH I hinh thoi.
BC

3) Goi M, N Ian lugt 1a trung digm BD, AC. Chimg minh: EN=MG= ~5
4) Tt giac ENGM 14 hinh gi? Vi sao?

Bai 19: Cho hinh thang can ABCD (AB/ CD)e6 E, F, G, H lan oot 1a

trung diém ctia AB, BD, CD, CA.
1) Chitng minh: EH = GF = BZC

9) Ching minh: EH = GF = 2D

3) Chitng minh: EG ]a tia phan gidc cia géc FEH.
4) Chiing minh: FGD = AGC.

5) Cho ADC = BCD = 50°. Tinh cdc géc cha tit gidc EFGH?
Bai 20: Cho tit gide ABCD c6 AB=CD. Goi E, F, G, H 13n lugt la truncf
diém cha BC, AC, AD, BD. Chiing minh: _
1) EH = GF 23 T gidc EFGH 14 hinh thoi.
Bai 21: Cho hinh thang ean ABCD (AD # BC). Goi E, F, G, H, R, S lin
luot 12 trung diém cda BC, AC, AD, BD, AB, DC. Ching minh:
1) T gide EFGH 14 hinh thoi. 2) T gide ERGS 1a hinh thoi.
Bai 22: Cho hinh chir nhat ABCD ¢6 M, N 12 trung diém cia AB va CD.
1) Ching minh: cde 0 g1ac AMND va MBCN 14 hinh chir nhat.
2) Goi P 1a giao diém cia AN va DM; Q 12 giao diém cia BN va
CM. Chung minh: PQ / AB
3) T gidc MPNQ 14 hinh gi?

Bai 23: Cho géc xOy va tia phan gidc Oz. Tu diém M e Oz ké MA // Oy

va MB / Ox (vdl AcOxvaB e Oy
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1) Chitng minh: tif gidc OAMB 13 hinh thoi.
© 2) Tu &iém M ké dudng thing vudéng goc véi Oz, cat Ox tal Cva
cat Oy tai D. Chdng minh: AB // CD. ‘ .

3) Chitng minh: AB = %—]2

- Bai 24: Cho tam gi4c ABC LAy cde diém D, B theo that tu trén cac canh

AB, AC sao cho BD = CE. Goi M, N, I K theo thu’ tu' 12 trung di€m
cda BE, CD, DE, BC.

1) Chitng minh: MK = IN =

2) Chiing minh: IK 1 MN.
3) Biét IK = 10 em; MN = 2 em. Tmh dlen t1ch t gxéc MINK.

CE
2.

“Bai 25: Cho hinh thang ABCD. Goi M, N P, Q lan luot 13 trung diém

cia AB, BC, CD, DA, ;
1) Chu’ng minh: MNPQ la hmh binh hanh. :
2) Hinh thang ABCD cé thém tinh chat gi thi MNPQ la hinh thof?
Bai 26: Hinh binh hanh ABCD cé gé¢c. DAC =-90° Goi M, N 1a trung
diém cita AB, CD. Chung minh: )
1) AM = CN 9) AN = CN-
3) Ta glac AMCN 12 hinh thoi .
4) Biét MN = 6cm, AC = 8cm. Tinh 46 dai doan AN -
Bai 27: Cho hinh thoi ABCD c6 AH Ia dLIo'ng cao. M 1& trung dlem AD.

Biét AD = 4em; AH = 2cm.
1} Chitng minh: HM = AM. ‘2) Chitng minh: AAHM déu.
3) Tinh s6 do géc D 4) Tinh cdc géc hinh thoi ABCD
Bai 28: Cho hinh thoi ABCD (géc A td). T A ha cdc dudbng vudng goc

Al, AK xuéng cdc canh BC, CD. Gia sG IK = I-%E; O 1a giao diém cila

AC va BD. Chung minh:

1) AIOK dédu 2) T0C <2IAC
3) [OK = 2fAK 4) BCD = 150°

Bai 29: Cho hinh thoi ABCD. Ke 2 dudng cao AH va AK. Ching minh:

AH = AK
Bai 30: Cho hinh th01ABCDcoOIagiaodlemwa2ducngcheo GoilE, F, G,
H theo thi tu Ea chan cac dudng vubng goc ké tir O dén AB, BC, CD, DA.
1) Chiing minh: E, O, G thing hang va H, 0 F thidng hang.
2) Ching minh: OE = OF = OH = OG.
3) T giac EFGH 1a hinh gi? Vi sao?

Bai 31: Cho hinh thei ABCD (gocAtu) Tiy A ha cac duo’ng vubng gée Al, AK

, xuong cic ca.nh BC, CD. G1a st IK= %]-)— O Ia giao diém cua AC va BD.
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1) Chitng minh: AACI = AACK
2) Chiing minh: tit gidac BOKI 12 hinh binh hanh.
3) Chitng minh: K 1 trung diém CD.
" 4) Tinh cdc goc cia hinh thoi ABCD. -
Bii 32: Cho hinh thoi ABCD (géc B t). T B ha BM, BN lan lugt vudng
g6c v6i AD va CD. Tt D ha DP va DQ lan lugt vudng gée v6i AB va
BC. Goi H Ia giao diém cia MB va PD; K 12 giao diém cla BN va
-DQ, O 1a giao diém ciia AC va BD. Ching minh: :
1) H 13 trye tAm AABD 2) A, H, K, C thing hang
3) PDQ = MBN 4) POM = QRN
5) Tit gide BHDK ]2 hinh thoi. S
R3j 83: Cho hinh binh hanh ABCD, cic dudng chéo cdt nhau & O. Goi E,
F, G, H theo thit tu Id giao diém cla cdc dudng phén gidc ciia cdc
AAOB; ABOC; ACOD; ADOA. Ching minh:
1) H, G, F thing hang va E, O, G thang hang.
2) ABOF = ADCH - o
3) OE = OG | . ~
4) T gide EFGH 13 hinh thoi. _ .
Bai 34: Cho hinh thoi ABCD (géc A nhon) ¢6 AB = a; ké DH L AB
(H « AB), ' : '
1) Ching minh: Sppcp < AB.AD 2) Chiing minh: Sascp < a?
. 3) Khi Sascp ¢6 gi4 tri 16n nhat thi t gidc ABCD la hinh gi? Vi sao?

Réi 5. HINH VOONG

L BAI TAP CU BAN |
Bai 1: Cho xOy =90° va tia phan gidc Ot. L&y di€m A bat ki trén Of,
k& AB L Ox & A, AC L Oy & C. Ching minh tf gidc. OBAC 1a hinh
. vudng. o , T . '
Bai 2: Cho tam gisc ABC.c6 A = 90% AB = AC = a va AD la duing
phan, gidc cia goc trong. Tt D ké DE // AC va DF // AB (véi E e AB;
F-e AC). Chiing minh: | '
1) T gide AEDF 13 hinh vudng. 2) CE = BF. _
Bai 8: Cho tam gisc ABC can tai A ¢6 AB = v2 va BC = 2. D Ia diém
- 4§81 xiing véi A qua BC. L , .
" 1) AABC 14 tam gidc gi? Vi sao? ,
9) Chiing minh ti¥ gide ABDC 13 hinh vubng.

Bai 4: Cho tam gidc ABC vudng can ¢ A €O duong trung tuyen AM. Ke
MH /#/ AC, MK // AB(H e AB; K € AC). Td giae AHMK 14 hinh dac

bidt gi? Vi sao?

E Bai 5: Cho hinh vutng ABCD. Kéo dai BC ldy B, kéo dai CD l&y F, sao

cho BE = DF.
1) Ching minh: AABE = AADF.
2) AEAF 12 tam gide gi? Vi sao?

3) Ké tia Ex / AF va tia Fy / AE. Ex cat Fy tai G. T gide AEGF

1a hinh gi? Vi sao?

- Bai 6: Cho hinh vuong ABCD. Trén céc canh AB, BC, CD, DA lan higt 18y

che didm A’, B, C, D sao cho AA’=BB' = CC = DD'. Ching minh ring:
1) AB=BC=CD=DA -
9) AD’AA’ = AA’'BB’ = AB'CC’ = ACDD'.
3) Tt gise AB'C'D’ 12 hinh vuéng.

Bai 7: Cho hinh vuong ABCD. Trén tia d6i cia cac tia AD, BA, CB, DC lan

lugt 13y cac diém A, B, C, I’ sao cho AA’ = BB = CC' = DIY. Ching minh:
1) AAA’B’ = ABB'C’ = ACCD’ = ADD’A’ -
2) ABGC =00°. |
3) Tit gide ABCD 12 hinh vubng.

Bai 8: Cho hinh vuéng ABCD. Hai dudng thing d; va d. vudng géc nhau
& tam O cdia hinh vudng. Putng thing d; cit AB, CD & P va Q. Bubng
thang dp cit BC, AD & R va S. Ching minh:

1} AAOP = ABOR. 2) OP = OR = 0S = 0Q.
3) Tit giac PRQS 1a hinh vuong.

" Bai 9: Cho hinh thang ABCD (AB // CD). Goi M, N, P, Q theo tht ty 1

trung diém cda AD, AB, BC, CD.
1) Ching minh: t gidc MNPQ 12 hinh binh hanh.
9) Hinh binh hanh MNPQ la hinh gi néu-hai dudng chéo AC, BD
bing nhau va vudng géc nhau?

Bai 10: Cho tam gidc OBC vudng can tai O. Liy A thube tia 461 cda tia

OC, D thudc tia d5i cla tia OB sao cho OA = ODb.
1) Chitng minh: ABCD 12 hinh thang can.
2) Goi M, N, P, Q lan luot 12 trung diém cia AD, AB, BC, CD.
Chiing minh: MNPQ 1& hjnh vudng.

" Bai 11: Cho i gidc EFGH c6 hai duong chéo. EG va FH vudng géc nhau

_ va bang nhau. Goi S, R, Q, P theo thd tyf 1a trung difm cia cha cédc
canh EF, FG, GH, HE. Ching minh: SRQP 14 hinh vudng.

' Bai 12: Cho t giac ABCD. Goi M, N, P, Q ldn higt 12 trung diém clia

AB, BC, CD, DA.
1) Chitng minh: MNPQ 12 hinh binh hanh.
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2) Céc dubng chéo cha ti gide ABCD phdi eé diéu kién gi thi
MNPQ la: _
a) Hinh chif nhit b) Hinh thot ¢} Hinh vudng
Bai 13: Cho t gisde ABCD. Goi E, F, G, H lan lLro’t 1a trung dlem cua
AB, AC, DC, DB. ' .
1) Ching minh: EFGH 14 hinh binh hanh.
2) NeuAD_LBCthlhmhbmhhanhEFGHtro‘thanhhmhgl'?Visao"

3) Néu AD = BC thi hinh binh hanh EFGH trg thanh hinh gi? Vi sac? . .

4) Tim diéu kién d& hinh binh hanh EFGH tr¢ thanh hinh vudng.

Bai 14: Cho tam gidc ABC, cdc dudng trung tuyén BD va CE cit nhau ¢

G. Goi H la trung d1em cua GB, K 1a trung diém cta GC.
1) Chitng minh: T gidc DEHK 12 hinh binh hanh.
2) Néu tam gidgc ABC can tai A Ching minh: BD CE va DEHK la
hinh chi nhat.
3) Né&u cac dudng trung tuyén BD va CE vuong géc nhau thi td gide
DEHK 14 hinh gi? Vi:sao?
4) Néu diéu kién cda tam gidc 'ABC 48 tit gidac DEHK la mét hinh
vudng. :
Bai 15: Cho hinh chi nhat ABCD ¢6 AB 2BC. G01 Ila trung diém cia
AB va K 1a trung dlem cua DC. Chiing minh:

1) AIKD va BIKC la hinh vudng. 2) IK = % va DIC = 90°

Bai 16: Cho tam gidc ABC vuong can & A. Trén canh BC Iay cac diem H, G
sao cho BH = HG = GC. Qua H va G ké cac dudng thang vudng géc véi BC
chiing cit AB va AC theo thi? tu tai E, F. Chilng minh ring:.

1) AREH va ACFG la cdc tam gidc vudng can.
2) EH = HG = GF.
Bai 17: Cho tam gidc ABC vudng ein & A Trén canh BC 14y cédc diém

H, G saocho BH = HG = GC. Qua Hva G ké HELBC va GFLBC (&

eAB; F ¢ AC). Chiing minh ring:
1) EH = HG = GC.
2) T gidc EFGH la hinh vuéng.
Bai 18: Cho hinh chif nhit ABCD c6 AB = 2BC. Gm I 1a trung diém cia
AB va K la trung diém ciia DC.
1) Ching minh: AIKD va BIKC 14 hinh vuong
2; Chitng minh: ADIC vudng ¢éan.

3} Goi S va R 1an lugt 12 t4m ciia cae¢ hinh vuong AIKD va BIKC. _

Chufng minh: ISKR 1& mbt hinh vudng.

Bai 19: Cho xOy = 90° ¢6 Ot 1a dudng phan gide. D la diém tren Ot voi

0D = a. Pubng trung trl.rc caa OD cat ha1 t1a Ox Oy Ian Iuat tai A, B.
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1) Chifng munn: AUBL vuong can va AUAL vuong can.
2) T gidc OBDA 14 hinh gx‘? Vi sao"
3) Tinh Spaps theo a.

~ Bai 20: Cho tam gidc ABC ¢6 AB = BC—IvaAC \/_

1) Tinh cdc g6c cda AABC. . '
2) Goi D 1a diém d6i xing véi C qua B. ChmgmmhAADBvuongcan

3) Goi BE va BF lin lugt 13 dudng phan gide géc trong cua cac
AADB vi AABC. Ching minh BA la phan gidc cia EBF.
4) Chiing minh: AEBF la hinh vuong '

. BAI TAP LUYEN TAP

Bai 1: Cho tam gidc ABC cin ta1 A cé AB \/5 vaiBC=2.D1a diém

- 461 xiing véi A qua BC.
1) Tinh BD, DC.
2) i gide ABDC 1a hinh g1‘7 Vi sao? Tinh SABDC

-Ba;z.Chotamg:acABCcoAB BC=1vaAC= 2.

1) Tinh cdc géc cia tam gidc ABC.
. 2) Gm D 12 diém déi xing véi C qua B. Chitng minh AADB vubng can.

3) Goi BE va BF lan lugt 1a dudng phan gidce gbc trong cia cac
AADB va AABC. Chimg mmh BA 12 phén gisc cia EBF.

4) Ching minh: AEBF Ia hinh vudng.

5) So-sanh AACE véi AADF.

 Bai 8: Cho hinh binh hanh ABCD. Goi DE, BK lan lugt 13 dudng phan

gidc goc trong cia cic AADB va ADBC.
. 1) Chéng minh: DE /BK. =~
2) Tir gide DEBK la hinh gi? Vi sao? ,
3) Tim diéu kién clia AABD dé DEBXK tré thanh:
a) Hinh chit nhét. ' . b) Hinh vuéng. '
Bai 4: Cho hinh thang ABCD (AB // CD). Goi M, N, P; Q theo thi tur la
trung diém cia AD, AB, BC, CD.
1) Ching minh: MNPQ 14 hinh binh hanh
2} Hinh binh hanh MNPQ 13 hinh gi néu hai dusng chéo AC, BD
bang nhau va vubng gée?-

- Bai 5: Cho tir gidc ABCD. Goi M, N, P, Q l4n lugt 12 trung diém ciia

AB, BC, CD, DA, ‘
' 1) (‘hung minh: MNPQ 1a hinh binh hanh
2) Céde dudng chéo cia tif gidc ABCD phii c6 d1eu kién g1 th1
MNPQ la: . '
a) Hinh chit nhat

_ b) Hinh thoi ' c) H‘mh vudng

"~ Bai 6: Cho t giac EFGH c6 5 hai dubng chéo EG va FH vubng goc nbau

v bing nhau. Goi S, R, Q, P theo thi tu 13 trung diém cua caa cdc
canh EF, FG, GH HE Chu‘ng mmh SRQP 14 hinh. vuong
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Bai 7: Cho t giac ABCD. Gol E, F, G, H lan lugt la trung diem cua
AB, AC, DC, DB. o S ' .
1) Chdng minh: EFGH 1a hinh binh hanh.

9) Néu AD 1 BC thi hinh binh hanh EFGH tr& thanh hinh gi? Vi sao?

3) Néu AD = BC thi hinh binh hanh EFGH tr& thanh hinh gi? Vi sac?
- 4) Tim didu kién dé hinh binh hanh EFGH tré thanh hinh vuong.
Bai 8 Cho hinh binh hanh ABCD 6 AB = 2AD. Goi M va N 13 trung
diém cia AB va CD. E -
1) X4c¢ dinh dang tf gide AMND.
9) Chitng minh: AN // MC. . ,
3) E 1 giao difm cia AN va DM, F la giao diém cha MC va BN.
Chitng minh: EF // BC. . -
4) Xsc dinh dang cda té gide MENF.
5) Tim didu kién ciia hinh binh harh ABCD 48 t& gisac MENF la
hinh vudng. : :
Bai 9: Cho hinh chif nhat ABCD c6 AB = 2BC. Goi I 1a trung diém cia
AB va K 14 trung diém cia DC. Chifng minh:
1) AIKD va BIKC I3 hinh vudng. 2) IK = _D-29 va DIC = 90°.
Bai 16: Cho hinh vudng ABCD. V& xAy = 90°. Ax cit BC & M; Ay cit
dudng thing CD tai N. :
1) Chirng minh: AMAN vudng can.
9) Vé hinh binh hanh AMFN c6 O la giao &iém ctia AF va MN.
Chitng minh: OA = OC = %F- vi AACF vudng tai C.

3) Chitng minh: D, O, B théng hang.
Bai 11: Cho hinh vudng ABCD. Tit diém M thude canh BC, vé dutng thang
%t CD & K sao cho AMB = AMK . Ké AH L MK & H. Ching minh:
1) AABM = AAHM va AH = AD. 2) ADAK = AHAK.
3) MAX = %2& = 45°. '
Bai 12: Cho hinh vuong ABCD. Tir diém M thube canh BC, vé dudng thang
it CD§ K sao cho AMB = AMK . Ké AM L MK & H. Ching minh:
1) AAMH = AAMB. - 2) KAM = 45°. : |
Bai 13: Cho hinh vudng ABCD. M 1 diém tiy § trén canh DC. Tia
phan gidc cia DAM cdt CD tai L Ké TH L AM tai H va tia [H ¢4t BC
tai K. Ching minh:
1) AADI = AAHI va AABK = AAHK. 2) TAK =45%
Bai 14: Cho hinh vuéng ABCD. Liy N € AB; M e BC sao cho
ADN = NDM . Ké tia Dx L DN; Dx cit tia BC tai K. Ching minh:
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2} AN = CK.
- 4) DM = AN + CM.

1) ADN = CDK.
3) AMDK cén & M.

‘Bai 15: Cho hinh vudng ABCD. Trén canh AD 1dy diém F, trén canh

DC 14y diém E sao cho AF = DE. Ching minh:
1) AABF = AADE. 2) FAE va AFB phu nhau.
3) AE 1 BF.
Bai 16: Cho hinh vuéng ABCD. Goi E, F, X l4n lugt 1a trung diém cha
AB, BC, CD.
1) Chitng minh: AECK 12 hinh binh hanh.
9) Chétng minh: DF L CE & M. :
3) AK ciit DF tai N. Chiing minh N 1a trung diém cta DM.
4) Chitng minh: AM = AB. .
Bai 17: Che tam gide ABC. Ngoii tam gidc ABC vé hai hinh vudng
ABDE va BCKL. BM la dudng trung tuyén cia tam gidc ABC.
1) Ching minh: Hai géc DBL va ABC bit nhau.
9) V& hinh binh hanh DBLN. Ching minh AABC = ANLB.
3) Goi O I trung diém céa DL. Chimg minh NLO = ABM va DL = 2BM.

4) Tia MB cit DL tai L. Tinh ABM + DBI. Suy ra DIB =90°.
Bai 18: Cho tam gide ABC vudng & A. Dung céc hinh vudng ABDE va
BCFG sao cho D, C ciing thudc mét nia mat phing c6 b la AB va G,
A cung thube mat nia mat phang c6 bd 12 BC. GA cat BC va DC tai I
va K. Chdng minh:

1) GBA = CBD.
3) GA L DC tai K.
Bai 19: Cho hinh vuéng ABCD. V& xAy = 90°. Ax cdt BC & M; Ay cit

duéng thang CD tai N.

1) Chitng minh: AMAN vudng can.

2) V& hinh binh harh MANF c¢6 O 1a giat diém ctia AF va MN.
Chung minh: D, O, B thang hang.

3) Chting minh: AC | CF.

Bai 26: Cho hinh vudng ABCD. Trong hinh vudng vé tam gidc déu
CED. Ngoai hinh vubng vé tam gidc déu BCF.

1) Tinh cdc géc cia AAED.

2) Chitng minh: AECF vuing cén.

3) Chitng minh: A, E, F thang hang.

2) GA = CD va BCD = AGB.

" Bai 21: Cho hinh vudng ABCD. Trong hinh vudng 18y hai diém E, F sao

cho EDC = ECD = 15° va FAD = FDA =15°. Ching minh:
1) AADF = ADCE. 2) AEDF 1a tam gidc déu.

3) Tinh AFE. 4) ADFA = AEFA.
' 5) ADEA = ACEB. 6) AAEB 13 tam gidc Géu.
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Bai 22: Cho hinh vudng ABCD. O bén trong hinh vudng ldy hai diém E,
F sao cho EDC = ECD = 15° va FAD = FDA = 15°. Chiing minh:
1) AEDF 12 tam gide déu. 2) ADFA = AEFA. |
3) AAEB la tam gidc déu. ‘

EDC = ECD = 15°. V& diém F trong hinh vuong sao cho FAD = FDA
= 15°. Ching minh:
1) AEDF 13 tam gidc déu.’ 2) AABE 1a tam gide déu.
Bai 24: Cho tam gidc ABC vudng tai A. Ti mot dlem M trén canh BC.
Ké MH L AB tai H. Ké MK 1 AC tai K-
1) Ching minh: T¥ gide AHMK la hinh chi nhat
2) Tim vi tri cia M trén canh BC dé& AHMK 1a hinh vudng.

3) Ké AI 1 BC tai I. So sanh AM véi Al réi suy ra vi tri ciia 'M dé - i
:":jBal 33: Cho hinh chit nhat ABCD (AB > AD), Hai tia phan gidc goc A

AM + HK nhé nhit.
Bai 25: Cho hinh binh hanh MNPQ e QM QN va MQN =90°. Gm
NE, QF l4n lugt 12 dudng phan gidc gée trong cia cdc APNQ va

AMQN. Chiing minh:
1) AMQN va AQNF 1a cdc tam glac vuong can.
2) NEQF Ia hinh vuéng.

Bai 26: Cho hinh binh hanh MNPQ c6 QM = QN. Goi NE, QF 1an lugt

la dutrng phan gidc géc trong cia cac APNQ va AMQN.
1) Ching minh NEQF 12 hinh chit nhat.
2) Néu QMN = 45° thi NEQF la hinh gi? Vi sao?
Bai 27: Cho hinh binh hanh ABCD. Goi DE, BK lan lugt 14 dudng phéan
gidce cha cde AADB va ADBC.
1) Chimng minh: DE // BK.
2) Cho DE L AB. Chitng minh: DA = DB.
3) Trong trudng hop DE. L AB. Tim s6 do ADB dé t& glac DEEK la
hinh vudng.

Bai 28: Cho hinh vuéng ABCD. Trén tia d&i clia cdc tia AD, DC, CB, BA
lan lugt 184y cdc diém A’, D, C’', B’ sao cho AA’ = BB’ = CC’' = DD".
Ching minh: A’B’C'D’ 12 hinh vuéng:

Bai 29: Cho hinh vubng ABCD ¢6 tim O. Putng thang d, ¢d dinh qua
tam O lan hugt cit cdc tia DA, BCad M va P (A nim giita D va M)

1) Ching minh: OM = OP.

2) Vé dudng thing d, tay ¥ qua O cét cic tia AB va CD tai N va Q.
Ching minh: MNPQ 14 hinh binh hanh. o

4) Néu MNPQ 12 hinh vuéng thi ¢é nhin xét gi vé. dg
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. Bai 30: Cho tam gidc ABC vubng eén tai A ¢6 BC = 2a.

1) Tinh 4% dai dudng cao AD.
2) Goi M la trung &ifm ciia AC. Trén tia DM 18y E sao cho.
DM = ME. ChmgmmhADCElahmhvuong lﬁnhSAncgtheoa. '

- Bai 81: Cho tam gidc ABC can tai A ¢6 duomg trung tuyén AD. Goi M
Bai 23: Cho hinh vudng ABCD Vé diém E trong hmh vuong 540 cho 1o & g trung tuyén LMl

trung di€ém cta canh AC. V& diém E d6i xdng véi D.qua M.
1) Chirng minh: ADCE 14 hinh chit nhit. = - -
- 2) Néu ADCE la hinh vubng c6 dién tich bing a’ th1 AABC 12 hinh
21?7 Vi sao? Tmh dién tich cia AABC theo a. :

© Bai 32: Cho hinh chir nhat ABCD Tia phan gidc géc C cit tia phan gidc

goc D tai F. Tia phéan gidce goc A cit tia phan gldce goc B ta1 E
1) Tinh cdc gbe cia ADFC. -
2) (‘hung minh: AAERB = ACFD.

3) BE cdt CF tai H. Ching minh GBH = BCH

. va goc D cit nhau tai G. Hai tia phan gidc cia goc B va gée C cit
nhau tai H. Hai tia DG va CH cit nhau tai F. Hai t1a AG va BH cit
. nhau tai E. Chlmg mirh:
" 1) Cdc ADFC; AAGD va ABHC vudng can
2) AE = CF; BH = CH; EH = FH. ‘

. . BAI TAP NANG CAO _ |
'.»_i‘,‘_Bal 1: Cho tam gidc ABC nhon, ngoai tam gidc ABC v& cdc tam gidc déu

: ABD va ACE. Dung hinh binh- hanh ADFE Chu‘ng rmnh ‘tam gide
- FBC 1a tam gidc déu. '

:_ _Bal 2: Cho tam gide ABC xﬁmn gbc A = 30°. Tren nita mat phing be BC

khong chda diém A, dung-tam gidc déu BCD, va dung tam gidc déu
_ BAE vé phia mét phing khéng chu’a digmC -

1) Ching minh: AABD = AEBC  -2) Chung minh: AD? = AB? + AC?

- Bai 3: Cho hinh binh hanh ABCD cé gée A = 42° Ngoai hinh binh hanh

© Ve cdc tam gidc déu ABE va BCF

1) Tinh géc EBF 2 Chlmg minh: tam giac DEF déu

"..Bai 4: Cho diém D niam trong tam gide déu ABC. V& cdc tam gide déu

BDE va CDF (E, F, D nim cing phia d8i véi BC). Chtmg minh: t¥
- gidc AEDF 13 hinh binh hanh.

':Z'_"Bal 5: Cho hinh vuong ABCD. Dlem E thuoc mién trong hinh vudng sao

- cho EAB = EBA = 15°. Dung tam. gidc déu FEB sao-cho F va C &
cung phia d48i vdi EB. Chitmg minh: o
- 1) AABE = ‘ACBF ~ .

~3) CBF =15°

2) ACBF can’ 2
4) ACDE déu
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Bai 6: Cho tam gidc ABC c¢d céc goc nhon. Dung cac tam glac deu ABL
va ACB’ ra phia ngoai tam gidc. Goi K va L theo thd tu 14 trung diém
clia C’A va CB’, M 1 diém trén canh BC sao cho BM = 3MC. Goi N
va I 1a trupg &iém cia BCva AC

1) Ching minh: géc KAL = géc NiB’

2) Chiing minh: AAKL = AINB’

3) Chang minh: géc MLK = 60°

4) Tinh céc géc cia tam gide MLK :

B2i 7: Dung ra phia ngodi tam gide ABC cic tam gidc déu A;BC va
ABC,. Gei M, N, P lan lugt 12 trung diém cta cdc canh AC, BC;, BA,
Goi I va H 14n lugt 1a trung diém clia AB va BC. Chdng minh:

1) MIN = MHP 2) MN= MP 3) AMNP déu
Bai 8 Cho tam gidc ABC ¢6 AB = 3cm, AC = 2cm va goc BAC = a’.
Dung ra phia ngoai céc tam giac déu BCA, va ACB;
1) Chitng minh: AACA, = AB,;CB
2) Ching minh: BB, < 5cm
3) Tim géc a® dé AA, dat gia tri 16n nhat .
Bai 9: Cho tam gidgc ABC vudng tai A. Dyng cdc hinh vudng ABDE va

BCFG sao cho D va C & cung phia d6i véi AB, G va A ¢ cang phia 481

véi BC. Chimg minh:
1) GA=DC 2) GA L DC
Bai 10: Cho tam gidge ABC vudng tai A (AB < AC) c6 dudng cao AH.
Trong nia mit phing by AH c6 chda diém C, vé hinh vudng AHKE.
ACCcitKE § P o | -
1) Chitng minh: tam gidc ABP vudng can
2) Dung hinh binh hanh APQB. Goi F 1 giao diém cia PB va AQ.
_ Ching minh: HFKQ 1 hinh thang :

Bai 11: Cho tam gide ABC nhon ¢6 I 1a trung didm ctia AC. Bén ngoai
tam gidic ABC dyng céc hinh vuéng BCKL va BAED. Trén tia 45i cia
tia IB 14y M sao cho I 13 trung diém cia BM. Chiing minh:

1) BAM = DBC - 2)DL =28l

Bai 12: Cho tam gide ABC nhon va AB < AC. Ngoai tam gidc dung céc
hing vubng BCKL va BADE. Goi BM.1a dudng trung tuyén cGa tam
gide ABC. Ching minh:

1) EL = 2BM 2)EL L BM
Bai 13: Cho tam gidc ABC nhon va AB < AC. @ mién ngoai cia tam
. gidc dung cdc hinh vudng ABEF va ACGH. Ké duéng cao Al cia tam
gide ABC. Tit F va H duyng FK L Al HL L Al Goi J 1a giao diém cia
Al va FH. Chiing minh:

1) FKHL la hinh binh hanh 2) Al i qua trung diém cia FH

~ Bai 15: Cho tam giac ABC

Bai 14: O mién ngoai tam gide ABC, dung cdc hinh vubng ABEF va
. ACGH. Dung dudng cao Al cia tam gidec ABC. Chitng minh AI, BG
CE dong quy. : ' ’ ,
hon. Ngoal tam gidc dung cdc hinh vudng
ABDE, ACGH, BCMN ¢ tam lin lugt 12 Oy, Oy, Os. Goi I 13 trung
didm ciia BC. Chitng minh: '
1) 011 = 021 va O]_I L 021
3) 0;A, 0,B va 0;C ddng quy
Bai 16: Trén cac canh cha mét td gide bat ky, vé phia ngoai cia né
dung cdc hinh vuong ABEF, BCGH, CDNK, ADPQ. Gei 0, O, Os, O,
l4n lugt 13 tim cdc hinh vudng ké trén. Goi M la trung diém cda AC.
Ching minh: :
DOM=0Mva OMLOM 2)0M=0MvaOMLOM
3) A01M03 = AOgMOq 4) 0103 _L 0204
Bai 17: Cho tam gidc ABC nhon c¢6 dudng cao AH. Ngoai tam gidec ABC
dung cic hinh vuéng ABDE va ACFG. M va N la hinh chiéu cla D va
F xuéng BC
1) So sanh BC va DM + FN
2) Ching minh: AH qua trung diém cia EG
3) Ching minh: AH, CE va BG déng quy
Bai 18: Cho tam gidac ABC nhon. Ngoai tam gidc dung cdc hinh vubng
ABDE va ACFG, dung hinh binh hanh AEIG. Chiilng minh:
1) AABC = AGIA 2) CI = BF
3)CI L BF 4) Al, BF, CD déng quy

2) 0203 = OIC va 0203 1 O]C

" Bai 19: Cho tam gidc ABC vudng tai A ¢6 dudng cao Al Dyng vé phia

ngoai tam gidce cdc hinh vudong ABDE va ACFG
1) Chitng minh: DE,, IA, FG dong quy
2) Ching minh: BF, CD, Al déng quy
3) Goi H, K, L lan lugt la trung diém cha EB, BC, CG. Chimng
minh: HK 1 KL va HK = KL

" Bai 2¢: Cho tam gidc ABC nhon. V& phia ngoai tain gidc cdc hinh vudng

ABDE tam M va ACFG tam N. Goi I va K 1&n lugt 13 trung diém cla
EG va BC
1) Ching minh: KMIN 1a hinh vudng
2) N&u tam giac ABC ¢6 BC ¢§ dinh va dp dai dudng cao AH = h khéng
d6i. kkhi A di dong thi I s6 di dong trén duding cd dinh nao? ”
Bai 21: Cho tam gidc ABC. Lay AB, BC, AC lam canh dung ra phia ngoai
tam gidc cac hinh vuéng ABDE va ACGH, BCPQ. Goi tdm cac hinh
vudng d6 theo thit tu 13 I, J, K. Ching minh: AK, BJ va CI dong quy.
Bai 22: Cho tam gisc ABC. Ngoai tam gide ABC dung cc hinh vudng BCDE
ACFG, ABKH va cac hinh binh hanh BEQK, CDPF. Chimg minkh: ’
1} AABC = ABKQ 2) AABC = ACFP
3) AABQ = APCA 4) AAQP vudng cin
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Bai 23: Dung ra phia ngoai tam gidc ABC cé.c‘ tam ggl(;% )vg;gl\;:aig
a;%PB(. 6c P = 903)), tam gidc vudng cin CAl\g (gbc IA\T = 907 o N
trun gdié;m cia BC. Tir A ké hai dutng thafng vudng ,;g;g: vé1 ICN e
f{é iai dudng thiang 86 lan lugt cat cic dl‘mng tharig i:lh'
dai tai E va D. Goi I 12 giao diém cia EC va BD. Ching minh:
1) AABE va AACD vudng can
2) P, N I4n lugt 1a trung diém cia EB va CD
3)EC LBDtai K - o
4) AMNP vudng can tai L . ) ‘
Bai 22- Cho tam giga’lc ABC nhon ¢6 canh Bq cd d;q’tha{:n Ctrfﬁr;l gi%nig
thén.g xy vé hai tam gidc vudng can Al;D va;) é\?ﬁEdc{r 6n;ath§ng e
y ; 4 ya diém A c¢6 bo - .
trén clng nua mat phang chira ! 4
61\1 L xygc"i M va EN lxy ¢ N. ]E(e AH t BC tg‘ll\IH |
1) Chung minh: BH = DM va BC = DM’+ N VN, Chine minh:
) Goi I va K 1an lugt 1a trungI diém cua DE va MN. g mi
m gide IBC vudng can tai ‘ L . .
Bai 25: t\?gl rgal?)hia ngoai tam gidc ABC cdc tam giac vuong can ABD va

ACE & B va C. Goi M la trung diém cia DE. Ching minh tam gidc

p g D N
Bé(ijglf\iqz ‘éu}?(;(l %ac;?x gide ABC nhon, géc A = 30°. Trén nia mit phang bo

: idc dé D. Chimng minh:’
BC khﬁng chia diém A, dung tam gigc déu BCD g

: 2 = AC2 y -~ . - ~ - -~
Bé?g'i': Cﬁ? hi;h binh hanh ABCD cf) goc A = 42° N_gpall} %El'égfh hanh v&
cic tam giac déu ABE va BCF. Chimg rmnh tam gidc - S a0
Bai 28: Cho hinh vudng ABCD. Diém E thubc mién trong hinh vubng
FAB = EBA ing minh: tam gidc CDE déu.
EAB = EBA = 15°. Ching minh: tam gidc CDE deu. ‘
B:‘;;h;& Cho tam gidc ABC vubng ta: A DL_r.ng cdc hlph vudng AB}?aEdva;’ii
B(‘F'G sao cho D va C & cing phia 461 véi AB, G va A ¢ cung pit
v¢i BC. Ching minh: GA 1. DC

Bai 30: Cho tam gidc ABC vudng tai A (AB < AC) c6 dudng cao AH. -

' 4 Z 5 chira diém C, v& hinh vuéng AHKE.

{ta mat phing by AH c¢é chda diem C, vé h vt AHKE
Ki?régtnKE g 'P.pDL_rng hinh binh hanh APQB. Goi F 1a giao diém cua
PB va AQ. Ching minh: HFKQ la hinh thang.

RBai 31: Cho tam gide ABC. O mién ngodi cia tam gidc dyng cac hinh

vudng ABEF va ACGH. Ching minh ‘ri?m_,g dutng cao Ac}x{r;g tir dinh A
cua tam gidc ABC la dudng trung tuyén cua tam glac Alir.

. e S 2 < PR 5 dung
Bai 32: Trén cic canh cha mot td gide bat ky, ve phia ngoai cia né dung

. . AP N %3 dinh
cac hinh vudng. Ching minh rang tam cua cac h}nh vyongi ioh;i din
ciia mbt t giac c6 cac dubing chéo bang nhau va vu?ng g?c vﬂ o

Bai 33: Cho tam giac ABC nhen, ¢6 I 1a trung diém cua AC. Bén ngoai

gise ABC dyng cac hinh vuéng BCKL va BAED.Chiing minh: DL = 2BL. -

Bai 34: Cho tam gide ABC. Ngoai tam giac ABC dung cac hinh vudng

BCDE, ACFG, ABKH va céc hinh binh hz‘inh_ BEQK, CDPF. ‘ChL'mg' ‘

minh tam gide APQ vudng can.
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L BAI TAP CO BAN

" Bai 1: Hay cho bigt MA, MB va AB o6 bao nhidu “phin”

Bai 35: Cho tam gidec ABC nhon ¢6 canh BC ¢6 dinh nim trén duting thing
Xy. Ve hai tam gigc vudng can ABD va ACE & B va C cung nam trén
cing nda mit phang chia diém A c6 bd 13 duimg thing xy. Ké DM | xy
&M va EN L xy & N. Ké AH L BC tai H. Ching minh:

1) Khi A di dong thi téng DM + EN khdng déi
2) Budng théng DE luén di qua mot diém cd dinh

- Bai 36: Dung ra phia ngoai tam gidc ABC cde tam gide vudng can

APB(goe P = 90°), tam gi4c vudng can CAN (gée N = 90°). Goi M 1a
trung di€m cda BC. Ching minh tam gise MNP vudng cin..
Bai 37: Cho tam gidc ABC c6 A = 120°, vé
gidc déu BCD. Ching minh riing:
~ @) AD la tia phan gic ciia BAC b) AB = AC + AD :
‘Bai 38: Cho diém M thuéc doan AB. Trén ciing mét nia mit phang ho

AB, vé cdc tam gidc déu AMC, BMD. Goi E, F theo thg tur la trung
diém cita AD, BC. Chitng minh tam giac MEF la tam gidc déu.

phia ngoai tam gisc, vé tam

- Bai 39: Cho tam gide ABC nhon, vé phia ngoai tam gidc ABC cde tam

gide déu ABD, ACE, M I2 giao diém cia DC va BE. Chimg minh:
a) AABE = AADC b) BMC = 120°

Bdi 6. DINH LY THALES

POAN THANG Ti LE

an” réi vé hinh
dung ti 1¢ trong timg ciu sau '

1) M la diém chia trong ciia doan thing AB tl?eo ti st k = g— '(nghia
la M thuée doan thing AB va MA : MB = k).
2) M la diém chia ngoai cia. 'ddan thing AB theo ti s§ k = 2

(nghia la M, A, B thing hang nhung M khéng thuéc doan thing

AB va MA: MB = k).
ai 2: Cho M la diém chia trong cta doan AB theo ti s5 k. V@& hinh
-Gung il 1¢ (khéng cén ding do dai) réi tinh MA va MB, bigt '
1) AB=28cm, k=4:3

_ 2)AB=33cm, k=3:8
3)AB = 15em, k=2 : 3 4)AB=2lem, k=5:2-
5) AB = 4Ccm, k=3 : 5 6) AB = 35¢cm, k = 6

- TAB=30cm, k=4 1:6

8) AB = 2801’1’1, k =
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doan AB theo ti 56 k. V& hinh

tinh MA va MB, biét ‘

. 2)AB=15cm,kﬁ5:2
4) AB = 40cm, k = 3 5
6) AB = 30cm, k =

Bai 3: Cho M 1a diém chia ngodi cha
dung ti 1& (khong cin ding do dai) roi
1) AB = 18cm, k=1:3
3) AB = 33cm, k=4
5) AB = 35cm, k= 6
pr LY THALES THUAR

Bai 4: Cho xAy < 90°. Trén Ax 1&y AB = 5¢m, BC = 6cm (B nim gita A
va C). Trén tia Ay 1ay AD = 7 5em. Tt C vé dudng thing song song
v&i BD cit Ay & E. Tinh DE. '

Bai 5: Cho XAy < 90°. Trén tia Ax 1éy bai
Ay 18y hai diém D va E
AD = 2,5cm. Tinh AE.

Bai 6: Cho #Ay < 90°. Trén tia Ax 1dy hai didm Bva C (AB < AC). Trén tia
Ay 1&y hai diém D va E sao cho BD // CE. Gi& sit AB = 6em, BC = 9cm,
DE = 3cm. Tinh AC va A¥.

Bai 7: Cho %Ay < 90°. Trén tia Ax 1dy hai diém B va C (AB < AC). Trén tia

_Gia sit AB = 4,5cm, BC = 2,5cm,

2.
[ -

4

diém B va C (AB < AD). Trén tia

Ay ldy hat diém D va E sao cho BD // CE
AD = 13,5¢m. Tinh AE.
Bai 8: Cho xAy < 90°. Trén

Ay 1#y hai didm D va E s
DE = 2¢m. Tinh AD.
Bai 9: Cho %Ay < 90°. Trén tia Ax 18y hai &iém B va C (AB < AC). Trén tia
Ay 14y hai didm D va E sao cho BB / CE. Gia sit AC = 18cm, BC = 12cm,
_AD = 3cm. Tinh AE. '
Bai 10: Cho tam gidc OBC ¢6 OB = 2em, OC = 3em. Kéo dai tit B dén O
thanh doan thing BA = 6cm. Dudng thing qua A va song song var BC

eit OC kéo dai tai D. Tinh CD va OD. . :
Bai 11: Cho tam gidc OAC ¢ OA = 2,5¢m; OC = 3em. T A dén O, kéo

tia Ax 18y hai dim Bva C (AB < AC). Trén tia
a0 cho BD // CE. Gia sit B = 5em, AC'= 7,5¢m,

v6i canh AC cat CO kéo dai tai D. Tinh OD.

Rai 12: Cho doan thing AB = 6cm va diém O thudc doan thang AB, OA
—4em. Dudng thing xy qua O. Ly C thudc tia Ox, OC = 3cm. LAy D
trén tia Oy sao cho AD // RBC. Tinh OD va CD.

Bai 18: Cho tam gidc ABC ¢ AB = 4cm. Diém
3em. Liy diém E trén canh AC sao cho DE /#/ BC. Gia sit AE + AC = 14em.
Tinh ti s6 gita AE va AC rbi tinh do dai cta AE, AC, EC.

Bai 14: Cho tam gidc ABC c6 AB = Sem. Piém D.trén canh AB sao cho
DB = 1,5e¢m. Lay diém E trén canh AC sao cho DE // BC. Gia st AC +
EC = 13cm. Tinh £ s§ gitia AC va EC rdi tinh AC, EC, AE.

a e A

sao cho BD / CE. Gia su AB = 5cm, AC = 8cm, |

D trén canh AB sao cho AD = '

Bai 15: Cho tam gidc ADE c6 AD = Secm. Kéo dai AD thém mot d
DB = 3cm. T B ké tia song song véi DE va cit tia AE tai CQ?" o
AE - EC = 3cm. Tinh AE, EC va AC. am e

Bai 16: Cho tam giéc ABC c6 AB = 6em. Bifm D trén canh AB sao ¢
AD = 4cm. Liy diédm E trén canh AC sao cho DE / BC (?'O° e
AE - EC = 1,5cm. Tinh 4 s5 gitta AE va EC réi tinh AE, EC va o

Bai 17: Cho tam gisc ABC. Diém D trén canh AB sao cho AD = 2DB

Liy diém E trén canh AC sao cho DE // BC. Gia s
R : : . Gia sit AR -
Tinh ti s6 giita AE va AC rdi tinh AE, AC, EC. SUAE + AC = 15cm.

Bai 18: Cho tam gidac ABC. Diém D trén canh AB sao cho

3AD = 2DB. Liy diém E trén canh AC sa
3 o cho DE 14 st

EC = 16cm. Tinh AC, EC va AE. 1BC i s A

Bai {9: Chg doan thang AB = 5cm chia diém O sao cho AQ = 3em
glumi% t/l/leglg Jg qua O. Lay diém C trén tia Ox va D trén tia Oy sac;

0 . Gia sit OC — OD = 1,5cm. Ti 1 s8 giii ; o1
e o v G m. Tinh ti 86 gia OC va OD roi

Bai 20: Cho hinh thang ABCD (AB / €CD). Lay I trén canh AD va K

trén canh BC sac cho IK // AB. Ching minh Al BK
) C AD ~BC
\]?D ciat IK tai E r6i ding dinh ly Thalés trong hai tam gidc).

Ba1421: Cho Qtam gide ABC c6 hai dubng dudng trung tuyén BD va CE
cit nhau & trong tdm G. L&y difm M thudc doan thing BD va I\;
thue doan thing CD sao cho GM // AB, GN // AC. Tinh oot | DO 45

BC® BC

(Gei y: ndi -

chiing minh BM = MN = NC.

Bai 22: Cho géc xAy nhon. Trén tia Ax 1dy AB < AC. Tt B va C vé hai

duérng thing song song cit Ay ¢ D va E. Tu E vé dudng thing song
song v6i CD cit Ax & F. Ti 56 22 bling véi ahing i 56 ’
Ti s i bang véi ahdng ti s6 nio trén tia

Ax? Ching minh AC? = AB.AF.

4ai thanh doan thing AB = 10cm. Pudng thing qua B va song song Bai 28: Cho hinh binh hanh ABCD. V& tia Ax cét dudng chéo BD ¢ |
. chéo ¢ f

cit tia BC & J vacit tiaDC 6 K
1) Theo dinh 1y Thalés thi ti 56 -2 biing véi nhimg tf 6
i vy Thales thi ti sd B béang véi nhing ti 8 nao? Ching
minh IA? = [J.IK.

.. e Al Al
2) Hai ti 8§ — va — bing ti 50 ndo tré
isd N va AK bang ti 56.ndo trén dudng chéo BD? Ching
minh —1—+-}~—- =i.
AJ AK Al

165



Bai 24: Cho hinh binh hanh ABCD. Dudng thing qua A cat tia CD, t;aj Sali
vi cit dubng thing BD 1an lugt tai G, K, va ;El (G, K va E nam ngo
doan thing CD, CB va BD). Chitng minh EA” = EK.@G- £ v dubm
Bai 25: Cho AABC. Duomg thing song song v6i BC cat AC S P BF et
thang ké tir C song song xgc‘ri Ag git dudng thing trude ta1 F.
AC tai 8. Ching minh: SC* = SE.SA. . .
Bai 26: Cho ACAB va diém P trén canh AC sao cho I?C = 3PA. T P ke
dutmg thang song song véi AB cit CB & Q. Tir B ké tia song song val

PR’
Bai 27: Cho hinh binh hanh ABCD. Trén canh AD c6 didm I sao cho 1D
= 2IA. Pudng thing qua 1 va song song Vol AB cat
IK
. Tinh ——. - - -
fnh )
Bai 28: Cho tam gide ABC. Ldy diém I trén canh AB. Ldy

AC cat PQ tai R. Ti s8 —i%— bing ti sd nao trén canh BC? Tinh

canh AC va diém D trén canh BC sao cho IK // BC va ID / .AC.
Ch CK .

Sha inh -~ +—— =1

Chuing minh B + CA

Bai 29: Cho tam gidec ABC vudng cén § nai
va AH cét nhau & G. K& AE wuong goc BM 6 E

130 AQ cdt BC t
Bai 30: Cho AABC ¢6 diém O bén trong. ciat BC A t €A
tai B, va CO cit AB tai C;. K¢ OD / AB D thude BC) va ké
OE // AC (E thudc BC). Ching minh:
DA; EA, _DE

1 = .
) Ba, “CA, BC

9) 0A; OBy  OC 1 (i y: cdc ti s6 & v& trai bing v6i cde ti |
' . bing nhiing ti $6.n20? Ching minh EF // BC. 3 |

‘Bai 39: Cho hinh thang ABCD (AB // CD, AB < CD). Lay diém M trén
" ‘canh AD va diém N trén canh BC sao cho
E thude canh AC sao

AA; BB, CC;

s6 naoc trén canh BC?)

A0 BO CO ., .

AA, BB; CC,

Bai 81: Cho tam gidc ABC c6 D thugc canh AB, E thuoc cant / -
cho DE // BC. Tir dinh 1§ Thales thuan, hay ching minh hé qua &

3)

ABC, nghla.la —A-E:KE—BC = e
va E nim trén tia d6i cla tia AB, tia doi cua tia AC (Goi ¥: 1ay
thude dudng thing BC sao cho EF // AB).
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diém K trén | 7 Sl
[ “Bai 35: Cho tit gidac ABCD. Qua diém E trén canh AD, ké dudni thing

A ¢6 hai dudng trung tuyén EiM
va cit BC tai F. Biém [ -
5 14 i i h FB = §- . ) 7
3 gi d6i voi tam gise ABC va tam giac ABF? Chung min L . 3 o N : |
G la gi doi v6i tam gide ‘ - Bai 36: Cho tif gide ABCD c6 A=C= 90°. Ty diém M tren BD, ké ME -
@.1 A1_, BO cat CA :'::’.'. 2 K

DINH LY THALES DAO

" Bai 32: Cho xAy nhon. Trén Ax 6 AB = 7,5¢cm; AD = 5cm. Trén tia Ay
" ¢6 AE = 2cm, EC = lem (E nim gifta A va C). Tinh -% va ching

minh DE # BC. ' |

| Bai 33: Cho hai dudng thing xx’ va yy’ ciit nhau tai A. Liy B thudc Ax,

Pq -+ BA = 3cm; D thuée Ax, BD = 7,5em; E thude Ay’, AE = 7,5¢m; C thuje

Ay, CE = 12,5cm. Tinh %}% ching minh BC / DE.

D- 1. "Bai 84: Cho xBy < 90°. Trén Bx 6 hai diém A, D (A ndm giza B
CAvaCB&Kva | : | ‘

va D) saocho E=1—1
DA 8§

E) sao cho CB = gEC. Tinh %}93 :vé chungmmh AC H DE

Trén By ¢6 hai diém C, E (C nim gitta B va

song véi DC va cdt AC ¢ G. Qua G ké dudng thing song song véi CB-
" vacat AB ¢ H. S : ' : PR

1) Ti sé —(G}ié- bing 'nhfrng.ti $6 nao?

2) Chuing minh HE /# BD.

L1 AD ¢ E, MF L CD ¢ F. Chitng minh EF // AC. "~

Bai 37: Cho t0 gidc ABCD. Liy diém I trén canh AD sao cho

diém K trén canh BC sao choBC = 3BK. Ly diém M
trén canh CI) sao c¢ho IM / AC. Ching minh MK.//BD. "~ - '

'Bai 88: Cho diém O thudc.mién trong cia AABC. Goi D, E, F lin lugt

 thuge doan thing OA, OB, OC sao cho DE // AF, DF // AC. Ti 55 %

DM _ BN 14, diém 1

trén carh CD sao cho MI #/ AC. Ching minh IN // BD.

‘ “4C} Bai 40: Cho tif gise ABCD. L4y E trén canh AB sao cho AE = 2EB. Ldy
canh cia tam gide ADE tuong tng ti 1& voi cdc caph cla tam giac}
AD AE QE Chiing minh k&t quéd tuong I khi D}

F trén canh BC sao cho BF = % FC. Ly G trén canh CD sao cho CG

. = 2GD. L&y H trén canh DA sao cho DH = %HA. Hai doan thing AC

' va BD song song véi nhﬁng dudng nio? Ta gisc EFGH 13 hinh gi?
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Bai 41: Cho tam gide ABC vudng can & A cb dubng tﬁmg tuyén BM va trong
tam G. Liy diém F trén canh BC sao cho FB = 2FC. Ching minh

1) GF // AC. o
2) AF L BM (Goi §: Kéo dai AG cit BC & H, FG cdt AB 6 K).

HE QUA 1 CUA PINH LY THALES
Bai 42: V& xAy nhon. Ldy diém B va D thudc tia Ax sao cho
AB = 5ecm, AD = 2cm. Ly C thude Ay sao cho BC = 75cm. Ké
DE // BC (E thubc doan thing AC). Tinh DE.
RBai 43: V& tam gidc ABC ¢6 BC = 3cm. Kéo dai BA thém mét doan AD
- 2AB. Kéo dai CA thém mét doan AE = 2AC. Tinh DE.

Bii 44: Cho AABC c6 AB = 12cm. Trén canh AB 1y D sao cho BD = 4em.
. . ., DH
K& DH va BK cung vubng goc v6i AC tai H va K. Tinh K"

Bai 45: Cho AMBC. Trén canh MB c6 diém A sao cho MA = 2AB. Qua A
ké dudng thing song song BC o5t MC & D. Gia sit AD = 18cm. Tinh BC.
Bai 46: Cho hai tia Ax va By ¢ dinh, song song va cing chidu. Piém M

> . A e AM 1
di dong trén tia Ax va diém N di déng trén tia By sao cho BN 2

‘Chitng minh duong thing MN di qua mét didm c§ dinh (Gei §: Diém
e§ dinh 12 giao diém cia MN véi AB).

Bai 47: Cho tam gidc ABC. Piém M trén canh BC sao cho MB = 9MC.
Piém N trén canh AC sao cho CA = 3CN. : -

1) Ching mizh AB =8MN. - °*

2) AM ¢it BN tai G. Ching minh GA = 3GM.

Bai 48: Cho hinh thoi AEDF c6 chiéu dai canh 12 x. Pudng thiang qua D

cit AF kéo dai tai B, cit AE kéo dai tai C. Ching minh

Aié X _ %X  Tiph x péu AB = 10cm va AC = 15em.

Bai 49: Cho hinh thoi AEDF noi tiép trong tam gidc ABC véi

E e AC, D e CB, F ¢ BA. Tinh DE bist AB = 60cm,; AC = 84ecm.

Bai 50: Cho tam gide ABC ¢6 AC = 40cm, AB = 24em, phan gide trong AD.

" Puong trung truc cha AD cit AC & E. AADE la tam gidc gi? Tinh DE.

Bai 51: Cho AABC c¢6 AD la dudng phén gide trong. Tu B ké tia song |

song v6i AC va cat AD tai M. R

‘ ‘ . L. . .~ DB |
1) Ding hé qué 1 cda dinh 1y Thales d6i véi ADAC thi ti s6 —

DC

bang véi t s§ nao?

Py

9) AABM 14 tam gige gi? Chitng minh hé quéd 2 caa dinh iy Thales:
duong phan gisc AD cia AABC chia canh d6i dién thanh hai
doan thing tuong dng ti 1& v6i hai canh ké cla hai doan thing

- __ .. BB _AB
ds, nghiala —=-—.
: bC AC
Bai 52: Cho AABC khong can tai A (@8 d& vé hinh, nén vé géc & dinh B
th) va c6 AE 13 dudng phén gide ngoai (B thude duting thang BC). Ti
B ké tia song song v6i AC va cit AE tai M.

1) Theo hé qua 1 ciia &ink 1y Thalés trong tam gidc EAC thi t} s8

EB

G bing vdi ti s0 nao? '

EB _AB

EC AC’

PBai 53: Cho ba tia Ox, Oy, Oz (tia Oy ném gifta) va hai dudng théng d’ /
d & cdt Ox, Oy, Oz 14n lugt tai A", B, C; d ct Ox, Oy, Oz l4n lugt tai
A, B, C. Ap dung hé qud cda dinh ly Thalés trong ACGAB va AOBC,

2) AABM la tam gidc gi? Ching minh

.o OB L. e e e - -
cho biét -(—)% bing véi ti s8 (gitfa nhitng dogn thang) nao trén 4’ va

AB _BC CA
AB BC CA’
K&t lugn: Cac tia chung goc (hodc cac dudng thing dong quy) sé xac
dinh trén hai ¢4t tuyén song song nhiing doan thang tuong ng ti 1&.
Baj 54: Cho tam gidc ABC ¢6 D, E lan lugt thude cdc canh AB, AC sac
cho DE // BC. Trung tuyén AM clia AABC cit DE ¢ N. Ching minh N
la trung diém caa DE. .
Bai 55: Cho tam gide ABC ¢b trung tuyén AM. MD l& dudng phin giac
trong ciia AMAB. T D ké dudng song song v6i BC ¢t AM va AC lan
lugt tai N va E.
1) MN 12 dudng gi cia ADME?
2) AMND, AMNE va AMDE 12 cic tam gide gi?
3) Chirng minh ME 13 dudng phan gide cia AAMC.

d? Ching minh

' Bai 56: Cho hinh thang ABCD (AB // CD) ¢6 AC cit BD tai O. Goi M I2

trung diém cha CD. MO cat AB tai K. Ap dung hé quéd clia dinh Iy
Thales trong AOMC va AOMD, hay cho bigt ti s§ %1}\(71" bang v4i nhiing
' 53 nao trén hai ddy hinh thang? Piém K c6 gi déc bigt? Vi sac?

Bai 57: Cho tam gidc ABC. Kéo dai BA thém mot doan AD = éAB; kéo
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dai CA thém mot doan AE = %AC. Pudng trung tuyén Al cia AABC :

¢4t DE tai K. Chiing minh K 12 trung diém ciia DE.
Bai 58: Cho hinh thang ABCD (AB // CD va AB < CD). AC cat BD tai O,
BC cit AD tai [, M va K lan lugt 12 trung diém ctia CD va AB.
1) Ching mirh dusng thing MO di qua K.
2) Ching minh dudng thing MI cing di qua K.
3) C6 nhén xét gi vé bén diém L, K, O, M?
Bai 59: Cho hinh thang ABCD (AB#/ CD). Goi M 1a trung diém cda CD.
AM cit BD tai I, BM cit AC tai K.

1) Chitng minh %I- = % rbi suy ra IK // AB // CD. |

I 1a trung diém cia EK va K 1a trung diém ctia IF.
Bai 60: Cho tam gide ABC. L&y D thudc AB va E thubc BC. Dutng

thing qua D va song song BC ¢t AE 6 G va ¢it AC & L. Puong thang |

qua E va song song v6i AB cat CD ¢ F.

1) So sinh S0 va EB 2) Ching minh GF // AC.

Gl @ EC

Bai 61: Cho hinh thang ABCD (AB // CD) c6 AC cit BD tai I. Puong |

thing qua I va song song véi hai ddy cat AD va BC lip lugt 6 Mva | _ | : - ' .
_ | Bai 68: Cho hink binh hanh ABCD. M¢t dudng thing qua A cit tia d6i

N. Ching minh:
1) % = %—g (Goi y: Ding mot ti s6 trung gian).
2} MI = IN. . .
Bai 62: Cho tam gide OMN va A 1a trung diém cla MN. Ké tia Ox song
song va cung chidu véi tia MN. Mot cat tugén di qua A cit cdc tia
OM, ON, va Ox lin lugt tai X, I va B. Dung hé quid cda dinh Iy

. ‘KA IA
Thalés, hay chi inh — =—.
alés, hay ching minh —— =1
Bai 63: Gia st bon diém K, A, I, B nim theo ding thd ty d6 trén mt
1A

dutrng théng va KA _

KB IB

dudng thing AB. Qua A, ké dubng thang song song véi OB va cat hai tia

OK, OI l4n lugt tai M va N. Ching minh A la trung diém cia MN.

Bai 64: Cho tam gidc ABC c6 dudng trung tuyén AM. Di€ém D thugc
doan thang BM. Tix D ké tia song song véi AM va cdt AB, AC lan |

lugt tai E va F.

1) Hai ti s6 va -la—i bing v6i ti s& gitia nhing doan thang

MA
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g : a = o - P . ~ . & Jm o 1

. . , ) .. h d tinh —— AD s Tl —

9) Buong thing IK 14n lugt cit AD va BC tai E va F. Ching minh | ¢ qué cia dinh Iy Thales, tinh 7+ o 101 suy.1a r+ Z =
: - Bai 67: Cho hinh thang ABCD (AB // CD va AB < CD). AC cit BD 6 0.

(bang ?13— ching han). Liy diém O bén ngoai ' '

nao trén canh BLY

, D ..
2) Tinh E i roi suy ra DE + DF = 2MA,

B B

MA

"Bai 85: Cho tam gide ABC c¢é dudng trung tuyén AM. Diém D thudc doan

thang BM. Tl D k& tia song song v6i AM va cit canh AB va tia CA l4n
lugt tai E va F. Lay diém I trén doan thang EF sao cho Al // BC; diém
G trén canh AC sao cho EG / BC. AM cit EG tai XK. Ching minh:

1) K 12 trung diém cia EG.

2) A 1a trung diém cta FG va I 12 trung diém cia EF.

- Bai 66: Cho tam gidc ABC. Ldy diém D tiy § trén canh BC. K& tia Bx //

* AD va Bx ciit tia CA 6 I. K8 tia Cy // AD va Cy cit tia BA § K. Dung
' 1 1
BI CK BI CK AD’

Pudng thing qua O v& seng song v&i hai ddy c¢it AD va BC § Iva K

’ Ching minh:
1)_()_1_5.2_:]_ va %4_9_15—1
AB CD AB CD
1 1 2 1 ., K IK
9) L4 = 2 (Ggiv: a0 AN
)AB+CD R (Goi v: ching minh AB+CD_2)'

chia tia BD tai I va cdt tia CB, tiaCD tai Hva K

1) Chitng minh AE = —H-E
... . AH | AH .. e .
. 2) Hai t1l sé K va i béng v4i nhing ti 50 nao trén (D?

3) Ching minh S + I L G
; Al AKX AH . ) o
%;-‘Béli 69: Cho hinh thang ABCD (AB // CD, AB < CD). Liy diém M trén
"~ canh AD vi diém N trén canh BC sao ch DM _ BN < a&ié

i an] ODA',‘BC'Laydle-mI

trén canh CD sao cho MI // AC. MN cdt B}j vi AC tai E va F; AC ciit
BD tai O; IM cit DO tai K; IN cit CO tai H. Ching minh:

HIN/BD.

g MK _AO _BO _NH ~
MI AC BD NI’ .
ME NF ‘

3 —_———— = =

)MN NM’ suy r_aME NF.
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TiNH CHAT DUONG PHAN GIAC TRONG HAY NGOAI
CUA TAM GIAC (HE QUA 2 CUA DINH LY THALES)

. Bai 70: Cho tam gidc ABC c6 Al va AK lan lugt 12 dudng phan gide
trong va ngoai. Chiing minh ;—g :—KK% =t . Trong mdi ciu sau day, chi

- ¢4n vé dean thing chia ede diém K, I, B, C roi: '

1) Tinh't, IB, KB, IK néu AB = 3cm, AC = 6cm, BC = 6em.

2) Tinh t, IC, KC, IK néu AB = 6em, AC = 4cm, BC = Sem.

3) Tinh t, IB, KB, IK néu AB = 12cm, AC = 30cm, BC = 2lcm.

4) Tinh t, IB, KB, IK néu AB = 9¢m, AC = 15¢m, BC = 8cm.

5) Tink t, IC, KC, IK néu AB = 42em, AC = 24cm, BC = 33em.

6) Tinh t, IC, KC, IK néu AB = 6ecm, AC = 3cm, BC = 6em.

Bai 71: Cho tam gidc ABC c6 AB = 25cm, BC = 20cm, CA = 24em,

dudmg phén gidc trong AD, dudng phin gidc ngoai AE. Goi AM la
dudng trung tuyén cia tam gidec ADE. Tam gidc ADE la tam gidc gi?
Tinh DE va AM.
Bai 72: Cho tam gide ABC ¢6 hai dubng phan gide AE va BD cit nhau
tai O. Gia s AB = 12em, 22 =3 v3 225 1ion:
o OE 2 DC 7
1) BE. 2) BC. "3) AC.
Bai 73: Cho tam giac ABC c¢6 canh AB = ¢, AC = b va dudng phan gac
AD cit dudng trung tuyén CM & 1. Tinh c_él'c ti so % va %g theo b, c.
. Bai 74: Cho tam gidc ABC c6 chidu dai ba canh 1a BC=a, CA=b, AB =
¢ va AD 13 dubng phén gide. _ -

1) Tinh i 56 -g% theo b va ¢. Tinh DB, DC theo a, b, c.

2) Dumg phén gidc trong cia go¢ B cit AD tai I Tinh % theo a, b, c.

Bai 75: Cho tam gidc ABC c¢6 AB < AC (vé géc & dinh B tb thi hinh sé

gon hon) va c6 dudng phén gidc trong AD, dutng phin gidc ngoai AE.

_ Pudng thing song song véi AB va di qua C cit tia AD va tia EA lan
lugt 6 I va K.

1) Chitng mink C 13 trung diém cta IK. (Ggi y: ching minh

2) Dudng thing song song véi AC va di qua B cit tia AD va cit AE
& P va K. Chiéng minh B 13 trung diém cha I'K. (Goi y: ching

. BI' BK'.

inh 2L - 5%

Y AC TAC )

7D

‘Bai 76: Ching minh ring cé duy nhit diém M thude doan thing AB sao

cho % =k, k 1a s8 duong cho truge. (Goi y: gid si ¢6 diem M’ sao

cho %/I&-;% =k, hiy ching minh AM = AM’). J .

Bai 77: Cho tam gide ABC c6 dudng trung tuyén AM va MD 13 dudng
phan gidc trong tam gidc MAB. Tir D ké dudng song song vdi BC cit
AC tai E. Chitng minh:

p B4 _MA
EC MB
2) ME la dudng phéan giac cia tam gidc MAC.

Bai 78: Cho tam gidc ABC c6 dudng trung tuyén AM. Goi MD va ME lan

luot 12 hai dutng phan gide trong tam gide AMB va tam gide AMC.
1) Chidng minh DE /# BC.

%) Dat BC = a, AM = m. Tinh o, D2

DB’ BA
3) Tim didu kién cia AABC dé DE 14 dudng trung binh cia AABC.

1. BAI TAP LUYEN TAP

Bai 79: Cho tam gidc ABC ¢6 dubng trung tuyén EM va trong tam G.
Qua G ké duing thing song song v6i AC cit BA va BC tai D va E.
Gi3 s chu vi tam gidge ABC 14 75 va AD + EC = 16.

1) Chitng minh BD = 2AD, BE = 2CE.
2) Tinh BA + BC va tinh AC, DE.

Bai 80: Cho tam gide ABC can & C ¢6 dudng cao BD = x vd AB < AC.
Liy diém E va F 14n lugt thude canh BA va BC sao cho BE = BF = x.
Tir E ké tia song song v6i AC va cdt BD, BC tai K va N. Tu F ke tia
song song v6i AC va eit BD, BA tai I va M. Gid s EM = Scm, IK =
6cm, FN = 12em. : L

1) Ding dinh Iy Thalés trong tam giac BEN, hay tinh x, FM va BM.
2) Tinh BIL. 3) Tinh BA va BC.

va DE theo a va m.

- Bai 81: Cho hinh thang cin ABCD (BC / AD va BC < AD). Tia AB cat tia

DC tai M. Bung cao BE clia hinh thang ¢t AC tai F. Gia sit AB = 20cm

_AF 2
vh — =2
FC 3
1) Ching minh AD = 2AE + BC va tinh %.
2) Tinh BM.

Bai 82: Che. tam g‘iéc' ABC. Ly diém D thy § trén canh BC. Ké tia
Bx // AD va Bx cat tia CA & 1. K& tia Cy # AD va Cy ciit tia BA 6 K.

1) Chéng minh =+ + =L (Ggi y: Tmh 22, AD,

BI CK AD BI CK
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2) N&u DBAC =120° va AD la dudng phan gidc clia tam gide ABC
1 1 1
— = (Ggi nhan xét gl vé tam
4B ac ap GO g
gidc ABI va tam gide ACK?)
3) Néu BAC = 90° vé AD 1a dudng phan gidc cda tam gidc ABC thi
1 V2
hay chd inh — =22
Ay chdng m AB AC AD
Bai 83: Cho tam gigc ABC c6 BAC =120° va AD Ia dubng phén gide. Lay
diém E trén canh AC va diém F trén canh AB sao cho DE // AB va DF // AC.

thi hay ching minh -—

., DE DF¥
1) Chi h —-- =1.
) ng min AD + AC
2) Tam gidc ADE vz‘a tam gide ADF c6 gi dic biét? Vi sao?
1 1
3) Chut h —
ng min AB TACTAD

Bai 84: Cho tam gidc ABC vudng & A ¢6 AD 1a dudng phén gide. Gid su
AB = 3a, AD = 2242 . K& DE vudng gée v6i AC tai E.
1) Tinh AE, DE theo a.
AC-AE DE
hi inh — "= rdi ti hACtheoa
2} Ching min G AR itin

Bai 35: Cho tam gidc ABC vudng § A, AB =x, AC =y. ¢} phia ngoa1 tam
giic ABC, dung tam gidc ABD vudng can & B va tam gidc ACE vudng

can ¢ C. CDcatABo‘Iva BEcatACUK
IA _Y_ KC
. Tinh 1A va KA theoxva y.
IB x KA
2) Chung minh IA% = IB.KC.
Ba; 86: Cho tam gide ABC vudng can 6 A. Ldy cdc di€m D, E, F 1an lugt

: DB _EC _FA
&m tré ho — "
nim trén canh BC, CA, AB sao cho OC - BA CFB

1) Chitng minh —

. Lay G trén eanh

A} sa0 cho DG // AC. Chiing minh:
1) BF = AE = AG.
2) AD wubng goc vii EF. (Goi §: So sanh tam giac AEF va tam giac AGD).
Bai 87: Cho tam gidc ABC déu. Ldy C, trén canh AB va B, trén canh
AC sao cho AC; = CB,. Piém M di déng trén canh BC.
1) Ching minh BB, = CC,. Pat BB, = CCy = x.

2) Ké MI / BB, va MK // CC; (K thudc AB va I thude AC). T1 50

M va MK bang voi ti $8 nao trén canh BC?
X X

3) Chiing minh MI + MK va IMC + KMB k.hong doi khi M di dong
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‘Bai 88: Cho tam gide ABC déu cé diém M di déng trén canh BC. Digm I

~ trén canh A'E}_cii dong theo M va diém K trén canh AB ciing di dong theo
M sao cho IMC = 20°va KMB = 40°. Ching minh MI + MK khong 48i
khi M di dong. (Goi y: 18y B; € AC sao cho B,BC = 20° va ldy C: < AB
sao cho C—KJ—B - 40° rdi Jam gidng bai trén.)

- Bai 89: Ve tit gidc ABCD c¢6 AC cit BD & O sao cho OC > OA;

OD > OB. L&y M va N 1a trung diém cia BD va AC. Pubng thing MN
cat AD va BC lan lugt & I va K. Ké hai tia Ax va Cy ching song song vai
- BD va ciing cat dudng thing IK ldn lugt & E va F. Chimg minh:

DM BM DI BK

1) e - ) s
AE  CF | 1A KC

- Bai 90: Cho tam gide ABC ¢6 M 1a trung diém cia BC. Trén tia BC ldy

BA’ = 2BC; trén tia CA ldy CB = 2CA; trén tia AB ldy
AC’ = 2AB. Goi D 12 trung diém cia A'B’. .
1) Tu giac ADMB 12 hinh gi dac biét? Ching minh AC’ = 2DM.
2) AM cit C'D tai G. Ching. minh hai tam gidc ABC vé ABC b
cung trong tim.

. Bai 91: Cho tam gidc ABC c6 dudng trung tuyén AM. Piém D thubc doan

thiang BM. Tir D keé tia song song véi AM cit AB, AC lan hugt tai Eva F.
' DE DF .

DB DC’

2) Gia st DE.DF = DB.DC. Ching minh AABC vuédng & A.

3) Gia sit DE.DF = DB.DC. Chitng minh DE + DF = DB + DC.

1) Chirng minh —

Bai 92: Cho tam gidc OMN va A 13 trung diém cia MN. K8 tia Ox song

song va ciung chiéu vi tia MN. Mét cdt tuyén di qua A cét cdc tia

OM, ON, va Ox Ién lugt tai K, I va B. Ching minh S = 1.
KB~ 1B

- Bai 93: Gid sit bon diém K, A, I, B ndm theo dung thit tu d6 trén mot

IA
KB 1B
Qua A, ké dudng thing song song v6i OB va cit hai tia OK, OI lan
igt tai M va N. Ching minh A 13 trung di€ém ctia MN. ‘

dudng thang va Liy dlem 0] ben ngoai dudng thing AB.

- Bai 94: Gia st bén diém K, A, I, B nam theo ding thd tu dé trén mét

. 2 . KA 1A _ .. ... " . ,
dudng thing va %B-1B° L&y diém O bén ngoai dudng thiang AB.

- Ké duing thing khong song song v6i AB va cit bdn tia OK, O4, OI
va OB Jan lugt tai K;, A, Ir va By Ve MN va MiN, 1an lugt di qua A
‘va A; va clng song song v&i tia OB ‘M va M, thudc tia OK, N va N,

thude tia OL. L,hurng minh:
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1) A 13 trung diém caa MN, Ay 12 trung diem cua MyN;.
9y Bidy K,A, LA,
K,B, I B,
Ba1 95: Chitng minh rang c6 duy ahét diém M thude doan thing AB sao

" cho % =t,tla sé duong cho tru’o'c (de ¥: gia s ¢6 dxem M sao

Mg _ ¢ hiy ching minh AM = AM).

cho

MB _AB

Bai 96: Cho tam gidc ABC ¢6 diém M trén canh BC sao cho —— MC-AC

 Ching mizh AM la dudng phén gidc cia AABC.
Bai 97: Cho tam gide ABC ¢é A, B, C' lin lugt 1a trung diém ciia BC,

CA, AB. Trén BC c6 diém A, sao cho ilg, 22 Chiing minh

A, AAD =AAC.
Bai 98: Cho tam gide ABC 1) dufcmg phan gige AA. Ve AR // AB (E thudce
canh AC).

. ., ¥  AC-x
l)Chv.mgmmhA’E,_AE(_x)vaAB- %

9) Ap dung bat ding thi trong AAA'E, ching minh AA’ <

Suy ra _1_>.1[_.].'_+_1_)'

_'Tinh x theo AB, AC.

2ABAC
"AB+ AC

AA’ 21 AB AC
3) Néu BB’ va CC’ la hai dudng phin gijc con lai cia tam gidc
| o ... 1 1 1 1 1 1
ABC, chithg minh rang in + B + CC"> B +’-BC + CA
Bai 99: Cho tam gide ABC c6 hai dudng phan gidc AE va BD cit nhau
tai O. Bigt AB = 12¢m %:%v& %ﬁ%;ﬁ Tich AC.
Bai 100 Cho tam gidc ABC cd ba dudng phén gidc AD, BE, CF. bat BC
=3, CA=b,AB= c
AE AF

1) Chntn h Sper _ AE A¥ tmh ti s6 hai dién tich dé theo
} g min S.c  AC AB va en H

a, b, c. Sau d6 rit ra hai két qué tudng tu.

2) Tinh tI s6 Sper theo a,b,ec.
Sazc

Bai 101: Cho tam gidec ABC ¢6 BC = a, CA=b, AB = c vdi b>cvacé
hai duéng phan gidc BD va CE. V& hinh binh hanh BEKD..
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1) So sénh ABC va ACB réi ching minh EKD > ECD.
2) Tinh CD, KD theo a, b, c rdi chitng minh CD > DK. K&t hgp cau
trén hay chitng minh EKC > ECK, suy ra CE > BD.

Bai 102: Cho tam gidc ABC ¢6 AB < AC va hai dubng phin gidc BD,
CE. Pudng thing qua D va song song véi BC cit AB 6 K. -

1) Chiing minh %g—}%g roi suy ra 1+-E—-%>1+%

2) Chitng minh BE < BK. So sanh EDB véi EBD va BE véi ED.

3) K& EI // BC, I thudc doan thing CD. So sanh DCE véi DEC.
Chitng minh BE < ED < DC.

Bai 103: Cho tam giic ABC c6 dudng phan gidc AE cit dudng trung
tuyén BD tai O. Pudng thing qua O song song v6i AC cat AB va BC
tai F va K. Gid st AF = 12em, AC = 40cm, CK = 14cm. Dung tinh
chit dudng phan gidc trong tam gide ABD, hay chdng minh
ABAFAF % Tinh AB, % va BC.

Bai 104: Cho tam gide ABC ¢b ba dubng phén giac trong AD, BE, CF dong

qui tai O. DEcatCOtalK,DFcatBOtaJI Tit D ké tia song song véi AB
cat tia Al tai G, tir D ké tia song song véi AC cét tia AX tai H. Chitng minh:

1) ADG = ADH.
DG BD DH CD
—_— — '\ =" _ G d
2 FA BF FA CRE (Goi ¥: ding ti s6 trung gian).

3) DG = DH va AD la tia phan gide clia IAR.

Bai 105: Cho tam gidc ABC c6 11 giao diém cha ba dudng phan gidc.
Pudng thdng qua I cit cdc dudng thing BC, CA, AB tai A", B’ va C

sao cho A’ va B’ nim & cling phia d6i v6i dié’m L.

1) K& CK // AC BC BC |
_ BA" BA
AC AT,
AB' AB ’
2) Chiing minh BC iC'_BC BC , AC IC' _ AC AC
BA TA' BA' BA AB IR AR AR’
3) Ching minh 13-(-3- A—C AB.
IA* "IB" IC

Bai 106: Cho tam gise ABC c6 dudng trung tuyén AM va trong tam G. Mot
cat tuyén di qua G cit tia ABvatia ACdIva K Ké BE / CF // IK véi K
‘va F trén tia AM. Chdng minh:

1) AE + AF = 2AM. 9) 22, 2~ _3.

AIAK
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Bai 107: Cho tam giac ABC c6 AM la dugng trung tuyén va G la trong
tam. Mot duong thing qua G cat cdc dudng thang BC, CA va AB lan
lugt tai A’, B’ va C’ sao cho A’ va B’ § eling mbt phia d6i vé61 G. Ké Bl va
CK song song v6i B'C’ (I va K thude duomg thiang AM). Ching minh:

1) BI = CK.
GC GC IB _gMI , GC' _GC KC _AK

2 GA T IB GA T Al GB 1B GB Al
g L, L _ 1
GA 'GB  GC

Bai 108: Cho tam gigc ABC déu c6 diém M & bén trong tam gisc. K MH
vudng goc BC & H, MI vudng géc CA & I va MK vudng goc ABG K
1) St dung cong thifc tinh dién tich tam gide, hay ching minh ba
dudng cao cia AABC c6 cung chiéu dai h.

2) Chiing minh MH + MI + MK = h. )

3) Gia st ba dudng cao AA,, BB;, CC, cia AABC cat nhau tai tryc
MH MI M1, MK MK _3
OA ()B - 0OC,
4) Gia st dudng thing OM cit BC, CA, AB lin lugt tai As, B, Cs.
AM B, M C,M _
AO'BO C,0

Iil. BAlI TAP NANG CAO

Bai 109: Cho tam glac ABC can ¢ C 6 dudng cao BD = x va AB < AC,
Liy diém E va F I4n lugt thudc canh BA va BC sao cho BE = BF = x.
Tit E ké tia song song véi AC va cit BD, BC tai Kva N. Tu F ké tia
song song véi AC va cit BD, BA taj I va M. Gid st EM = 9¢em, IK =
6em, FN = 12em. Tinh BA va BC.

Bai 110: Cho tarn gidec ABC ¢6 BAC =120° va AD la duong phéan giac.

tam Q. Ching minh ——

Chu‘ng minh

Cl minh —— i_1
ng AB AC AD
Bai 111; Cho tam gidge ABC ¢6 BAC =90° va AD la dudng phén gidc.
1 1 2
Chung minh — B -A—é NN

Bai 112: Cho goc xAy vudng cb t1a phin gidc At. Diém D ¢ dinh trén

At Buang thang d quay quanh D cit Ax va Ay lan lugt tai B va C.

1
h —+-— ¢0 gid tn khéng ddi khi d quay quanh D.
Ching min AC g g

Bai 113: Cho tam gide ABC vuéng & A ¢6 AD 1a dutng phan giac. Gid si
AB = 3a, AD = 22+/2. Tinh AC theo a.
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Bai 114: V& tit gidc ABCD ¢6 AC cit BD ¢ O sao che OC > QA: OD >
OB: Liy M va N la trung diém cia BD va AC. Puéng thing MN cit -
AD va BC lan lugt ¢ I va K. Ching minh Dr = EE

IA KC
Bai 115: Cho hinh thang ABCD (AB // CD va AB < CD). AC ¢it BD 6 O.

Dutng thang qlia O va song song véi hai ddy cit ADva BC ¢ Iva K

1 2
Chut h —— ¢ — ="
ng min AB "D IK
"Bai 116: Cho hinh thang ABCD (AB // CD, AB < CD). L4y diém M trén
canh AD va didm N tren canh BC sao cho % = % Goi Eva F lan

lugt 14 giao diém cta MN véi BD va AC. Ching minh ME = NF.

Bai 117: Cho tam gidc ABC vuéng & A, AB = x, AC = y. O phia ngoai
AABC, dung tam gidc ABD vudng cin § B va tam gidec ACE vubng cén
G C. CD cit AB 6 I va BE c¢it AC ¢ K. Chitng minh IA® = IK® =
IB.KC.

Bai 118: Cho tam gidc ABC vudng cidn & A. Lay cdc diém D, E, F 1an

DB EC FA '
lugt ném trén canh BC, CA, AB sao cho o= -‘EK ~¥B" Chung minh

. AD vubng goc véi EF.

Bai 119: Cho tam gidc ABC. Trén tia BC 18y BA’ = 2BC; trén tia CA 14y
CB’ = 2CA,; trén tia AB liy AC’ = 2AB. Chitng minh hai tam gide ABC
va A'B'C cé cling trong tam. }

Bai 120: Cho tam gide ABC d8u ¢6 diém M di déng trén canh BC. Diém
I trén canh AC di déng theo M v di€m K trén canh AR ciing di d6ng
theo M sao cho IMC =20° va KMB =40°, Ching minh MI + MK
khéng ddi khi M di dong. r ‘

- Bai 121: Gia sit bén diém K, A, I, B nim theo ding thd ty d6 trén mét

duimg thang va —% = -I-é Liy d1em O bén ngoai duing thing AB.

IB'
Ké dudng thing cit bon tia OK OA 0] va OB lin lLro't tai Ky, Ay, 1;
KA, LA,

B, Chitng minh —121
va By Ching minh 2 5-=73"

“. Bai 122: Cho tam gidc ABC c6 trung tuyén AM. Piém D thuoc doan BM.

Tir D ké tia song song v6i AM cat AB, AC 14n luot tai E va F. Gid st
DE.DF = DB.DC, chung minh tam gide ABC vudng & A

Bai 123: Cho tam gidec ABC ¢ dubng phin g1ac AE cat dn.rcrng trung tuyen .
BD tai O. Pubdng thing qua O song song véi AC cit AB va BC tai F v
K. Gi sit AF = 12em, AC = 40cm, CK = 14cm. Tinh BA va BC.
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Bai 124: Cho tam gidc ABC c6 phn gidc AA', BB, CC. Ching minh
1 1 N .._];_ = _}_ + _];_ -+ __1_ . - . )
24 BB TCC  AB BC CA

Baj 125: Cho tam gidc ABC c¢6 AB < AC va hai duing phan gide BD,

CE. Ching minh BE < ED < DC.

Bai 126: Cho tam gisc ABC cé A, B, C 1an luot 1a trung didm cta BC,

CA. AB. Trén B'C’, C'A', A'B’ I4n lugt ¢6 cde digm Ay, By, G sao cho
AB _AB, BC _BC Eﬁ:% Chitng minh A’A;, B'B; v
A, C AC > B,A’ BA c,B CA

C°C, déng qui. : - o

Bai 127: Cho tam giac ABC ¢6 AC > AB va c6 hai dudng phéan gidc BD
va CE. Chiing minh CE > BD.

Bai 128: Cho tam gidc ABC c6 ba dudng phan gidc trong A]?, BE, C]f‘
déng-qui tai O. DE cat CO tai K, DF cit BO tai I. Ching minh AD la
tia phan gidc cia IAK. o : - ‘, o

Bai 129: Cho tam gide ABC déu c6 diém M bén trong. Gid s¢ ba dudng
cao AA,, BBy, CC; ciia AABC ¢it nhau tai trye tam O va dudng thing
OM cit BC, CA, AB 1in lugt .tai As By Cp Ching minh
AM BM CM_o -

A0 B0 C,0 ' -
Bas 130: Cho AABC c6 diém O bén trong. AO cit BC tai Ay, BO et CA tai
| ' s o A0 BO  CO _, -

» < - » . = 2

B, vg CO cat AB tai C,. Chxmg minh --——AAI + __BBl + _CCI

Bai 131: Cho tam gidc ABC c6 trong tam G. Mot cat tuyén di qua G cit
' AC

., AB
tia AB v& tia ACglIva kK Chﬁmgmmh_ﬁ-—+—A—K=3. ‘

Bai 182: Cho tam gidc ABC c6 I 1 giao diém clia ba dubmg phan gide

Pudng thing qua I cat ciac dudng théng BC, CA, ABtai A, B va C .

sao cho A’ vi B’ nim & cing phia 3si voi ¢iém I. Chung minh
BC AC AB '
— e = ———,
1A’ 1B IC o
Bai 133: Cho tam gidc ABC c6 AM la dudng trung tuyén va G trong

tam. Mot dudng thing qua G cat cde dudng thing BC, BA va AC lan °

luot tai A’, B’ va C sao cho A’ va' B’ & cing mot phia d8i véi G. Chiing
1 i 1

mirh GGt e T GC

LUYEN CACH CHUGNG MINH VA KY THUAT SU DUNG
PINH LY MENELAUS

' Bai 184: Cho tam gisc ABC. Mot cdt tuy&n khong qua dinh nio cda tam

gidc 14n lugt cit edc dudng thing BC, CA, AB (canh ddi dién dirh A,

B, C) tai Ay, By, C; Tt mét dinh tuy ¥ cla tam gide, vi du i& A, hay

k& tia song song véi cdt tuyén va cit dudng thang BC tai As. Ding
dinh 1y Thales thuin, hay cho biét cdc ti s§ trong bidu thdc
AB BC CA
AC BA CB
duting thdng BC? Tu d6 ching minh ddng thde cha dinh 1y Ménélaus
AB BC CA _.
AC BA CB

Bai 135: Cho tam gidc ABC ¢6 I 1 trung diém cda AC, K thudc canh AB
sao cho BK = 2KA. Pung thang IK cit dubng thing BC tai H. Muén

bing v6i ti s (gitta nhifng doan thing) nio trén

tinh I—;%, hiy chon tam gidc va c4t tuyén thich hop dé vigi ding

thide Ménélaus, ching minh dang thde dé réi tinh gg )
g
Goi y: Tam gidc can tim ducc tao bdi hai dudng thang da bidt ti sb
trén d6, va mot dudng thang chia ti s6 can tim. .
Bai 136: Cho tam gide ABC ¢6 K thudc canh AB va I thude canh AC sao
cho AB = 4AK; AC = 3IC. Puong théng IK cit dudng thang BC & I

Muén tinh E, hiy chon tam gidc va cdt tuyén thich hop d& viét

HC
dang thic Ménélaus (c6 ching minh), tinh cdc ti s6 trong déng thie
dé rdi tinh E -
: HC

Bai 137: Cho tam gigde ABC ¢6 K thude canh AB sao cho AK = gAB; 1

thude canh AC, AC = 3Al Budng thing IK cit dudng thing BC ¢ H.
Muén tinh '—IE;%, hay chon tam ‘gidc va c4t tuyén thich hgp d& viet

dang thiic Ménélaus (khong chitng minh), tinh cde ti s6 trong dang
thite d6 rdi tinh &
- HB

Bai 138: Cho tam gisc ABC c6 I 1a trung diém cia AC. Kéo dai CB

thém mét doan BH = %BC. IH cat AB tai K. Muén tinh Eé? hay

L
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chon tam gidc va cat tuyén thich hop d€ viét ding thite Ménélaus,
KH

KL
Bai 129: Cho tam gidc ABC ¢6 1 thudc canh AC, sao cho Al = %AC. Kéo

chidng minh ding thie dé roi tinh —

dai AB thém mdt doan BK = %AB. IK cit BC tai H. Mudn tinh %,
héiy chon tam gidc vA cat tuyén thich hop d€ viét ding thic
Ménélaus, chiing minh ding thic d6 réi tinh %

Bai 140: Cho tam gidc ABC ¢6 I 12 trung diém cia AC, K thudc canh AB
sao cho BK = 2KA. Pudng thing IK cit cit dudng thing BC tai H.

Mudn tinh —:I;IIIZ’ héy chon tam gidc va cdt tuyén thich hop dé viét

ding thife Ménélaus, chitng minh dang thu’c dé rdi tinh :_IIII{

Bai 141: Cho tam gidc ABC ¢6 I thupe canh AC sao cho AC = 3IC. Kéo dai
BC thém mot doan CH = ch. Budng thing IH cit AB & K. D tinh

KH- hay chon tam gidc va cat tuyén thich hop dé viét dang thic
K’
Ménélaus, ching minh va tinh cic ti s§ trong déng thie d6 roi tinh %

Bai 142: Cho tam gidc ABC ¢6 K thudc canh AB sao cho AK = ZAB, I
thude canh AC, AC = 3AI. Budng thang X cit dudng thang BC & H.

Muén tinh %, hay chon tam gidc va cdt tuyén thich hgp. dé viét

Qfing thde Ménélaus (khong ching minh), tinh cdc ti s§ trong dang

thic dé rdi tinh -I—Ii
K’

Bai 143: Cho tam gidc ABC c¢6 K thude canh AB sao cho AK = z-AB

Kéo dai CB thém mot doan BH = ch. KH cdt AC tai L Mudh tinh |

KH

Ménélaus, chimg minh ding thic d6 rdi tmh %
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' Bai 144: Cho tam gide ABC c6 I thude canh AC, sao cho Al =

, hay chon tam gidc vi cdt tuyén thich hdp dé vigt dang thic '-:

3
—AC:
5 CH

thude canh BC sao cho BH = —:13—BC. TH cét tia AB tai K. IK cit BC tai
H. Muén tinh _KIGE hay chon tam gidc vA cit tuyén thich hop 48 viét

dng thite Ménélaus, ching minh ding thitc 46 réi tinh % -

. Bai 145: Cho tam gidgc. ABC ¢6 BC = 3cm Lay diém I trén canh AB sac

cho AB = 3AI; diém J trén canh AC sao cho AC = 3CJ. Pudng thing
1J cat tia BC ¢ K. Tinh CK.

Bii 146: Cho tam giac ABC. Lay diém I trén canh AB sao cho AB =
3Al; diém J trén canh AC sao cho AC = 3CJ. Pudng thing IJ cit ta
BC ¢ K. Ching minh J la trung diém cla IK.

Bai 147: ChotamglacABCcoca.nhAB_c AC =D, céddimgphéngiéqAD

_ catdtfo'ngtrungtuyenCMcrI Tinh cac ti s6 g—D va i—ﬁ theob C.

‘Bai 148: Cho tam gide ABC. Trén tia doi cua tia BA ldy BD = 2BA.

Trung tuyén AM cat CD tai E; DM cat AC tai F. Tinh: (nén vé hinh

- riéng cho moéi cau)
EM | EC FA
1) EA ) — 3) ol
Bai 149: Cho tam gide ABC. Tren canh BC c6 M sao cho MC = 2MB. Trén
doan AM c6 I sao cho IA = 2IM. BI cit AC tai K. MK cat AB tai D.

Tinh DA . (Goi ¥: phai tim mdt ti s6 khdc réi mdi tinh %)

DB DB
Bai 150: Dinh 1y Céva: Cho tam gide AEC. Trén ba canh BC, CA, AB
14n lugt 1dy ba diém A;, By, C; sao cho AA;, BB, CC; déng qui tai
difm O. Bing cach nhin vé& theo vé hai'«ding thic cta dinh ly
Ménélaus trong tam gide AA,B véi cdt tuyén COC, va tam gidc AA,C
A;B BC .CA

v4i cét tuyén BOB:, hi chu’n h )
4 » héy ching minh -5 - CB 1

" Bai 151: Cach ching minh khdc cia dinh 1y Céva: Cho tam gide ABC.

Trén ba canh BC, CA, AB lan lugt 14y ba diém Ay, By, C, sao cho A4,
BB,, CC,. déng qui_tai diém O. Qua dinh A vé dubng thang song song’
v6i BC cit hai tia BB, v CC; 1an luot tai B’ va C..

AB APB

AC AC

'2) S dung cau 1) va hé qui clia dinh Iy Thalés, hay chu’ng mink
AB B,C CA _1 '
AC BA CB )
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Bai 152: Cho tam gide ABC. Goi A; 12 trung diém cda BC. Liy diém B,

trén canh AC sao cho AC = 3AB,. Ldy 4iém C, trén canh AB sao cho - i

AB = SAC;. Chitng minh AA, BB, va CC,; doéng qui tai mbt diém. (Goi
§: C6 thé sit dung dinh 1y Ménélaus d€ ching minh BB, va CC, cing di
qua trung diém ciia AAg; hoic ¢6 thé dung dinh 1y Céva).

Bai 153: Cho tam gidc ABC. Kéo dai AB thém mét doan BXK =.BA; kéo
dai BC thém mbt doan CH = CB; kéo dai AC thém mot doan CI =

%CA. Ching minh H, I, K thing hang.
Bai 154: Cho hinh binh hanh ABCD. Trén cic canh AB, BC, CD, DA

14y csc diém G, F, H, E sao cho AB // EF // CD va AD // GH // BC. Goi’

112 giao diém cia EF va GH; K 1a giao diém cta AF va CG. Ching

mink D, I, K thing hang. (Goi y: Dat AG = x, GB =y,
' ‘ K.A

K,F

‘BF = 2, FC = t. Tinh % theo x, ¥, Z, t. DI cidt AF tai K,. Tinh

‘theo x, ¥, 2, £, suy ra K trl“lﬁg v&i K;
2ai 7. TAM GIAC DONG DENG

1. BAI TAP CC BAN
Trudng hop: goc — géc .
Baj 1: Ching minh tam gidgec ABC va tam giac DEF dong dang vdi nhau
va vidt 8 s6 ddng dang, néu bidt mdt trong cac trudng hop sau:
1) ABC = DEF; ACB = DFE. :
9) BAC = DFE; ABC = EDF.
3) BAC = 60°, ABC = 80°,DEF = 60°, FDE = 80°.
4) BAC = 50°, ABC = 70°, DEF = 70°, FDE = 60°.
'5) BAC = 39°, ABC =101°,DFE = 40°, FDE = 39°.
6) ABG = ACE = 40°; DEF = 100°; DFE = 40°.
7 E:g_g_; é‘%g ;.’E’_Bl; fDF = 60°, DEF = 40°.
8) 2.BAC = 3.ABC = 4.ACB ng‘--Ef_F-RgE
Bai 2: Cho tam gidc ABC, trén ca_mh'AB lay diém D, trén canh AC &y
&i&m E sao cho DE / BC. Ching minh réng: tam gidc ADE déng dang
v6i tam gidc ABC va viét ti 56 déng dang.
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Bzi 3: Cho tam giac ABC, trén tia d6i cia tia AB lay diem i3, tren tia
dsi cia tia AC 14y diém E sao cho DE // BC. Chéng minh rang: tam
giac ADE ddng dang véi tam gide ABC va viét ti s8 dong dang.

Bai 4: Cho tam gidec ABC ¢6 AB < AC. Trén canh AC ldy diém D sao
cho ABD = ACB.

1) Ching minh ring: tam gidc ABD déng dang v6i tam gidc ACB
va viét t1 s6 dong dang.
2) Chitng minh rang: AB? = AD.AC.
Bai 5: Cho tam gidc ABC c¢6 AB > AC. Trén canh AB 15y diém D sao
" ¢ho ACD = ABC. Chiing minh réng: AC* = AD.AB.

Bai 6: Cho tam gide ABC, trén canh AB ldy diém D, trén carth AC 13y
diém E sao cho ADE = ACB.

1) Ching minh ring: tam gidc ADE déng dang véi tam gidc ACB
va vist ti s6 dong dang.
2) Chifng minh AD.AB = AE.AC.

e

~ Bai 7: Cho tam gide ABC, trén tia doi cda tia AB 18y diém D, trén tia

d&i caa tia AC ldy diém E sao cho ADE = ACB.
1) Ching minh ring: tam gidec ADE déng dang véi tam gide ACB
. va viét ti s6 dong dang. :
9) Chitfng minh AD.AB = AE.AC.
Tyuomg hop: canh — goc — canh
Bai 8: Cho goc xOy. Trén tia Ox lay cac diém A va C, trén tia Oy lay
cac diém B va D. Ching minh ring: tam giac AOB déng dang véi tam
gide COD néu biét mét trong cdc truong hop sau:

;) 0A 0B "y OA_OB 5 OA_0OC
oCc OD oD OC OB OD
oA OD
4y == == 5) OA.OC = OB.O A.OD = OB.
)013 o0 ) OA.OC = OB.OD 6)0A.0OD = CB.OC

7) C 1a trung diém cta OA, D la trung diém ctia OB.
8) OA = 12cm, OB = 8cm, OC = 9em, OD = 6em.
9) OA = 12cm, OB = 18em, OC = 9c¢m, OD = 6em.
10) CA = 12cm, OB = 8cm, OC = 10cm, OD = 15cm.
Bai 9: Cho goc xOy. Trén tia Ox 18y céc diém M va P, trén tia Oy 1dy céc
d&iém N va Q. Chiing minh ring: tam gidc OMN déng dang véi tam gide
OPQ v tinh d6 dai doan PQ, néu biét mot trong cac trudng hop sau:

oM ON 2
1) som = = MN=3 }
) 6P -0Q 3 ,6cm
OM ON 4
gy OM _ON _ 2. MN - 3,2em.
)OQ op " 5 cm

3) OM = 12em, ON = 10cm, MN = 9cm, OPF = 20cm, 0@ = 24cm.
4) OM = 2cm, ON = 1,5cm, MN = 1,2cm, OP = dem, OQ = dem.
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Bai 10: Cho tam gide ABC, trén tia d6i clia tia AB lay diem 1), tren ua ao cua
tia AC 14y diém E. Chimg minh ring: tam gidc ADE dong dang vo1 tam
giadc ABC va tinh db dai doan DE néu biét mdt trong cac truong hop sau:

p A2 AR 3. o 15em.
AB AC 5
2) ig=£}:‘32E; BC =6,5cm.
AC AB 12 .
3) AB = 36em, AC = 30cm, BC = 39c¢m, AD = 24cm, AE = 20cm.
4) AB = 3,2cm, AC = 2,8cm, BC = 2/4cm, AD = .‘:’,,5cm, A}E —T-;Lcm. .

Bai 11: Cho géc xOy. Trén tia Ox 14y diém A, trén tia Oy lay diém Bva
diém C. So sanh cdc goc cia tam gidc OAB va tam gidc OAC néu biét
mot trong céc trudng hop sau:

,, OA OB JOA _0C
OC OA - 0B OB

4) QA = 4cm, OB = 2¢m, OC = 8em.

5) OA = 6cm, OB = 4cm, OC = 9cm.

6) OA = V3 em, OB = lcm, OC = 3cm. |

Bai 12: Cho hinh thang ABCD c¢é A =D = 90° Trén canh AD ldy diém 1.
Chimg minh ring: tam gidc ABI déng dang v6i tam gidc DIC va

BIC = 90° néu biét mot trong cdc trudng hop sau:

AB_ Al 2)-AB.DC = AL.DI

3) 0A? = 0B.OC.

3) AB = 6cm, CD = 12cm, Al = 8em, DI = 9em.
4) AB = 2,4cm, CD =4,5cm, Al = 3cm, DI = 3,6cm.
5) AB = 10em, AD = 10cm, CD = 18em, Al = 12cm. )

Bai 13: Cho géc xOy c6 tia phan gigc Ot. Trén tia Ox ldy cdc diém A va
¢ sae cho OA = 4cm, OC’ = 9cm. Trén tia Oy 18y céc diém A’ va C
sao cho OA’ = 12¢m, OC = 3em.

Trén tia Ot 14y cdc diém B va B’ sao cho OB = 6cm, OB’ = 18cm.
1) Ching minh: tam gisc OAB déng dang véi tam gide OA'B".
AB BC AC

A'B'B'CTA'CY

Truong hop: canh — canh — canh )

Bai I4: Ching minh tam gisc ABC déng dang vé6i tam gide DEF va viét
cdc cap goc bang nhau, néu bist mét trong cdc trudng hgp sau:

1) AB = 4cm, BC = 6em, AC = 5cm, DE = 10cm, DF = 12cm, EF = 8em.

2) AB = 24cm, BC = 2lem, AC = 27cm, DE = 28cm, DF = 36cm,
EF = 32cm. ~

3) AB = DE = 12cm, AC = DF = 18¢m, BC = 27¢m, EF = 8cm.
AB_BC_AC_, DE_EF _DF_, . ;.

4) === [ i
'3TT TS 3 4 5

2) Tinh cdc ti s6
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Bai 15: Cho tam gidc ABC vubng tai A va tam gidec A'B'C’ vubng tai A’
¢6 BC = 10cm, AC = 8cm, B'C’ = 5¢m, A'C’ = 4em.
1) Tinh ABva A'B’
. . AB AC BC
2) Ching minh: AB _AC BC
3) Chung minh: tam gidc ABC dong dang véi tam gidec A'B'C.
Bai 16: Cho tam gidc ABC vudng tai A va tam gide AB'C’ vudng tai A’

_ AB BC
6 —=——=
AB BC _
AC
1) Chitng minh: 2= = 2.
) & i e

2) Chitng minh: tam gide ABC déng dang véi tam giac AB'C.
II. BAI TAP LUYEN TAP '
Truong hop: gée — géc o ' _
Bai 17: Cho tam gidc ABC c6 ba géc nhon va ba dudng cao AD, BE, CF.
1) Chitng minh: tam gidc ABE déng dang tam gidc ACF va suy ra
AF.AB = AE.AC. :
2) Ching minh: BF.BA = BD.BC.
3) Chitng minh: CD.CB = CE.CA. .
Bai 18: Cho tam gidc ABC c6 ba gée nhon va ba dubng cac AD, BE, CF
cdt nhau tai H.
1) Chitng minh: tam gide AHE dong dang tam gidc BHD va suy ra
HA.HD = HB.HE.
2) Chiing minh: HA.-HD = HC.HF. .
Bai 19: Cho tam gidc ABC ¢6 ba géc nhon va ba dudng cao AD, BE, CF
cit nhay tai H.
1) So sanh: HBD va CAD va ching minh; DB.DC = DADH.
2} Ching minh: EAEC = EB.EH.
3) Ching minh: FA.FB = FC.FH.
Bai 20: Cho tam gidac ABC cé ba gée nhon va ba dubng cae AD, BE, CF
cit nhau tai H. Ching minh: *
1) AF AB = AH.AD = AE.AC.
3).CE.CA = CH.CF = CD.CB. : ‘
Bai 21: Cho tam gidc ABC cé ba géc nhon va ba dubng cao AD, BE, CF.
Chitng minh: BF.BA + CE.CA = BC? va viét hai hé thic tuong .
Bai 22: Cho tam gidc ABC c6 ba géc nhon va ba dudng cao AD, BE, CF
cat nhau tai H. S :
' Chitng minh: BH.BE + CH.CF = BC? v viét hai hé thic tuong ty.

2) BF.BA = BH.BE = BD.BC.
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Bai 23: Cho tam gidc ABC o5 ACB = 90° + ABC. K& dudng cao AH cua
tam gidac ABC. Chitng minh: _

1) ABH = CAH. 2) AH? = BH.CH.
Bai 24: Cho tam gidc ABC nhon ¢6 AA’, BR’, CC’ 12 ba dudng cao va O

12 trye tam. Ldy B, thude doan thing OB, C, thuéc doan thing OC .

sao cho AB,C = AC,B = 90°. Ching minh:
1) AB? = ACAB' va' ACEZ = ABAC'.
2) ACAB = ABAC. 3) AB; = AC;
Bai 25: Cho tam gisc ABC vudng tai A ¢6 dudng cao AH. Ching minh:
1) AB? = BH.BC va AC®* = CH.BC. 2) AB? + AC? = BC?
Bai 26: Cho tam gidc ABC vudng tai A ¢6 dudng cao AH. Chdng minh:
1) AH® = BH.CH. 2) AH.BC = AB.AC.
Bai 27: Cho tam giac ABC ¢6 AB < AC va AD 1& dudng phin gic trong.
Vs tia Dx cang phia A d6i véi BC sao cho CDx = BAC, Dx cit AC tai E.

1) Chiing minh: tam gisdc DCE déng dang véi tam gide ACB va Vit

ti so dong dang.
2) Chiéng minh: DE = DB. :
Bai 28: Cho tam gidc ABC.c6 Al 1a dudng phan giac trong. Ké BD L Al
tai D; CE L Al tai E. Ching minh: ' '
,, AD _BD D _BD 5 AD _ID
-7 AE CE " IE CE AE IE
" Bai 29: Cho tam gidc ABC ¢6 AB < AC. Goi D, E ldn lugt 1 hinh chiéu
ciia B, C 1én tia phan giac trong clia géc A. Goi I 1a giao diém cua CD
va EB. Ching minh: ‘
p A2 _BD g AD_IB
AE CE AE IE
Bai 30: Cho tam gidc ABC (AB < AC). E, F lan lugt 1a hinh chiéu cua B,
C lén tia phan gidc trong cia gée A. Goi K la giao diém cia FB va
CE. Chdng minh:
) A KB
AF KF ' _
3) AK 1 tia phén gide cia goc ngoai & dinh A clia tam giac ABC.
Bai 31: Cho tam gidc ABC cb AB = 4em; BC = 5em; B = 2C.
1) V& dudng phan gide trong BD cia tam gidc ABC. Chidng minh:

AD = 2 AcC.
9

9) Chitng minh: tam gide ABD dong dang véi tam gidc ACB, viét ti
s& ddng dang va tinh AC

3) Al // BD.

2) AK // BE va KA L AE tai A
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Bai 32: Cho tam gide ABC ¢6 AB = 4cm; BC = Semy; B =2C. Trén tia 461
_ciia tia BA 14y diém D sao cho BD = BC.
1) Ching minh: ACD = ABC. "
2) Chitng minh: AC? = AB.AD va tinh AC.
Bai 38: Cho tam gidc ABC ¢6 BC = a, AC =b, AB=cva B=2C. Trén tia
d5i ctia tia BA 18y diém D sao cho BD = BC. Chiing minh:
1)!@3:@. bt =ac+c?
Béi 34: Cho tam gidc ABC c¢6 dudng phan gide trong AD. Trén tia AC
lay diém E sao cho ADE - ABD . Chitng minh:
1) ADE < ADC suy ra: E niim giita A va C.
2) Tam gidc ABD ddéng dang v6i tam gidc ADE.
3) AD* < AB.AC.
Bai 85: Cho tam gisde ABC ¢6 dudng phin gide trong AD. Trén tia doi
cha tia DA 18y diém E sao cho ECD = BAD. Ching minh:
1) AD.DE = BD.CD 2) AD.AE = AB.AC
3) AD? = AB.AC — BD.CD.

' Bai 36: Cho tam gide ABC cé AB < AC va dubng phan gide ngoai AE.

Trén tia EA 18y diém F sao cho ECF = EAB. Ching minh:

1) ECF > ECA suy ra: A nim gita E va F. 2) AE.EF = BE.CE
3) AE.AF = AB.AC .
4) AE? = BE.CE — AB.AC.

_ Bai 87: Cho tam gisc ABC c6 céc tia phén gide gbe ngoai g dinh Bva C

2

cit nhau tai K. Pudng thing vuong goc véi AK tai K cit AB, AC theo
thit ty tai D, E.

1) Tia AK la gi ciia DAE.

2) Chitng minh: BKD = KOF = _(BAC + ABC)

i

3) Ching minh: tam gidc DBK dong dang v&i tam gidae EKC.

* Bai 38: Cho tam gisc ABC va tam gidc ABC' ¢ BAC =B'AC: ABRC +

AB'C'=180°; ABC> A'B'C'. Trén tia d6i cua tia BC lay diém D
sao cho DAB = BAC.
AD AC
BD BC’
2) Chiing minh: tam gidc ABD déng dang v6i tam gide AB'C va
AD A'C' |
BD B'C’
3) Ching minh:

1) Ching minh:

_AC _ BC
A'C' B'C"
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Bai 39: Cho tam giac ABC c6 dudbng trung tuyén AM véi. BAM = ACB.
Ching minh:
1) Tam gidc MAB déong dang vdi tam gide ACB.
2) BC? = 2AB?
Bai 40: Cho tam gidc ABC ¢b du’dng trung tuyen AM. Qua D thude BC

vé dutng thdng song song véi AM lan lugt cat AB tai E va cdt AC tai

F. Chitng minh:
DE BD . DF CD
1) = va = ] 2) e — =2
AM BM AM CM AM - AM
3)Khi D di df’)ng trén canh BC thi DE + DF khéng doi.
Bai 41: Cho tam gidc ABC c6 dudng trung tuyen AM. Qua D thudc BC vé
duding thang song song v6i AM lan luot cit AB tai E va cat AC tai F.
1) Chitng minh; DE + DF = 2AM.
2) Qua A ké dudng thing song song véi BC va cidt EF ¢ K. Ching
minh: DK = AM va KE = KF.
Bai 42: Cho tam gidc ABC ¢6 dudng trung tuyén AM. Qua D thude BC vg
dudng thang song song v6i AM lan lugt cat AB tai E va cit AC tai F.
1) Chung minh: khi D di déng trén canh BC thi DE + DF khong dsi.
2) Qua A ké dudng thang song song voi BC va cit EF ¢ K. Chiing
minh K la trung diém ctia EF.

Bai 43: Cho tam gidc ABC c6 edc dudng trung tuyén AM va BN: Biét
riing: CAM = CBN.
1) Ching minh: tam gidac CAM déng dang vdi tam giac CBN.
2) Ching minh: AC.CN = BC.CM va AC = BC.
Bai 44: Cho tam gide ABC c6 cdc dudng trung tuyén AM va BN. Biét
ring: CAM = CBN = 30°. K& CH L AM tai H. Ching minh:
1}y AC = BC.

2) CH = CM = —%AC suy ra H triing v6i M.

3) Tam gide ABC 1a tam gia{c déu.

Bai 45: Cho tam gidc ABC can 6 A. L&y D thudc canh AB; M thudc canh

BC; E thuge canh CA sao cho DME = ABC.
1) Chung minh: BDM = CME
2) Chu’ng mmh tam gidc BDM ddng dang véi tam gidc CME va
viét ti s8 déng dang.

Bii 46: Cho tam gidc ABC can ¢ A ¢6 BC = 2a. Goi M la trung diém cia
BC. Lay D thudc canh AB va E thudc canh AC sao cho DME = ABC .
Ching minh:

1) BMD = MEC .
2) Tam gidc BMD déng dang véi tam g1ac CEM
3) BD.CE = a®

=
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. Bat 47: Cho tam giac ASC deu co U 1a Erong tam. Lol M Luoc bL ve

MP L AB tai P, MQ L AC tai Q. MP cit OB 6 I; MQ cat OC ¢ K; IK
cit OM 6 S.
1) F‘hu’ng minh: MIOK la hinh binh hanh, suy ra S 14 trung diém
cua 1K
2) Ching minh: tam gmc BIM va tam giac CKM la cac tam giac can.
3) Chitng minh: tam gide BIP dong dang v6i tam gide CKQ suy ra
CK BI ‘
KQ IP’
4) (‘hung minh: IK 7/ PQ.
5) PQ cdt OM ¢ R. Ching minh R 13 trung diém cia PQ

: Bai 48: Cho hinh thang ABCD (AB // CD) 6 A=D-= - 90°, AB = 4em, CD

= 9cm, BC = 13cm. Goi M la trung diém ciia AD, I'la giao diém cia
AD va BC. Ké MH L BC tai H, BK L CD tai K.
1) Tt gide ABKD la hinh gi? Tmh KC BK, AD.
2) Tinh IA, IM.
3) Ching minh: tam g1ac IMH déng dang v§i tam- glac BCK va
tinh MH.

.. Bai 49: Cho hinh binh hanh ABCD c¢6 AC > BD. Ke CE L AB tai E, CE 1

. AB tai E, CFJ“ADt;_nF BH L AC tai H, DK 1L AC tai K. Chitng minh:
1) AB:AE = AH.AC
2) ADAF = AK.AC
3YAH + AK = ACvaABAE+ADAF AC?

.- Bai 50: Cho hinh binh hanh ABCD ¢6 AC > BD. Ké CE 1 AB tal E, CE

L AB tai E, CF i AD tai F, BH 1 AC tai H. Ching minh:
1) AB.AE = AH.AC 9) BC.AF = HC.AC
3) AB.AE + AD.AF = AC®

- Bai 51: Cho hinh chit nhat ABCD ¢6 AD = mCD (m > 0): Lay diém M

trén canh AB, tia phédn gidc cia géc CDM cit BC ¢ P. Qua D vé
dutrmg thang vudng goc vdi DP cit dudng thing AB tai E.
1) Ching minh: tam gidc ADE ddng dang véi tam gidec DCP va AE
= mCP.
2) Chiing minh: tam gidc DME can tai M.
3) Ching minh: DM = AM + mCP.

Ba1 52: Cho hinh thoi ABCD ¢6 d6 dai canh 1a a. Pugng thing qua C

cat tia d6i cda tia BA, DA ¢ M va N.
1) Chitng minh: tam gidc BCM ddng dang véi tam- glac DNC va

viét ti s6 déng dang.
2) Chiing minh: BM.DN = a°
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Bai 58: Cho tam gidc ABC vudng tai A, hinh vuéng EFGH ndi tlep tam
glacABCsaochoEeAB F ¢ AC, G € BC, H ¢ B(.
1} Chitng minh: ABC = GFC' va tam gidc BHE dong dang véi tam
giae FGC.
2) Ching minh: BH.GC = EH.FG.
3) Tinh HG néu biét BH = 3em, CG = 27cm.
Bai 54: Tt giae ABCD c6 ABD ACD =90°. G01 I, K lan lugt 12 hinh
" chiu ctia B, C len AD; H, L 14n luot 12 hinh chiéu cda O len BI, CK.
1) Cluing minh: tam gidc BOH déng dang véi tam gidc ABI va

OH - 08
BI AB’
2) Ching minh: tam g:ac COL déng dang v@#i tam glac DCK va
OL _OC
C*{ 0D’ _
- OB 0OC vé OH BI

Bai 55: Ta glac ABCD cé ABD ACD =90°. Goi I, K 14n lugt 1a hinh
_chigu ciia B, C 1én AD; H, L 14n lugt 1a hinh chiéu ciia O 1én BI, CK.
Goi M 1a giao di€m cda CI va BK SvaR lan hugt 14 hinh chleu cua

M trén BI va CK Ching minh:
y OH OH BI
OL CK'
. MS Bl

2) Tam g‘xgc BMI dc‘iz-ng‘d.ang Yé’i tam gide KMC va MR- CE
3) HL = SR va OH = MS.
4) OM 1L HL va OM L AD.
Trudong hop: canh — gbe — canh
Bai 56: Cho tam gidc ABC cd ba géc nbon va ba dudng cao AD, BE, CF

¢ét nhau tai H. Ching minh:

1) BD.BC = BF.BA
2) Tam gidc BDF dong dang vgi tam gide BAC va suy ra

BDF BAC.
3) CDE = BAC.

4) DH la tia phan gidc cia FDE
 Bai 57: Cho tam gidc ABC c6 ba géc nhc_m va ba dutng eao AD, BE, CF

cat nhau tai H.
1} Ching minh: AH.AD = AF.AB
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2) Chiing minh: tam gide ADF ddng dang véi tam gide ABH va suy
ra HDF = ABH .
3) Ching minh: ADE = ACH va ABH = ACH.
4) Chitng minh: H 12 giao diém cia ba dudng phan gidc trong cua
. tam gidc DEF.
Bai 58: Cho tam gidc ABC cin & A ¢6 AH va BK 12 hai dudng cao. Biét
‘rang BC=a; AC=b.
1) Chitng minh: tam gidc AHC déng dang v6i tam gidc BKC.
2) Ching minh: tam gide CHK dong dang véi tam gide CAB.
3) Tinh HK theo a va b.
Bai 59: Cho tam giac ABC can & A. Goi M 14 trung diém cfa BC. Lay D thujc
canh AB va E thude canh AC sao cho DME = ABC . Chimg minh:
1) Tam gide BMD dong dang véi tam gide CEM.
MD ME

9) 2 o An

BD MB
3) Tam gidc BDM va tam gidc MDE dong dang vé6i nhau.
4) DM 1a tia phéan gisc cia BDE ,
Bai 690: Cho tam giac ABC can § A. Goi M 14 trung diém cia BC. Liy K thube
canh AB va I thube canh AC sao cho KMI = ABC. Ching minh:
1) Tam gidec BMK déng dang véi tam gide CIM.
2) Tam giac BMK dong dang v6i tam gidec MIK.
3) Tam gidc CIM dong dang vdi tam gide MIX.
4) KM 14 tia phan gide cia BRI va IM 12 tia phan gidc cia CIK
Bai 61: Cho tam gidc ABC déu db dai canh 1a 2a. Goi M 1a trung diém
cia BC. Lidy D thubc canh AB va E thudc canh AC sao cho
DME = 60°. K& MH L BC tai H, MK 1 AC tai K, MI | DE tai I
1) Tinh AH, AK.
2) Chiing minh: DM la tia phén gidc cia BDE va EM 13 tia phan
gide ena CED.
3) Ching minh: DI = DH va EI = EK.
4) Tinh chu vi tam gidc ADE.

- Bai 62: Cho tam gie ABC can & A va H i trung diém ciia BC. Goi I 12 hinh

chiéu vuding goe cia H 1én AC va O 1a trung diém cita HI. Chung minh:
1) AHO = BCI.
2) AH.IC = HI.LHC = HO.BC.
3) Tam gide AHO dong dang véi tam giac BCL.
4yAQ0 L Bl

_;'.:-Béi 63: Cho tam gide ABC ¢6 hai dudng cao BB, CC’ cit nhau tai L

Céc dudng thing vudéng goc véi AB, AC tai A cat BB, CC’ theo thil tu
tai M, N. MN cat AH ¢ D. Ké trung tuyén Al cita tam gidc ABC.
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1) Ching minh: tif gide AMHN la hinh binh hanh.

2) Ching minh: tam gidc AMH ddng dang véi tam gidc BAC.
3) Ching minh: tam gidc AMD déng dang véi tam gidc ABIL
4) Goi K 12 giao diém ciia Al va MN. Chirng minh: AT + MN.

Bai 64: Cho tam giac ABC. Ly D thude canh BC; E thuge canh AC. AD
cit BE & O. Cho bigt AO = 36cm, DO = 9cm, BO = EO = 18em, BD =
12cm. Pat CD =%, CE = y. _

1) Ching minh: tam gidc AOE ddng dang véi tam gisdc BOD va tinh AE.
2) Chitng minh: tam gidc ACD déng dang vdi tam gidc BCE va

y+24 _x_5 :
x+12 y 4 ‘

3) Tinh x va y rdi suy ra d¢ dai AC, BC. '
Bai 65: Cho hinh thang ABCD (AB /#/ CD) ¢6 A =D =90°, AB = 4cm, CD =
9em, BC = 13cm. Goi M 1a trung diém ciia AD. Ké BK L CD tai K.
1) Ta giac ABKD la hinh gi? Tinh KC, BK, AD, AM, DM.
2) Chimg minh: tam gidc ABM déng dang vé6i tam gide DMC.
3) Tinh BMC. : o
Bai 66: Cho hinh thoi ABCD c6 do dai canh 14 a v A =60°. Dudng
thing qua C cdt tia d6i cda tia BA, DA ¢ M va N.
1) Ching minh: tam gidc BCM ddng dang vdi tam gide DNC va
viét ti s& dong dang. ' ‘
2) Ching minh: BD = a va BM.DN = BD? .
3) Chitng minh: tam gidc BDM déng dang véi tam gide. DBM.
4) Goi K la giao diém ciia BN va DM. Ching minh: BKD = 120°.
Bai 67: Cho hinh vuong ABCD. Lay P trén canh AB, Q trén canh BC
sao cho BP = BQ. Goi H 1a hinh chi€u cia B 1én CP.
1) Chang minh: tam gidc HBC déng dang véi tam gide BPC va viét
ti s6 dong dang. S
. CH BH s ==
2} Chitng minh: —— = = vi so sdnh DCH v& QBH.
) Chimg minh: & =59 v Q
3) Ching minh: tam gidc CHD dong dang véi tam gide BHQ va
tinh s6 do DHQ.
Bai 68: Cho hinh vuéng ABCD. M la mot diém bat ky thude canh BC.
AM cdt DC tai P, DM cét AB tai Q, BP cit CQ tai I. Chilng minh:

AB BM BQ@ BM
2 CP _BC oy tam gidc CBP déng dang véi tam gide BCQ.
BC BQ ) : S
3) BP 1 CQ. '
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- Bal 6¥: Cho hinh vudng ABCD. M 13 mét diém bit ki tré nh
" khong trung B, C). AM cit CD tui E 5 Ten canh BC (M
" tai G, CF ¢4t BG tai H. . #LE, DM cit BE tai F, DM cit AB

1) So sinh 25 va B8 1y 4 ching minh: BH - BG
CE CD "CE DE
BG . AB -

2) So sanh; == as
cD P TE-

3) Chimg minh: BH.DE = AB.CD = BC.AD.
‘ 4) g;uf%\/l I:E;l‘inh; tam gidc BHC dong dang v6i tam gide DEA va
Bai 70: Cho tit gide ABCD o6 CAD = CBD. Goi O 13 giao diém cta AC
+ -va BD. Chitng minh: o ‘
1) Tam gide AOD ddng dang v6i tam gidc BOC.
OA OB S
oD OC’
: 3) Tam gidc AOB déng dang véi tam gide DOC.
|Bai 71: Cho ti gide ABCD c6 CAD = CBD. Goi O 1a giao diém cia AC
* va BD. Ching minh: ‘
1) ADB = ACB
3) BAC = BDC; ABD = ACD.
N 4) BAD + BCD = 180° va ABC + ADC = 180°.
1Bai 72: Cho tit gidc ABCD c6 hai dudng ché 2 BD cf
. bigt:o ct):i ‘%gc::AggB I;o hai du‘d.n.g chéo AC va BD cét nhau tai O.
" 1) Chimg minh: CAD = €BD; ADB - AGE.
2) Ching minh: BAC = BDC; A,djiﬁ = 1@
" 3) Ching minh: BAD + BCD = 180° va ABC + ADC = 180°,
Bai 73: Cho tir gidc ABCD ¢6 ADB = ACB. Goi O'{a giao didm cia AC
o va BD. 'I:rén dp’(‘)'ng chéo BD 14y diém M 3ao cho: MAD = BAC .
;; ((}}}}1:1’?1% Iﬁiﬁllilti;nm gidc AOB dﬁpg dang véi tam gide DOC.
aDobe migh: | -2 gidc ADM dong de_xn’g vdi tam gide ACB va
3) ggdél% —_I?KlgBtl\?{m gidc ABM dﬁng dang v6i tam gide ACD va
. 4) Ching minh: AB.CD + AD.BC = AC.BD. '
Bai 74: Cho ti gide ABCD c6 0A.OC = OB.OD véi O 1a giao diém cia
AC1 ;r% Eg;gTrﬁﬁhdtfmg chéo nglz?[ diém E sao cho: ABE = CBD.
: tam gidc 0 51 id 3
o B A0 g ok ot g OE™ 00
| ADog minh. fa giac ABE dong dang véi tam gide DCB va

2} 0A.0C = OB.O]j.
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ADBC = ECBD.
4) Chidng minh: AB.CD + AD.BC = AC.BD.

Bai 75: Cho ti¥ gidc ABCD. Liy diém M pam trong

= ABD va MCB = ADB. - _ 3 ‘

1) Ching minh: tam gidc BMC dong dang véi tam gidc BAD v&
 viét cde ti s6 dong dang.

2) Chitng mink: AD.BC = MC.BD va

ABC s-ao cho MBC

AB _BM
. . BD BC
3) Chitng minh: tam gidc ABM dbng dang véi tam giac CBD vi
AB.CD = AM.BD
4) Chitng minh: AM + MC 2 AC. Déu “=” xay ra khi nao?
5) Chitng minh: ABCD + ADBC = AC.BD. Diu “=” x3y ra khi nao?
Truwéng hop: canh - ¢enh - canh
Bai 76: Cho géc nhon xOy cé tia phan gide
A va C sao cho OA = 24cm. OC’ = 18em

va C sao cho OA’ = 16cm, OC = 27cm. Tré
B’ sao chio OB = 21cm, OB’ = 14cm.

. . .. . AB BC _AC
1} Tinh céc ti s B BC AT
2) Chitng minh: tam gidc ABC dong dang vdi tam gidge ABC.
Bai 77: Cho tam gide ABC c6 BC = a, AC = b, AB = ¢ va a° = be. Goi by, by,
h, 14n lugt 1a do dai dubng cao ké tif A, B, C clia tam giac ABC.
1) Ching minh: a.h, = b.hy = ¢.he. '

9) Chitng minh: 2o = Pr - B¢
a C

Trén tia Oy 14y cac diém A
n tia Ot 1dy céc diém B va

b |
3) Chifng minh: tam gidge ABC déng dang véi tam gidc c6 4o dai
céc canh bing 6 dai cdc dudng cao clia tam gidc ABC.

Truong hop: canh huyén cgnk gée vubng — ti sé dong deng
: Bai 78: Cho tam gidc ABC vudng tai A va tam gidc A'B'C” vudng tai A
5 AB _ BC '
e e sk k> O

o ¢ xg Bo =0

1) Chiing minh:

)
|
J
i
i
iy
i

AIC'
2) Ching minh: tam gidc ABC ddng dang vdi tam gidc ABC.
Bai 79: Cho tam gidc ABC va tam gidc AB'C' 14 hai tam gidc nhon ¢

e dut 14 la AH, AH. Bitt ring: k- 2T
cadc dubng cao lan lugt 12 , . Bi&t rang: BT AR
ACB=A'C'B'.

1q58

3) Chitng minh: tam giéc EBC déng dang vo: tam giac ABLY Vi

Ot. Trén tia Ox lay cdc diém|

vijs

1) Chilng minh: tam gidc ABH ddng dang véi tam gidc ABH.

2) Chitng minh: tam gidc ABC dong dang vdi tam giac ABC.

Bai 80: Cho tam gidc ABC vudng tai A va tam gide ABC’ vubng tai A’ ¢b cac

| e s AH A'H .

A’ Bigt rang: — . Chitag minh:
IS AR T AB &m

1) Tam gide ABH déng dang v6i tam gidc ABH.

2) Tam gide ABC ddng dang vdi tam gide ABC.

" dudng cao lAn huot 14 AH,

| Bai 81: Cho hai tam gidc nhon ABC va AB'C’ ¢6 cac dudng cao lan lugt

. s AX AB AC
1a AH, A’'H'. Biét rang: = = .
a ' 1el rang AH AB AT
1) Ching minh: tam giac ABH ddng dang v6i tam gide AB'H va
tam gidec ACH ddng dang véi tam gide A'CH.
2) Chitng minh: tam gidc ABC dong dang vdi tam gidc ABC va

AH _ AB _ AC _ BC
A'H A'B" A'C' BC
S AB.AC
3) Cha inh: ——aBC_ —
) Ching mint: o= " TABAC

Bai 82: Tam gidc ABH vuéng tai H ¢6: AB = 20em, BH = 12cm. Trén tia
d6: cia tia HB &y diém C sao cho AC = -gAH Ching minh:

1) Tam gidc ABH ddng dang véi tam giac CAH.
2) BAC = 90°.
Bai 83: Cho it gisc ABCD c6 BAD = 90°,CBD =
6cm va CD = 9em. Ching minh:
1) Tam gidc ABD déng dang véi tam gide BDC.
2) Ta gide ABCD 12 hinh thang vubng.
Bai 84: Cho tam gisgc ABC déng dang vdi tam gidc DEF. Ké cac dutng
cao AH va DKL _ re
1) Chifng minh: tam gidc ABH dbng dang véi tam gide DEK.
%) Chiing minh: 20 - AB_ AC_ BO

20° AB = 4em, BD =

DK DE DF EF

_ (;AE
SADEF

DE
Bai 85: Cho tam gidac ABC va tam gidc DEF ¢6

. Tt d6 T4t ra nhin xét gi?

SL\.ABC

3} Chirng minh:

2
J . Tt 46 rdt ra nhin xét gi?

AB_AC_IC

DE DF EF
- (k> 0). Ké cde dudng cao AH va DK

1) Chung minh: tam gide ABC dong dang véi tam gidc DEF.

2) Chung minh: tam gidc ABH dong dang v6i tam gide DEK.

3) Chtng minh: %Hk_ — k. Tir 46 riit ra nhan x6t gi?




EEEYE ) S Tt PRSP RN S

4) Ching minh: Ssamc _ 2. Tir @6 rat ra nhén xét gi?
ADEF
Bai 86: Cho tam gidc ABC déng dang véi tam glac DEF Ké cdc dudng
trung tuyén AM va DN. Ching minh:
BM .- AB

1) o=

o X o . AM _AB

2) Tam gidc ABM d6ng dang véi tam gide DEN va N DE

Bai 87: Cho tam gidc ABC déng dang v6i tam gidc DEF. Ké cac dudng|
phan gide trong Al va DK. Ching minh:

1) Tam gidc ABI déng dang véi tam gidc DEK.

gy AL _AB
DK DE | )  AB_AC_BC_
Bai 88: Cho tam gisgc ABC va tam gidc DEF eb DE DF EF

(lc > 0). Ké céc duing trung tuyén AM, DN va cdc du’dng phin gidc
trong Al, DK. ,
1) Ching minh: tam gidc ABC dong dang v6i tam gidc DEF.

2) Ching minh: = Al _ k. Tt 86 it ra nhan xét gi?

DN DK
Bai 89: Mot dudng thing song song véi canh BC cla tam gxac ABC cit :

AD 1
hai canh AB, AC& D va E. Cho biét — ==.-

AB 3
1) Ching minh: tam giac ADE dong dang vdi tam gide ABC.
2) Tinh ti s8 Saave )
AABC

Bai 90: Cho tam gidc ABC ¢6 D 12 trung diém cia AB, E 1a trung diénj- |

cua AC. ) - 5
1) Chitng minh: tam gidc ADE déng dang véi tam gidc ABC.

. e S
2) Tinh ti s6 —2ARE
AABC

Bai 91: Cho tam gidc ABC c6 D thuoc canh AB, E *huoc canh AC sa0

cho DE // BC. Cho biét S,mma =9 {cm?), Saarc = 16 (em?).
1) Ching minh: tam gidc ADE dong dang v6i tam gidc ABC.

AD AE DE
2) Tin hAB AC’BC’

Bai 92: Cho tam gidc ABC va M 1a mot diém tay ¥ trén canh BC. bK ‘
MD // AC (D € AB), ME // AB (E € AC). Cho bi&t Supup = a2, Sauce =
1) Chidng minh: tam gide BMD dong dang véi tam gidc MCE
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AAAAA

2) Tinh: BM, BM
MC’ BC
3} Tinh: Smﬁc, SADME theo a va h.

Bai 93: Mot dudng thing song song véi canh BC cia tam gide ABC cit
AB, AC ¢ D, E. Trén canh BC lay diém G. Cho b1et Supe = 9 (ecm?),
Spagc = 16 (cm2)

1) Ching minh: tam gidc ADE dong dang v6i tam gide ABC v

DE
tinh —
BC’

theo a va b.

2) Tioh e Spg
BCED

Bal 94: Cho tam gidc ABC c¢6 ba trung tuyén AD, BE, CF cit nhau tai

G. Trén cac doan AD, BE, CF lin lugt ldy A,, B,, C; véi
AAl BB, CC

AD BE CF '
1) Ching minh: A,, B;, Cilan lugt 13 trung diém ciia AG, BG, CG
2) Chitng minh: tam gidc A;B;C; déng dang véi tam gide ABC.

3) Tinh “SABiC1

3) Tinh Sapge.

=1
3

ABC

Bai 95: Cho tam gidc ABC ¢6 ba trung tuyén AD, BE CF cit nhau tai

-G. Trén cdc doan AD, BE, CF lin luot 18y Ay By, G ovéi

AA, BB, _CC, 1

2}
AD " BE - CF - §.T1nh Saa,B,c, Néu biét Suapc = 128 (cm)

Bai 96: Cho tam gidc ABC ¢6 ba trung tuyén AD, BE, CF va trong tdm
G. Gei M Ia trung diém cia BG. Dat Syape = S.

I)Chu'ng minh: GD _GM MD 1

AD BE CF 3 .« .
2) Tinh cdc dién tich S\ap, Sisne, Sacom theo S. ‘

Bai 97: Cho tam gisc ABC ¢b ba trung tuyén AD, BE, CF va trong tam G.
Goi M 14 trung diém clia BG. Pat. S, 12 dien tich ciia mot tam gidc co do
dai ba canh theo tht tif bing AD, BE, CF va S 1a dién tich tam glace ABC

Gb_GM _MD 1

1) Chitng minh:

2) Ching minh: S, =
3) Tinh S__\GQM theo S.

4) Ching minh: S, = -z-s.

9S.com-

Baj 98: Cho diém D § mién trong tam gidc ABC. Goi M, N, P lin luot 12

trong tam cia tam gidc ADB, tam gide ADC, tam gidc BDC va E, F,
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(x 1an luot 1a trung diém eua.Al), 8D, CL.
- MV FG MN
1) Tinh ti TG BC BC .
2) Chung minh; tam gidc MNP déng dang v6i tam gide ABC.

3) Tinh ti s6 SAT .
AABC

Bai 99: Cho hinh thang ABCD (AB // CD). Hai dudng chéo AC va BD
¢t nhau tai O. Biét ring
AB = Sem,~CD = 8em.
1) Chitng minh: tam gidc AOB ddng dang véi tam gide COD.
2) Tinh §_Aﬂ__
ACOD
Bii 100: Hinh thang ABCD ¢ day AB = a; CD = b. Hai dubng chéo ¢t nhau
tai O. Qua O v& dudng thing vubng goc voi AB tai H va cat CD tai K

‘OH OH 3 Saos . Samp
i theoavab. 2)Tinh ==, 822,
D Tinh G P HR Saso’ Saaco

3) Tinh Sao_
Sascn
Bai 101: T gide ABCD c6 dién tich bang 80 (ecm?), tam gide ABC co
dién tich bing 10 (cm®. Tu B k& duong thing song song voi AC cat
DA, DC ¢ M, N. K& DH L MN tai H, BI L AC tai L Goi K 1a giao

diém DH véi AC.

1) Tinh cédc ti 88 —— Bl DK

DK 'DH’

Suen 3 suy ra dién tich tam gide DMN.
ADMNB

~ 2) Tinh ti s8

II. BAl TAP NANG CAC

Bai 102: Cho tam gide ABC ¢6 ACB = 90° + ABC. K& dudng cao AH cia
tam gidc ABC. Chiing minh: AH? = BH.CH.

Bai 103: Cho tam gide ABC c6 ba goc nhon va ba dudng cao AD, BE, CF
cit nhau tai H. Ching minh: H la gizo diém clia ba dudng phan gidc
trong cla tam gidc DEF.

Bai 104: Cho tam gide ABC can ¢ A c¢6 AH vi BK 1a hai dmmg cao. Biét
rang BC = a; AC = b.

Tinh HK theo a va b.

Bai 105: Cho tam gidc ABC nhon ¢é AD, BE, CF 12 ba dubng cao va H
1 trye tam. Ly B, thude doan théng HB, C; thujc doan thing HC
sao cho AB,C = AC,B = 90".Chung minh: AB, = AC,.
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‘Bai 117: Cho tam gide ABC va tam gidc AB'C’ ¢6 BAC =

Bal LUt Cho tam gide ABC ¢6 BC = a, AC = b, AB = ¢ va 2° = be. Goi
h,, hy, h. lan lugt 13 d6 dai dubng cao ké ti A, B. C cia tam gisc
ABC. Chirng minh: tam gidc ABC dong dang v6i tam gide ¢d 4o dai
cac canh bing dé dai cac dudng cao ciia tam gise ABC.

Bai 107: Cho tam giac ABC vudng tai A ¢6 dudmg cao AH. Chdng minh:

1) AB* = BH.BC va AC® = CH.BC.
2) BC? = AB? + AC” 3) AH”= BH.CH.
4) AH.BC = AB.AC. LI SR

AI® AB? | AC?

Bal 198: Cho tam gidc ABC cé AB < AC va AD 12 duang phin gisc
trong. Vé tia Dx cang phia A d3i v6i BC sao cho CDx = BAC, Dx cit

"AC tai E. Chidng minh: DE = DB.

- Bai 109: Cho tam gidc ABC ¢6 Al 1a dudng phéan gidc trong. K& BD 1 Al

tai D; CE L Al tai E.
AD ID
Chiing minh: AE IR
Bai 110: Cho tam gidec ABC (AB < AC). Goi E, F lan luot 14 hinh chiéu
cua B, C 1én tia phan gidc trong cha géc A. Goi K la giao diém cua
FB va CE. Ching minh: AK 13 tia phin gidc cia géc ngoai ¢ dinh A
ctia tam gide ABC.

'Bai 111: Cho tam gise ABC ¢6 AB = 9em; BC = 16em; B = 2C Tinh AC.

Bai 112: Cho tam gidc ABC e6 BC = a, AC = ¢cva B=2C.
Chitng minh: b* = ac + ¢%.

Bai 113: Cho tam gidac ABC ¢6 AD la dudng phan gidc. Chiing minh: AD?
< AB.AC.

Bai 114: Cho tam gide ABC c6 dudng phan gidc trong AD. Chirng minh:
AD? = AB.AC - BDCD.

Bai ¥15: Cho tam gidc ABC ¢6 AB < AC va du’ang phan gidc ngeai AE.

Chiing minh: AE® = BE.CE — AB.AC.

b, AB =

“Bai 116: Cho tam giac ABC ¢d céc tia phan gide gée ngoai & dinh B va

C cit nhau tai K. Pudmg thing vudng géc véi AK tai K cdt AB, AC

theo thi ty tai D, E. Ching minh: tam gide DBK déng dang vdi tam

giae EXC.

+ ABC =180 BAC=B"A'C; ABC+ A B'C'=180°; ABC < ABC .
AC _ BC

Chuing minh: =
A'C’ B'CY

:;;j_.Bz‘li 118: Cho tam gide ABC ¢6 cdc dudng trung tuyén AM va BN. Bigt
- ring: CAM = CBN = 30°. Chdng minh: tam gidc ABC la tam gide déu.
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Bai 119: Cho tam gidc ABC can § A va H 1a trung diém cia BC. Goi I 1
hinh chifu vuéng géc cia H 1én AC va O la trung diém cia HIL Ching
minh: AQO L Bl .

Bai 120: Cho tam gidc ABC c6 hai dudng cao BB, CC’ cit nhau tai H.
Céc dudng thing vudng géc véi AB, AC tai A cat BB, CC’ theo that tu
tai M, N. K& trung tuyén Al cGa tam gidc ABC. Chitng minh: Al 1
MN.

Bai 121: Cho tam gidc ABC ¢6 ba trung tuyén AD, BE, CF va trong tam G.

Dat S, 1a dién tich ctia mdt tam gidc 6 do dai ba canh theo thi tu bang I

. -3
AD, BE, CF va S 1a dién tich tam giac ABC. Chimg minh: Sy'= n S.

Bai 122: Cho diém D & mién trong tam gidc ABC. Goi M, N, P 1an lugt

la trong tam ctia tam gisc ADB, tam gidc ADC, tam gié.c BDC.
1) Chitng minh: MP // AC. 2) So sénh: Saunp V61 S.arc.
Bai 123: Cho tam gidc ABC. Ldy D thudc canh BC; E thudc canh AC.

AD cit BE & O. Cho bist AO = 36em, DO = 9cm, BO = EO = 18em, |

BD = 12em. Tinh d6 dai AC, BC.

Bai 124: Cho tam gidc ABC cén & A ¢6 BC = 2a. Goi M 1a trung diém |
cia BC. Lay D thude canh AB va E thufc canh AC sao cho |

DME = ABC.
1) Ching minh: BD.CE khdng déi. .
2) Ching minh: DM la tia phan gidc cia BDE.
3) N&u tam gige ABC déu canh bing 2a. Tinh chu vi cla tam giac ADE,
Bai 125: Cho tam gidc ABC déu c6 O la trong tdm. Goi M thudc BC ve
MPJ.ABtaiP,MQ_LACtaiQ.MPCétOB&I;MQ_cétOC&K. '
1) Chiérng minh: MIOK 12 hinh binh hanh.
2) PQ cit OM & R. Chéng minh R 12 trung diém cia PQ. |

Bai 126: Cho hinh binh hanh ABCD ¢6 AC > BD. Ké CE L ABtai E, CF |

L AD tai F. Chdng minh: AB.AE + AD.AF = AC?

Bai 127: Cho hinh chit nhat ABCD ¢6 AD = mCD {m > (3)_. Lay diém N”I
trén canh AB, tia phan gidc cia géc CDM cat BC & P.. Qua Dlve
dudng thing vudng géc véi DP cit dudng thang AB tai E. Chung [+

minh: DM = AM + mCP.

Bai 128: Cho hinh thoi ABCD ¢6 do dai canh la a va- A= ?00_- Budng |
thing qua C cét tia dSi cia tia BA, DA & M va N. Goi K 1a giao diém =

cua BN va DM. -
1) Ching minh: BM.DN khéng doi.
2) Chitng minh: BKD = 120°.
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Bai 129: Cho tam gidec ABC vudng tai A, hinh vuéng EFGH néi ti€p tam
gidc ABC saocho E € AB, F « AC, G € BC, H € BC. Tinh EF néc
bigt BH = 2cm, CG = 8em.

Bai 130: Cho hinh vuéng ABCD. Liy P trén canh AB, Q. trén canh BC sac
cho BP = BQ. Goi H 12 hinh chiéu eta B 1én CP. Tinh s§ do DHQ. '

Bai 131: Cho hinh vuéng ABCD. M 13 mét diém bit ky thudc canh BC.
AM cét DC tai P, DM cit AB tai Q. Ching minh: BP 1 CQ. ‘

Bai 132: Cho hinh vudng ABCD. M 12 mét diém bat ki trén canh BC (M
khéng tring B, C). AM cit CD tai E, DM cét BE tai F, DM cit AB tai
G, CF cit BG tai H. Chitng minh: CF L ME. '

Bai 133: Ti gidc ABCD cé dién tich bang 36 (cm)?; tam gide ABC c¢
dién tich bang 11 (cm®). Tit B ké dudng thing song song: véi AC ci
DA, DC & M, N. Tinh dién tich tam gidc DMN. - :

Bai 134: Cho td gidc ABCD c6 DAC = DBC. Ching minh: AB.CD +
AD.BC = AC.BD. _ : '

Bai 1385: Cho tit gide ABCD c6 O 1a giao diém ciia hai dubng chéo va 0A.OC
= 0B.OD véi O la giao diém. Chitng minh: AB.CD + AD.BC = ACBD.

Bai 136: Cho tit giac ABCD. Ching minh: AB.CD + AD.BC = ACBD.
Diu “=” x3y ra khi nao?

Bai 137: T gide ABCD c6 ABD = ACD = 90°. Goi I, K l4n lugt 12 hink
chiéu cta B, C 1én AD; AC cit BD ¢ O, CI cit BK 6 M.

BI

1) Chitng minh: ti s& khodng cach tit O dén BI; CK biang ol
2) Chiing minh: OM 1 AD.

Bél TGP TRGC NGHIEM HOC Ki i

PAI SO
Bail: (2x + 1¥1 - 2x) =7 "
a 2x* -1 b. 4x%~ 1 c. 1-—4x? d.1-4x

Bai 2: Tim x bigt: 3x* -3(x +2)(x-2) =12x. Gi4 tri cla x la:

a1 b. 1 c. 0hotic1 d.%

Bai 3: Cho da thic A = (2a - b)3 -(a- b)3 -a®(7a —15b). Pa thdc A sau
khi thu gon bang:
a. —30a%b + 3ab? + 3ab?
c. 3ab2 R B

b. 6a% + 3ab*®
d. 3a%
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Baid:(x+y)°=7? _ -
a. (x+ y)(x2 - Xy + ) _ b. x*+ y o
-3y +3xy* -y d. Ca a, b va ¢ déu sai.

Bai 5: Tinh (3x - 4y)°

Bai 16: Tim x bigt: x*{3-x)+(x-1)" = 0. Gia tri cia x tim duge la:

a. (3x + 4y)(3x 4y) b. 9x° + 16y
. e 9+ 16y +24xy 4. C3 a, b va ¢ déu sai
Bai 6: Két qua cua tich. 3x(5 —-x)la ‘ 7
a.15-6x - b.15z—3x’ c. 15% + 6x d. 15x + 3x°
Bai 7: Chon ket qué ding cia phép chia 36x* y 4xy®
a -25—x° . b. 25 — x°
c.x—25 d. Ci a,bva c déu sai

-Bz‘:i_ 8: Bing_ thifc nao ding?
a. (x—2)2 =4 -4x+x°.

c. (x—2)2 ;--(2—}{)2.
Bai 9: Pdng thiic nio ding? |
a-2-—x?=(’x+J§){x-—J§). b. 2-x* =(2-x)(2+x).
c.2*x2=(\/§—x)2. d 2¥x2=(x+sf§)(\/§—x)

_')2{ bing véi phén thifc nao sau day:

" b. (x_—2)2=x2—2x+4, «
d (x-2) =x*+4x-4.

Bai 10: Phan thic 2

x—
x-2 2-x . 2
. b. ——— ) ¢ — d -1
- *x3 2-x 2
 Baill A ___ 1
. ‘ T x+1
a. x ' b(x—l)(x+_1) cx—1 d.x+1)

Bai 12: Bang thite nao dung?
a (x-2) =-(x- 2)° ' b. (x-
e (x-2f=-(2-x  d(x-
Bai 13: Ping thic no sai?
a. 2-x* =¥ +2.
c. 2-%% =(2-x).

Bai 14: Da thic A =(x2 —2y2)(x + 2y ?)-x

) _—(x+2)2

2) - (2-x)

-b. (x+3)2 =(—x—3)2.

d. 2—x2=(x+\/_2—)(\/§—x)

(x -2y ) Sau khi thu gon

cd dang: . . :
a. 0 b. 4y% '+ 2x° €. =25%y° — 4y' d. 2x%° - 4yt
Bai 15: Gia tri ciia da thic B=:u:2+_',r.2 biftx+y=9vax-y=5la:

a. 28 _ b. 53 . e 106 d. 56

o904 .

a. 1l b. 1 c. _L d. a, b, ¢ déu sai
| 3 _ 3
‘Bai 17: Cho biéu thic A =lo(x-y) -y(x-y) -x(x- y)z] Ax-y)
Khi d6 ‘
aA=2-y-x boA=2x-y)-y+x
c.A=x- 3y d. b, ¢ déu ding.
Bai 18: Mau thitc chung ca cac phén thdc: 3 4
- : - 2 4-x2 " x> +4x 4
a. (x + 2)(x — 2)° b. (x — 2x + 2)
ex — 2)x + 27 d. b, ¢ 4éu ding.
2
Bai 19: Cho M. —= -~ ;. Khi d6 M bing:
x?-2x+1 (} )
a b2 .2 a2
2 2 X X
2
Bai 20: Phan thde 1-—_—}-}» bing véi phédn thie nao sau diy:
k u—
a X1 p. 1oX% e X4 d —x
1 1
Bai 21: Cho A = *——% gia tri cda A bang O khi:
X =N
ax=-1 b.x=0 c.x=1 dx=2
Bai 22: Don thitc thich hop dién vao 6 trong dé duge dang thie ding:
4x% - 4xy + e = (2x - y):)'
a.l b. 4y° ey, d. 4
Bai 23: Tinh(2x + 3yX2x - 3y)?
a. 4x° ~ 9y° b. 4x° + 9y" e. 2x° - 3y* d. 4x - 9y
Bai 24: Chon cau ding: 4x*> - 9 =7
a. (4x — 9}4x + N ' b. (2x — 3U2x + 3)
e) 2x — 3)° d. (4x + 3}(4x - 3)
Bai 25: Mau thice chung cua hai phian thie 2 > va !
_ (1-x%) Bx(x-1)
a. 3x(x — 1)? b. (1 - x)°
e 3x(1-x) d. 3(x — 1)1 —x)°
Bai 26: Tinh (2x + 8){4x” - 6x +9):
a. 2x° + 27 b. 8x* - 27 c. 8x° + 28 d. (2x* + 3)°
205



x? -4

Bai 27: Phan thitc ndo bang phan thdc ?
xy + 2y .
<2 _4 _(x—2)2 . x-2 i
T xy -2y " x(y-2) Ty x-2
Bai 28: Tinh (3x — 2)° du’qe két qui la:
a. 9x* - 4 b.9x*+ 4 c.9x°-12x +4 d.9x" +12x+4

Bai 29: Bidu thic thich hgp phai dién vio chd trong (..o} ca (2x — 3X..... =
8a® — 27 la: ‘

a. 4a® —6a +9 b. 4a® + 6a + 9

c. 4a” + 122 + 9 d. 4a®*-12a +9
Bai 30: Thuong cia phép chia da thie 14x%® — 21x%y’cho don thie 7x%y* B

a.2 -3y b. 2x -~ 3y c.2x -3 d2+3y

Bai 31: Cho hinh thang can ABCD (AB // CD), bi€t s6 do A= 1250 8o
do C la: 7
a. 45° b. 55° c. 65° d. 125°

Bai $2: Chon ciu sai: (x — y¥ = ?
ax-2%xy+y
c.(x-ylx—-y

Bai 33: Chon ciu ding: Chia da thie(x®
thuong la:

b. y2 - 2xy + X
d. =* -y

— y%) cho da thie (x — y) duge

a.x2 - 2xy +y° b. x> +xy +y°
X —Xy+Y d.x2+y°
Bai 34: Chon ciusai: x> +y° = ?
a. (x +y)° b.x-yP+2xy cy+x d. (x + y)® — 2xy
Bai 35: Chon cau sai: 2006% — 2003 chia hét cho: ‘
a 3 b. 4009
c. 3 va 4009 d. a, b, ¢ déu sai.
Bai 36: (x - 2/ (2-x*=7?
aZ2-x b.x -2
c. —{x —2) d. a, b va ¢ déu sai

HINH HOC

Bai 1: Danh ddu dung (D) sai (S) vao 6 thich hgp:
a. T gidc c6 hai dudng chéo biéng nhau 14 hinh thang cian
b. Hinh binh hanh cé cdc eip géc ddi bing nhau
c. Hinh thang cé 2 géc bing nhau 1a hinh thang cén
d. Ti¢ gide c6 2 canh 461 bing nhau 13 hinh binh hanh
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Bai 2: Chon cau ding:
a. Hinh binh hanh ¢é 4 géc bang nhau.
~b. Hinh binh hanh c6 2 dugng chéo bing nhau
c. Hinh chit nhit ¢6 4 canh bing nhau.
d. Hinh thang can ¢6 2 goc ké 1 day bang nhau.
-Bai 3: Dang ky hiéu — dé néi cac y ding véi nhau.

a. Hinh thang ¢6 2 dudng chéo bing nhau l2 1) Hinh binh hanh

b. T gide ¢6 2 canh 461 song song va bang 2) Hinh chit nhit
nhau la 3) Hinh thang cin

Bai 4: Cho hinh thang cin ABCD (AB /4 CD) C6 C = 60° va AB = AD. S§

do DRC la:

a. 80° b. 90° e. 100° d. 120°

' Bai 5: Tw gide ABCD 6 A = 2B =28 = 4D. 56 do géc A bing:

“a. 40° b. 90° c. 120° d. 160°

~.Bai 6: Dé tir gidgec ABCD 1a hinh thang cin ta can ch:

a. AB//CD va gocAbanggocB b. AB // CD va AB = CD
c. AB/ CDva AD = BC d. Ca 3 cau a, b, ¢ déu sai
Bai 7: Hai diém A va B déi xdng v6i nhau qua duding thing d. Khi d
a. Vudng géc véi doan AB b. Di qua trung diém cia doan AB
¢. La dudng trung truc cia doan AB d. C4 a, b va ¢ déu sai
Bai 8: B¢ mot t gidc 12 hinh binh hanh ta cin ching minh: .
a. Tit gidc 6 hai canh d6i bing nhau
b. Tt gidc c6 hai gée dsi bang nhau :
c. Tt gide c6 mot cip canh 461 song song va mdt edp déi bang nhau
d. Cd 3 ¢au a, b, ¢ déu sai
Bai 9: Trong hinh binh hanh c¢é tinh chit sau:
a. Hai dudng chéo bang nhau b. Hai gée d%i bz nhau
¢. Céc canh ddi biing nhau d. Ca 3 c4u trén déu sai

- Bai 10: Trong céc tinh chét cia hinh binh hanh, tinh chat nao sai?

a. Céc gée d61 bang nhau

b. Cédc canh ddi bing nhau

c. Hai dudng chéo bing nhau.

d. Hai dudng chéo ¢dt nhau tai trung diém ciia méi dudng.

- Bai 11: Trong céc hinh sau hinh nao ¢ truc d6i xing

a. Hinh thang can b. Hinh thang
¢. Hinh binh hanh . d. Hinh thang vuong
Bai 12: Cho hinh thang ABCD (AB // CD). Cé A = 135° thi s6 do D bang
a. 55° b. 45°
c. 35° d.Caabva ¢.déu sai.
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Bai 13: Trong ¢ac hinh dugc liét ké sau, hinh n&o c6 tryc 467 xing?
a. Hinh thoi. ' b. Poan thing
¢. Hinh chit nhat d.Céa,b,c déu dung.
Bii 14: Cau phat biéu nao sau day 1a ding?
a. Hich chi nhat thi ¢6 mét géc vudng.
b. Tit gide c6 hai dubng chéo vudng goc 14 hinh thoi.
c. Hinh binh hanh thi 6 hai dudng chéo bing nhau.

d. Hinh binh hanh ¢6 mdt dudng chéo 12 dutng phéan gidc cua mét |

goc 1a hinh thoi. S :
Bai 15: Pubing chéo ciia hinh vubng dai 2m. Canh cia hinh vubng ds 1a
a Im | b. V2m c. %m' d. -z-m. '
Bai 16: Hinh thoi ABCD ¢6 AC = 8cm; BD = 6cm. Canh ctia hinh thot cd 4o
dai la: : ‘
a. Sem b. 9cm ¢. 10cm d. 12cm

Bai 17: Trong cic hinh duge 1iét ké sau; hinh nao ¢d tam dai xing.
a. Hinh thoi. b. Tam gidc déu :
c. Hinh thang _ d. C4 a, b, ¢ Géu ding.
Bai 18: Cau phat bidu no sau day 14 sai?
a. TYf gidc ¢6 mét gée vudng 1a hinh chir nhat.
b. Hinh binh hanh thi ¢é hai dudng chéo vudng géc 14 hinh thol.
- ¢. Hinh binh hanh thi tdm 461 xing. '
 d. Hinh chif nhat c6 mdt dutmg chéo 1a phan giac cia mot goe 12 hinh vudng.
Bai 19: Cho hinh thoi ABCD, dudng chéo AC dai 4m, dubng chéo BD
_dai 2m. Canh cia hinh thoi dai:. '

a. J3m b.Bm c.3m d.gm.

Bai 20: Hinh thoi ABCD c6 A = 60 canh ciia hinh thoi dai 2m. Butng
chéo BD dai:

a. 2m b.J53m ¢. 3m d. -gm
Bai 21: Tam gidc ABC vudng tai A ¢6 BC = 5em. B dai trung tuyén AM la:
a. gcm b. Sem e. 10cm d. 2,5cm.

* Bai 22: Hinh nao sau day khong c6 tam d6i xing?
a. Hinh vudng b. Hinh thang cin
c. Hint binh hanh d. Hinh tho

Bai 23: Td gisc ABCD 6 A:B:€:D =1:2:3:4. 88 do cdc goe cda tf
gide 1a: ‘
a. A =40%B = 80°C = 120%D = 160°
b. A=B=C=D=90°
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c. A=36%B=72%C=108%D = 144°
d. A =144%8 =108%C = 72°;D = 36°
Bai 24: Db dai hai dudng chéo cia hinh thoi 1a 24 cm va 32em. DO dai

canh cia hinh thoi la:

a. 40¢m b. 20cm ¢c. 28cm d. 30cm
Bai 25: Hinh binh hanh ¢6 bao nhidu truc doi xing?
a. 0 truc b. 1 truc - " e 2 true d. 4 truc

Bai 26: Ménh dé nao sau day 14 sal:
a. Tt gidc ¢6 ba gée vudng 1a hinh chif nhat

. b. T gidc ¢6 bén canh bang rhau 13 hinh thoi

c. Hinh chit nh4t ¢6 hai dudng chéo bang nhau 12 hinh vudng
d. Hinh chi¥ nhit ¢6 mét dubmg chéo 1 tia phén giac cita mdt goc la
hinh vuéng '

Bai 27: Cho hinh thang ABCD (AB / CD). C6 M, N 1an luot la trung diém

cia AD, BC. Bigt AB = Tcm va CD = 1lem. B9 dai doan MN la:
a. 4cm b. 9cm ¢. 12cm d. 18cm
Bai 28: Dau higu nao sau day khong la déu hidu nhéan biét hinh chif nhat?
a. Ta gidc ¢b ba goc vudng. '
b. Hinh binh hanh ¢ mét goc vuong
c. Hinh binh hanh cé hai dudng chéo bing nhau
d. Hinh binh hanh c6 hai dudng chéo vudng géc.
Bai 29: Chon dép an ding dé didn vao ché trong: “Trong tam gidic
vudng, ...... bing nda canh huyén”
a. Pudng trung tuyén dng v6i canh huyén
b. Puting trung tric dng-véi canh huyén
¢. Pubng cao @ng v6i canh huyén
d. Budmg phén gie dng véi canh huyén

. Bai 30: Chon cau tra i sai: Cho hinh thang vudng ABCD ( A =D=9"

¢6 B = 120° thi:
a. B =2C b. A-€=30°
¢c. a, b déu sal d. a, b déu ding
Bai 31: Tit gide ABCD c6 AC 1 BD tai O. P8 ABCD la hinh thoi cin
phai thém digu kién:
a. AB = BC b. AB/ CD
¢. O 12 trung diém cia AC va BD d. AC = BD.

' Bai82: Chon ciu ding: Hinh chif nhat trd thanh hinh vuéng néu co:

a. Hai dudng chéo bang nhau

b. Mot dudng chéo 1a phéan gidc ciia mdt:.gde

¢. Bén gbc vudng A

d. Hai dudng chéc cit nhau tai trung diém mdi dudng.
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Bai 33: Chon cau sai:
a. Hinh chit nhat ¢6 tat cd cac tinh chit cla hinh thang can va hinh
binh hanh.
b. Hinh vubng co tit ca cac tinh chat cia hinh chit nhat va hinh thai
c. Hinh ch& nhat c6 tit ca cde tinh chit cda hinh thoi.
d. Hinh thoi cé t4t ca cdc tinh ch&t cia hinh binh hanh.
Bai 34: Chon ciu dang:
a. Pudng trung tuyén trong tam gidc bdng nita canh huyén. _
b. Pudng trung tuyén trong tam gidc vudng bing nita canh huyén.
c. Pudng trung tuyén dng véi canh huyén trong tam gidc vudéng bing
nifa canh huyén. : :
¢. Hai cau B, C déu ding.
Bai 35: Chon cau sai: Mot tam gidce la tam gide vubng néu c6:
a. Téng binh phuong hai canh bang binh phuong canh thi ba
b. D6 dai dudng trung tuyén bing nita d6 dai mét canh
¢. Téng hai géc bing 90°
d. D dai dudng trung tuyé&n bing nia do dai canh tuong \ing.

BAI TGP TREC NGHIEM HOC Ki I

PAI SO |
Bai 1: Phuong irinh x(x + 2) = 0 co tdp hop nghiém la:
= {0} b. 8 = {2} c. 8=1{0; 2} d. S = {0; -2}

Bai 2: Gi4 tri x = 2 12 nghiém cia phuong trinh nao trong cde phuong
trinh sau day:
ax+2=0

Bai 3: Phuong trinh

dx+2=0

=0 ¢6 diéu kién xdc dinh la:

h.x2-2=0 c.x—-2=0

5
x+3 2x-4

a.x--3;x=2 b.x=-2;x=+3
cxz-3x=-Lix=#=-2 d.x=-3;x#2; x=~-2
Bai 4: Phuong trinh 5x = 0 ¢6 nghiém la:

a.x=5 b.x=0 c.x=-5 d x
Bai 5: Didu kién xéc dinh cia phuong trinh: % _ona
x+3 x-2
(oo _
o x#3 b. Xx# -3 . xz0 d x # -3
x#2 x=2 x=3 Xz -2
Bai 6: Tap nghiém cia phuong trinh (x — 2)(x* + 9) = 0 la:
= {2} b. S =(-9; 2 c. 83=19; 2} d. S ={0; 2}
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Bai 7: Phuong trinh 3x -5 =3x+ i_ eé:

b. Hai nghiém c. V6 nghiém 4. V5 s5 nghiém
' 5 7

a. Mgt nghiém

Bai 8: Diéu kién xdc dinh ciia phuong trinh = la:
| x-5 x(x-5)
axz0 b.x=5 c.xz0vax=5 dx=-5
Bai 9: Cho biét a < b thi bat ding thifc nio sau day la sai:
2. ?'-a<gb b.a-b<0 "~ c-5a>-5b d vga-:—-z—b
3 3 3 3

Bai 10: 'I‘rong cdc phuong trinh sau, phuong trinh nio 14 phuong trinh

.bie nhit 1 4n:

3

a. —+5=0 b.4x~6=0 c.x2—9=0 d.Ox—2=0.L
X .

Bai 11: S5 nghiém cia phuong trink (x + 1) (x2 + 4) =0 la:

a. i b. 2 7 c.3 .odo4
Bai 12: Phuong trinh x — 1 = 0 tuong duong v6i phuong trinh sau:
Cax+2=-3 b.x(x—1)=0"
c.dx+5=0 dx¥-1=0
Bai 13: Phuong trinh 47X _ 0 o6 didu kién xdc dinh 1a:
x-1 x+2
a. x=z1 b.x=-2

c.x=l;x=-2 dxz-1;x#2

Bai 14: Gi4 tri cha m dé phua'ng trinh 4x+m =0 ¢é nghiémx = —2 la:
a8 b. -6 - c. 6 d. -8

Bai 15: Phuong trinh (3x + 2)(x — 1) = 0 6 tip hop nghiém la:

a.8=@ b. -s={z;1} c.S={—E;—1} d-S={-E:1}
3 3 . -1 3

Bai 16: Xét xem x = -1 1a nghiém cla phuong trinh nao dudi day:
a.2x+1l=-x+2 b.xx-1)=
c.X+5=2(x-1) d3x+5=0

Bai 17: Phuong trinh ax + b = 0.(v8i a = 0) 12 phuong trinh:

a. Luén ¢6 mot nghiém.

b. Ludn cé hai nghiém.

c. Khong ¢6 nghigm:

d. Chx.sathexacdmhdumsonglnem

Bai 18: Phuong trinh 2x = 0 14 phuong trinh: -

a. C6 mét nghiém b. Cé tap nghlem la: {2}
c. Cé tip nghiém 1a: (-2} d. Cé tép nghiém la: @

. Bai 19: T4p nghiém ciia phuong trinh x> — 1 = 0 la:
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e -1 d. {0}

1;-1 b. & ) .
P ' ghiém cta bat phuong trinh:

Bai 20: Hinh vé sau la bidu dién tap n

533 580N —
AR L

b. -x$—2- -2

a;x<'—'2 c.x<-2 d.gz-2
Bai 21: Didu kién xdc dinh cia phuong trinh:
1 - 2+x _0 N
x-4 (x—l)(x—-4) |
. o 4
s x#d b, x4 e {x;ﬁ—é d.{x;e .
Tlx#l x#-1 gzl X#*—
Bai 22: T4p nghiém cda phuong tnnh (x +x—-1 =014
a. S 1; 8; -3t - : = {1 -8
= {1} : d S = {~1; -9}
Bax 23 Tinh (8z— 2)(3x + 2) duge két qua l1a:
a. 9x° -4 ‘ b.9x +4
c9x-123+4 d.9x +12x 4+ 4
Bai 24: Pang thifc ndo sau day sai: .
a(x+1\(1 =1- % o b—x -c—Eix2 9——(:;;3)
. -1 (x-—l)—x2+x+1 d —(x- 5)2-(—2-3&?)
Bai 25: Thuong cha phép chia da thm: 25a%% — 10a’h® cho don tiwic

gsilazbﬂ b.5+2b c.5a-b d. 52— 2b
‘Bai 26: Trong céc phu'cmg trinh sau, phtrdng trinh nao nghiém dung véi
moi x:
ax+2= 2 b. 0x + 7 1 {
c.lx—-2{= d.3x-1)~-2x=x-3

Bax 27: Trong céc phuong tnnh sau, phmmg trinh nao c6 tip nghiém la
=1{0; 1}: : ‘

. x(x-1)
a_(x+2)(x-3)= _ b. x+2 =0
: Tx
c. (3x — 2¥x + 5) = . d. (x - 2)(}{ + 3)

Bai 28: Trong céc bat phuong trinh sau, bat phu'a’ng trinh nao khéng 12
bat phuong trinh mt an:
a. 0x+7 20 .b.(x—l)(x-c-Z)sO
3-x20 dx+2<0 o
Ba129'Chom+ I1>n+1 Trongcackhangdmh sau, khang dinh nao sai:
.m>n . bm-3>n-3 ecm<n dm+5>n+b
Ba1 30: Phuong trinh: 7x -9 = 5% + 7 c6 nghiém 1a: o
2.x=8 b.x=1 ex=2 d. Két qua khée.

vy,

2 Tx+2

= a:
x® - 3x x 2

Bai 31: Pidu kién xdc dinh cGa phuong trinh:

axz20vax=3 b.x=0
c.x=3 d.x=0vax=-3
HINH HOC
Bai 1: Cho hinh vé: EF // BC. Ap dung hé qud dinh }i Talet ta cé:
EF _AE p. EF _AF L
"BC EB BC FC
EF _AE EF_AE o L F
BC AF‘ BC .AB / ‘ \ c
Bai 2: Cho hinh vé& BK la tia phan gide géc ABC, diéu két Judn ndo sau
day 1a ddng: : A
KB _AB KC _ BC K
"KC BC "KA AB
BK _AB a AB_KC |
"AK BC "BC AC B ¢
xs . . AB BC CA
Bai 3: T ic ABC va ta je EFG = . Kat 1
ai am gidc va tam gide c6: 5C - GF - BF #1 ludn

nao sau day la ding: _
a. Tam gidc ABC ddng dang v6i tam gidc EFG
b. Tam gidc ABC déng dang véi tam gide EGF
¢. Tam gisc ABC dbng dang vdi tam gidc GFE
d. Tam gidc ABC dong dang véi tam gide FGE.
Bai 4: Cho tam gidgec ABC. Mét dudng thing d song song véi BC cit
canh AB va AC 1an lugt tai M va N. Hay chon céu ding:
2 MN_AM MN_ AN e AB_AC q AN_AM
BC MB BC AC MB AN AC  MB
Bai 5: Cho tam gide ABC ¢6 A =40% B=80" va tam gidc DET c6
£ = 40% D = 60°. Chon cau ding: '
a. AABC &y ADEF
¢. AACB 9 AEFD

b. AFED 3 ACBA
d. ADFE 0 ACBA

4 Bai 6: Cho tam gidec ABC, D « AB; E € AC sao che DE // BC. Ap dung

dinh lf Talét vao AABC ta ¢6 ti 1& thde sau:
AD AE BD AC AD BC

- BB - EC 2B " BC c.ﬁzﬁﬁ d. Ca a, b va ¢ déu sai
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Bai 7: Cho tam gidc ABC, D € AB; E ¢ AC sao cho DE // BC. Biét

é@ = 12); va AC = 10cm. Tinh AE va EC

nB
a. AE = 2cm; EC = Bem b. AE = 6cm; EC = 4cm
d. C4a a, b va ¢ déu sai

¢. AE = 4dem; EC = 6em
Bai 8 Cho tam gidc ABC c6 AD la phan gide, tinh 50 %g— biét

AB = 4cm; AC = 8em; BC = 10cm.
., PB_s ,DB_, DB_2
DC 4 DC Dc 2

Bai 9: Cho tam giadc ABC c6 AB = 2cm, AC = 4em, BC = Scm va tam

giiic DEF ¢6 EF = 6cm, DF = 12em, DE = 3cm.Ta e6 thé k&t luan:

‘a. AABC déng dang v6i ADEF (ding dinh tuong tng)

b. AABC déng dang v6i ADFE (ding dinh tuong ¢ng)

¢. AABC dong dang v6i AFDE (dung dmh tLrong u’ng)

d. Civ a, b va ¢ déu sai.

d.Céa,bvécdéusai

Bai 10: Cho tam gidc ABC va tam gidc DEF c6 Ba §9— bé hai tam
DE DF
gidc nay dong dang theo trudng ho‘p canh——goc—canh thi ta can ¢6

thém diéu kién gi?
a. Géc A bing goc E
¢. Goc C bang géc F

b. G6c B béng goc D
d. Ca a, b va c déu sai

Bai 11: Cho tam gidc ABC dong dang véi tam gide MNP (da v1et ding-’

dinh tuong (ng). Biét A =100°va N =20° Tinh géc c?

a. € =20° b. C = 100°
c. C = 60° d. Ca a, b va ¢ déu sai.
Bai 12: Cho biét AB _ 3 . cD=8cm. Db dai AB la:
CD 5 ) _
40 .
a. 40em b. —3——cm c. 8,6¢cm d. 4,8cm

Bai 13: Cho tam gide ABC, M thudc canh AB, N thudc canh AC sao chc
MN // BC va AM = 2 MB. Ti s0 —l\é[—g la:
a. 2 - b. § c. 3 d. 2
2 3
Bai 14: Cho tam gide ABC c6 AB = 5cm, AC = 6cm, BC = 7em, phim
gide AD. Do dai BD la: o
a. 3_scm b. 35cm ¢. 1lcm d. gcm
11 ' 11
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. Bai 18 Td gidc déu la:

wjr-

Bai 15: N&u tam gidc ABC déng dang véi tam gide A’'B'C’ theo ti s
tam gidc A'B’C’ dong dang vdi tam gide A"B°C” theo tf s8 % thi tam

giac ABC dong dang véi tam gide A”B"C” theo ti s8.

3 1
a. — ' b. = e =
2 3 | c. 5 d. 6
e o .. AB 3 X it T 1
Bai 16: Cho biét -1 vd AB = 12dm. D¢ dai EF la:
a. 16em b. 9dm ~ ¢. 16dm Vd. 9em
Bai 17: Cho tam gidc ABC c¢6 D € AB, E ¢ AC. Néu DE / BC thi:
_AD _AE AD _DE
AB~ AC " AB  BC
DE AR .
c. E == - d. Qa ?':1, b. .vé c gﬁng.

a. Hinh chit nhit *b. Hinh vudng
¢. Hinh thoi 'd-Caabvac deu dung
Bai 19: Cho tam gidc ABC va tam gidc HIK c6 A=H va C=
a. Tam gidc ABC d6ng dang tam gidc HKI
b. Tam gidec ACB déng dang tam gide HIK
c. Tam gisc BCA dong dang tam gidc HIK
d. T4t cd a, b va ¢ déu ddng -
Bai 20: Cho tam gidc EFA. Mot dudng thang d song song véi EF edt cac
canh AE va AF lan lugt tai M va N. Ti 1¢ thic no sau day 12 ding:

ithi:

AM _AN . MN_AN MN_AM ..o yas
_ “AE-AF " EF AF U EF ME 2VRPOES
- Bai 21: Hai doan thing AB va CD ti 18 véi 4 va 3 thi: -
| AB 3
a — =
- *0p 4 . b. AB+CD
AB _CD |
c. —=—— d.-AB=4Vé.CD-=3
4 3 ;
Bai 22: Trong hinh vé cho MN / CB thi: C
a. ﬁ::;&. ﬂziN— |
, AB NC N
AM _ AB AM _ AN
AN~ AC MB AC A




Bai 23: Tam glac ABC dong dang v0‘1 tam gléc B'A’C’ thi:
a. R=A b. =B =C d B=A
. Bai 24: Chon ra cau dGng: - o
a. Hai tam gidc dong dang thi bing nhau.
b. Hai tam gidec bing nhau thi déng aang
c. Hai tam gidc cin thi dong dang. |
d. Bat ki hai tam gide vudng. nio cung 1a hai tam glac dong dan,, g nhau.

Bai 25: Cho tam gide ABC. Mot duong thing d song song véi BC cét céc
canhABvaAClanlddttmIvaK.Tile thlIcnao sau day la ding:

DI _AK K AL AK AL g AB_KC
"BC AC " BC I8 . " AC IB ) T AK
Bai 26: Cho tam gidec ABC dong dang v6i tam gide DEF —g—% =2 vi
dién tich tam gide DEF = 18cm” thi dién tich tam gide ABC bang:
. a. 18em® 'b. 36cm? d. 72em®

Bai 27: Mot hinh hép chix nhat cé 3. kich thuée Ia 5cm SCm 7em. Thé
tich hinh hép chit nhit la: '

a. 20cm® b. 47cm® ¢. 140cm® d. 280cm®
Bal 28: Hinh binh hanh c6 hai canh Jké bing nhau thi hinh 46 la:

| a. Hinh ch nhat : ' b. Hinh thot - ‘

. c. Hinh thang cin d. Hinh vudng. ]
‘Bai 29 Hinh thoi ¢in ¢ thém diéu kién gi saa day @€ n6 12 hinh vuong"

" b. C6 hai canh ké bing nhau

¢. C6 hai du’ung chéo vuong goc 4. C6 céc canh asi bang nhau.

Bai 30: Cho hinh thang ABCD (AB ./ CD). Co M, N 1an lugt Ia trung diém
caa AD, BC. Blet AB = 9cm vaCD = 15mn Do dai doan MN la:

h. 7,5¢cm d. I18cm

C. 54cm

a. C6 mot géc vudng-

a. 450m c. 12em

Bai 31- Cho tam g1ac A'BC dong dang véi tam gidc ABC theo tl s§
dong dang k = —, hidu chu vi eQla’ hai tam gidc la IOdm Chu vi cda

tam gidc A'B'C la.

a. 15dm " b. 20dm d. 30dm.

c. 25dm -

E . T ¥~}

Bai 32: Cho tam gide ABC déng dang v6i tam gidc A'B'C theo ti 0
dong dang k =§. Got AM, A'M’ tha ty l1a trung tuydn cia tam gide
A'B’C’. Bigt A’M’ = 15cm thi d@ dai cdia AM la:

“a. 6em b. 10cm

¢. 12em d. 22,5¢m

Bai 38: Hinh hop chit nhit ABCD.ABCD’ ¢6 s8 cip mit phing song
song la:

a. 2 : . b.3 c. 4 d. 6
Bai 34 I-Iinh hép chit nhit ABCDAB'CD ¢6 AB = 3cm, BC = dem, AA

.. = 6cm. Thé tich hinh hép chit nhat nay la:

b. 60em’®

a. 84cm® d. 42cm®

¢c. 72em?®
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KET QU& C&U HOI TRAS NGHIEM

HOCKil __HOC Ki n_ _
i pAlsG | HINH HOC paiSG | HINHHOC
: : b (B
1 ¢ 1 a,c,t(:l ()S) 1 d 1 d
> | a 2 d 2 ¢ 2 b
3 | b 3 | a3, b1l 3 | a 3 b
‘5 s | d 4 b 4 | b 4 b
: 5 d 5 d 5 b 5 d
| 6 b 6 a & a. & a
i l 7 d 7 c 7 [ 7 (]
| 8 a 8 d 8 c 8 c
g d ! 9 c 9 |- 9 d
10 | d 10 c 10 | b 10 b
11 c i1 a 11 a 11 c
12 ] d 12 b 12 { ¢ 12 d
13| c 13 c 131 ¢ 13 d
14 | d 14 d 14| a 14 a
15 | b 15 b 15 | 4 15 ¢
16 b 16 a 16 d 16 [
3 17 | ¢ 17 a 17| a 17 d
18 c 18 a 18 a 18 b
19| a | 19 b 19 a 19 d
20| a 20 a 20 | d 20 d
21 c 21 d 21 a 21 c
22 [+ 22 b 22 c 22 c
23 a 23 c 23 a 23 d
24 | b 24 b 24 | d 24 b
2 a 25 a 25 d 25 a
26 C 26 [ 26 d 26 d
27 | ¢ 27 b 27 | b 27 d
: 28 | ¢ 28 d 28 | a 28 b
29 8] 29 - a 29 o 29 a
20 a 30 d 30 a 30 c
31 b 31 c 31 a 31 a
3 | d 32 b 32 b
23 | b j 33 | ¢ 33 b
a4 | d | 34 - 34 c
35 | ¢ | 35 b
a6 | b
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