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TRUONG THPT PANG THUC HUA MON: TOAN 12
(Theot gian lam bai 90 phat)
Ho VA t8N i SINN.....oiiviecceeees S]=1 0 | Ma aé thi 132
Cau 1l: [2H2-1] Hinh tru tron xoay c6 d6 dai duong sinh bang | va ban kinh day bang r c6 dién tich
xung quanh S, cho boi cong thic
A. S, =2rrl. B. S,,=7rl. C. S, =2xr’. D. S, =4xr’.
Cau2: [2D2-1] Timtap nghiém S cua bat phuong trinh 4* < 2%
A. S=(L+w). B. S =(—0;1). C. S=(01). D. S = (—o0;+0).
A . . . x-3
Céu 3: [1D4-1] Tinh gigi han L=Ilim——
x>8 X+3
A. L=—oo0. B. L=0. C. L=+o0. D. L=1.
Cau4: [2H3-1] Trong khdng gian véi hé toa do Oxyz, cho mat cau (S): x* +(y—l)2 +2°=2. Trong
cac diém cho duéi day, diém nao nam ngoai mat cau (S)?
A. M (311). B. N(0;1,0). C. P(30:1). D. Q(3%0).
Cau5: [2D1-1] D6 thi ham sb nao trong cac ham sé duoc cho dudi day khéng co tiém can ngang?
2 a—
_xi2 B I e P 0
X +1 X+1 X+2 X+2
Cau 6: [2D2-1] Trong céc ham sé duoc cho dudi day, ham sé ndo c6 tap xac dinh 1a D=0 ?
A. y:ln(xZ—l). B. y:ln(l—xz). C. y:In(x+1)2. D. y:ln(x2+l).
Cau7: [2D4-1] Tim phén 4o cua s6 phuc z, biét (1+i)z=3-i.
A 2. B. -2. C. 1. D. -1.
Cau8: [2H3-1] Trong khdng gian véi hé toa dd Oxyz , cho hai diem A(L2;2), B(3;-2;0). Mot vecto
chi phuong ctia duong thang AB 1a:
A u=(-121). B. u=(L2-1). C. u=(2-42). D. u=(24;-2).
Cau 9: [2D2-1]Cho x, y la céc sb thuc tiy y. Ménh dé nao sau day 1a dung?
A eV =¢"+e’. B. eV =e"-¢’. C. e¥ =g'¢. D. e_y =e",
e
Cau 10: [1D2-1] Ki hiéu A 1a s6 cac chinh hop chap k ciia n phan ter (1<k <n). Ménh dé nao sau
day dung?
n! n! n! n!
A A= . B.A=——— . C. A=——""_. D. A = .
A = (e, T AT I T R T
Cau 11: [2H1-2] Néu tang kich thudc cia mot khdi hop chix nhat 18n 3 1an thi thé tich caa né ting 1én
bao nhiéu lan?
A. 27 lan. B. 9 lan. C. 18 lan. D. 3 lan.
Cau 12: [2D1-1] Choham s y = f (x) 6 bang bién thién nhu hinh v&. Khing dinh nao sau day la sai?



NG LN\

A. Ham sb dat cuc dai tai x=0 va x=1.
B. Gia tri cuc tiéu cua ham sé bang —1.
C. Gia tri cuc dai cia ham sb bang 2.

D. Ham s dat cuc tiéu tai x=-2.

Cau 13: [2D1-2] Cho db thi ham sé y = f (x) c6 @6 thi nhu hinh v&. Tim s6 nghiém cia phuong trinh

f(x)=x.

A. 0. B. 1. D. 3
Cau 14: [2D3-2] Tinh tich phan | = | LA

1
A l=1+21, B.1=2-1 C.l=2+21. D.1=1-1
e e e e

Cau 15: [2D4-1] Hoi diem M (3;-1) la diém bieu dién s6 phirc nao sau day?

A z=-1+3i. B. z=1-3i. C.z2=3-1I. D. z=-3+i.

Cau 16: [2H3-1] Trong khdng gian vai hé toa d6 Oxyz, phuong trinh nao dugc cho dudi day la phuong
trinh mét phang (Oyz)?
A X=y+1z. B.y-z=0. C.y+z=0. D. x=0.
Cau 17: [2D1-3] Cho ham s6 y = f(x) xac dinh, lién tuc trén R va c6 dao ham f'(x). Biét ring
f'(x) c6 d6 thi nhu hinh v& bén. Ménh dé nao sau dy dung?
y A

/\_ o
3] \/ x

f (x) dong bién trén khoang (-2;0).
f (x) nghich bién trén khoang (0;+o).
f

Y

A. Ham sb

y
B. Ham s6 y
y

C. Ham s (x) dong bién trén khoang (—;3).



Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Céau 23:

Céau 24:

Céau 25:

D. Ham s y = f (x) nghich bién trén khoang (-3;-2).

[1D1-2] Cho céc gia thiét sau day. Gia thiét nao két luan duong thang a song song véi mat
phing («)?

A. allbvabc(a). B. all(B) va(B)!l(a).
C.allbvabll(a). D. an(a)=9.

[2H3-2] Trong khdng gian véi hé toa do Oxyz, cho hai diém A(L2;2), B(3;-2;0). Viét
phuong trinh mat phang trung truc cua doan AB.
A x-2y-2z=0. B. x-2y-z-1=0. C. x-2y-z=0. D. x-2y+2z-3=0.
[1D2-2] Mét chiéc hop c6 chin thé danh s6 thir tu tir 1 dén 9. Rat ngau nhién 2 thé roi nhan
hai s6 ghi trén thé lai véi nhau. Tinh xé4c suat dé két qua nhan duogc 12 mot sé chan.

2 B. 2. c.t D. 2.

54 9 9 18

[2D3-1] Cho ham sé f(x) théa man dong thoi cac diéu kien f'(x)=x+sinx va f(0)=L1.
Tim f(x).

2 2

A. f(x):X?—cosx+2. B. f(x)=X?—cosx—2.
2 2

C. f(x):x—+cosx. D. f(x):x—+cosx+£.
2 2 2

[2D3-1] Tinh dién tich S cua hinh phang gigi han boi cac duong y=e*, y=2, x=0, x=1.
A. S=4In2+e-5.  B.S=4In2+e-6. C.S=¢’-7. D. S=e-3.

[2D2-1] Cho céc s6 thyc duong a, b théa mén log,a=x, log,b=y. Tinh P =log, (a’b®).
A. P=x%y3. B. P=x%+y*. C. P=6xy. D. P=2x+3y.

[2D1-2] Cho ham s6 y = f (x) c6 bang xét dau dao ham nhu sau:

I

!

y 0 + 0 -

—¢ -1 0 1 +00

Ménh dé nao sau day dl'mg.

A. min f(x)=f(0). B. max f(x)=1f(1). C. maxf(x)="f(0). D. min f(x)="f(-1).
min §(x)=1(0). B, max f()=1(1). C.maxt(x)=1(). D. min f(x)=1(-]

[2D1-1] Pudng cong & hinh dudi day cuia mot dd thi ham sd.

7 |

Hoi ham s6 d6 1a ham sé ndo trong cac ham s sau day:



Céu 26:

Céu 27:

Cau 28:

Cau 29:

Céau 30:

Céau 31;

A y=—x-4. B.y=x3-3x’-4. C.y=-x*+3x—2. D.y=—xX+3x*-4.

[1D3-2] Mot cong ti trach nhiém hitu han thuc hién viéc tra luong cho cac ki su theo phuong
thirc sau: Mirc lwong caa quy 1am viéc dau tién cho cong ti 1a 4,5 triéu dong/quy, va ké tir quy
lam viéc thtr hai, mac lwong s& duge ting thém 0,3 triéu dong mdi quy. Hay tinh tong sb tién
lvong mét ki su nhan dugc sau 3 nam lam viéc cho cong ti.

A. 837 (tricu dong). B. 78,3 (triéu dong). C. 73,8 (triéu dong). D. 87,3 (triéu dong).

[1D2-2] Cho c4c s6 ty nhién m, n théa man dong thoi cac diéu kien C2 =153 va C" =C™?,
Khi d6 m+n bang
A. 25, B. 24. C. 26. D. 23.

x-4 y-1 z+5

[2H3-2] Trong khong gian véi hé toa @ Oxyz, cho hai duong thang A, : 1 5

va A, :X;Z:y—H:E. Giast M eA,,NeA, sao cho MN la doan vubng goc chung cua
1 3 1

hai duong thing A, va A,. Tinh MN .

A. MN =(5-510). B. MN=(2-2;4). C. MN=(3-36). D.MN=(1-12).
[1H3-3] Cho tir dién ABCD ¢6 AB=CD=a. Goi M va N lan luot 13 trung diém cua AD
va BC . Xéc dinh d6 dai doan thang MN dé goc giita hai duong thaing AB va MN bing 30°.

A

a a3 _a_\/§ a

A. MN =—. B. MN =——. C. MN D. MN =—.
2 2 3 4

[2D3-2] Tinh thé tich V cua vat thé nam giita hai mat phang x=0 va X =, biét rang thiét
dién cua vat thé bi cit bsi mat phiang vudng goc véi truc Ox tai diém c6 hoanh do
X (0<x<7) lamot tam gidc déu canh 2+/sinx .

AV =3, B.V =3rx. C.V =27.3. D.V =23.

[2H3-2] Trong khdng gian véi hé toa do OXyz, cho hai diém A(0;2;-2), B(2;2;-4). Gia su
I (a;b;c) 1a tim dudng tron ngoai tiép tam giac OAB. Tinh T =a®+b* +c?.

A. T =8. B.T=2. C.T=6. D.T=14.



Cau 32:

Céu 33:

Cau 34:

Céu 35:

Cau 36:

Céau 37;

Céau 38:

Céau 39:

Céau 40:

Céau 41:

[1H3-3]Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh a va SA_L(ABCD),
SA=x. Xéc dinh x dé hai mat phang (SBC) va (SDC) tao véi nhau mét géc 60°.

A x=a3. B. x=a. C. x=2¥8 D. x=2.

2 2
2H3-3] Trong khong gian véi hé toa do Oxyz, cho duong thing d: X F1=Y _2=2 1,
[ - v S S 9 . 2 :IZ 1 ’ mat

phing (P):x+y—-2z+5=0 va A(1-12). buong thang A cit d va (P) lan luot tai M va
N sao cho A la trung diém cuia doan thang MN . Mot vecto chi phuong cua A

A 0=(2;32). B. 0=(3-12). C.0=(-351). D. 0 =(4;5;,-13).
[1D5-3] Cho ham s6 y =x*+3mx? +(m+1)x+1 c6 dd thi (C). Biét ring khi m=m, thi tiép
tuyén véi do thi (C) tai diém c6 hoanh do bang x, =—1 di qua A(L3). Khang dinh nao sau
day dung?

A. -1<m,;<0. B. 0<m, <1. C.1l<m,<2. D. 2<m,<-1.
[2D3-4] Cho ham s6 f (X) c6 dao ham xdc dinh, lién tuc trén doan [0;1] dong thoi théa man
cac diéu kien f'(0)=-1 va [f’(x)]2 =f"(x). Pat T = f (1)- f (0), hay chon khang dinh
ding?

A —2<T<-1. B. -1<T <0. C. 0<T <1 D.1<T<2.

[2D2-2] Goi z,, z,, z, la cac nghiém clia phuong trinh iz° —22% +(1-i)z+i=0. Biét z, lasd
thuan ao. Pat P = |Z2 — 23| , hdly chon khing dinh dang?

A. 4<P<5. B.2<P<3. C.3<P<4. D.1<P<2.

[2D2-2] Tich tit ca céc nghiém ciia phuong trinh log2 x+/log, x+1 =1

-1 ]
A2 2, B. 1. C.22

p. L.
2

Px2—x+1, a-4Jb

[2D3-2] Biét ran dx = , voi a, b, ¢ la cac s6 nguyén duong. Tinh
s !x+m s s

T=a+b+c.

A. 31. B. 29. C. 33. D. 27.

[2H1-2] Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Goi K 14 trung diém cua
DD'. Khoang cach gitta hai duong thang CK va A'D bing

A V3 g &3, c. 2% D. 2.
3 2 3 3
, o : ; . logg (mx) ,
[2D2-3] C6 bao nhiéu gia tri nguyén cua tham s6 m dé phuong trinh =2 C0
0gs (X+1)

nghiém duy nhat?
A 1. B. 3. C. V4 sb. D. 2.
ax®?+bx+1,x>0

.Khiham s f (x) co dao hamtai x. =0. Ha
ax—b-1,x<0 ( ) ' A % Y

[1D5-3] Cho ham sb f (x) :{

tinh T =a+2b.



Céu 42:

Céu 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Céau 49:

A T=-4. B. T=0. C.T=-6. D. T =4.
[2H1-3] Cho lang tru ABCAB,C, c6 dién tich mat bén ABB,A bang 4 ; khoang cach giita canh
CC, va mit phang (ABB,A ) bang 7. Tinh thé tich khéi lang tru ABCABLC, .

A. 14. B.g. C.E. D. 28.

3 3
[2D1-4] C6 bao nhiéu gid tri nguyn coa tham s6 m dé phuong trinh
cos3X—C0s2X+mcos X =1 ¢6 dung bay nghiém khac nhau thugc khoang (—%;Zﬂ'j ?
A. 3. B. 5. C.7. D.1.
[2D1-4] Biét raing ham sé f (x) c6 d thi duoc cho nhu hinh v& bén. Tim sé diém cyc tri cua
hamso y=f[ f(x)].

YA

=~

[ ——— X

A. 5. B. 3. C. 4. D.6.

[1D2-3] Tircac chirsé 0, 2, 3, 5, 6, 8 co thé lap duoc bao nhiéu sb ty nhién gom 6 chir sé
d6i mot khac nhau trong d6 hai chir sé 0 va 5 khong dung canh nhau.
A. 384. B. 120. C. 216. D. 600.

[2D1-4] Cho ham sé f (x)= ‘8x4 +ax®+b|, trong 46 a, b la tham sé thuc. Biét rang gié tri 16n

nhét ciia ham s6 f (x) trén doan [-1;1] bang 1. Hay chon khang dinh dung?

A. a<0, b<0. B.a>0,b>0 C.a<0,b>0. D.a>0, b<0.
[2D2-2] Cho t&r dién déu ABCD c6 mét duong cao AA.Goi | 1a trung diém AA . Mat
phfmg (BCI) chia t& dién ABCD thanh hai t& dién. Tinh ti s6 hai ban kinh cua hai mat cau

c.t D. /ﬁ.
4 153

[2D4-4] Cho sb phirc z théa man 5|z —i|=|z+1-3i[+3|z—1+i|. Tim gia tri I6n nhat M cua
|z—2+3i| ?

A.M:%. B. M =1++/13. C.M =45, D. M =9.

ngoai tiép hai tir dién do.

iy B.
51

N |-

[2H3-3] Trong khdong gian véi hé toa do Oxyz, cho hai diém A(0;2;2), B(2,-2;0). Goi

I, (LL-1) va 1,(3;L1) 1a tim cia hai dudng tron nam trén hai mat phang khac nhau va cé



Cau 50:

chung mot day cung AB. Biét rang ludn c6 mot mat cau (S) di qua ca hai duong tron ay. Tinh
ban kinh R cua (S).

A.R=—“2319. B. R=22. ca:%. D. R=26.

[2D3-4] Cho ham s6 f(x) c6 dao ham lién tuc trén doan [0;1] théa man
1 1 1

f(1)=1,j[f'(x)]2dx=§ va jf(&)dx:é.ﬁnh tich phan 1 = [ f (x)dx.
0 0 0

A,|:§_ B.I:l. C.I:§. D.Izl.
5 4 4 5



BANG DAP AN

112|3(4/5|6|7|8]9|10(11(12|13|14|15[16|17|18|19|20|21|22(23|24|25
A/B/B|C|C|IDIB|/A|IDID/A|IA|D|/B|C|D/B|D/DID|{A|A|D|B|D
2627281293031 32|3334|35|36(37|38|39|40(41|42|43|44|45|46|47|48|49|50
c,c/ B/ B|DIA|\B|A|B|A|B|A|C|D|C|C|A|D|IC|A|C|A|lC|C|B
HUONG DAN GIAI
Cau 1: [2H2-1] Hinh tru tron xoay c6 d6 dai duong sinh bang | va ban kinh day bang r c6 dién tich
xung quanh S, cho boi cong thic
A. S, =2rrl. B. S,,=7rl. C. S, =2xr’. D. S, =4xr’.
Loi giai
Chon A.
Cau2: [2D2-1] Tim tap nghiém S cua bit phuong trinh 4* < 2**
A. S =(1;+oo). B. S :(—oo;l). C.S :(O;l). D. S z(—oo;+oo).
Loi giai
Chon B.
Taco 4 <2 = 2" <2 & x<1.
A . . X—=3
Céu 3: [1D4-1] Tinh gigi han L=Ilim——
x>3 X+3
A. L=—oo0. B. L=0. C. L=+o0. D. L=1.
Loi giai
Chon B.
Taco L=Iimx—_3=ﬁ=0
>3 X+3 343
Cau 4: [2H3-1] Trong khdng gian véi hé toa o Oxyz, cho mat cau (S): x* +(y—1)2 +2*=2. Trong
cac diém cho dudi day, diém nao ndm ngoai mat cau (S)?
A. M (311). B. N(0;1,0). C. P(30;1). D. Q(310).
Loi giai
Chon C.
M3t cau (S) c6 tam 1(0;10), ban kinh R=+2.
Khoang cach tir cac diém da cho tGi tdm mat cau:
Ml =42 =R; NI =0<R, PI =/3>R, QI =1<R. Do dé diém P nim ngoai mit cau.
Cau5: [2D1-1] B4 thi ham sb nao trong cac ham sb duge cho dudi day khdng co tiém can ngang?

X+2 X+2 x? -1 1
A. y= . B.y=——. C.y= } D.y=—.
y x?+1 y X+1 y X+2 y X+2
Loi gidi
Chen C.

P X+2 n X ale L A 2 4in o
Tacé lim —— =0 nén d6 thi ham s6 co tiém can ngang y =0.

x40 X 41




Céau 6:

Cau7:

Céau 8:

Cau 9:

Céau 10:

Cau 11;

. X+2 n X al- L IS ~

lim —— =1 nén do thi ham so c6 tiém can ngang y =1.

x—>*o X 4+

.ox*-1 Xt R T S

lim =400, lim = —oonén do thi ham s6 khdng c6 tiém can ngang.
X+ X 4+ 2 x>0 X + 2

lim LZ =0 nén d6 thi ham sé c6 tiém can ngang y =0.
X—>Fo0 X+

[2D2-1] Trong cac ham s dugc cho dudi day, ham sé nao c6 tap xac dinh la D=0 ?

A. y:ln(xz—l). B. y:ln(l—xz). C. y:In(x+1)2. D. y:ln(x2+l).
Loi gidi

Chon D.

Diéu kién xac dinh caaham sb y=Inx la x>0.

Do d6 chi ¢6 ham s6 y =In(x* +1) c6 diéu ki¢n x> +1>0 (ludn ding).

[2D4-1] Tim phan 4o ctia s6 phirc z, biét (1+i)z=3-1i.

A 2. B. 2. C.1. D. -1.
Loi giai
Chon B.
Taco: (1+i)z=3-i <:>z:3—__i<:>z:w =z72=1-2i.
1+i (1+i)(1-1)

Vay phan 4o caa sb phic z bang —2.
[2H3-1] Trong khdng gian véi hé toa @ Oxyz, cho hai diem A(1;2;2), B(3;,-2;0). Mot vecto
chi phuong cua duong thang AB 1a:
A u=(-121). B. u=(L2-1). C. u=(2-42). D. u=(24-2).
Loi giai
Chon A.
Taco: AB=(2-4,-2) =-2(-121).

[2D2-1] Cho x, y la c4c sb thuc tlly y. Ménh dé nao sau day la ding?

A e =e"+e’. B. e =¢"-¢’. C. e =¢e"¢. D. e—yzex‘y.
e
Loi gii
Chon D.
Ly thuyét.
[1D2-1] Ki hi¢u A" 1a sé cac chinh hop chap k cua n phan tir (1<k <n). Ménh dé nao sau
day dung?
n! n! n! n!
A A= : BA=———. C.A=———. D A= :
A = ) ST T T P TR R T
Loi gidi
Chon D.
Ly thuyét.

[2H1-2] Néu tang kich thudc caa mot khdi hop chir nhat 18n 3 lan thi thé tich cia no ting 1én
bao nhiéu 1an?



A. 27 lan. B. 9 lan. C. 18 lan. D. 3 lan.
Lo giai
Chon A.
Goi a, b, c (a>0, b>0, ¢>0) lakich thudc ban dau caa khdi hop chit nhat.
Khi tang kich thuéc kich thuée 1én 3 1an ta duoc do dai ba canh 1a 3a, 3b, 3c.
Goi V va V' lan luot 1a kich thudc ban dau caa khdi hop chir nhat va kich thuéc sau khi ting
1én 3 1an; khi d6: V' =3a.3b.3c =27abc =27V .

Cau 12: [2D1-1] Chohamso y = f (x) 6 bang bién thién nhu hinh v&. Khing dinh nao sau day la sai?

T — o0 -2 0 1 + o0
y' - 0 + + 0 -

TNV VAN

A. Ham sé dat cuc dai tai x=0 va x=1.
B. Gia tri cuc tiéu cia ham sé bang —1.
C. Gi4 tri cuc dai cia ham sé bang 2.

D. Ham sb dat cuc tiéu tai x =—2.

Loi giai
Chon A.
Dya vao BBT, ham sb khong dat cuc tri tai x=0.

Cau 13: [2D1-2] Cho db thi ham s6 y = f (X) c6 dd thi nhu hinh v&. Tim s6 nghiém cia phuong trinh

f(x)=x.
L
A. 0. B. 1. C. 2. D. 3.
Loi gidi
Chon D.
S6 nghiém cia phuong trinh f (X)=x bing s giao diém cua do thi ham s6 y = f(x) va
y=X.

Dua va hinh V& suy ra phuong trinh f (x)=x ¢ 3 nghiém.



Cau 14: [2D3-2] Tinh tich phan | = [ L+ X ix.
X
1
A l=1+1, B.1=2-1 C.1=2+1, D.1=1-1.
e (S € e
Loi gidi
Chon B.
I=J'1+2de=j(i2+ijdx:(—1+In|x|j —2- 1.
L X (X x X ) e

Cau 15: [2D4-1] Héi diém M (3;-1) la diém biéu dién s6 phirc nao sau day?
A z=-1+3i. B.z=1-3i. C.z2=3-i. D. z=-3+i.
Lot giai
Chon C.
biém M (a;b) trong mot hé toa do vudng goc cua mit phang duoc goi la diém bicu dign so
phac z=a+hi.
Do d6 diém M (3;-1) 1a diém biéu dién s6 phic z=3-i.
Céau 16: [2H3-1] Trong khdng gian vai hé toa d6 Oxyz, phuong trinh nao dugc cho dudi day 1a phuong
trinh mat phang (Oyz)?
A X=y+1z. B.y-z=0. C.y+z=0. D. x=0.
Loi giai
Chon D.
Mt phang (Oyz) di qua O(0;0;0) va nhan n=(10;0) lam vec to phap tuyén.

Cau 17: [2D1-3] Cho ham s6 y = f(x) xac dinh, lién tuc trén R va c6 dao ham f'(x). Biét ring
f'(X) c6 dd thi nhu hinh v& bén. Ménh dé nao sau day ding?
y A

[\ o
3] \/ x

¥

A. Ham s6 dong bién trén khoang (-2;0).

C. Ham sb

y

B.Ham s6 y =
y dong bién trén khoang (—;3).
y

(x)
(x) nghich bién trén khoang (0;+).
(x)

D. Ham s6 (x)

nghich bién trén khoang (-3,-2).
Loi gidi

Chon B.

Tir d6 thi ham f'(x) ta c6 BBT:



Céu 18:

Cau 19:

Cau 20:

Cau 21:

X —o0 -3 -2 0 +o0
f'(x) - 0 + 0 - 0 -

Tir bang bién thién ta thiy ham s6 y = f (x) nghich bién trén khoang (0;+).

[1D1-2] Cho céc gia thiét sau day. Gia thiét nao két luan duong thing a song song véi mit
phing («)?

A. allbvabc(a). B. all () va (B) /I ().
C.allbvabll(a). D. an(a)=9.

Loi giai
Chon D.

[2H3-2] Trong khdng gian véi hé toa do Oxyz, cho hai diém A(L2;2), B(3;-2;0). Viét

phuong trinh mat phang trung truc cua doan AB.

A. x—-2y—-2z=0. B. x-2y-z-1=0. C. x-2y-z=0. D. x-2y+2z-3=0.
Loi giai

Chon D.

Chon M (2;0;1) la trung diém cua doan AB.

Mat phang trung truc cua doan AB di qua M va nhan AB=(2;—4;~2) lam 1 vec to phap

tuyén.

2(x—2)-4(y-0)+2(z-1)=0<=x-2y+2z-3=0.

[1D2-2] Mét chiéc hop c6 chin thé danh s6 thir tu tir 1 dén 9. Rat ngau nhién 2 thé rdi nhan

hai s6 ghi trén thé lai véi nhau. Tinh xac suat dé két qua nhan duoc 12 mot s6 chan.

2 B. 2. c.t p. 13,
54 9 9 18
Loi giai
Chon D.
. ; L s Z 1
Truong hop 1: hai so rat ra déu la so6 chan: p, :C—‘; =5
9
‘ e CC! 5
Truong hop 2: hai so rat ra c6 mét so 1€, mot s6 chan: p, = o2 :5
9
PSR SR S S NV SEUR A 1 5 13
Vay xac suat dé ket qua nhan duoc la mot so chanla p=p, + p, =6+§ TE
[2D3-1] Cho ham sé f(x) théa man dong thoi cac diéu kien f'(x)=x+sinx va f(0)=L1.

Tim f(x).

2 2

A. f(x):%—cosx+2. B. f(x):%—cosx—Z.
2 2
C. f(x):x—+cosx. D. f(x):X—+cosx+£.
2 2 2
Loi giai

Chon A.



Cau 22:

Cau 23:

Céau 24:

Céau 25;

2
Taco f'(x)=x+sinx= f(x)=X?—cosx+C; f(0)=1<-1+C=1<C=2.

2

Vay f(x)=X?—cosx+2.

[2D3-1] Tinh dién tich S cua hinh phang gigi han boi cac duong y=e*, y=2, x=0, x=1.

A. S=4In2+e-5. B.S=4In2+e—6. C.S=e*-7. D. S=e-3.
Loi giai

Chon A.

1
Goi S la dién tich can tim. Tacé S :I e*—z‘dx.

0
Xéte*-2=0 < x=In2.
Bang xét dau e* —2:

X | 0 In2 1
e* -2 - 0 +

e ax = (¢ ~2)ax+ | (e ~2)ax=(2x—e") "
0

0
In2

1

Taco S:.l[
0

+(e"—2x)

In2
=4In2+e-5.Vay S=4In2+e-5.
[2D2-1] Cho cac sb thuc duong a, b théa mén log, a=x, log,b=y. Tinh P:Iogz(a2b3).
A. P=x%y3. B. P=x*+y*. C. P=6xy. D. P=2x+3y.

Loi gidi
Chon D.
P =log, (a®’) = log, a’ +log, b* = 2log, a+3log, b = 2x+3y .

[2D1-2] Cho ham s6 y = f (x) c6 bang xét dau dao ham nhu sau:

!

(=]
I

y

I | —no -1 0 1 +oc
T

Ménh dé nao sau day dl'mg.

A. min f(x)=f(0). B. max f(x)=f(1). C. maxf(x)=f(0). D. min f(x)=f(-1).
min ()= 1(0). B max £(x)=1(1). C.maxf(x)=1(0). . min f(x)=1(-1)

Loi gidi
Chon B.
Dua vao bang xét dau ciia dao ham ta c6 trong khoang (0;+o0) ham s6 c6 duy nhat mot diém

cuc tri va diém do la diém cuc dai cua do thi ham so. Vay trong khoang (0;+c0) ham s6 dat gia

tri I6n nhat tai x =1hay max f(x)="f(1).

[2D1-1] Pudng cong & hinh duéi day cia mot dd thi ham sb.



Céu 26:

Céau 27:

Céau 28:

7 |

Hoi ham sb @6 1a ham sb nao trong cac ham sb sau day:

A y=—x-4. B.y=x>-3x*-4. C.y=-x*+3x—2. D.y=-x’+3x*—-4,
Loi giai

Chon D.

Nhin vao d6 thj ta thdy ham sé c6 hai cuc tri va hé s6 cua x® am loai A va B.

Do thi ham s6 cét truc tung tai A(0;—4) loai C.

[1D3-2] Mot cong ti trach nhiém hitu han thuc hién viéc tra luong cho cac ki su theo phuong
thire sau: Mt luong ctia quy 1am viéc dau tién cho cong ti 1a 4,5 triéu dong/quy, va ké tir quy
lam viéc thtr hai, muac lwong s& duge ting thém 0,3 triéu ddng mdi quy. Hay tinh tong sb tién
luong mét ki su nhan dugc sau 3 nam lam viéc cho cong ti.
A. 83,7 (tricudong). B. 78,3 (triéu dong). C. 73,8 (triéu dong). D. 87,3 (triéu ddng).
Loi giai
Chon C.
Taco 3 nam bang 12 quy.
Goi U, U,, ..., Uy, latién luong ki su d6 trong cac quy (tir quy 1 dén quy 12).
Suy ra (u,) lacap sb cong voi cong sai 4,5.
Vay s tién luong ki su nhan duoc 1a
2u, +(n-1)d
. 1+(2 ) :122x4,5+211><o,3

S, = = 73,8 (triéu dong).

[1D2-2] Cho cé4c s6 tu nhién m, n thoa man dong thoi cac diéu kién C2 =153 va C" =C"*?,
Khi d6 m+n bang

A 25. B. 24. C. 26. D. 23.
Loi giai
Chon C.
Theo tinh chat C! =C™" néntir C? =C™? suyra 2n+2=m.
2 m(m_l) .
C, =183 ———==153=m=18. Do d6 n=8.

Vay m+n=26.
x-4 y-1 745

[2H3-2] Trong khong gian vai hé toa d6 Oxyz, cho hai duong thang A, : . >
va A, :X%Z:yTJr?’:? Gia st M eA;,NeA, sao cho MN 1a doan vudng goc chung cua

hai duong thing A, va A,. Tinh MN .
A. MN =(5-510). B. MN=(2-24). C.MN=(3-36). D.MN=(3-12).

Léi gidi



Chon B.

A, €6 VTCP u, =(3;-1,-2) va A, c6 VTCP u, =(1,3;1).
Goi M (4+3t;1-t;-5-2t) va N(2+s5;-3+3s;s).
Suyra MN =(-2-3t+s;t+3s—4; 2t +5+5).

. [MNu =0 (2s-t-3=0 (s=1
Taco .t = = .
s—8t-9=0  |t=-1

MN.u, =0
Vay MN =(2,-2,4).
Cau 29: [1H3-3] Cho t dién ABCD c6 AB=CD=a. Goi M va N lan luot 1 trung diém cua AD
va BC. Xéc dinh d6 dai doan thang MN dé goc giita hai duong thaing AB va MN bing 30°.

A
M
B D
N
C
A MN=2 B. MN:a—‘ﬁ. C. MN:a—*/g. D. MN =2,
2 2 3 4
Loi giai
Chon B.
A
M
B D
N
C
1 1

Goi P 1a trung diém cua AC.Suyra PM = ECD = 2 AB =PN. Do do6 tam giac PMN cén tai

P. Lai c6 gdc gitta AB va MN bing 30° nén goc gitta MN va PN bing 30°. Vay tam giac
PMN 14 tam gi4c can c6 goc ¢ dinh bang 120°.
a3

Tacd PNA/3=MN nén MN ==



Céu 30:

Céu 31:

Céau 32:

[2D3-2] Tinh thé tich V cua vat thé nim giita hai mat phang x=0 va X =, biét rang thiét
dién cua vat thé bi cit bsi mat phiang vudng goc véi truc Ox tai diém c6 hoanh do
x (0<x<7) lamot tam gidc déu canh 2+/sinx .
A.V =3, B.V =3r. C.V =2743. D.V =2./3.
Loi giai

Chon D.

2
\E (Msin x)

4

=\/§sinx.

Dién tich tam giac déu S (X) =
Vay thé tich V =IS(x)dx =IJ§sin xdx = 24/3 .
0 0

[2H3-2] Trong khdng gian véi hé toa do Oxyz, cho hai diém A(0;2;-2), B(2;2,—4). Gia st
I (a;b;c) 1a tam dudng tron ngoai tiép tam giac OAB. Tinh T =a’ +b*+c’.
A. T =8. B.T=2. C.T=6. D.T=14.
Loi gidi
Chon A.
Taco @\:(0; 2;—2), OB :(2; 2 —4). (OAB) c6 phuong trinh: X+y+z=0
I e(OAB):>a+b+C:0.
Al =(a;b-2;c+2), Bl =(a-2;b-2;c+4), Ol =(a;b;c).

- aZ+(c+2) =(a-2) +(c+4) _c=
Tacéhé{Al BI@ (2 ) (2 ) +( )@{a c=4
AI=0l  |(b-2)" +(c+2)" =b?+¢? —b+c=-2
a-c=4 a=2
, a-c=4
Tacd hé —b+c:—2<3{ =<b=0 .
—b+c=-2
a+b+c=0 c=-2

Vay 1(2,0,-2)=>T=a*+b*+c*=8

[1H3-3]Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh a va SA_L(ABCD),
SA=x. Xéc dinh x dé hai mat phang (SBC) va (SDC) tao véi nhau mét géc 60°.

_avs

A. x=a\3. B. x=a. C. x ,

D. X:E.
2

Lai giai
Chon B.



Céau 33:

Céau 34:

B e C
Tacé(SCD) L(SAD), v& AN L SD tai N = AN L(SCD).

(SAB)_L(SBC),vé AM L SB tai M = AM L (SBC).

= ((SBC),(SCD)) AM = AN =MAN .

Tacé SB=SD=\x’+a’, AM = AN =X SM_MN __,_SM.BD
Z+a. SB BD SB
2
X
a2
Mo X unoKral gy X2
x> +a’ VX2 +a’ x* +a’
2
AAMN d8uchota MN = AM = ——2__ _ xzaJEZ o +a’ =x2 o x=a.
x*+a> X' +a

[2H3-3] Trong khong gian véi hé toa d6 Oxyz, cho duong thing d: X;rl:%: 212, mat

phang (P):x+y—-2z+5=0 va A(L-12). Buong thang A cit d va (P) lan luot tai M va
N sao cho A la trung diém cia doan thang MN . Mot vecto chi phuong cta A 1a:
A 10=(23;2). B.0=(1-12). C.0=(-351). D. 0 =(4;5-13).
Léi giai
Chon A.
biém M ed =M (-1+2t;t;2+t), A 1a trung diém cua MN = N (3—-2t;-2—t;2-t)
biém N e(P)=3-2t-2-t-2(2-t)+5=0 < t=2=M(3,2;4), N(-1—4;0)
= MN =(-4;-6;—4) =—2(2;3;2).

[1D5-3] Cho ham s6 y =x*+3mx? +(m+1)x+1 c6 d6 thi (C). Biét rang khi m=m, thi tiép
tuyén véi d6 thi (C) tai diém c6 hoanh do bang x, =—1 di qua A(L3). Khang dinh nao sau

day dung?

A. -1<m;<0. B. 0<m, <1. C.l<m,<2. D. —2<m;<-1.
Loi gidi

Chon B.

Taco: y' =3x*+6mx+m+1.
Véi x, =1 thi y, =2m-1, goi B(-L2m-1) = AB =(-2;2m-4).
Tiép tuyén tai B di qua A nén hé s6 gdc cua tiép tuyén la k =—-m+2.



Mt khac: hé sé gc cua tiép tuyén 1a k = y'(x,).
Do d6 ta cd: 3(%, )" +6MyX, + My +1=—m; +2

< 3-6my+my+1l=—m+2 < -4Am,=-2 < m, :%_

Cau 35: [2D3-4] Cho ham sé f (X) c6 dao ham xéac dinh, lién tyc trén doan [0;1] ddng thoi thoa man

cac diéu kien f'(0)=-1 va [f’(x)]2 =f"(x). Pat T = f (1)- f (0), hay chon khang dinh

dung?

A —2<T<-1. B. -1<T <0. C. 0<T<1. D.1<T<2.
Lot giai

Chon A.

Taco: T=f(1)-f(0) =j f'(x)dx

dx :—In|—x—1”1 =—In2.
1 0

Cau 36: [2D2-2] Goi z,, z,, z, la cac nghiém cua phuong trinh iz® —22° +(1-i)z+i=0. Biét z, lasé
thuan do. Pt P =|z, —z,|, hdy chon khang dinh dung?

A. 4<P<5. B. 2<P<3. C.3<P«<4. D.1<P<?2.
Loi gidi

Chon B.

- - - - - :_I

iz —22° +(1-i)z+i=0 <:>(z+|)(|22—z+1):0<:> 22— 2+1=0(1)

Vi z, 1as6 thuan ao nén z,, z, 1a nghiém cua phuong trinh (1).

Tact: (z,-2,) =(2,+2,) —4.2,.2,=—1+4i

=\(z,-2,)| =|-1+4i| =17 = P =z, - z)| = {17.
Cau 37: [2D2-2] Tich tat ca cac nghiém cta phuong trinh log3 x+./log, x +1 =1
15 15 1
A2 2 . B. 1. C.22, D'E'
Loi giai
Chon A.

x>0
o x>0 1
bieu kién & 1 Xx>—.
log, x+1>0 XZE 2



Céau 38:

Céau 39:

bit log, x+1=t, (t=0) = log, x=t* -1 ta c6 phuong trinh

(1) +t=let 27 +t=0 = t(f -2t +1)=0 < t(t-1)(t~2t+1)=0
[t=0 (t/m)

t=1(t/m)

PN t=—1+\E
2

R
2

(t/m)

t

(loai)

Vé6i t=0 thi log, x=-1<x=2".
Véi t=1thi log, x=0< x=2°.

~1++/5 1-5 =

Véi t = thi log,Xx=——<x=2 2 .
2 2

_1_J§
Vay tich cac nghi¢m ctia phuong trinh la 2 2 .

Px2-x+1, a-4Jb

[2D3-2] Biét ring ! = de_ ——. véi a, b, ¢ la cic s6 nguyén duong. Tinh
T=a+b+c.
A. 31. B. 29. C. 33. D. 27.
Loi giai

Chon C.
3 .2 _ 2 _ 3 9 3
J.X;dez (X X 1)<X X+1)dXZJ.(X—ﬁ)dX:(X?_é(X_l)mj

2 2

Vay T =a+b+c=33.
[2H1-2] Cho hinh lap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Goi K Ia trung diém cua
DD'. Khoang cach gitta hai duong thang CK va A'D bing

E g, &3 2843

. . . C. . D. 2
3 2 3 3
Loi gidi

Chon D.



Céau 40:

A',/r//
Tur D ké DH // CK (H eCC'),

3\/CAHD

Khi d6 d(CK,A'D)=d(CK,(ADH)) =d(C,(ADH)) =

SADH

, 1., a’
Taco Vo =3 A'D.Syc = Th

a17
,
2 g2 2
Xeét tam gidc A'DH c¢06 cos DA'H = AD’+AH" ~DH = > = sinDA'H =
2AD.A'H J34

Ma AD=a, DH =%, AH =

%"w
AN

1., ., 3a
3SAAVDH :EADAH :T.
2
vay d(C,(ADH))=12 -2,

4
[2D2-3] C6 bao nhiéu gia tri nguyén cia tham sé m dé phuong trinh

nghiém duy nhat?

Al B. 3. C. V6 s6. D. 2.
Loi giai

Chon C.

X+1>0 X>-1
Phuong trinh twong duong voi: {X+1=1 < 1x#0

mx:(x+1)2 . (x+1)2

2
Xét ham sb y:(le) , V6i x € (=1;+0)\{0}.

., 1 x-1 _
Coy :1_F = y'=0<x=1(do xe(-L+0)\{0}).

x?

Bang bién thién:



-1 0 1 400
y | 0 - - 0 +
0 +00 400
y \ \ /
—0 4

Tur bang bién thién suy ra d¢€ ham s6 c6 nghiém duy nhat thi { 0
m <

Vay c6 vo sb gié tri nguyén dé phuong trinh c6 nghiém duy nhat.

ax®?+bx+1,x>0

Cau 41: [1D5-3] Cho ham s6 f(x):{ 1t
ax—-p—-1X<

. Khi ham sé f (x) c6 dao ham tai x, =0. Hay

tinh T =a+2b.

A T=-4. B. T=0. C.T=-6. D. T =4.
Loi giai

Cheon C.

Taco f(0)=1.

lim f(x) = lim (ax’ +bx+1) =1.

x—0" x—0"

lim f (x) =lim(ax—b-1) =—b-1.

x—0" x—0"

Dé ham sb c6 dao ham tai x, =0 thi ham s6 phai lién tuc tai x, =0 nén
f(0)=lim f(x)=1lim f(x).Suyra -b-1=1<b=-2.

x—0" x—0"
2_
Khi d6 f(x):{ax 2x+1,x20.
ax+1,x<0
Xét:
— 2_ J—
+) IimM = |imwz Iim(ax—2)=—2.
x—0" X x—0" X x—0"

b im0t oy g

x—0" X x—0" X x—0"
Ham s c6 dao ham tai x, =0thi a=-2.

Vay véi a=-2,b=-2 thi ham sb c6 dao ham tai x, =0 khi d6 T =—6.

Cau 42: [2H1-3] Cho lang tru ABCAB,C, c6 di¢n tich mat bén ABB,A bang 4 ; khoang céch giita canh
CC, va mat phang (ABB,A ) bang 7. Tinh thé tich khéi lang tru ABCABLC, .
A 14. B.g. C.E. D. 28.
3 3
Loi giai
Chon A.



Céau 43:

Goi thé tich lang tru ABCAB,C, 1aV .
Ta chia khéi lang tru thanh ABCAB,C, theo mit phing ( ABC,)duoc hai khoi: khdi chdp tam
giac C,.ABC va khéi chop tir giac C,.ABB,A

. 1 2
Taco VC1.ABC = §V :>VC1.ABBlAt :§V

M3V 1 1 28 28

.., _283
L ABBA :g.SABBlAl.d(A;(ABBlA&)):5.4.7:?. Vay V _?5214

[2D1-4] C6 bao nhiéu gid tri nguyén cua tham s6 m dé phuong trinh
cos3x —Co0s 2X+mcos X =1 ¢6 dang bay nghiém khac nhau thugc khoang (—%;Zﬂ'j ?
A 3. B. 5. C.7. D. 1.
Loi giai
Chon D.
C0S3X—C0S2X+mcosx =1

<> 4cos’ x—3cos x—(2cos” x—1)+mcos x =1
< 4cos® x—2cos” x+(m—3)cosx =0
bat cosx =t véi te[-11]. Taco
t=0
Tl at? 2t +(m-3)=0(*)

V6i t =0 thi cosx=0 < x:£+k7z, c6 2 nghiém la £;3—7T thuoc —Z;Zﬂ' .

2 2 2 2
Vi mdi gidtri t e(0; 1) thi phuong trinh cosx =t ¢6 3 nghiém cua thudc (—%;Zﬂ'j.
Vi mdi gid tri t e (—10] thi phuong trinh cosx =t ¢6 2 nghiém cua thudc (—%;27;).

Véi t =—1 thi phuong trinh cosx =t ¢6 1 nghiém cuaa thudc (—%;an.

Dé pt c6 diing 7 nghiém thoa mén thi phuong trinh (*) phai ¢6 2 nghiém t,;t, théa man diéu
kien: 1<t <0<t, <1.
(*) = m=—4t>+2t+3



x |—-1 0 1/4 1
)’ + 0 ~
13

Tir bang bién thién trén tacoé me(1;3). Vay m={2}.

Cau 44: [2D1-4] Biét rang ham sé f (x) c6 do thi duge cho nhu hinh v& bén. Tim s6 diém cyc tri cua
hamsé y=f[f(x)].

YA

=~

[ ——— X

A. 5. B. 3. C. 4. D.6.
Loi giai

Chon C.

Xéthamsd y=f[ f(x)], y'=f'(x).f[ f(x)];

y=0< =

f'[f(x)]=0

X
f'(x)=0 X =
f
f

Véi x>b,tacd f(x)>2= f’
Véi a<x<b,taco 0< f(x)<2 = f'[f(x)]|<0

Vi 0<x<a hoic x<0,taco f(x)<0 = f'[ f(x)]>0
BBT:

—00 0 2 a b +00
+ 0 - 0 + 0 - 0 +

Dya vao BBT suy raham sé y = f [ f(x)] c6 bén diém cyc tri.

Cau 45: [1D2-3] Turcacchitsé 0, 2, 3, 5, 6, 8 c6 thé 1ap duoc bao nhiéu sé tu nhién gdm 6 chir sb
d6i mot khac nhau trong d6 hai chit sé 0 va 5 khong dang canh nhau.
A. 384. B. 120. C. 216. D. 600.
Léi giai
Chon A.
S6 cac sb co 6 chir sb duoc lap tir cac chits6 0, 2, 3,5, 6, 8 1a 61-5!.



Céu 46:

S6 cac sd ¢o chirsé 0 va 5 dung canh nhau: 2.51-41,
S6 c4c sb ¢6 chir s6 0 va 5 khong ding canh nhau la: 615! (2.5!-41)=384.

[2D1-4] Cho ham s f (x)=[8x" +ax’ +b|, trong d6 a, b 1 tham s6 thuc. Biét ring gi tri I6n

nhét ciia ham sé f (x) trén doan [-1;1] bang 1. Hay chon khing dinh dung?

A. a<0, b<0. B.a>0,b>0 C.a<0,b>0. D.a>0, b<0.
Loi giai
Chon C.
Céch 1.
x=0
Xét g(x)=8x*+ax*+b, g'(x)=32x"+2ax=0 < o A
16

Taco r[ljgl)](f(x)=1:>g(0)=be[—1;l].

TH1. a>0.Tac6 g(1) =g(-1)=8+a+b>1.Suyra r[r_11al>]< f (x)>1 khéng thoa YCBT.
TH2. a<0.

Néu —%>1<:a<—16. Taco g(1)=g(-1)=8+a+b<-1.Suyra r[r]f11>]< f (x)>1 khong thoa
YCBT.

Néu -2 <1esa>-—16.
16

Tacé BBT
x | -1 _y=a 0 N=a 1
4 4
g’(x) - 0 + 0 - 0 +
8+a+b b 8+a+b
9(x) \b 2O\
32 32
1_a_2>_1 a’ <64
-r[rjf_lf](f(x):bzl.KhidéYCBT@ 32 o < a=-8 (théa a>-16)
' 8+a+b<1 =
b<1
- max f (x)=8+a+b=1.Khido, YCBT &1 g2
[-11] b——>-1
32
> _
a=-8 a>-8
=1a’ = <a=-8=b=1.
3—2+a+6£0 —24<a<-8



Cau 47:

2
a
2 b=2
a =
b——=-1 32
= max f (x)=|b——|=1.Khido, YCBT < {8+a+b<l<{6+a+—<0< :
(11 32 32 b=1
b<1l
az-8

Vay a=-8, b=1 thoa YCBT.
Cach 2.
bat t=x* khidé taco g(t)=8t>+at+b.

Vi xe[-1;1] nén t[0;1].
Theo y8u cau bai toan thi ta co: 0< g(t)<1 véi moi t e[0;1] va co dau bang xay ra.
Do thi ham s6 g(t) 1a mot parabol c6 bé 1dm quay 1én trén do d6 diéu kién trén dan dén he

diéu kién sau xay ra :

-1<g(0)<1  (~1<b<1 -1<b<1 (1)

-1<g(1)<1 < 4-1<8+a+b<l <<-1<8+a+b<l (2)

A [32<32b-2°<32  [-32<a’-320<32(3)
32

Lay (1)+32(3) taco: —64<a’ <64 dodé -8<a<8.
Lay (3)+32(2) taco: —64<a’+32a+256<64

Suyra: a®+32a+192<0 < -24<a<-8.
Khidotaco a=-8va b=1.

Kiémtra: g(t)=8t-8t+1=2(2t-1)" -1

Vi 0<t<lnén -1<2t-1<1=0<(2t-1)° <1=-1<g(t)=2(2t-1)" -1<1.

Vay max |g(t)|=1 khi t =1= x==+1 (t/m).

[2D2-2] Cho ti dién déu ABCD c6 mot duong cao AA . Goi | 1a trung diém AA . Mit
phang (BCI) chia tr dién ABCD thanh hai t dién. Tinh ti s hai ban kinh cta hai mit cau

c. i D. /ﬁ.
4 153

Loi giai

ngoai tiép hai tir dién do.

A. ﬁ B.

51

N |-

Chon A.



M

-

S

~
S
S .
-

Goi canh cua ter dién déu 13 a.
Goi K 1la trung diém cia CD va E=1K nAB. Qua A ké duong thang song song véi IK cét

AB tai J.
Tacé'

_BA_2 aﬁzﬂzlnénsuyraAE:EAB:EvaBE:S—a.
BE BK 3 BEJ 1A 4 4 4

Goi M la trung diém cua BE, trong mit phang (ABK) dung dudng trung truc cia BE cit
AA tai O. Tadé dang ching minh dwgc O la tim ciia mat cau ngoai tiép EBCD.

a3 a6

Ta co: BA_L_— AAl_— bat BE =x.

Tam giac ABA  ddng dang véi  tam giac  AOM nén suy ra
AM OI\/I — OM = AM .BH =(a_§j l

AAl BH 2)\2

Goi R la ban kinh mat cau ngoai tiép EBCD ta suy ra:

2 2
R=0B=+OM?+MBZ = X—+1(a—fj .
4 2772

2 2
Vi x:E taco: R= gi+l a 3a =a 43
4 64 2 8

Tuong ty Vvéi x=— ta cd ban kinh R’ cia mat cau ngoai tigp EACD la

. la? 1/ aY 51
R=,—+=-|a——]| =a,]—.
64 2\ 4 128

Slo

Phwong phdp trac nghiém:

Ap dung cong thizc Crelle: Véi méi khéi tiz dien ABCD déu ton tgi it nhat mgt tam giac ma so
do cdc canh cia n6 bang tich sé do cdc cdp doi cua ti dién dé. Hon nira néu goi V' 14 thé tich,
R 1& ban kinh mdt cau ngogi tiép tiz dien ABCD thi ta c6 c¢ong thirc: S =6V.R.
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Céau 49:

[2D4-4] Cho s6 phuc z théa man 5|z —i| =|z+1-3i|+3|z—1+i|. Tim gia tri lon nhat M cua
|z—2+3i| ?

A.M:%. B. M =1++/13. C.M =45, D. M =9.

Chon C.
Loi gidi
Goi A(0;1), B(-13),C(L-1). Tathdy A la trung diém cua BC

BC?

2 2 2
_MB”+MC” BC ©M82+MC2=2MA2+T=2MAZ+1O.

2
Talai c6 : 5|z —i|=|z+1-3i|+3|z—1+]|
& 5MA = MB +3MC <10/ MB2 + MC?

— 25MA2 le(ZMAZ +1o) — MC <25

= MA?2

Ma |z -2+ 3i| =|(z—i)+(-2+4i)| <|z—i|+|2—4i| <|z—i|+ 25 < 45.

’ |z—i|=2\/§
Dau "="xayrakhi ¢ 5 p_1 ,Vvoi z=a+bi; a bell.
2 4
z=2-3i (loai)
7=-2+5I '

[2H3-3] Trong khdng gian véi hé toa do Oxyz, cho hai diem A(0;2;2), B(2,-2;0). Goi

,(LL-1) va 1,(3141) 1a tam cia hai duong tron nam trén hai mat phang khac nhau va c6

chung mot day cung AB. Biét rang ludn c6 mot mat cau (S) di qua ca hai duong tron ay. Tinh
ban kinh R cua (S).

A.R=—“2319. B. R=22. c.R=—“1329. D. R=26.

Loi giai

Chen C.




Céau 50:

Goi d, la dudng thang di qua 1, va vudng goc véi mat phang (1,AB), khi d6 d, chira tm cac
mit cau di qua duong tron tam 1,; d, 1a duong thang di qua 1, va vudng géc véi mat phang
(1,AB), khi d6 d,chira tim cdc mit cau di qua duong tron tam 1,. Do d6, mat cau (S) di qua
ca hai duong tron tam (1,) va (1,) c6 tam | la giao diém cua d, va d,va ban kinh R=IA
Ta ¢6 LA=(-1L3), 1,B=(1-31). Duong thing d, c6 vécto phap tuyén Ia
[ LATLB|=(10,42)=2(5,2,1).

X =145t
Phuong trinh dudng thang d, 1a: d, ;< y=1+2t.

Z=-1+t
Ta ¢6 1,A=(-31L1), I,B=(-1-3-1). Duong thiang d, c6 véc-to phap tuyén la
[IZ—A; IZ—B] =(2,-4,10)=2(3;,-2;5).

X=3+S
Phuong trinh duong thang d, 1a: d, :qy=1-2s.
z=1+5s

145t=3+s (=1

Xeét hé phuong trinh: {1+2t=1-2s < 3 1 .Suyra | _(g g—gj
-1+t=1+5s S:—g

2 2 2
Ban kinh mat ciu (S) 1a R=IA = (—§ df2-2) 4242 W29
3 3 3) T 3

[2D3-4] Cho ham s6 f(x) c6 dao ham lién tuc trén doan [0;1] théa man

9 .7 2 L i
:1J.[f ]dx_g !f(«/x)dx=g.T|nht|ch phan I:.([f(x)dx.
A.|=§. B.|=£. C.|=§. D |=1.
5 4 4 5

Loi giai
Chon B.
Pit t =X =>t? =x=dx=2tdt. Pdican x=0=t=0; x=1=t=1

gl

8uyraj( )dx 2jtf dt@jtf olt—g Dodo@jxf x) dx

1




Do d6 l.[f’(x)]z dx—2i3x2f’(x)dx+_:[(3x2)2dx=0 <:>§(f’(x)—3x2)2 dx =0

o f'(x)-3¢ =0 f'(x)=3x* < f(x)=x*+C.
Vi f(1)=1nén f(x)=x°

1 1
Vay | =jf(x)dx=jx3dx=%.
0 0



