SO GD VA PT BAC GIANG PE THI THU PAI HQC LAN 1, NAM HQC 2017-2018
Ngay thi 30/3/2018 MON: TOAN 12
(Thoi gian 1am bai 90 phut)
Ma dé thi 121

Caul: [2D1-1] Cho hamsé y = f(x) c6 dd thi nhu nhu hinh v& bén dudi. Ham s6 y = f (X) nghich

bién trén khoang nao dudi day?

A. (-1,0). B. (L+x). C. (—;—-2). D. (-2,1).

Cau 2:  [1H3-2] Cho hinh chop S.ABCD c6 day ABCD 1la hinh vuéng canh a, SA vudng goc véi
déy va SA=a (tham khdo hinh v& bén dudi). Géc giita hai mét phang (SAB) va (SCD) bang
?

A. 60°. B. 45°. C. 30°. D. 90°.
Cau3: [1H2-2] Cho hinh hop ABCD.AB'C'D’' ¢6 M, N, P lan luot 1a trung diém cia cic canh
AB', AD', C'D'. Géc gitra dudng thang CP va mat phang (DMN ) bang ?

' N
A - D’




Cau 4:

Cau 5:

Cau 6:

Cau7:

Cau 8:

Cau 9:

A. 0°. B. 45°. C. 30°. D. 60°.

[2H1-1] Thé tich ctia khdi ling tru c6 chiéu cao bang h va dién tich day bang B 1a

A.V=lBh. B.V=lBh. C.Vleh. D.V =Bh.
6 3 2
cp g A, 2 11 A -x*-4 3 R
[2D1-1] Gia tr 16n nhat ciia ham so f (x)= trén doan 5;4 la
X
A. 2. B. 4. C. —%. D. -5.

[2H3-1] Trong khong gian véi hé toa dd Oxyz , cho mat phang (P) : 2X—2+1=0. Toa d6 mot
vecto phap tuyén ctia mit phang (P) la
A n=(2-11). B. n=(20;1). C.n=(20,-1).  D.n=(2-10).

[1H3-2] Cho lang tru déu ABC.A'B'C’ c6 tat ca cac canh déu bang a (tham khao hinh vé& bén
duéi). Khoang cach giita hai duong thang AC va BB’ bang ?

N B 2 2 p. 23
3 J5 J5 2
[2D1-1] Bang bién thién trong hinh bén dudi ctia ham sb nao dudi day?
x | —o = | 1 +
¥y | - 0 + 0 -
+20 »
v
N 0 N g
x-1

Ay B.y=x'-2x*-3. C.y=-x>+3x+2. D.y=x>-3x+4.

T ox-1

[2D2-2] Phuong trinh tiép tuyén ciia @b thi ham s6 3 tai diém c6 hoanh d6 bang e la:
A. y=2x+3e. B. y=ex—2e. C. y=x+e. D. y=2x-e.

Cau 10: [2D1-2] Chohamsb y = f (X) xé4c dinh va lién tuc trén [ , c6 bang bién thién nhu sau

-1 1 +a0

=
|
8
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Cau 11;

Céu 12:

Céu 13:

Cau 14:

Céau 15;

Céau 16:

Cau 17:

Céau 18:

Céau 19:

S6 nghiém cua phuong trinh 2( f (X))2 —-3f(x)+1=0la

A. 0. B. 6. C.2. D. 3.
[1D2-2] C6 bao nhiéu s6 tu nhién c6 hai chir s6, cac chir sb khac nhau va déu khac 0 ?
A. 90. B. 9°. C. C?. D. A .

[2D2-3] Mot nguoi vay ngan hang 500 triéu dong véi 1ai suat 1,2% thang dé mua xe 6 to.
Néu mdi thang ngudi d6 tra ngan hang 10 tridu dong va thoi diém bat ddu tra cach thoi diém
vay la dung mot thang. Hoi sau it nhit bao nhiéu thang thi ngudi d6 tra hét no? Biét rang 1ai
sut khong thay doi.

A. 70 thang. B. 80 thang. C. 85 thang. D. 77 thang.

2

. A g A £ [ X X+ A . A
[2D1-2] C6 bao nhiéu gia tri nguyén cua tham s60 m d¢ ham s6 y = dong bién trén

X+4
tung khoang xac dinh cua n6?
A. 5. B. 3. C. 1. D. 2.
[2D1-1] Cho ham s6 y = f (X) ¢6 bang bién thién nhu hinh bén.

X | —w -1 0 1 +o
V -

NN

Toa d6 diém cuc dai cia db thi ham sé y = f (X) la

—+00

A. (1;,-4). B. x=0. C. (-1;-4). D. (0;-3).
1 1
[2D3-2] Cho [ f (x)dx =3. Tinh tich phan I = [[2f (x)-1]dx.
-2 2
A. 9. B. -3. C. 3. D.5.
[2D1-3] C6 bao nhidu gia tri nguyén khéng am coa tham s6 m dé ham s
y = x* —2mx? —3m+1 dong bién trén khoang (1; 2) .
A. 1. B. 4. C. 2. D. 3.
[2H3-2] Trong khong gian v&i hé toa do Oxyz, cho duong thang d :X—_1 = YL:LZ ; .
phang (P) di qua diém M (2;0;—1) va vudng goc voi d cd phuong trinh 1a ?
A. (P):x+y+2z=0. B.(P):x—y-2z=0.C.(P):x-y+2z=0.D. (P):x-2y-2=0.

[2D2-2] Cho P =log_, b? voi 0<a=1 va b<0.Ménh dé nao dudi day la dung?
A. P=-2log,(-b). B.P=2log,(-b). C.P= —%Ioga (-b). D.P= % log, (—b).
[1D2-3] Véi n 14 s6 nguyén duong thoa man C!+C2=13n, hé s6 cua s6 hang chira x° trong
khai trién cta biéu thirc (XZ + %jn béng.

A. 120. B. 252. C. 45. D. 210.



Céu 20:

Cau 21;

Céu 22:

Céu 23:

Cau 24:

Cau 25:

Céau 26:

Céau 27:

Céau 28:

Céau 29:

log,x _ log,y
log, (xy)+1 log,(xy)-1

[2D2-2] Chox, y 1a cac sb thuc théa min =log, Xx+1log, y. Khi

d6 gia tri cia x+y bang,

1 1
A X+y=2+—. B. Xx+y=2 hoac x+ =(‘/§+—.
y " y y "
C. x+y=2. D. x+y:%hoéc X+y=2.
[1D4-1] lim 1 bing:
o x4 5 e
A. 0. B. +. C. —o. D. —%.
[2D1-2] Gié tri nho nhat ciia ham s6: y = x*—3x+1 trén doan [-1; 4] la:
A. 3. B. -1. C. 4. D. 1.
[2D1-1] Phuong trinh dudng tiém can ngang ctia d6 thi ham s6 y =2+ 1i la:
A. x=1. B. y=2. C. y=3. D. y=-1.
[2H2-2] Db thi ctia ham s6 nao dudi ddy co tiém can ngang?
A y= S+l B. y=x*—2x*+3x+2.
x—1"
2
C.y——2_ D, y= XX+l
1-x° X—2
[2H3-1] Trong khéng gian véi hé toa dd Oxyz, cho diem M (4-2;3). Toa do diém A I3 hinh

chiéu vudng goc ctia diém M trén mit phang (Oyz) la:

A. A(0;-2;3). B. A(30;3). C. A(L-23). D. A(3-2;0).

[2D4-1] Cho s6 phitc z=—1+2i. Sé phirc z duoc biéu didn boi didm nao dudi day trén mat
phang toa d6?

A. P(1; 2). B. N(1;, -2). C. Q(-1 -2). D. M (-1 2).

[2H3-3] Trong khong gian véi hé toa do Oxyz, cho diém M(2; 1;0) va dudng thing

x-1 1 z : , . ’ A .
Ai—= yro_ — . Phuong trinh tham s6 cua duong thang d di qua M, cat va vuong goc

2 1
véoi A la
X=2+t X=2-t X=1+t1 X=2+2t
A.d:cy=1-4t. B. d:{y=1+t. C.d:qy=-1-4t. D.d:5 y=1+t .
z=-2t z=t z=2t z=—t
2
[2D3-2] Tich phan'[ x+3)’ dx bing
1
A. 61. B.6—1. C. 4. D.6—1.
3 9
[2D3-1] Ho nguyén ham ctia ham s6 f (x)=2cos2x la

A. —2sin2x+C. B. sin2x+C. C. 2sin2x+C. D. sin2x+C.



Céau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Céau 35:

Céau 36:

Céau 37:

Céau 38:

Céau 39:

[1D2-2] Mot 16 hang gdm 30 san pham trong d6 c6 20 san pham t6t va 10 san pham x4u. Liy
ngau nhién 3 san pham trong 16 hang. Tinh x4c suat d& 3 san phdm l4y ra c6 it nhit mot san
pham tdt.

A2 B. 2. c. B2 p. 2L
203 203 203 203

[2D1-4] Cho ham s y =x(x*~3) c6 46 thi (C). C6 bao nhiéu diém M thudc dd thi (C)
thoa man tiép tuyén cua (C) tai M cit (C) tai diém A (khdc M) va cit Ox tai diém B sao
cho M 1a trung diém cua doan AB ?

A. 2. B. 1. C.0. D. 3.
[2D1-4] Tap hop nio sau day chira tit ca cac gia tri ciia tham s m sao cho gia tri 16n nhét cua

hamsé y = ‘Xz —2X+ m‘ trén doan [-1;2] bang 5?

A. (-6,-3)U(0;2).  B.(—43). C. (0;+). D. (-5;-2)u(0;3).
1

[2D4-3] Cho [———dx=a+by2, véi a,b 1a cic sb hitu ti. Khi do, gid trj cia a la:
13X +9x* -1
3

A -2 B. 2. c. 2. D. -2

27 27 26 27
[2H2-3] Cho hinh chép da giac déu co cac canh bén bang a va tao v6i mat ddy mot goc 30°.

Tinh thé tich ctia khbi cau ngoai tiép hinh chép?

3 3
A. 47;a . B. 47a°. C. 4”ZJ§ D. 472'a3\/§.
[2D4-3] Cho sb phirc z théa man |z|—2Z =—7+3i+z. Tinh |z|?
A.3. B3 c. D. 5.
4 4
[2D3-3] Cho ham sb f (X) x4ac dinh trén [ \{—1;1} va théa man f’(x) = 21 1
X J—

f(-3)+f(3)=0va f (_%j+ f (%j = 2. Tinh gi4 trj cta biéu thitc P = f (0)+ f (4).
A.P=m§+2. B.P=1+m§. C.P=1+lm§. D.P:lmg.

5 5 25 25
[2D2-3] Cho phuong trinh log,; (m+6Xx)+log, (3—2x—x*)=0 (m I tham s5). C6 bao nhiéu

gi4 tri nguyén duong cia m dé phwong trinh c6 nghiém thyc?
A. 17. B. 18. C. 23. D. 15.

[2D1-3] Cho ham sb y = f (X) c6 ding ba diém cuyc tri 14 —2;—1;0 va c6 dao ham lién tuc trén
[ . Khi 6 ham s y = f (x* —2x) ¢6 bao nhiéu diém cyc trj?
A. 3. B. 8. C. 10. D. 7.

[2D2-3] C6 bao nhiéu gia tri nguyén cta tham s6 m nho hon 10 dé phwong trinh

»\/m +ym+e* =e* c6 nghiém thuc?

A. 9. B. 8. C. 10. D. 7.



Céu 40:

Céu 41:

Cau 42:

Céau 43:

Céau 44:

Céau 45;

[2D3-2] Cho (H) 1a hinh phing gi6i han béi cic do thi ham s6 y=e, y=¢€* va
y =(1—€)x+1 (tham khao hinh v& bén).
)

(9]

-
pd

Dién tich hinh phing (H) la

A 5=t B.S—esl, c.s=%"1 D.S—e+l.
2 2 2 2

[1D2-4] C6 hai hoc sinh 16p A, ba hoc sinh 16p B va bén hoc sinh 16p C xép thanh mét hang
ngang sao cho gitra hai hoc sinh 16p A khong cé hoc sinh nao 16p B. Hdi c¢6 bao nhiéu cach
x€p hang nhu vay ?

A. 80640. B. 108864 . C. 145152 D. 217728.

[2H1-3] Cho hinh chop S.ABC c6 SA=SB=SC =3, tam giac ABC vudng can tai B va
AC =242. Goi M, N Ilan luot 1a trung diém cua AC va BC. Trén hai canh SA, SB ldy cdc
diém P, Q twong tmg sao cho SP =1, SQ=2. Tinh thé tich V cua tir dién MNPQ.

av - Bv -3, cv-P4 p.v 34

18 12 12 144
[2D3-4] Cho ham s f(X) c6 dao ham lién tuc trén doan [0;1] théa man f(1)=0 va
1 1 2 1
J.[f’(x)]2 dx=I(x+1)eXf (x)dx=eT_1. Tinh tich phan | :_[ f(x)dx.
0 0 0
A l=2-¢. B.l=e-2. c.1=2, p. =1

2 2

[2H3-3] Trong khong gian véi hé toa d6 Oxyz cho midt cau

(S):(x=1)" +(y+1)" +(z—-2)" =16 va diém A(L2;3). Ba mit phing thay ddi di qua A va
d6i mot vudng goc voi nhau, cit miat cau theo ba duong tron. Tinh tong dién tich ciia ba duong
tron tuong tng do.

A. 107 . B. 38r. C. 33r. D. 36x.

|z-3-2i|]<1

|W+1+2i|£|w—2—i|' Tim gia tri nho nhat P,

[2D4-3] Hcho hai s6 phtic z,w théa man {

cuia bicu thae P =[z—w].



Cau 46:

Cau 47:

Cau 48:

Céau 49:

Céau 50:

A. P =3“/§_2. B. P =2+1. C.P, = 5*/5_2. D. P _32-2
2 2 2
[2D3-3] Cho ham s6 y = f (x) lién tuc trén [0;+c0) va [ f (t)dt=x.sin(zx). Tinh f (4)
0
A. f(ﬁ)=ﬁT_1. B. f(ﬁ)=%. C. f(ﬂ'):%. D. f(i[)=%.
[2H3-3] Trong khong gian véi hé toa d6 Oxyz cho diem A(2;L3) va mat phang

(P):x+my+(2m+1)z—m-2=0, m la tham s6. Goi H (@;b;c) Ia hinh chiéu vudng goc ciia

diém A trén (P). Tinh a+b khi khoang c4ch tir diém A dén (P) 16n nhat ?

A.a+b=—%. B. a+b=2. C. a+b=0. D. a+b=g.

[2D2-3] Cho ham sb f(x):(a2+1)In2°”(x+\/1+x2)+bxsin2°18x+2 voi a, b 1a cac sb

thuc va f (7'095) =6. Tinh f (—5'097).

A. f(-58%7)=2. B. f(-5%7)=4. C. f(-57)=-2. D. f(-5°7)=6.
R . ., . 848
[2H3-4] Trong khong gian Oxyz, cho tam giac nhon ABC c6 H(2;2;1), K(‘é;?gj’ 0

lan luot 1a hinh chiéu vuong goc cua A, B, C trén cac canh BC, AC, AB. Duong thfmg d
qua A va vudng goc véi mat phang (ABC) c6 phuong trinh 1a

x—§ y—g Z+g

A g Xra_yrl_z-1 B.d:—3-_3__ 3

1 -2 2 1 -2 2

X+ﬂ 7 Z—g

c.d:—9-_9__ 9 p.d:X_¥y=6_z-6

1 -2 2 1 2 2
[2H3-3] Cho hinh chép S.ABCD c6 day ABCD la hinh chir nhat, AB=a, BC =a+/3,
SA=a va SA vudng goc véi day ABCD. Tinh sinea, véi a 1a goc tao boi giita duong thang
BD va mit phing (SBC).
A. sina:ﬁ. B. sinazg. C. Sina:g. D. sinazg.



DAP AN THAM KHAO

1(12|3(4|5(6|7|8|9|10(11|12(13|14(15|16|17|18|19|20|21(22|23|24|25
A|B/A/D/B|C|D|C|/D/D/D/D/B|D|C|D|C|D|A|BJ/A|B|B|AJA
26(27|28|29(30(31|32|33[34|35|36|37(38[39|40|41|42|43|44|45|46|47|48|49|50
C/A/\B/B/B|A|IDIB/AID|IC/IA|A|C|A|C|IA|B|B|C|B|D|C|A|C
HUONG DAN GIAI
Caul: [2D1-1] Cho hamsd y= f(x) c6 dd thi nhu nhu hinh v& bén duéi. Ham s y = f (x) nghich
bién trén khoang nao dudi day?
y
1 X
A. (-10). B. (1 +00). C. (—0;—-2). D. (-21).
Huéng din giai
Chon A.
Tu db thi ta théy ham s6 dat cuc dai tai x=-2, cuc tiéu tai x=0
Bang bién thién
X | —o0 -2 0 +00
y' + 0 — 0 +
0 +00
y / \ /
—0 -4
Do d6, ham s6 nghich bién trén khoang (—2;0) nén nghich bién trén khodng (-1;0).
Cau 2:  [1H3-2] Cho hinh chop S.ABCD co6 day ABCD 1a hinh vudng canh a, SA vudng goc véi

déy va SA=a (tham khdo hinh v& bén duéi). Géc gitta hai mét phang (SAB) va (SCD) bang?
S

Al

A. 60°. B. 45°. C. 30°. D. 90°.



Hwéng din giai

Chon B.

Ta 6 {CD L(SAD) va (SAB)(SCD) = Sx// AB//CD

= Sx L (SAD) :>{
CD// Sx

Sx 1 SD
= ((SAB),(SCD)) = ASD = ¢.

Tam giac SAD vuodng tai A c6 SA=AD =a = ASAD vudng can tai A
= @=45°

Vay ((5AB),(SCD)) = 45°.

Cau3: [1H2-2] Cho hinh hop ABCD.AB'C'D' ¢6 M, N, P lan luot 1a trung diém cia cac canh
AB', AD', C'D’'. Géc giita duong thaing CP va mat phang (DMN) bang ?

! N
A: h D’
M . \
! AP
B s c A
AL __________ - ____::Zf D
B al C
A. 0°, B. 45°. C. 30°. D. 60°.

Huéng din giai

Chon A.



Céu 4:

Cau 5;:

| D
M / X

B’ S

Ble=—" C

_ |MN//B'D’ L \ ,
Taco = MN//BD = bondiém M, N, B, D dong phang.

BD//B'D’

CP/IBM

CP//(DMN
am < (pmn) ~ C7//(PMN)

Lai c6 t&r giac BCPM |a hinh binh hanh :>{

= (cP,(DMN)) =0°.

[2H1-1] Thé tich cta khéi lang tru c6 chiéu cao bang h va dién tich ddy bang B la
A.V:%Bh. B.V:%Bh. C.Vz%Bh. D.V =Bh.

Huéng din giai
Chon D.
Thé tich ctia khéi ldng tru ¢6 chiéu cao bang h va dién tich day bang B 1a V = Bh.

2

[2D1-1] Gid tri 16n nhét ciia ham s6 f () = trén doan [g ; 4} la

X

A. 2. B. 4. C. —E. D. -5.

6
Huwéng dan giai

Chon B.

A A . 3
Ham s6 xac dinh va lién tuc trén doan {E ; 4}

x:2eB;4}
x=—2¢B;4}
Ma f@j:—%, f(2)=—4, f(4)=-5

Vay max f (x) = f(2)=—4.

ke

_y2
Taco y'= X 2+4; y=0 <
X




Cau 6: [2H3-1] Trong khong gian vdi hé toa do Oxyz, cho mat phéng (P) : 2X—2+1=0. Toa d0 mot
vecto phép tuyén cua mit phing (P) la
A.n=(2-11). B. n=(201). C.n=(20,-1).  D.n=(2-10).

Huéng din giai

Chon C.
Vecto phép tuyén ciia mit phing (P) 1a n=(2;0;-1).

Cau7: [1H3-2] Cho lang tru déu ABC.A'B'C’ c6 tat ca cac canh déu bang a (tham khéo hinh v& bén
duéi). Khoang cach giita hai duong thing AC va BB’ bang ?
A 35 . 22 c. 2 D. #.

. 5 -

Huéng din giai

Chon D.

BM 1 AC
BM 1 BB"

Goi M 1 trung diém AC,taco {

_af3
3

Viy d(AC,BB')=BM

Cau8: [2D1-1] Bang bién thién trong hinh bén dudi cia ham sb nao dudi day?



Cau 9:

Céu 10:

S
f/.
\
/

B.y=x"-2x*-3. C.y=-x>+3x+2. D.y=x>-3x+4.

Huéng dan giai

Theo bang bién thién ta c6 ham s6 12 mot ham c¢6 hai cuc tri va co lim y =—o0 nén chon dap an
X—>+00
C.

[2D2-2] Phuong trinh tiép tuyén ctia d6 thi ham s6 3 tai diém c6 hoanh d6 bang e 1a:
A. y=2x+3e. B. y=ex—2e. C. y=x+e. D. y=2x-e.

. 1
Taco y=Inx+x.==Inx+1.
X

y'(e)=2, y(e)=e.
Phuong trinh tiép tuyén la: y = 2(x—e)+e & y=2x-—e.

Huéng din giai

[2D1-2] Cho ham s y = f (x) xéc dinh va lién tuc trén [J , ¢6 bang bién thién nhu sau

% —0 -1 1 +0

St
+
W o
|
o
+

15|

S6 nghiém ctia phuong trinh 2( f (X))2 -3f(x)+1=0 la

A. 0. B. 6. C. 2. D. 3.
Huwéng din giai

Chon D.

1
Taco 2(f(x)) -3f(x)+1=0 & Y
2



Cau 11;

Céu 12:

Céau 13:

Céau 14:

Dya vao bang bién thién ta c6: f (x)=1 c6 mot nghiém, f(x)= % ¢6 hai nghiém.
Vay phuong trinh da cho c¢6 ba nghi¢m.

[1D2-2] C6 bao nhiéu s6 tu nhién c6 hai chir s6, cac chir sb khac nhau va déu khac 0 ?

A. 90. B. 9°. C. CZ. D. A .
Huéng din giai
Chon D.

Sb tu nhién can 1ap c6 2 chir sé khac nhau duoc ldy tir cac chir s6 tir 1 dén 9 nén co A sb
nhu vay.

[2D2-3] Mot nguoi vay ngan hang 500 triéu dong véi 1ai suat 1,2% thang dé mua xe 6 to.
Néu mdi thang ngudi do tra ngan hang 10 triéu dong va thoi diém bat dau tra cach thoi diém
vay la dung mot thang. Hoi sau it nhit bao nhiéu thang thi ngudi d6 tra hét no? Biét rang 13
suat khong thay doi.

A. 70 thang. B. 80 théang. C. 85 thang. D. 77 thang.
Huéng din giai

Chon D.

Pit P =500 tri¢u dong va a=1,012.

Thang 1 nguoi d6 ng aP, di tra 10 triéu dong nén con ng aP—10.

Thang 2 ngudi d6 ng a’P—10a, da tra 10 triéu dong nén con ng a’P —10a—10.

Sau thang n nguoi d6 con no a"P —10a"" —...—10a—10.
Gia st nguoi d6 tra hét no sau n thang. Khi do:

a"-1 .

a"P-10a""-...-10a-10=0 < a"P =10. . <a
a_

5 5
:E Sn= Iogwlp_a.

Do d6 can it nhat 77 thang ngudi do6 tra hét no.

2

. A g A £ 2 1 I X+m A X A
[2D1-2] C6 bao nhiéu gia tri nguyén cua tham s60 m d€ ham s6 y = A dong bién trén
X+

tung khoang xac dinh cua né?

A. 5. B. 3. C.1. D. 2.
Huéng din giai

Chon B.

4-m?
TXD: D=0 \{-4!, y=——.
4y (x+4)

Pé ham s dong bién trén timg khoang xac dinh cta né thi 4—-m* >0 -2<m<2.
Do d6 ¢6 3 gia tri nguyén ctia tham s6 m théa man.

[2D1-1] Cho ham s6 y = f (X) c6 bang bién thién nhu hinh bén.



+o0 -3 +o0

NN

Toa d6 diém cuc dai cia d6 thi ham s y = f (X) la

A. (1;,-4). B. x=0. C. (-1;-4). D. (0;-3).
Huéng din giai

Chon D.

Dua vao bang bién thién thi (0;-3) 1a diém cyc dai ctia d thi ham s6 y = f (x).

Cau 15; [2D3-2] Cho j x)dx = 3. Tinh tich phén |_j[2f ~1]dx.

A. 9. B. -3. C. 3. D. 5.
Huéng din giai
Chon C.

=3.

-2

I:j[Zf ~1]dx = 2j X)dx — jdx_e x|

-2

Cau 16: [2D1-3] C6 bao nhiéu gia tri nguyén khoéng am cia tham s6 m dé ham sé
y=X*—2mx’ —3m+1 dong bién trén khoang (1,2).
A. 1. B. 4. C. 2. D. 3.
Huwéng dan giai
Chon D.
y' = 4% —4mx = 4x(x* —m).
Ham s6 d3 cho dong bién trén khoang (L2) ©y'=20, ¥xe(L2) < x*=m vxe(12).
Xéthamso f(x)=x*, xe(L2).
D@ thay f'(x)=2x>0, ¥xe(L2).
Nén: m< f (1)=2. Vay sO gia tri nguyén khong 4m ctia tham s6 m 1a m= {0;1,2}.

Cau 17: [2H3-2] Trong khéng gian voi hé toa dd Oxyz, cho duong thang d: Il y_+12 % Mat
phing (P) di qua diém M (2;0;—1) va vudng goc voi d co phuong trinh la ?
A. (P):x+y+2z=0. B.(P):x-y-2z=0.C.(P):x—-y+2z=0.D. (P):x-2y-2=0.
Huéng din giai
Chon C.

d c6 VTCP u =(34-12).



Cau 18:

Céu 19:

Céau 20:

(P)Ld= (P) cO VTPT n =u =(L-12).
Vay phuong trinh mét phing (P):x—2—(y-0)+2(z+1)=0<x-y+2z=0.
[2D2-2] Cho P =log_, b’ véi O<a=1va b<0. Ménh d& nio dusi day 1a ding?
A. P=-2log,(-b). B.P=2log,(-b). C.P= —%Ioga (-b). D.P= % log, (—b).
Huéng din giai
Chon D.
P=log , b’ = 2.1Iog‘a‘ b :lloga(—b) (Vi 0<a=1vab<0).
é 4 2
[1D2-3] V6i n 14 s6 nguyén duong thoa man C!+C2=13n, hé s6 cua s6 hang chira x° trong
khai trién cta biéu thirc (XZ + isj bang.
X
A. 120. B. 252. C. 45. D. 210.
Huéng din giai

Chon A.

! n(n-1)(n-2
C,f+C,?=13n<:>n+L=13n<:>n+( ()3( )=13n<:>6+n2—3n+2=78.

3(n-3)!

n= .
<:>n2—3n—70=0<:{ 1O.Vi n 1a so nguyén duong nén n=10.
n=

1 10
Ta ¢6 khai trién: (Xz + —3] .
X

k
Je 2 y o .2 _ 1 _
S6 hang tong quat cua khai trién: T, = Clkoxz(10 k).(—sj =C X .
X

S6 hang chtra x° ting v6i 20—5k =5 <>k =3. Vay hé s6 ctia s6 hang chira C}, =120.

log, x B log, y

[2D2-2] Chox, y la cac sd thuc thoa mén =
log, (xy)+1 log,(xy)-1

=log, x+log, y. Khi

d6 gia tri cia X+ Yy bang.

1 1
A X+y=2+—. B. Xx+y=2 hoac x+ =(‘/§+—.
C. x+y=2. D. x+y=%hoéc X+y=2.

Huéng din giai
Chon B.

a=Ilo
Dat 92 X
b=log, y



Cau 21:

Céu 22:

Céau 23:

a b

Khido: — 109X 108:Y o 41 pog ye @tbil atb-l
log, x+log, y+1 log, x+log, y—1 a —a+b
a+b+1
a’+ab-a=ab+b*>+b [(a+b)(a-b-1)=0(1)
& :
a:(a+b)2+a+b (a+b)2 ) (2)
a=-b
(1)< :
a=b+1
Véi a=-b: (2)a=b=0x=y=1=x+y=2.
b=-1=a=0
Voi a=b+1: (2) = (2b+1)" =-b = 4b? +5b+1=0 < 1 3.
b=—-=a=-—
a=0 x=1 3
O = 1=>X+y=—
2
3 3
a=— — 4:4
4 X=2 x/§ W 1
O = 1 S x+y=4B+-—.
1 _Zi_i 4/5
b=-—= |Y=2"=7
4 2
[1D4-1] lim 1 bing:
o 2x 45 e
A. 0. B. +o. C. —o0. D. —%.
Huwéng dan giai
Chon A.
{ g .0 -1 . -1
Ap dung quy tac tim gioi han, ta co: lim = lim =0.

x>0 2X+5  x>-» ( 5)
X| 2+—
X

[2D1-2] Gi4 tri nho nhat cia ham s0: y = x*—3x+1 trén doan [-1; 4] la:
A. 3. B. 1. C. 4. D. 1.
Huéng din giai
Chon B.

+ Ham s6 lién tuc va xé4c dinh trén [-1; 4].

x=1
+y' =3x*-3; y’=0©{ , (nhan, do xe[-L 4]).

+Taco: f(-1)=3; f(1)=-1; f(4)=53.
Vay min f(x)=-1 tai x=1.

Xe 14

[2D1-1] Phuong trinh dudng tiém cin ngang ctia d6 thi ham sb y =2+ 1i la:



Céu 24:

Céu 25:

Céau 26:

Cau 27:

A. x=1. B. y=2. C.y=3. D. y=-1.
Hwéng din giai

Chon B.

Taco: lim (2+li):2 va lim (2+1ij:2 nén d6 thi c¢6 tiém can ngangla y=2.
X—>—00 —X X—>+00 — X

[2H2-2] Db thi ciia ham sb nao dudi ddy co tiém can ngang?
A. y:3x+1. B. y=x*—2x*+3x+2.
x—1
2
1-x° X—2

C.y=

Huéng din giai

Chon A.

Vi lim X1 23 nen db thi ham sé y =

xoxo X —1 x-1

c6 tiém can ngang.

[2H3-1] Trong khéng gian véi hé toa dd Oxyz, cho diém M (4-2;3). Toa d6 diém A Ia hinh
chiéu vudng goc cia diém M trén mit phang (Oyz) la:
A. A(0;-2;3). B. A(10;3). C. A(L-2:3). D. A(3;,-2;0).
Huéng din giai
Chon A.

Toa do diém A 1a hinh chiéu vudng goc clia diém M trén mat phang (Oyz) la: A(0;-2;3).

[2D4-1] Cho s phtc z=-1+2i. Sé phtc z duge biéu dién boi diém nao dudi day trén mit
phang toa do?
A. P(L; 2). B. N(L; -2). C. Q(-1 -2). D. M (-1 2).
Huéng din giai
Chon C.
Tacd z=-1+2i = z=-1-2i.
Suy ra diém biéu dién ctia s phic z 1a Q(-1 -2).

[2H3-3] Trong khong gian véi hé toa do Oxyz, cho diém M (2; 1; O) va duong thing
:XT_l = yT_'_l = il Phuong trinh tham sd ctia duong thang d di qua M, cat va vuéng goc
voi A la
X=2+t X=2-t X=1+t X=2+2t
A.d:qy=1-4t. B.d:{y=1+t. C.d:qy=-1-4t. D.d:J y=1+t .
z=-2t z=t z=2t z=—

Huwéng din giai



o M

Taco
A ¢c6 vecto chi phuong 6(2; 1; —l) va di qua I(2t+1; t-1; —t). T do6 ta cod
Ml (2t L t-2 —t) 1a mot vecto chi phuong cua d, vi dcit va vudng goc voi A nén

_—

Ml Lu < MIu=0 < (2t-1).2+(t-2).1+(-t).(-1)=0 <= 6t -4=0t = 2

Suy ra W(%;—f; —%j, tir do suy ra d c6 mot vecto chi phuong la @(l, —4; —2) va di

X=2+t
qua M (2; 1; O) nén c6 phuong trinh d :qy=1-4t.
z=-2t
2 N
Cau28: [2D3-2] Tich phan [(x+3)" dxbing
1
A. 61. B. o1 C. 4. D. Zl.
Huéng din giai
Chon B.
‘ 2 ‘ 2 ‘ X X2 i 61
Taco I(X+3) dx :'[(x+3) dx :J‘(x2 +6x+9)dx:(§+6.?+9xj —
1 1 1 1
Cau 29: [2D3-1] Ho nguyén ham ctia ham s6 f (x)=2cos2x la
A. -2sin2x+C. B. sin2x+C. C. 2sin2x+C. D. sin2x+C.
Huéng din giai
Chon B.
Taco _[ x)dx = IZCOSZde Z%SIHZX—FC—SII’\ZX—FC
Cau 30: [1D2-2] Mot 16 hang gom 30 san pham trong d6 c6 20 san pham t6t va 10 san pham xau. Ly
ngiu nhién 3 san pham trong 16 hang. Tinh x4c suat dé 3 san phdm lay ra c6 it nhit mot san
pham tét.
A2 B. oL B3 2L
203 203 203 203
Huéng din giai
Chon B.

Tacod n(Q)=C;, =4060

Goi A la bién c¢b 3 san pham lay ra c6 it nhat mot san pham tbt



Taco A labiéncd 3 san pham 14y ra khong c6 san pham t6t, hay 3 san pham lay ra déu 1a san
pham xau.
n(A)=Cp =120.

> |

n(A) 120 6

Suyra P(A)= =
uyra P(A) n(Q) 4060 203
A = 6 197

VayP(A):l—P(A):l—Z—OB:ﬁ.

Cau3l: [2D1-4] Cho ham s6 y=x(x*-3) c6 dd thi (C). C6 bao nhiéu diém M thudc d thi (C)
thoa man tiép tuyén cta (C) tai M cat (C) tai diém A (khdc M) va cit Ox tai diém B sao
cho M 1a trung diém cua doan AB ?

A.2. B. 1. C.0. D. 3.
Huéng din giai

Chon A.

Gia st M (x,;Y,)€(C). Tacé: y'=3x*-3.

(S
Tiép tuyén A cua (C) tai M c6 dang: y:(3x02—3)(x—x0)+x0(x02—3)_
3

2

ANOx= B[%;oj va AN(C) = A(—2x,;-8%," +6X, ).
0
Vi M 1 trung diém ctia doan AB nén
X, =0
Ya+ Y =2Y, < 8% +6X%, = 2%, (X, —3) < 10%,° ~12x, =0 < L[
=2
5

- Vi x, =0 thipttt A:y=-3x.Khidé B(0;0)=M (0;0) loai.
- Véi X, = i\E kiém tra théa man.

Cau 32: [2D1-4] Tap hop nao sau ddy chira tit ca cac gia tri ciia tham s& m sao cho gia tri 16n nhét ciia
ham sb y= ‘Xz —2X+ m‘ trén doan [—ZL‘ 2] béng 5?
A. (-6,-3)u(0;2).  B.(-4:3). C. (0;+0). D. (-5-2)u(0;3).
Huwéng dan giai
Chon D.
Xéthamsd y=x*—-2x+m, taco: y(1)=m-1y(-1)=m+3,y(2)=m.

Néu m-1>0<m>1 thi: r[nlag](y:m+3:5@m:2 (thoa man).
Néu m<-3 thi: r[nlagfyzl—m=5©m=—4 (thoa man).

, . m<-1m=-4
Néu —3<m<1 thi: maxy =max{m+31-m} =5« =m=2.
[-1:2] mz-1,m=2

1

X
13x+v9x* —1

3

Céau 33: [2D4-3] Cho dx = a+b\/§, v6i a, b 1a cac s6 hiru ti. Khi do, gia tri cua a la:



A. —ﬁ. B. 26. C.z. D. 25.
27 27 26 27
Hwéng din giai

Chon B.
L X L 2 3T 26 3242
Tach: | ———dx = x(3x—\/9x2—l)dx: X2 —(ox?-1)2 | ===
‘[3x+«/9x2—1 ! 27( ) L 271 27
3 3

Cau 34: [2H2-3] Cho hinh chép da gidc déu c6 cac canh bén bang a va tao voi mit day mot goc 30°.
Tinh thé tich ctua khdi cdu ngoai tiép hinh chop?

3 3
A. 47; al B. 472’ C. 4”2 3 D. 47a°\3.
Huéng din giai
Chon A.

Ky hi¢u hinh chop da gide déu la S.AA,..A v H I hinh chiéu ciia S trén (AA,..A).
Taco: (SA,(AA..A))=(SA,HA)=SAH =30°.
Xét ASAH vuong tai H , tacd: SH = SA.sin30° =%, AH = SA,.c0s30° =a—f.

Goi | 1a tam khdi cau ngoai tiép hinh chop. Ké IE L SA, ta cd: ASEI [ ASHA
2
SE_SI _ ¢ _SESA _SA

Suyra: — = = =
SH SA SH 2SH

Thé tich ctia khéi cau ngoai tiép hinh chop: V = %72'&3 .
Cau 35: [2D4-3] Cho s0 phtrc z théa mén |z|-2Z =-7+3i+2z. Tinh |z|?
13 25

A. 3. B. —. C. —. D. 5.
4 4

Huéng din giai
Chon D.
Gia s z=x+yi(x,yell). Taco:

|2|-2Z =—7+3i+ 2= \(X* +y* —2X+2yi =7+ x+(y +3)i



Cau 36:

Céau 37:

{«/szry2 —2X=-T+X {X=4
= =

2y =y+3 y=3
Vay |z|=

[2D3-3] Cho ham s f(x) xac dinh trén [\{-L1} va théa man f'(x)= ,

f(-3)+f(3)=0va f (—%}L f (%j = 2. Tinh gi4 tri ctia biéu thirc P = f (0)+f(4).

A.P=In§+2. B.P:1+In§. C. P= 1+lln§ D.Pzilng.
5 5 2 5 2 5
Hudéng din giai
Chon C.
Taco | f' d
aco_[ (x)dx I X = J' x+1
1 —InX—1+C1,|x|>1
:_j(___j ~Lnjx—1-mjx+1)+c=]2 x*1
x-1 x+1 2 1 1-x
—In—+C2,|x|<1
2 x+1

. f(—3)=%ln2+cl; f(3):—%ln2+Cl,dodé £(=3)+ f(3)=0=C, =0.

. f(—ljzilnmcz; f(ljz—lmswz,dod() f(-ljn(lj:z:cz:l.
2)72 2) 72 2712

o £(0)=C, =1; f(4)=%lng,dodé £(0)+ £ (4)= 1+%Ing
[2D2-3] Cho phuong trinh log,; (M +6Xx)+log, (3—2x—x*)=0 (m la tham s6). C6 bao nhiéu

gi4 tri nguyén duong cia m dé phwong trinh c6 nghiém thyc?

A. 17. B. 18. C. 23. D. 15.
Huwéng dan giai

Chon A.

m+6x>0 {—3<x<1

= .
3-2x—x>>0 m+6x>0

Diéu kién {
Khi do, log,; (m+6x)+log, (3—2x—x*) =0 <> log, (3—2x—X*) = log, (m+6x)

& 3-2x-x* =m+6X < 3-8x—x"=m (*).

Xéthamsé f(x)=-x*—-8x+3trén (-3;1),taco f'(x)=-2x-8; f'(x)=0< x=—4.
Bang bién thién

-3 1

vl 77T

Tu BBT suy ra phuong trinh (*) c6 nghiém trén (—3; 1) & -6<m<18.



Céu 38:

Céu 39:

Do m nguyén dwong nén me{1;2;...;17} .

[2D1-3] Cho ham sb y=f (X) c6 dung ba diém cuc trj 14 —2: =10 va c¢6 dao ham lién tuc trén
[ .Khidé hamsb y = f (x2 - 2X) ¢ bao nhiéu diém cyc tri?
A. 3. B. 8. C. 10. D. 7.
Huéng din giai
Chon A.
Vi ham sd y=f (X) c6 dang ba diém cuc tri 14 —2;—-1:0 va ¢6 dao ham lién tuc trén [1 nén

f’(x) =0 c6 ba nghiém la —2;—1,0 (ba nghiém boi 1¢).
Xéthamsé y = f (x*=2x) co y'=(2x-2).f'(xX’* -2x); y' =0 (2x-2).f'(x —2x)=0

x=1
x=1
x> —2x=-2
<, < | x=0.
X=2x=-1
X=2
x?—2x=0

Do y'=0 c¢6 mot nghiém boi 1& (x=1) va hai nghiém don (x=0; x=2) nén ham sb

y=f (X2 - 2X) chi ¢6 ba diém cuec tri.

[2D2-3] C6 bao nhiéu gid tri nguyén ctia tham s6 m nho hon 10 dé phuong trinh

xfm+\/m+ex =e" ¢6 nghiém thuc?
A. 9. B. 8. C. 10. D. 7.
Huéng din giai
Chon C.
Diéu kién: m+e* >0.
Pit t=Jm+e*, (t>0) tasuy ra:
2
X = ex —t = O 1

(e ) m+t:>(e")2—t2:t—eX:>(e"—t)(eX+t+1):O: @) .

t> =m+e* e +t+1=0(2)
Phuong trinh (2) vo nghiém vi € +t+1>0.
Phuong trinh (1) twong duong véi e* =t

et =Jm+e” @mz(ex)z—ex(s)

Phuong trinh \m++m+e* =¢* (*) co nghiém thuc khi phuong trinh (3) c6 nghiém thuec.
Xét ham s6 f (x)z(ex)2 —e* véi xell , ta co:
f’(x):z(ex)z—eX =0 e = L < x=-In2.

2
Bang bién thién ctia ham s6 f (x)= (eX )2 —e* la



X —00 —1In2 +00

86 nghiém cua (3) béng s6 giao diém ctia d6 thi ham s f (x) = (e" )2 —e* va dudng thing
y =m. Duya vao bang bién thién suy ra phuong trinh (3) c6 nghiém khi m> —%.
Két hop véi gia thiét m 1a sé nguyén nhé hon 10 tasuy ra me{0,1,2,3,4,5,6,7,8,9} .
Vay c6 10 gia tri thoa man.
Cau40: [2D3-2] Cho (H) 1a hinh phang gi¢i han boi cac dd thi ham sb y=e, y=¢* va

y= (1— e) X+1 (tham khao hinh v€ bén).
Y

Dién tich hinh phing (H) la

0 \ z
e+1

A S=12 B.S—esl, c.s=%"1 D.S—e+l.
2 2 2 2

Huwéng dan giai
Chon A.
Phuong trinh hoanh d¢ giao diém ctia d6 thj y =e* v6i duong thang y=e la
ef=e>x=1.
Phuong trinh hoanh d¢ giao diém cta do thi y=e” véi duong thang y=(1-e)x+1 Ia
e*=(1-e)x+1<x=0.
Phuong trinh hoanh d¢ giao diém cua do thi y=e véi duong thang y =(1-e)x+1 13
e=(1-e)x+1l< x=—1.

Dién tich hinh phang (H) la:

dx = +

T(e—(l—e)x—l)dx

-1

l.(e—ex)dx

S= j.‘\e—(l—e)x—udx+'lﬂe—eX
b 0




Céu 41:

Cau 42:

(1-e)x? " 1 e+l

= [(e—l)x—T] +|(ex—e )O ==
-1
Céach 2:
Xem x 13 ham theo bién .
Hinh phing (H ) gi6i han boi cac dudng x=1Iny, x:ﬁ(y—l), y=1y=e.
Dién tich hinh (H) la:
S= j[lny—— y— l}dy Ilnydy——_[ y— 1
A B

A=[Inydy =(ylny-y) =
1

1 ¢ 1 (y?
B= -1)d ——
1ej(y )= [2 y}

%

o1 (e 1) 1-e
. l-el 2 2] 2

Vay S = l—l—e:ﬂ'.
2 2

[1D2-4] C6 hai hoc sinh 16p A, ba hoc sinh 16p B va bon hoc sinh 16p C xép thanh mot hang
ngang sao cho gitra hai hoc sinh 16p A khong cé hoc sinh nao 16p B. Hdi c¢6 bao nhiéu cach
xép hang nhu vay ?

A. 80640. B. 108864 . C. 145152. D. 217728.

Huéng din giai
Chon C.
Xét cac truong hop sau :
TH1: Hai hoc sinh 16p A d@tng canh nhau cé 2!1.8! céach.
TH2: Giita hai hoc sinh 16p A c6 mot hoc sinh 16p C c6 2!.A;.7! céch.
TH3: Giita hai hoc sinh I6p A ¢6 hai hoc sinh 16p C c6 2!.A7.6! cach.
TH4: Giita hai hoc sinh 16p A ¢6 ba hoc sinh Iép C c6 2!.A}.5! cach.
THS5: Giita hai hoc sinh 16p A ¢6 bon hoc sinh 16p C c6 2!.A;.4! cach.
Vay theo quy tac cong co 2!(8+ A;7H AT6H AJ5H- Al41) =145152 cach.

[2H1-3] Cho hinh chop S.ABC c6 SA=SB=SC =3, tam giac ABC vuodng can tai B va
AC = 2\/5. Goi M,N lan luot 14 trung diém cua AC va BC. Trén hai canh SA, SB léy cac
diém P, Q twong tmg sao cho SP =1, SQ=2. Tinh thé tich V cua tir dién MNPQ.

av=J Bv-Y v pyodE
18 12 12 144

Huwéng din giai

Chon A.



Tacéd SA=SB=SC;MA=MB=MC = SM L (ABC)

Cach 1:

A

L4y diém R e SB sao cho SR=1.

Goi dg, dg, dq lan lugt 1a khoang céch tir S,R,Q dén mat phang (ABC)

2 . 1
:>dR :gds, dQ :gds.
Taco S—P:S—R=1:>PRDAB = PRIIMN.
SA SB 3
i 1 11 1 1
Do do VPMNQ :VRMNQ :VRMNB _VQMNB =§SMNB (dR _dQ) = §-ZSABc-§ds = %SABC -ds
V6i S e :%AB.BC =2; dy =SM =7 suyra Vi =‘1/—Z (dvtt)

Cach 2: Taco AB=BC =2: SM =+/7.

Chon hé truc Oxyz nhu hinh vé.

Ta co:

B(0;0,0), A(2,0;0), C(0;2,0),N(0;1;0),M (11,0), S (L17)



Céu 43:

Céau 44:

-lsop(22.27) g5 Las oLl NT
3 3’3" 3 3 3’3" 3
Tacé: NM =(10;0),NQ = L2 V7| R[4, 1207 = NM;NQ |= 07, 2
333 3" 3" 3 3’3
Lo s wsl o L VT AT VT
SUy 1a Viyeo :6‘[NM,NQ].NP‘_E.?—T =g (@

2D3-4] Cho ham sb f(x) c6 dao ham lién tuc trén doan [0;1] thoa man f(1)=0 va

[

1 5 1 eZ _1 1

j[f’(x)] dx:j(x+1)exf(x)dx:T.T|'nh tich phan I:jf(x)dx.

0 0 0

A l=2-e. B.l=e-2. c.1=%. R
2 2

Huéng din giai

Chon B.

1
Xét A:j(x+1)exf (x)dx
0

X

bt {u = (x) :{du = f'(x)dx

dv =(x+1)e*dx V=Xxe
- i i 1-e?
Suyra A=xe*f (x)‘o—jxexf’(x)dx =—Ixexf’(x)dx :jxexf’(x)dx= 2
0 0 0
1 1 2
Xét '[xzezxdx:e“(lxz—lx+lj _e-l
) 2" 27 4) 4

Tacod: :[[f’(x)]2 dx+2J:xeXf’(x)dx+ix2ezxdx:0 <:>_(l[(1“(x)+xex)2 dx =0

Suyra f'(x)+xe* =0,vxe[0;1] (do (f’(x)ereX)2 >0,vxe[0;1])
= f'(x)=—xe*= f (x)=(1-x)e*+C

Do f(1)=0nén f(x)=(1-x)e*

f (x)dx :j'(l— x)e*dx =(2-x)e”

0

1

=e-2.
0

Vay | =

O Ly

[2H3-3] Trong khong gian voi hé toa d6 Oxyz cho mit céu
(S):(x=1)" +(y+1)" +(z—-2)" =16 va diém A(L2;3). Ba mit phing thay ddi di qua A va
d61 mot vudng goc v4i nhau, cit mit ciu theo ba dudng tron. Tinh tong dién tich cta ba duong

tron tuong tng do.
A. 107 . B. 387 . C. 33r. D. 36rx.



Huwéng din giai
Chon B.
Nhén xét:

)

Cho ba mit phing d6i mot vudng goc véi nhau (P).(Q).(R) tai I ,ha AH,AD, AE lan luot
vudng goc voi ba mit phang trén thi ta ludn co: 1A? = AD? + AH? + AEZ,

Chirng minh:

Chon hé truc toa do véi | (O; 0; O) , ba truc Ox, 0y, Oz lan luot 1a ba giao tuyén cua ba mat
phang (P),(Q),(R).

Khido A(a,b,c) thi IA? =a%+b*+c? =d®(A;(lyz))+d?(A(Ixz))+d?(A;(Ixy)) hay

IA? = AD? + AH? + AE? (dpem),

Ap dung:

Mit cau (S) 6 tam 1(L—12) vaco ban kinh r=4.

1A=(0;31) = 1A=410.

Goi I, va r, 1a tam va ban kinh cua cac duong tron (i=1,2,3).
Tacd tong dién tich cac duong tronla S =z(r? +17 +17 ) =z(r =12 +r* =117 +r*—11?)
=7z[3r2—(||2+||2+||2)]
1 1 1
:ﬂ(3r2—|A2)2387r.

z-3-2i|<1

w+1+2i| <|w-2-i| Tim gia tri nho nhat P,

Cau 45: [2D4-3] Hcho hai sé phitc z,w théa man {

cuia bicu the P =[z—w|.



A. By = ' B. Pmin =\/§+l' C. I:)min =
Huwéng din giai

Chon C.

Giasw z=a+bi (a,bell), w=x+yi (x,yell).

z-3-2i|<1 < (a-3)"+(b-2)" <1 (1)

W +1+2i| <|w—2—i| & (x+1)" +(y+2)° < (x=2)" +(y-1)".

Suyra x+y=0.

P=|z—w|=\j(a—x)2+(b—y)2 =\/(a—x)2+(b+x)2.

Tir (1) tacd 1(3;2), bankinh r=1. Goi H la hinh chiéu cta | trén d:y=—x.

, i X=3+t
Puong thang HI c6 PTTS .
y=2+t

M eHl =M (3+t;2+t)

fo_ L
2
1 1 5++/2
t=2=>M|3+—=;2+—= |, MH =
( 2 Jij 2
1 1 5-2
t=3=M|{3—-—2—-— |, MH=—+
)t
Véy I:)min = 5\/52_2

Cau46: [2D3-3] Cho ham sé y = f(x) lién tuc trén [0;+0) va [ (t)dt=xsin(zx). Tinh f (4)

0

r—1 V4 T 1
A. f(;z)—T. B. f(?Z')—E. C. f(ﬂ')—z. D f(ﬂ')—a
Huwéng dan giai
Chon B.
Taco [ f(t)dt=F(t)=F'(t)=f(t)
X 2

_l‘ f (t)dt =x.sin(zx) < F(t) g = x.sin(7x)
& F(x*)-F(0)=xsin(zx) = F'(x*).2x =sin(zx)+zx.cos(zX)
o f (xz).Zx =sin(zx)+zx.cos(7X)



Cau 47: [2H3-3] Trong khong gian v6i hé toa d6 Oxyz cho diém A(2;L3) va mat phang
(P):x+my+(2m+1)z—m—-2=0, m la tham 6. Goi H (a;b;c) 1a hinh chiéu vuong goc cia

diém A trén (P). Tinh a+b khi khoang c4ch tir diém A dén (P) 16n nhat ?

A.a+b=—%. B. a+b=2. C. a+b=0. D.a+b:§.
Huéng din giai
Chon D.
x+my+(2m+1)z-m-2=0<m(y+2z-1)+x+z2-2=0(*)
. . . y+2z-1=0
Phuong trinh (*) c6 nghiém véi Vi < .
X+2-2=0
X=2-t
Suy ra (P) ludn di qua duong thang d:{y=1-2t.
z=t

Ked=K(2-t;1-2t;t) , AK(-t;—2t;t-3)
Duong thang d ¢6 VTCP u(-1-2;1)

W.GzO@t+4t+t—3:0<:>t=%:> K(g;o;%j

Taco AH<AK = AH__ =AK < H=K.

3
Vay a+b=—.
ay 5

Cau 48: [2D2-3] Cho ham sé f(x):(a2+1)In2°”(x+\/1+7)+bxsin2°18x+2 v6i a, b 1a cic sb
thyc va f(7"9°)=6. Tinh f(-57).
A. f(-58"7)=2. B. f(-5%7)=4. C. f(-5%7)=-2. D. f(-5"7)=6.
Huwéng dan giai
Chon C.
bat g (X) = (a2 +1)|n2017 (x+\/1+7)+bxsin2°18 X ¢o tap xac dinh [J 1a tap ddi xung.

Ta co v6imoi xell thi

g(-x)=(a’ +1)In*" (—x+«/1+7)—bxsin2°18 (—x)

= (a2 +1) In® (;J —bxsin®* (x)

x+1+ X2
=—(a2 +1)In2017 (x+«/1+7)—bxsin2°18 (x)=-g(x).
Suy ra g(x) la ham sé 1¢, mat khac 7'%° =597 nén g(-5"")=—g(5°")=—g(7"*).
Theo gia thiét tacé f(7"%°)=g(7"*)+2=g(7°*)=4.
Do do f(-5%")=g(-5"7)+2=—g(7°")+2=-4+2=-2.



Cau 49: [2H3-4] Trong khong gian Oxyz, cho tam gidc nhon ABC c6 H(2;2;1), K(_§f§j O

3'3'3
lan luot 13 hinh chiéu vudng goc cia A, B, C trén cac canh BC, AC, AB. Pudng thing d
qua A va vudng géc véi mét phang (ABC) c6 phuong trinh la

X 8 2 z+2
A g X4 _ytl z-1 B.d: 3=y 3__ 3,
1 -2 2 1 -2 2
c.d:—2-= 9 _ 9. D.d:izy—_Gzz—_G.
1 -2 2 1 =2 2
Huéng din giai
Chon A.

B

H
Ta co tir gidic BOKC 1a tir gic ndi tiép duong tron ( vi co hai goc vuéng K, O cuing nhin BC
dudi mot goc vudng) suy ra OKB =OCB (1)

Ta c6 tir giac KDHC 1a tr giac noi tiép duong tron ( vi co hai goc vuong K, H cing nhin
DC duéi mot goc vudng) suy ra DKH = OCB (2)

T (1) va (2) suy ra DKH =OKB do d6 BK la dudng phan gidc trong cia goc OKH va
AC la duong phan giac ngoai cua goc OKH .

Tuong tu ta chimg minh dugc OC 1a duong phan giac trong ciia goc KOH va AB la duong

phan giac ngoai cia goc KOH .
Taco OK=4; OH =3; KH =5.

Goi |, J lan luot 12 chan dudng phén gidc ngoai ciia gbc OKH va KOH .



Céau 50:

Taco | =ACHO taco 10_Ko_4 :T:ﬂm: 1 (-8;—-8—4).
IH KH 5 5
Tacd J=ABNKH taco ﬁz%:ﬂ jﬁzﬂm33(16;4;_4)_
JH OH 3 3
Puong thang 1K qua | nhan Rz(%;?;z—g]:g(m?ﬁ) lam vec to chi phuong c6 phuong
X=—-8+4t
trinh (IK):qy=-8+T7t
Z=-4+5t

Dudng thing OJ qua O nhan OJ =(16;4;—4)=4(4;1-1) lam vec to chi phuong c6 phuong
X =4t

trinh (OJ):4y=t’
z=—t'

Khido A=IKNQOJ, gidi h¢ ta tim duoc A(—4; —1;1) :

Tacd 1A=(4,7;5) va IJ =(24;12;0), tatinh [ 1A,1J | =(~60;120;~120) =—60(L - 2;2).

Khi d6 duong thang di qua A va vubng goc véi mat phing (ABC) co véc to chi phuong

Xx+4 y+1 z-1

U= (ZL' -2; 2) nén c6 phuong trinh > >

Nhén xét:

[ Méu chdt ciia bai toan trén 1a ching minh tryc tAm D cila tam giac ABC 1a tam dudng tron
noi tiép tam gidc OHK . Khi do, ta tim toa do diém D duya vao tinh chat quen thudc sau: “Cho
tam giac ABC véi | 14 tdm dudng tron ndi tiép, ta c6 alA+b.IB+cIC =0, véi a=BC,
b=CA, ¢c=AB”. Sau khi tim duoc D, ta tim duoc A v&icha yraing Ae DH va OA L DA.

[) Ta ciing c6 thé tim ngay toa do diém A bang cach chimg minh A 14 tdm dudng tron bang
tiép goc H cua tam gidc OHK . Khi do, ta tim toa do diém D dya vao tinh chét quen thudc
sau: “Cho tam gidc ABC véi J 1a tdm duong tron bang tiép goc A, ta c6
~aJA+bJB+cJC =0, véi a=BC, b=CA, c=AB".

[2H3-3] Cho hinh chép S.ABCD c6 day ABCD la hinh chir nhat, AB=a, BC =av/3,
SA=a va SA vudng goc voi day ABCD. Tinh sina, v6i a 1a goc tao boi giita dudng thang
BD va mit phang (SBC).

V7 3 V2 3

A. sing =—. B. sinag=—. C.sing=—. D. sinag=—.
8 2 4 5

Huéng din giai
Chon C.



Dt h¢ truc toa do Oxyz nhu hinh v&. Khi d6, ta ¢6 A(0;0,0), B(a;0;0), D(0;a3;0),
S(0;0;a).

Ta c6 ﬁ:(—a; a\/§;0)=a(—1,\/§;0), nén dudng thing BD c6 véc-to chi phuong la
U= (—1; J3: 0).

Tacé SB=(a;0;-a), BC =(O;ax/§;0) :[@EJ =(a2 3:0; azﬁ) =a%\3(10;2).

Nhu viy, mét phing (SBC)c6 véc-to phap tuyén 1a n=(10;1).

Do d6, a la goc tao bai giita duong thang BD va mit phang (SBC) thi

a—

‘u.n‘ ‘(—1).1+\/§.0+0.1‘ ﬁ

Ssina = — _

- N NN ey 4




